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Preface

In this book I  have used social choice theory to explicate the theory of 
democracy. In particular, I  have examined the feasibility of the political 
ideal of democracy in terms o f the practical constraints that the social 
choice analysis reveals concerning various democratic aspirations. There­
fore, this book is written for three kinds o f readers: political philosophers, 
students o f political institutions, and beginning students o f social choice 
theory.

For political philosophers, I  hope it  w ill demonstrate the inescapable 
relevance o f the social choice analysis to the normative concerns of po liti­
cal philosophy. Unfortunately very few political philosophers have hereto­
fore recognized this relevance, possibly because social choice theory has 
usually been cast in mathematical form, thereby suggesting that it  is 
merely a technical exercise. By showing that important themes from the 
social choice literature necessarily enter into philosophic discourse and by 
presenting these themes wholly in nonmathematical terms, I  show the 
importance of the theory o f social choice.

For students of political institutions, this book w ill demonstrate that 
analytic theory can help in the interpretation of events. One central ques­
tion of political description— a question much disputed but little  under­
stood— is the problem of explaining why some issues are politically salient 
and others not. This problem has usually been investigated by reducing 
politics to something else— to economics, for example, as in Marxism, or 
to psychology, as in psychoanalytic visualizations— thereby producing an 
economic (or psychological) interpretation of politics. However, in Chap­
ters 8 and 9 ,1 offer a political interpretation of politics, a theory about the 
rise and decline o f the salience o f issues that derives directly from social 
choice theory and is entirely political in form. This theory is an extension 
into political description of the rational choice model of individual deci-



sion that underlies social choice theory. A t the same time, my theory 
utilizes some of the main discoveries o f social choice theory to describe 
politics generally..

For beginning students o f social choice theory— a category that 
should, I  believe, include most beginning students o f political science—  
this book w ill serve to introduce both the main topics o f inquiry and the 
main conclusions so far arrived at in this theory. Since, as I  have already 
noted, it  has usually been presented in a fa irly formidable mathematical 
form, many college freshmen and sophomores have probably not under­
stood the intellectual motivation for the theory. I have summarized the 
main topics and related them to political philosophy and the description of 
politics. This w ill help beginning students to appreciate the importance—  
and even the elegance— of the theory o f social choice.

I  began to think about the theme of this book when I  was a Fairchild 
Fellow at the California Institute o f Technology, and I  was given the 
opportunity to write it  by the Scaife Family Charitable Trust. I  deeply 
appreciate the support from both these endowments. So many friends 
have helped me to understand the topics in this book that I  cannot thank 
them all. But I  must single out for public appreciation Duncan Black, 
Gerald Kramer, Steven Brams, Richard McKelvey, Peter Ordeshook, 
John Ferejohn, Richard Kronick, Darrell Dobbs, James Enelow, Gideon 
Doron, Raymond Jean, and especially Kenneth Shepsle, whose criticisms 
o f the first formulation o f the theme of this book (at a conference in 1976 
sponsored by the Mathematical Social Science Board) have been a con­
stant warning and whose comments on the final formulation have clarified 
many a paragraph, Jeffrey Richelson, whose dissertation “ A  Comparative 
Analysis o f Social Choice Functions”  (University o f Rochester, 1975) 
provided one main point o f departure, Charles Plott, whose seminar at 
Cal Tech gave me a chance to converse with him and others about most of 
these issues, both analytic and normative, and Richard Niemi, whose inci­
sive criticisms o f every page have greatly benefited both me and my 
readers.

A t various stages in the writing o f this book, Janice Brown, Donna 
French, H ilda Porter, Doris Smith, and Claire Sundeen have helped me 
with typing, and Mary Riker with the drawings, more than I  can ade­
quately thank them.

July 1981 W illiam  H. Riker
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Choice and the Theory of Democracy 1

The theory of social choice concerns the methods, such as voting, by which people 
in groups choose among alternatives. Since voting is instrumentally necessary for 
democracy, a theory of social choice is also a theory about that one indispensible 
feature of democracy.

l.A  The Attainability of Justice 3
The theory of democracy, unlike theories about many other ideals of justice, 

has not heretofore included—but should include—an analysis of the instrument 
by which the ideal is supposed to be realized.

l.B  The Elements of Democracy 4
l.C The Meaning of Democracy 8
The democratic ideal of justice is a society in which free and equal citizens 

can try to control their environment and their futures, thereby to realize the 
ultimate moral ideal of human dignity. The instrument of this kind of justice is 
popular participation by voting, organized through political parties. Citizens’ free­
dom to organize into parties is protected by free speech, religious liberty, and free 
economic life, and their ability to organize is guaranteed by equality at the ballot 
box. The democratic instrument and the democratic ideal are thus identical, free 
and equal participation, viewed either as means or as an end.

l.D  The Liberal Interpretation of Voting 8
In the liberal (Madisonian) view, voting is a method of controlling officials 

by subjecting their tenure to periodic electoral tests.
l.E  The Populist Interpretation of Voting 11
In the populist (Rousseauistic) view, voting is a method for citizens to par­

ticipate directly in making law, which is then the will of the people.
l.F  Differences Between Liberal and
Populist Interpretations of Voting 12
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In the liberal view, the outcome of voting is morally neutral; in the populist 
view, it is morally right. By reason of this difference, populists can, on moral 
grounds, justify tyranny by supposed embodiments of the popular will such as 
socialist dictators.

l.G The Vitality of the Liberal and
Populist Interpretations of Voting 14
Although these views involve old philosophical issues, they are central to 

current political debate, as illustrated in two polemical books.
l.H  The Paradox of Voting 16
Reflection on this paradox raises questions about whether either interpreta­

tion can be sustained and hence about whether democratic means (and the demo­
cratic ideal) are socially feasible.

_______________________________2______________________________
Different Choices from Identical Values 21

To illustrate the practical immediacy of these questions, evidence is presented 
from several real events that identical preferences (votes), aggregated (counted) 
by different methods, produce different social choices.

2.A Evidence from Elections 22
2. B Evidence from Experiment 29
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Simple Majority Decision 41

Different social choices from identical sets of individual values need not cast doubt 
on the feasibility of democracy, provided that one method of aggregating prefer­
ences is clearly superior to all others. Simple majority voting on two alternatives is 
one possibly superior method, the desirable properties of which are analyzed in 
this chapter. It is shown in conclusion, however, that binary choices occur rarely 
in nature and can be artificially generated only by violating fundamental notions 
of fairness.

3. A Introductory Definitions 42
3.B Properties of Simple Majority Decision: Monotonicity 45 
A monotonic method of counting votes is such that, when individual valu­

ations of an alternative increase, the social valuation also increases. Since voting is 
intended to relate preferences to social choice, monotonicity is an elementary 
criterion of fairness that is clearly satisfied by simple majority voting.

3.C Violations of Monotonicity 47
3.D Properties of Simple Majority Decision:
Undifferentiatedness (Anonymity) 51
Another criterion of fairness, not always appropriate but satisfied by simple 

majority voting, is that the vote-counting rule not differentiate among the voters 
in order to count them differently.
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3.E Properties of Simple Majority Decision: Neutrality 56
A third criterion of fairness, again only sometimes appropriate but satisfied 

by simple majority decision, is that the rule for vote-counting be neutral—that is, 
not treat alternatives differently.

3.F Simple Majority Decision and Fairness 58
3. G Democratic Thought About Simple Majority Decision 59
Only the rule of simple majority decision on two alternatives satisfies these 

three criteria simultaneously. Consequently many theorists of democracy have 
been entranced with the rule and have sought to institutionalize it by providing 
only binary choices, as in the notion of the system of two “ responsible” parties. To 
enforce binary choice is itself undemocratic, however, because it unfairly deprives 
proponents of third and other alternatives of a chance to win.

______________________________4_______________________________
Voting Methods with Three 
or More Alternatives 45

Fairness requires that the decision rule operate on more than two alternatives. 
Unfortunately no such rule satisfies reasonable criteria of fairness. Since there is 
no deeper ethical system of judging among criteria, there is no way to show that 
one decision method is superior to another.

4. A Some Preliminaries 66
4.B Majoritarian Methods of Voting 67
The method of majority rule, when extended to more than two alternatives, 

is usually regarded as adequate if  it satisfies the Condorcet criterion that the 
winner beat (or tie) all other alternatives. When, however, no Condorcet winner 
exists, majority rule is theoretically confused and practically inadequate.

4.C Examples of Majoritarian Methods 69
4.D Positional Methods of Voting 81
Majoritarian methods are based on binary comparisons, but with three or 

more alternatives n-ary comparisons are possible by considering the position of 
alternatives in all the individual orderings. Positional methods thus often produce 
different winners from majoritarian methods.

4.E Examples of Positional Methods 85
4.F Utilitarian Methods of Voting 95
Taking utility as a measure of preference, cardinal utility is a measure of 

degrees of preference, and methods of aggregating cardinal utility thereby incor­
porate the intensity of individual valuations. The transformation of an initially 
ordinal measure into a cardinal measure is difficult to justify.

4.G Examples of Utilitarian Methods 98
4.H Criteria for Judging Voting Methods 99
In addition to the criteria of Chapter 4, reasonable and widely accepted 

standards are the Condorcet criterion (embodying the majoritarian ideal), the 
consistency criterion (embodying the positional ideal), and the criterion of
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independence from irrelevant alternatives (embodying a concern for consistent 
application of a rule).

4.1 Judgments on Voting Methods 101
No category of methods satisfies all reasonable criteria. Majoritarian meth­

ods fail the consistency criterion; positional methods fail the Condorcet criterion; 
and utilitarian methods fail the independence criterion.

4.J The Absence of True and Fair Amalgamations 111
Since there is a good rationale in terms of fairness and consistency for each 

criterion and since no method satisfies all of them, every method is in some sense 
inadequate. Hence it cannot be said that any method is clearly superior to others 
or that any method fairly and truly amalgamates individual values into a social 
choice.
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The Meaning of Social Choices 115

Although individuals can order alternatives, no method of aggregating preferences 
can simultaneously satisfy elementary conditions of fairness and an elementary 
condition of logicality. Hence, not only may the results of voting be unfair, they 
may also fail to make sense.

5.A Arrow’s Theorem 115
If  a method of aggregation allows voters to hold any preference ordering, if 

it satisfies the criteria of unanimity and independence from irrelevant alternatives, 
and if  it does not allow a dictator, then it must fail to ensure a transitive ordering 
of alternatives in the outcome of aggregation.

5.B The Practical Relevance of Arrow’s Theorem:
The Frequency of Cycles 119
Since Arrow’s theorem casts doubt on either the fairness or coherence of 

amalgamated preferences, mapy writers have tried to evade its implications by 
attacking it as practically insignificant. It is said that intransitive social outcomes 
(i.e,, cycles) are rare. They are probably infrequent on trivial issues but frequent 
on important ones.

5.C The Practical Relevance of Arrow’s Theorem:
Conditions for Condorcet Winners 123
It is also said that, if  voters agree in some ways (e.g., single-peakedness, 

value-restrictedness) on their preference orders, cycles may be impossible. Such 
natural agreement may be, and probably often is, upset by conscious 
manipulation.

5.D The Theoretical Invulnerability of Arrow’s Theorem:
Independence 129
Alternatively, the theorem is said to be theoretically inappropriate because 

the condition of independence from irrelevant alternatives is unreasonable because 
supposedly irrelevant alternatives may be relevant. Unfortunately, relevance is 
difficult to specify.

5.E The Theoretical Invulnerability of Arrow’s Theorem:
Transitivity 130
Although it is, as correctly charged, an anthropomorphism to expect logi­

cality from groups, transitive social orderings are nevertheless necessary for coher­
ence and meaning. Furthermore, even weakened conditions of logicality (quasi- 
transitivity and acyclicity) do not avoid the fundamental conflict between fairness 
and consistency.

5.F The Theoretical Invulnerability of Arrow’s Theorem:
Conditions on Social Choice 132
Even i f  one avoids the anthropomorphic notion of a social preference by 

imposing consistency conditions on the outcome of aggregation (e.g., conditions of 
path independence or of consistency in individual choice), still the conflict be­
tween fairness and logicality is ineradicable.

5.G The Absence of Meaning 136
As long as a society preserves democratic institutions embodying Arrow’s 

conditions, it is to be expected that some choices will be unordered and hence 
inconsistent. I f  so, then the social outcome is literally without meaning.

6
The Manipulation of Social Choices:

Strategic Voting 137

The consequence of the situation revealed by Arrow’s theorem is either that power 
is concentrated or that the process of voting may be manipulated. Assuming de­
mocracies do not tolerate extreme concentration of power, then their methods of 
aggregating preferences are subject to manipulation.

6.A The Elements of Manipulation 138
One method of manipulation is the false revelation of preferences (strategic 

voting); another is the arrangement of the agenda. Both methods are widely used, 
and both render the social outcome dependent on the skill of the manipulators as 
well as on the tastes of other voters.

6.B The Universality of Strategic Voting 141
All methods of voting that produce unique outcomes and do not depend on 

chance are subject to manipulation by strategic voting (Gibbard’s theorem).
6.C Examples of Strategic Voting 145
6.D The Consequences of Strategic Voting 156
6.E Vote-trading 157
Coordinated strategic voting by vote-trading enormously expands the possi­

bilities for strategic voting. Sometimes it can improve outcomes for traders, and 
sometimes it can make everyone worse off.

6.F The Ineradicability of Strategic Voting 167
Strategic voting is an ineradicable possibility in all voting systems, includ­

ing demand-revealing systems, which were invented to preclude it. Furthermore, it
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probably occurs frequently. Since, however, it can never be positively identified, 
we can never know whether a particular outcome is a true aggregation of prefer­
ences or a product of both preferences and manipulation.

_______________________________7_______________________________
- The Manipulation of Social Choices:

Control of the Agenda 169

Leaders can control agendas by establishing the sequence and content of business. 
Everyone can control agendas by inventing new alternatives and new dimensions 
of judgment.

7.A The Universality of Agenda Control 170
At the most abstract level, equilibria in voting rarely exist, and i f  they do, 

are fragile. In the absence of equilibrium, any voting situation is vulnerable to 
manipulation of the agenda.

7.B Examples of Agenda Control 173
7.C The Paucity of Equilibria 181
I f  alternatives are continuous and located by two or more dimensions and i f  

utility is differentiable, then the conditions for equilibria are highly restrictive 
(Plott’s theorem). Furthermore, without equilibrium, every possible alternative is 
in the cycle of best outcomes (McKelvey’s theorem).

7.D Practical Stability and Theoretical Instability 188
Consequently, what stability of outcomes is observed must depend on insti­

tutional constraints, not on voters’ preferences.
7.E The Fragility of Equilibria: An Example of the Introduction
of New Alternatives to Generate Disequilibrium 192
Given that equilibria are rare and fragile and dependent on institutions, 

voting can usually be manipulated by introducing new alternatives or changing 
the dimensions of the space in which they are evaluated, as illustrated by an 
elegant maneuver by Chauncey DePew.

_______________________________8_______________________________
The Natural Selection of Political Issues:

An Interpretation of 
Political Disequilibrium 197

The general possibility of manipulation and the typical absence of equilibria ac­
count for and explain political evolution or the perpetual flux of politics. Losers 
generate new issues in the hope of becoming winners, though which issues are 
successful is a matter of a natural selection we do not yet understand.

8.A Disappointments with Disequilibria 198
The revelation in social choice theory of the fundamental disequilibrium of 

politics forces a reassessment of the nature of politics, which is undertaken in this 
and the next chapter.
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8.B Voting Disequilibrium: What It Means to Lose 201
Political situations typically do not admit of outcomes in which all partici­

pants are minimally content. Hence, there exist losers who are worse off for hav­
ing participated, especially when universal values, detested by losers, are imposed 
by victors—a kind of political scarcity.

8.C Voting Disequilibrium: The Quantity and Quality
of Political Dissatisfaction 206
Even i f  outcomes are in equilibrium, there are dissatisfied losers—especially 

dissatisfied if  the issue at stake involves political or moral scarcity. I f  outcomes are 
not in equilibrium so that under majority rule, the outcome actually adopted 
would lose to another potential majority, a majority of participants—often a large 
majority—is dissatisfied.

8.D The Consequences of Dissatisfaction: A Model
of Political Change 208
Given widespread dissatisfaction, the content of politics is the invention and 

promotion of new alternatives in support of which the dissatisfied can unite to win. 
By reason of the fact of disequilibrium, it is known that such alternatives poten­
tially exist, and the art of politics is to find them.

8.E The Natural Selection of Issues 209
Political entrepreneurs thus constantly promote new alternatives, some of 

which ultimately succeed in a social world somewhat like that world within which 
biological evolution by natural selection occurs.

8.F Structural Regularities in Natural Selection 211
Although the generation and acceptance of new issues may appear to be a 

random process, doubtless structural and procedural regularities exist about which 
a political science can be centered.

________________________________9________________________________
Manipulation and the Natural Selection 

of Issues: The Development of the 
Issue of Slavery as a Prelude to the 

American Civil War 213

In the new view of politics as the propagation of new issues in a world without 
equilibrium, an important illustration is the rise of the slavery issue in American 
politics from quiescence prior to 1819 to the central concern after 1846. This new 
and wholly political interpretation differs sharply from economic interpretations, 
interpretations in terms of ideology, and such ad hoc interpretations as the notion 
of critical elections.

9.A The Appearance of Slavery as a National Political Issue 214 
In 1819 the status quo on slavery, incorporated in the Constitution, was its 

exclusion from national politics as a matter of local concern. This status quo 
especially suited the dominant intersectional coalition of agrarian expansionists 
(Jefferson Republicanism and Jacksonian Democracy) that governed most of the 
time from 1800 to 1860. The slavery issue threatened this dominant coalition and 
ultimately disrupted it. Therein lay the opportunity for the losers, the commercial
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expansionists (Federalists, Whigs, and Republicans) who lost during most of the 
1800-1860 era, to unify on an issue divisive to the winners.

9.B Slavery as an Issue from the Ratification of the Constitution
Through the Missouri Compromise 215
The sudden appearance of the slavery issue in 1819 cannot be explained on 

economic grounds, for there was no sudden shift in the relation of free and slave 
labor. Nor.can it be explained on humanitarian grounds, for there was no sudden 
change in morality. But it can be explained in terms of the political opportunities 
for the losing Federalists.

9.C From the Missouri Compromise to the Gag Rule 219
It was repressed in the 1820s because the losers might become or had be­

come winners and had no need of it. After Clay lost on the conventional issue 
(agrarian as against commercial expansion), however, it was appropriate to raise 
the slavery issue again, and the petitions against the slave trade in the District of 
Columbia were the initial occasion.

9.D The Wilmot Proviso 223
The issue was fully developed when, in the form of the Wilmot Proviso, it 

split the Democratic party.
9.E From the Wilmot Proviso to the Civil War 227
The culmination of disequilibrium is seen in the election of I860, in which it 

is probably the case that Lincoln, Douglas, and Bell were in a cycle.

______________________________10______________________________
Liberalism, Populism, and the Theory of Social Choice 233

10.A The Adequacy of Voting 233
Although many writers have feared tyranny by the majority, very few have 

questioned the process by which majorities are made. The conclusions from social 
choice theory are, however, that (1) outcomes of voting cannot, in general, be 
regarded as accurate or fair amalgamations of voters’ values and (2) outcomes of 
voting lack meaning either because they are, or may be, produced by 
manipulation.

10.B The Rejection of Populism 238
The populist interpretation of voting (i.e., that what the people, as a corpo­

rate entity, want ought to be public policy) cannot stand because it is inconsistent 
with social choice theory. I f  the outcomes of voting are, or may be, inaccurate or 
meaningless amalgamations, what the people want cannot be known. Hence the 
populist goal is unattainable.

10.C The Survival of Liberalism and Democracy 241
Since liberalism allows for strange bedfellows in politics, since it does not 

require that the outcome of voting make sense, and since it asks only that voting 
produce a decision, it is compatible with social choice theory.

10.D Are Liberal and Populist Interpretations Compatible? 246
Since populist voting requires the elimination of constitutional limitations 

on government, and since liberal voting requires the preservation of constitutional

guarantees of the integrity of elections, the two interpretations are probably 
incompatible.

10.E The Preservation of Liberal Democracy 249
The constitutional limitations intended to preserve the limited tenure and 

regular elections of liberal democracy are multicameralism, the separation of 
powers, multipartyism, federalism, and an independent judiciary. These reinforce 
the political pattern of shifting coalitions characteristic of the liberal kind of 
voting. And together these institutions will, it is hoped, guarantee the circulation 
of leadership and hence the maintenance of the instrument and ideals of 
democracy.
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The Connection Between 
the Theory of Social Choice 

and the Theory of Democracy

The theory o f social choice is a theory about the way the tastes, prefer­
ences, or values o f individual persons are amalgamated and summarized 
into the choice o f a collective group or society. Because voting is one 
method o f aggregating values, social choice theory must include, among 
other elements, a theory o f voting. Voting is in turn an indispensable 
feature o f democracy because, however the goals o f democracy are de­
fined, its method involves some kind o f popular participation in govern­
ment. Although participation can take many forms, historically— and 
probably logically— it invariably includes voting. Therefore, the theory o f 
social choice is highly relevant to the theory o f democracy.

Only recently, however, has this relevance been recognized. One 
reason recognition has come slowly is that students o f democracy have 
tended to regard the mechanism o f voting and counting votes as a triv ia l 
subject. There has, it  is true, been a century-long controversy over propor­
tional representation, but that controversy has centered more on fairness 
than on the operating characteristics o f alternative mechanisms. Other­
wise, political philosophers, engaged in the pursuit o f justice, have ignored 
and neglected the theory o f voting methods as something best left to the 
attention o f municipal employees.

To some degree, the philosophers have been right: The theory of 
voting has barely existed until this generation, and one cannot attribute 
much relevance to a theory that barely exists. Only in the 1940s did 
Duncan Black, then an unknown lecturer on economics in Glasgow, redis­
cover the paradox o f voting (see section l.H )  and recognize the fu ll sig­
nificance o f a theory o f social choice.

The paradox o f voting is the coexistence o f coherent individual valu­
ations and a collectively incoherent choice by majority rule. In an election 
with three or more alternatives (candidates, motions, etc.) and three or l

l



2 The Theory of Social Choice and Democracy

more voters, it may happen that when the alternatives are placed against 
v each other in a series o f paired comparisons, no alternative emerges victo- 
v*. rious over each o f the others: Voting fails to produce a clear-cut winner. 
* This paradox was originally discovered by Condorcet in the late eigh­

teenth' century, just at the time that voting was becoming a much more 
frequently used method o f social decision. Condorcet’s discovery made 
little  impression on his contemporaries, and neither did the rediscoveries 
in the late nineteenth and early twentieth centuries by Lewis Carroll 
(Charles Dodgson) and E. J. Nanson make much impression on their con­
temporaries. Duncan Black, however, in a series o f essays begun in the 
1940s and culminating in his Theory o f Committees and Elections, effec­
tively communicated the profound significance o f the rediscovered para­
dox to other scholars.1 One was Kenneth Arrow, who proved in Social 
Choice and Ind iv idua l Values that the paradox may occur in any reason­
ably fa ir system of counting votes.2 Another was Robin Farquharson, who 
showed in Theory o f Voting that political strategy and dissimulation 
about tastes were ineradicable parts o f the process o f voting.3

The work of Black, Arrow, and Farquharson launched the theory of 
social choice and connected it  logically with the theory o f democracy. But, 
though the connection is now made, it  is on the whole still true that 
political scientists and political philosophers have not worked out the sig­
nificance o f the connection. Most writers simply ignore the problem, and 
those who recognize it  tend to sweep it under the rug.4 Robert Dahl did 
try  to work out some connection between the two theories.5 But social 
choice theory, at the time he wrote, was not yet mature. Consequently, the 
fu ll significance o f the connection was not visible to him.

Now, however, that significance can be specified more easily: De­
mocracy is an ideal o f both justice and political life, and it is a method 
o f realizing that ideal in ordinary politics. The ideal is individual self- 
realization (that is, the achievement o f the human potential for good 
qualities o f character and behavior) and individual self-respect (that is, a 
sense o f one’s worthiness as a person and a pride in one’s self-realization). 
The method is, for each person, free and equal participation in the politi­
cal life o f the community, engaging thus in whatever control of the social 
environment is possible. Both parts, the ideal and the method, are neces­
sary for democracy. They can exist separately in other contexts— the ideal 
in, for example, an ethical system and the method in, say, a religious 
society. But what makes democracy unique is that the democratic means 
and the democratic ends are joined. Indeed, they are the same things 
viewed ideally and instrumentally. According to democratic theory, demo­
cratic ends can be achieved by democratic means. Now, o f course, that 
assertion may or may not be true. I f  it is true, then the notion o f democ-
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racy makes sense. But i f  i t  is not true, i f  the method cannot realize the 
ideal, then, however lofty the ideal may be, the notion of democracy is 
meaningless. Thus, a profoundly important question about democracy is 
whether the means are capable o f achieving the ends.

The theory o f social choice permits us to approach, and perhaps 
even partially to answer, that question. The ideal of democracy is set forth 
in a normative statement o f what we want the natural world o f human 
interaction to yield for us. The theory o f social choice is an analytic theory 
about the way that natural world can work and what kinds o f outputs 
that world can yield. By means o f this analytic theory, we can discover 
whether pursuit of the ideal is promising or futile.

What we hope to have is always conditional on what we can have. 
To seek what we know, a priori, we cannot get is about like trying to 
square the circle. But to search for an algorithm to compute a result that 
we know is, at least in principle, computable is a sensible task. This then is 
the connection between the theory o f democracy and the theory o f social 
choice: By use of the latter it  is possible to assess, at least in part, whether 
it is sensible to pursue democratic ends by democratic means.

l.A. The Attainability of Justice

In  the study of justice the need to investigate whether the specified 
means can be used to achieve the specified ends recurs frequently. I t  is 
exactly such investigation that has heretofore been neglected by students 
o f democracy.

Such neglect is common enough in contemporary political thought, 
and many recent interpreters of nondemocratic notions o f justice have 
been equally guilty of neglecting the study o f institutions by which their 
versions o f justice might be attained. Witness, for example, John Rawls’ 
utilitarianism with a Kantian overlay or Herbert Marcuse’s improbable 
combination of humanism and violence. Both of them have been presented 
as definitions o f goals, but they lack any consideration at all o f whether 
the goals are physically attainable by any imaginable means.

I t  does not really make sense to ignore the question of attainability, 
and in the long history o f the study o f justice such questions have typically 
been a central part o f the inquiry. In the Republic, the earliest-recorded 
well-articulated theory of justice, Plato defines justice as a condition in 
which everyone is doing the job best fitted to his or her talents. This 
definition is only the beginning o f a discussion of whether that particular 
goal can be achieved by various devices, such as an appropriate ideology
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(the so-called noble lie), an educational system for rulers, the generation 
o f wisdom-loving kings, and even divine intervention in history. Similarly, 
in the modern world, the Marxian definition o f justice as the distribution 
o f material goods according to needs was proposed along with a concrete 
method o f achieving it— namely, the dictatorship o f the proletariat led by 
its vanguard, the Communist party. Marx himself devoted much thought 
to concrete steps in the revolution (for example, in the C ritique o f the 
Gotha Program), and his successors Lenin and Mao equated philosophy 
with a theory o f party organization and a theory o f propaganda.

In the interpretation o f both the Platonic and the Marxian theories, 
it is certainly appropriate and in fact customary to inquire whether the 
means are efficient for attaining the ends. Very few people have seriously 
considered attempting to achieve Platonic justice, not primarily because 
Platonic justice is rather uninspiring, but because the education and the 
institution o f a philosopher-king seem internally contradictory and quite 
unlikely to achieve the intended effects even i f  they could be carried 
through. Similarly, although the materialism o f Marxist goals has a wide 
appeal, it is far from clear that the dictatorship o f the Communist party 
has promoted distribution according to need. Many observers believe that 
Communist bureaucracies, multiplying disincentives for production and 
satiating themselves with perquisites, have produced distributions even 
less in accord with stated Marxist goals than was achieved under the sys­
tems they replaced. I f  so, then Marxist means may well have prevented 
the achievement o f Marxist ends.

As these two examples indicate, the question o f whether particular 
goals are achievable by specified means (or indeed by any means at a ll) is 
an elementary and unavoidable question about any theory o f justice. Yet 
up to this time it has not been asked about democracy. The main reason it 
has not been asked is, I believe, that we have lacked an appropriate base 
for questioning. But now that we have an analytic theory about the main 
institution o f democracy— namely, voting— we do have an appropriate 
base. Consequently, it seems both possible and worthwhile to study the 
relation o f democratic means to democratic ends, and that is the purpose 
o f this book.

l.B. The Elements of Democracy

To begin the investigation we need some agreed-upon notion of 
what democracy is. Unfortunately we cannot go to a unique authoritative 
source for a definition. Democracies have existed in the ancient Mediter-
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ranean world, in late-medieval central European cities, and in many na­
tions o f the modern world. Their social and cultural circumstances have 
been extremely diverse, and their goals and methods have been defined in 
many constitutions and in a vast body o f judicia l, philosophical, didactic, 
and popular commentary. Since the literature celebrating democracy—  
even authoritatively explicating it— is far too much for one person to read, 
i t  is difficult to set forth a fa ir and inclusive definition.

On another occasion I  attempted to by-pass this d ifficulty by the 
statistician’s device o f selecting a sample. I  compared five representative 
documents, looking for the elements they had in common.6 W ithout re­
peating that analysis here, I  w ill list the properties found in those docu­
ments. They are participation, liberty, and equality. Most recent writers 
attribute those properties to democracy; I  w ill explain how they fit to­
gether coherently.

To anticipate my conclusion, and to indicate the direction o f the 
argument, I want to point out that the coherence depends on the fact that 
all democratic ideas are focused on the mechanism of voting. A ll the 
elements o f the democratic method are means to render voting practically 
effective and politically significant, and all the elements o f the democratic 
ideal are moral extensions and elaborations o f the features o f the method 
that make voting work. Voting, therefore, is the central act o f democracy, 
and this fact makes apparent the immediate relevance o f the theory of 
social choice.

Participation

The crucial attribute o f democracy is popular participation in gov­
ernment. This is what the root o f the word originally meant in Greek. 
Although the institutions of participation have been many and varied, 
they have always revolved around the simple act of voting. Even recent 
theories, such as those from Dahl and his followers, that equate democ­
racy with the free interplay of groups and the existence of an opposition 
cannot avoid an emphasis on voting as the ultimate way groups and op­
positions make themselves felt. Voting, however, is not equivalent to de­
mocracy. Only voting that facilitates popular choice is democratic. This 
condition excludes voting both in oligarchic bodies and in plebiscites in 
communist and m ilitary tyrannies, where voting is no more than forced 
approbation. Thus one can say that democracy implies voting but voting 
does not imply democracy. Or, voting is a necessary, but not sufficient, 
condition o f democracy. To render them equivalent, voting must be sur­
rounded with numerous institutions like political parties and free speech, 
which organize voting into genuine choice.
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The purpose of participation is twofold. In most cases it  has been 
instituted to restrain oppressive rule by subjecting rulers to popular judg­
ment. But, in addition, it  has been invested with a positive value of its 
own. Ruling and being ruled in turn is, said Aristotle, the essence of good 
citizenship; and good citizenship he equated with the good life. To take, 
thereby, fu ll responsibility for oneself— both by internal discipline and by 
cooperative management of the physical and social environment— is to 
achieve as much self-control as one can. And self-control is a necessary 
instrument of that human dignity and self-respect that moral philosophers 
of almost all persuasions have regarded as the best human achievement. 
To facilitate that achievement is the goal o f democracy and its ideal of 
justice. Hence, participation is an end in itself as well as a practical 
method.

Liberty
A second feature o f democracy is liberty to pursue one’s goals. This 

notion has been variously expressed. In the tradition of Locke, which has 
dominated Anglo-American thought, liberty has been described as the 
natural rights inherent in human life and independent even o f citizenship. 
Many o f the great democratic declarations are tabulations o f rights such 
as free speech, religious liberty, fa ir legal procedure, property ownership, 
and economic security. But the connection between democratic liberty 
and natural rights is not necessary. In the ancient world there was no 
notion o f natural rights, yet Pericles praised freedom as one o f the main 
features o f Athenian democracy. And in the tradition o f Rousseau, lib ­
erty resides in participation in government, not in rights distinct from 
government.

Nevertheless, however expressed, there is a close connection be­
tween liberty and democracy. How can the persistence o f this association 
be explained? Historically, at least, the association is instrumental be­
cause liberty is necessary to organize participation in government. In the 
English tradition, limited government originated in claims of freedoms 
against the Crown. The earliest such claim was that members of Parlia­
ment not be prosecuted for speeches in Parliament. The claim protected 
politicians temporarily in office and not certain o f staying there and 
thereby enabled them to form factions and organize voting against the 
government. U ltim ately this freedom was extended to everybody, but it 
has never lost its association with political opposition and the nourishment 
o f faction. Almost everything else that we think o f as civil liberties (the 
rights of a speedy tria l, habeas corpus, and security against unreasonable 
search and seizure, for example) originated to protect politicians who
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feared prosecution i f  and when they lost office. Thus the historic purpose 
o f these fundamental democratic liberties has been not to provide freedom 
as an end in itself, but to render effective both political participation and 
the process o f choice in voting.

Freedom, however, has also become an end in itself because, like 
participation, it generates self-control and facilitates self-respect. Hence it 
is not only an instrument for, but also a part of, justice. C ivil liberties are 
now thought to be good for everybody, not just politicians. Religious liber­
ty, which religious factions— uncertain o f victory in the wars o f religion—  
devised to protect themselves, is now thought to be part o f self-control and 
the good life itself. Economic liberty— that is, the free markets and free 
entrepreneurship o f modern capitalism—-originally protected a faction, 
namely, merchants, in conflict w ith the Crown and the feudal order. A l­
though it has been fashionable in this century to deride economic free­
dom, capitalism remains essential for faction: No government that has 
eliminated economic freedom has been able to attain or keep democracy, 
probably because, when all economic life is absorbed into government, 
there is no conceivable financial base for opposition. But economic liberty 
is also an end in itself because capitalism is the driving force for the 
increased efficiency and technological innovation that has produced in 
two centuries both a vast increase in the wealth o f capitalist nations and a 
doubling o f the average life  span o f their citizens. These practical achieve­
ments also facilitate self-control and are therefore important features of 
democratic justice.

Altogether, therefore, democratic liberty (whether civil, religious, or 
economic) originates as an instrument to organize voting and popular 
participation in government. Once in existence, however, it has always 
been found good in itself as a part of self-control and human dignity. So, 
like participation, democratic liberty— originally an instrument— became 
a part o f the democratic ideal.

Equality

A third feature o f democracy is equality, which like liberty and 
participation, originated in some rough sense as an instrument of voting. 
Voting would not mean much if  each person’s vote were not counted in 
the same way. So equality at the ballot box, by some measure, is neces­
sary to make voting and participation work.

But the claim of equality usually involves much more. Sometimes it 
means equality before the law, which prevents powerful persons from 
using the law to take advantage of weaker persons. Sometimes it means 
equal educational or economic opportunity or even equal shares o f the



wealth o f the world. Whatever form the claim takes, its moral significance 
is clear: To permit serious inequality means to deny to some people the 
chance to the self-control and cooperative management involved in demo­
cratic justice. Equality thus becomes an instrument facilitating self- 
respect and self-realization, although like the other elements o f the 
democratic ideal its logical base lies in the instrumental value of making 
voting work.

8 Tbe Theory of Social Choice and Democracy

l.C. The Meaning of Democracy

Democracy is both an ideal and a method. Now, having catalogued 
its features, I can explain how the ideal and the method are assumed to 
cohere, though, as w ill be seen, there may be profound philosophical d if­
ficulties beneath this assumed coherence. The ultimate moral ideal of 
democracy is the self-respect and self-realization that are made possible 
by self-control and the concomitant cooperative control of the environ­
ment. Whether that ideal is achieved depends on how individuals view 
themselves and what they themselves do to realize their potentials. The 
function of political justice is to facilitate that achievement by creating 
appropriate social conditions. In a society characterized by democratic 
justice, people are free (by reason o f democratic liberty) and have the 
chance (by reason of democratic equality) to seek self-respect and self- 
control (through some kind of democratic participation). The democratic 
method that is supposed to achieve this ideal is, of course, the same three 
features viewed as means rather than as ends: The method is the process 
o f participation, specifically through voting, in the management o f soci­
ety, where voting is understood to include all the ancillary institutions 
(like parties and pressure groups) and social principles (like freedom and 
equality) that are necessary to render it  significant.

Consequently, we can say that voting, which is a main subject in the 
theory of social choice, is at the heart of both the method and the ideal of 
democracy. Clearly, therefore, the theory of democracy must be in ti­
mately involved with the theory of social choice.

l.D. The Liberal Interpretation 
of Voting

Democrats of all persuasions would probably agree that participa­
tion built on the act of voting is the focus o f democracy. But they certainly
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interpret voting in different ways. What does it  accomplish? What does it 
mean? The sharp dispute on these questions can be summarized in two 
views— one o f which I call libe ra l or Madisonian, the other popu list or 
Rousseauistic.7

In the liberal view, the function o f voting is to control officials, and 
no more. Madison, who is the original American spokesman for liberal 
democracy (or republicanism, as he called it)  defined a republic as “ a 
government that derives all its powers directly or indirectly from the great 
body o f the people, and is administered by people holding their offices 
during pleasure, for a lim ited period, as during good behavior.” 8 The first 
requirement, popularness, he called essential (that is, necessary)-, the sec­
ond, election and lim ited tenure, he called sufficient. Thus his definition is 
log ica lly  complete, and there is nothing to add. Madison said nothing 
about the quality o f popular decision, whether good or bad.

Since all democrats would accept the necessary condition, i t  is the 
sufficient condition that is distinctive and hence deserving o f detailed ex­
plication. Why is election and lim ited tenure sufficient? Popularness, the 
necessary condition, ensures participation and equality. The sufficient 
condition is intended to ensure liberty. In  Madison’s view, the danger for 
liberty lies in government officials who might deprive citizens o f liberty or 
fa il as agents o f citizens’ participation. In either case, the liberal remedy 
is the next election. That is all that is needed to protect liberty; so election 
and limited tenure are sufficient.

To consider first the protection o f citizens’ liberty: The replacement 
of officials is, in the liberal view, the only available instrument. The lib­
eral fear is that the force o f government can easily be deployed against 
citizens to make them support unpopular policies that officials believe 
necessary. The liberal hope is that officials w ill be restrained from such 
behavior out o f fear o f the next election. I t  is true that Madison and other 
framers of the Constitution provided the separation of powers as auxiliary 
protection, but Madison regarded that protection as distinctly secondary 
to “ a dependence on the people.”  And the contemporary liberal agrees 
with Madison that the defense o f liberty lies in the discipline o f elections.

In the twentieth century it  has sometimes (but not lately) been 
fashionable for populists to dismiss the liberal fear o f oppression as an 
anachronism. Populists believe that, by reason of popular participation, 
democratic governments embody the w ill o f the people and cannot there­
fore oppress. Only in the eighteenth century, they say, when executives 
were officers o f the Crown was this danger real; now that elected execu­
tives supposedly embody the popular w ill, they cannot oppress. In Roose­
velt and Hopkins, Robert Sherwood, for example, disputed Lord Acton’s 
assertion that power corrupts w ith his (that is, Sherwood’s) own belief
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that power ennobled Franklin Roosevelt.9 But it  was Sherwood’s other 
subject, Harry Hopkins, who presumably uttered that epitome of corrup­
tion: “ We w ill tax and tax, spend and spend, elect and elect.”  Lately, of 
course, even populists have been shaken by the imperial presidency o f 
Johnson and Nixon, who, however popularly elected, persisted in a hated 
and oppressive war. In both cases the threat o f the next election proved 
decisive for liberty because it  made one not try for reelection and the 
other (ultimately) end the war. Even more impressive, the possibility of 
impeachment, a kind o f negative election, made Nixon resign. Moreover, 
i t  was elections themselves, not just the threat o f them, that as recently as 
1977 disposed o f two putatively tyrannical rulers in India and Sri Lanka.

The other part of Madison’s concern was a fear o f tyranny by the 
majority. This is a fear that officials acting for a majority created in the 
last election w ill persecute the m inority o f that election. Madison hoped 
that such oppression would be minimized by the fact of shifting major­
ities, so that a future majority might throw out o f office the officials who 
oppressed in the name of the former majority. This is the reason he 
stressed diversity in the electorate. The way, he said, “ to guard one part of 
society against the injustice of the other part”  is to comprehend “ in the 
society so many separate descriptions of citizens as w ill render an un­
just combination o f a majority o f the whole very improbable, i f  not 
impracticable.” 10

Viewed statically, this sounds like just another version o f the sepa­
ration o f powers.11 Viewed dynamically, however, this is simply the claim 
that an unjust majority cannot last through several elections. Looking at 
the oppression of blacks, the most persistent issue in American politics 
and the clearest case o f tyranny by the majority, it  appears that the 
Madisonian hope has been justified. As long as blacks were excluded from 
the political system (from the beginning to 1867 and from the end of 
Reconstruction in 1877 to the emergence o f a substantial number o f black 
voters in the 1930s), they were persecuted. But including them in the 
system, especially as they became a marginal bloc between the political 
parties, led to political reform and even to reorientation o f the judiciary, 
so that national political leaders (followed by the courts) have mitigated 
and are gradually eliminating that tyranny by the majority.

To consider the other danger to liberty (that officials be inefficient 
agents): The only possible remedy— and one recommended by both popu­
lists and liberals— is to elect new officials. So again the next election pro­
motes liberty. Notice, however, that in the liberal view it is not assumed 
that the electorate is right. This assumption characterizes populism, as I 
w ill show. The liberal assumes not popular competence, but merely that
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the electorate can change officials i f  many people are dissatisfied or hope 
for better performance.

I t  may seem that in the liberal view officials, who are only nega­
tively controlled by voting, cannot really act as agents o f the electorate. 
By reason of regular elections, however, officials may be rejected. In their 
efforts to avoid rejection they usually act in some rough way as agents of 
the electorate, at least attempting to avoid giving offense to some future 
majority. Since this future majority cannot at any moment be clearly 
specified, officials seeking to placate it in advance must anticipate several 
kinds o f potential majorities, the union o f which is often most o f the 
electorate. By reason of this anticipation o f the next election, officials are, 
even in the liberal view, subject to electoral discipline as the agents of 
democratic self-control.

l.E. The Populist Interpretation 
of Voting

For the populist, liberty and hence self-control through participation 
are obtained by embodying the w ill o f the people in the action o f officials. 
The fundamental notion goes back at least to Rousseau. There is a so­
cial contract, which creates a “ moral and collective body”  that has “ life ” 
and “ w ill,”  that is the famous “ general w ill,”  the w ill o f the incorporated 
people, the Sovereign. Individual liberty, for Rousseau and subsequent 
populists, is the participation o f the citizen in this sovereignty. “ Liberty,” 
Rousseau says, “ is obedience to a law we have prescribed for ourselves,”  
understanding, o f course, that the prescription is through the acts o f the 
anthropomorphized Sovereign.12 The way to discover the general w ill, 
which is the objectively correct common interest of the incorporated c iti­
zens, is to compute it  by consulting the citizens. The computation w ill be 
accurate i f  each citizen, when giving an opinion or vote, considers and 
chooses only the common interest, not a personal or private interest. Thus, 
by summing the common interest regarding wills (votes) o f real persons, 
one can arrive at the w ill o f the great artificial person, the Sovereign.

In the M iddle Ages it  was sometimes (blasphemously) said that the 
voice o f the people is the voice o f God. Rosseau did not invest the people 
w ith quite such divine authority— indeed he believed they might be mis­
taken about the general w ill— but he did assert that the general w ill is 
always correct and embodies the objective good for society. Later popu­
lists have continued to attribute some special character to the voice o f the
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people: What the sovereign people, when speaking for the public interest, 
want is justified because the sovereign people want it and because it  is 
their liberty.

To summarize: According to the populist interpretation o f voting, 
participation in rule-making is necessary for liberty. The rules thus made 
must be respected as right and proper because they embody that liberty. 
Were they not so respected, liberty itself might vanish.

l.F. Differences Between Liberal
and Populist Interpretations of Voting

In the liberal view, since voting generates liberty simply by restrain­
ing officials (by popular election and limited tenure), there is no need to 
treat the output o f government as the precious embodiment of liberty it ­
self. Indeed, for the liberal, law is no more than the decree o f legislators or 
judges, accepted and occasionally ratified by the citizens. But in the popu­
list view, since voting generates liberty by participation, the output of 
government must be precious, for that very output is liberty.

We can understand the difference between the two views somewhat 
better, I believe, by recounting a controversy over Isaiah Berlin’s distinc­
tion between positive and negative liberty.13 Berlin defined negative l i ­
berty as the absence o f interference by others (especially government) in 
one’s activity. Positive liberty, on the other hand, is being one’s own men­
tor. The burden o f Berlin’s argument is that these two apparently similar 
notions are at loggerheads. Berlin’s explanation o f this paradox is that 
ideas about self-mastery are turned into particular goals for society that 
people are then coerced into following: They are forced, that is, to be 
“ free.”  His main example is the transformation of Kant’s notions of indi­
vidual ethical responsibility by, successively, Hegel and Marx into the 
justification for a monstrous dictatorship. Berlin’s point is that positive 
liberty, which appears in itia lly  innocuous, is the root o f tyranny.

C. B. MacPherson, in a clever effort to rescue positive liberty from 
Berlin’s obloquy, redefined three kinds o f positive liberty: 1

1. L iberty as "self-d irection" or "self-m astery": “ to live in accordance 
with one’s own conscious purposes.”

2. L iberty as obedience to law: “ coercion, by the [supposedly] fu lly  
rational or those who have [supposedly] attained self-mastery [e.g., 
Lenin or Mao], of all the rest.”
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3. L iberty as partic ipa tion : “ the democratic concept o f liberty as a share 
in the controlling authority.”  (Notice that this is the populist, not the 
liberal view o f voting.)14

MacPherson’s argument is that Berlin, lumping the three kinds of 
positive liberty together, used the obvious and admitted difference be­
tween negative liberty and populist voting to generate a contrast and 
(through liberty as obedience and coercion) an inconsistency between neg­
ative liberty and all kinds o f positive liberty. MacPherson, as a populist 
and socialist, wants to save self-mastery as complementary to and not 
inconsistent with negative liberty, while banishing coercion, that Stalinist 
embarrassment to “ democratic” socialists. MacPherson accomplishes his 
purpose by giving self-mastery a new name, “ developmental liberty,”  so 
that it appears to be clearly separate from liberty as obedience and 
coercion.

The problem, however, is that populist voting is ineradicably differ­
ent from negative liberty and yet is logically correlated w ith coercion. 
This association is precisely explained by W illmoore Kendall in his expli­
cation of Locke’s version of majority rule.15 Kendall sought to reconcile 
Locke’s presumed belief in objective moral law with his conclusion that 
right is what the majority wills. The explanation Kendall proposes o f this 
apparent paradox is that Locke assumed that most people are just and 
rational; consequently, “ The individual can . . .  covenant to obey the ma­
jo rity  without subjecting himself to . . .  arbitrary authority . . .  since the 
judgments o f the majority are those of reason and justice.” 14

Thus it is that MacPherson’s populist voting unites self-mastery and 
coercion. A ll one has to do is to find that a majority (perhaps a putative or 
even a wholly imaginary and nonexistent m ajority like the “ proletariat” 
conjured up by Marx) has willed some version o f self-mastery. I t  then 
becomes both reasonable and necessary to impose that version o f liberty 
by coercion. I t  is reasonable because the majority that produced the par­
ticular version o f self-mastery is, in Kendall’s words, “ rational and just.” 
And i t  is necessary because the particular self-mastery is the embodiment 
o f that majority’s liberty, and its liberty would vanish were it  not trans­
lated into a coerced version.

If, however, one had not the populist view of voting, but merely the 
liberal view, then this totalitarian sleight-of-hand would not be possible. 
Indeed, i f  there were only the liberal view and i f  one banished the populist 
“ share in the governing authority,”  then it  would be easy for MacPherson 
to demonstrate the complementarity between negative liberty and self- 
mastery. But, as a socialist, MacPherson cannot give up populism, and so
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he is necessarily stuck w ith coercion. Clearly, Berlin’s villa in all along is 
really populism, not just self-mastery. He should have contrasted not neg­
ative and positive liberty, but rather negative liberty and the populist view 
o f voting that is used to justify  coercion in the name of temporary or 
spurious majorities.

I  have emphasized the moral certainty im plicit in the populist view 
o f votirtg in order to correct the common misconception that populist 
democracy is simply majority rule. The customary distinction— often ex­
pressed in the cliche “ majority rule versus minority rights”— is between 
(1) popular sovereignty or lodging power and decision in the hands of the 
majority and (2) lim ited government or reserving some rights for minor­
ities (w ithin an otherwise majoritarian framework). Dahl, for example, 
makes this distinction, in effect terming (1) Madisonian and (2) populist. 
This distinction cannot be maintained, however. A ll democracies involve 
popular government, equality, and the rule of decision according to the 
greater number— precisely the features Dahl attributes to populism. Con­
versely, all democracies (populist as well as liberal) actually lim it govern­
ment by the technique o f shifting majorities. So the customary distinction 
is without a difference.

What is different between the liberal and the populist views is that, 
in the populist interpretation of voting, the opinions of the majority must 
be right and must be respected because the w ill o f the people is the liberty 
o f the people. In the liberal interpretation, there is no such magical iden­
tification. The outcome of voting is just a decision and has no special 
moral character.17

l.G. The Vitality of the Liberal
and Populist Interpretations of Voting

To show that two interpretations of voting have existed does not 
prove that they continue today to influence thought. They may have been 
amalgamated, and i f  so there is not much point to discussing them, except 
as historical phenomena. Two writers I  have quoted— Berlin (fatalisti­
cally) and MacPherson (hopefully)— have each tried to show that popu­
lism is absorbing liberalism. I  believe, however, that the two traditions 
remain separate. M y evidence is two recent books whose authors are 
deeply concerned in a practical way with changing American politics, who 
do not bother w ith abstract political philosophy, but who nevertheless 
reflect in more or less pure form the two interpretations I  have described.
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The books are W illiam  A. Rusher’s The M aking o f the New M a jo rity  
Party, which is the liberal offering, and Marcus Raskin’s Notes on the 
O ld System, which is the populist offering.18

Both writers were impelled to write by the Watergate crisis. Rusher 
observed the scandal weakening the Republican party at the very moment 
that a majority o f citizens seemed to him to be abandoning the then- 
dominant statism for so-called conservatism (actually Madisonian liberal­
ism). These citizens lacked, he feared, an appropriate vehicle through 
which to express their new values, not only because the Republican party 
was discredited, but also because it was infected with the statism of, 
for example, Nelson Rockefeller. Consequently, Rusher wrote to propose 
a new national party that would organize the now-leaderless putative 
majority.

Raskin, on the other hand, regarded Watergate as another compel­
ling instance o f the way that what he called “ the System” (in which he 
included the imperial presidency, the C IA , rich people, the Joint Chiefs, 
the Democratic party, and capitalism) frustrated the supposed impulses of 
most people to take the positions he (Raskin) believed correct on public 
policy. Seizing the occasiqn, therefore, he wrote both to induce popular 
disgust and to propose a reform— namely, a nationwide system of grand 
juries to instruct members o f Congress. This change, he believed, would 
amplify voices now supposedly muffled.

Both authors describe themselves as democrats, accurately, I be­
lieve, although Raskin displays tendencies toward MacPherson’s prefer­
ence for coercive liberty. Both Rusher and Raskin also denounce the huge 
bureaucratic apparatus o f the contemporary state and seek to hook this 
Leviathan. But there the sim ilarity ends, and each proceeds according to 
the tradition he represents.

Rusher thinks the Leviathan exists in large part because voters are 
often wrong, misled by demagogues who promise “ benefits” that cannot 
be paid for and w ill, by inducing inflation, harm the ostensible beneficia­
ries. Clearly, he has no populist illusions that the people do what is right. 
On the other hand, he wants to make democracy work and rejects the 
possibility o f lim iting suffrage. Instead he proposes a new party to instruct 
and lead the people. “ How,” Rusher asks, “ docs an honest politician . . . 
run against some spellbinder who has invented a new ‘benefit’ ?”  The 
answer: “ By telling the truth, of course, about the real cost and impact of 
the proposed ‘benefit’ ”  (p. 200). This answer is introduced by quoting 
Madison, who wrote that “ knowledge w ill forever govern ignorance”  and 
popular governments “ must arm themselves with the power knowledge 
gives” (p. 198). Thus, Rusher’s prescriptions arc exactly liberal: W ithout
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supposing the people are especially wise, one should nevertheless try, at 
the polls at the next election, to hook the Leviathan, the king of the 
children o f pride.

Raskin thinks that the Leviathan exists because an elite (politicians, 
bureaucrats, soldiers, corporate executives) uses the System to suppress 
the voice o f the people and do all sorts o f wrong things like building 
M IR V ^and  collecting withholding taxes. He is confident that the people, 
i f  they could speak, would do right. Like Rousseau, he wants to erase the 
special interests that stand between the people and the general w ill. His 
method is a huge number o f grand juries to conduct inquiries and to in­
struct members o f Congress. A  Congress thus revitalized would, he be­
lieves, embody the true w ill o f the people in law.

Raskin’s scheme contains both features o f the populist view. First, it 
stresses participation in local assemblies that w ill be “ instruments o f the 
people as people and as citizens”  (p. 157). Second, what the people do w ill 
be good, for they w ill “ express a quality of empathy, fairness, and in­
quiry” (p. 152). Raskin quotes approvingly these sentences from M artin 
Buber:

Though something o f righteousness may become evident in  the life  o f the 
ind ividua l, righteousness its e lf can only become w holly visible in the 
structure o f the life  o f a people. . . . Only life  can demonstrate an abso­
lute, and it  must be the life  o f the people as a whole.'9

As applied by Raskin, this is the most extreme claim o f populism I  have 
ever seen. Apparently, Raskin believes that the works of the people em­
body not only their liberty and true justice, but also (and incredibly) abso­
lute righteousness.

l.H. The Paradox, of Voting

As a beginning of the discussion of the attainability of democratic 
justice, I have so far shown that the ideal as well as the method of democ­
racy focuses on voting and that voting has been interpreted in two quite 
different ways. Now I want to show that the theory of social choice raises 
other disturbing questions about voting, questions that are as controver­
sial as the issue between liberalism and populism and that may affect or 
even resolve that issue.

Historically, the theory of social choice arose out of the paradox of
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voting. W ithout here going into many subsequently developed niceties, 
one can explain the paradox with these prim itive notions of preference 
and choice.

1. Preference. Assuming there are alternatives, x, y , . . . ,  which may be 
objects, values, motions, candidates, and so on, a person, i, may prefer 
one alternative to another. This state o f mind is represented as the 
relation o f preference. P, between some pair o f alternatives, x  and y. 
Conventionally, one writes x  Psy , to mean “ i prefers x  to y .n The 
relation, P, is transitive, which means that the following sentence 
is true:

I f  x  ^  y  and y  Pt z, then x  P, z.

Quantitative relations like equality ( =  ) or greater than ( > )  are 
transitive. For example, i f  a equals b and b equals c, then a equals c. 
Other relations, such as parenthood, are not transitive. Clearly, i f  a is 
the father of b and b is the father o f c, then it does not follow that a is 
the father o f c. Preference is said to be transitive mainly because in­
transitive preferences usually seem bizarre. I f  a man says he likes Re­
publicans better than Democrats and Democrats better than Commu­
nists, then we think he is indeed strange i f  he also says he likes 
Communists better than Republicans.

2. Rules o f Choice. Given a society o f n persons, where i  is one individual,
and given a set o f alternatives, X  =  (x , y ,__ ), a rule o f choice is a rule
by which a choice, C, is made for all o f the n persons (e.g., the selection 
of a winning alternative by voting or the selection o f the alternative left 
after discussion has eliminated all expressions o f dissent). Convention­
ally one writes C (X ) =  y  to mean “ the social choice from X  is y ."

There are many rules of choice. A  typical example is sim ple ma­
jo r ity  voting between two alternatives. By this rule, i f  more people 
prefer x  to y  than prefer y  to x, then x  wins. Conversely, i f  more people 
prefer y  to x  than x  to y, then y  wins. And i f  the same number prefer x  
to y  as prefer y  to x, then x  and y  tie.

W ith these primitive notions o f preference and choice, the paradox 
o f voting can now be stated: Suppose three people, 1, 2, 3, choose among 
three alternatives, x, y , z, by the method o f simple majority rule applied 
successively to pairs. Suppose also that each person has the following 
transitive ordering o f preference on x, y, and z:
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Person 1: x  Px y , y  P, z , and x  P, z ; or x  y  z 

Person 2: y  P2 z, z P2 x, and y  P2 x; or y  z x  

Person 3: z P3 x, x  P3y , and z P3 y ; or z x  y

Then the social choices are:

C(x, y ) =  x  because x  P[ y  and *  P} y , while y  P2x 

C {y, z) =  y  because y  P| z and y  P2 z , while z P3 y  

C{x, z) =  z because z P2x  and z P} x, while x  P, z

Thus, although each individual in the society has a transitive ordering of 
preference, the outcome of voting is not transitive because x  beats y, y  
beats z, and z beats x. I f  one tried to arrange the outcome o f voting in a 
sequence o f “ social preference,”  one would not be able to do so because 
one could not say whether x  or y  or z stood first. Any one o f these ar­
rangements would be possible: x y  z x, y  z x  y, z x  y  z.

If, on the other hand, one imposed transitivity by starting with 
C(x, y ) =  x  and C (y, z) =  y  and concluding, by reason of transitivity, 
that C(x, z) =  x, then person 1 would be a dictator, because only person 1 
prefers x  to z. Apparently, one is forced either to accept intransitivity for 
society or to achieve transitivity at the cost o f creating a kind o f dictator.

Many people are shocked by this result. One standard of consistency 
in sentences and coherence in thought is transitivity. We would consider a 
person claiming to like five dollars more than three dollars, three dollars 
more than one dollar, and one dollar more than five dollars to be quite 
confused. So we say that preference is a transitive relation. We can go 
further and say that social choice should also be transitive. I f  so, then, in 
the case of the voting paradox, we must affirm, paraphrasing Reinhold 
Niebuhr, “ coherent man and incoherent society.”  Although individuals 
can arrive at a unique choice, in this case society cannot even choose. 
What makes all this so democratically unpalatable is that, apparently, the 
only way to make “ society” choose coherently is to impose a dictator.

The possibility that social choice by voting produces inconsistent 
results raises deep questions about democracy. Can the democratic ideal 
be attained i f  the method used to attain it produces confusion? Given the 
possibility of inconsistency, does one interpretation of voting make more 
sense than another, or are both interpretations hopelessly flawed?

To raise the issues in the bluntest possible ways, I  ask: 1

1. Can voting restrain officials i f  the outcome of voting is inconsistent?
How can restraint occur i f  it is not clear what restraint is imposed?
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2. Is someone, supposedly restrained at the polls, merely kept in or out of 
office accidentally? I f  the outcome of voting might be x y z x  or y z x y  
or z x y  z, does not an accident o f institutions, rather than popular 
taste, select the winner? And i f  the antecedent constitution, rather 
than the people, chooses, how can any kind of democracy be said to 
operate?

3. I f  liberty is embodied in an inconsistent law, is not liberty itself defec­
tive? I f  alternative laws are in a cycle, x y z x ,  then which alternative 
ought to be regarded as the w ill o f the people and their liberty?

4. When an absolute good produced by voting is inconsistent, can that 
absolute have any moral significance? To say that x  is morally right 
because x  beat y  seems difficult to defend i f  z also beat x.

These are the kinds of questions raised when we allow the theory of 
social choice to confront the theory of democracy. In this book I w ill 
elaborate the theory of social choice in order ultimately to explore these 
questions.



Different Choices from 
Identical Values

Democracy, however interpreted as a political ideal, uses, as a method o f 
governing, social summaries o f citizens’ decisions in  elections and legisla­
tors’ decisions in representative bodies. The theory o f social choice raises 
fundamental questions about the quality o f these summaries: Are they 
coherent? Are they imposed by manipulation? This, then, is the problem: 
Are the doubts raised by social choice theory enough to necessitate a rein­
terpretation o f democracy itself?

Before I  begin the investigation, I  want to point out that most c iti­
zens o f democracies seem to be unaware o f the problem. Although many 
people now complain about the adequacy o f institutions like parties, they 
seem more or less satisfied w ith the fairness and integrity o f the voting 
process (though not necessarily w ith the outcomes o f voting). This satis­
faction is easy to understand. We do not frequently have persuasive evi­
dence o f the defects in voting. When an election or a committee’s decision 
procedure produces an outcome, evidence that another outcome m ight be 
socially preferred is usually never collected. One can seldom know, there­
fore, that the road not taken could have led to a better choice.

For example, when many candidates for an office are winnowed 
down to two by some nominating procedure (a primary election or a nom­
inating convention), some candidate actually preferred to a ll others by a 
majority o f voters may nevertheless be eliminated in the nominating 
process. Such a candidate, call him Golden Median, though very popular 
w ith independents as well as w ith many people in a ll parties, m ight lose by 
a narrow margin in his own party to another candidate, call her B itter 
End, who is liked only by those who nominate her. In the election itself. 
B itter End faces Blandly M ild , chosen by the other party. Blandly M ild  
easily beats B itter End and is said, therefore, to be the voters’ choice, even 
though Golden Median would defeat Blandly M ild  i f  there were some
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way to conduct another election. But such information is seldom avail­
able, and in its absence we cannot know that the best choice was not 
made. So instead we take the victory of Blandly M ild  as evidence that he 
was the choice of the majority against all others, when, strictly speaking, 
that victory is only evidence that he was the majority choice against 
B itter End.

backing clear-cut evidence of the inadequacy o f voting, we repress 
our doubts— if  indeed we ever have any— and treat elected officials and 
enacted legislation as i f  they were the true embodiments o f popular pref­
erence. Nevertheless, we ought not to be wholly satisfied with the integ­
rity  of voting summaries, for we do have some evidence that elections do 
not always select the “ best”  or “ right”  result.

This evidence is based on the fact that different methods o f election 
and committee decision-making have produced different results from 
identical distributions of preference. I f  one method were clearly superior, 
we might be able to say that its choice was the right one. But, as I w ill 
show in detail in Chapter 4, it  is not possible to prove or even to argue 
persuasively that any method o f election or decision is clearly superior to 
all others. Thus the fact o f different results from different methods is 
powerful and disturbing evidence that the social summaries on which 
democracy depends are o f poor quality and possibly are inadequate for 
the function they are expected to perform. Chapter 2, therefore, is de­
voted to an examination o f a few instances in which one has good reason 
to question the quality of social summaries o f individual preferences.

2.A. Evidence from Elections

To present clear-cut evidence that different methods o f voting pro­
duce different results, one must show that, w ith exactly the same struc­
ture o f individual preferences, two methods each produce unique results. 
Although this is not easily proved, we can get a strong suggestion of it 
from the elections we know best— namely, elections of the president of the 
United States. Most people in the United States probably believe that the 
election o f the president works out pretty well— except for the special 
problem of the electoral college. Many people fear that the electoral col­
lege w ill distort the outcome, but it  has produced the “ wrong” result at 
most twice— in 1888 and 1824. Much more serious is the fact that quite 
often candidates win with less than half o f the votes cast; and, surpris­
ingly, this does not seem to bother people. Doubtless many citizens recall 
the election o f 1968, in which N ixon’s plurality over Humphrey was only
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seven-tenths o f 1 percent, while the third candidate (Wallace) received 
about 14 percent o f the vote. I f  the supporters of Wallace had been forced 
to choose between Nixon and Humphrey, the election might have turned 
out differently. S till, this possibility apparently disturbs very few people, 
although in the summer of 1980 it seemed likely that Anderson’s candi­
dacy would have an even more disturbing effect than Wallace’s.

Perhaps most people believe this kind of election is an infrequent 
aberration. But, as Display 2-1 shows, such outcomes occurred in 14 of 
the 39 elections (36 percent) since 1824, when most states began popular 
voting for presidential electors. I t  might be said in defense of the “ infre­
quent aberration”  notion that some of these cases are not “ serious”  be­
cause the winner would have retained a substantial plurality under any 
reasonable reallocation of the ballots for third and fourth candidates. In 
1948, for example, Truman’s plurality was 4.4 percent and each minor 
party candidate had 2.4 percent o f the total vote. In a reallocation, most 
o f Wallace’s votes would probably have gone to Truman and so might 
some of Thurmond’s. I f  so, then Truman’s failure to get a majority made 
no difference to the outcome. Nevertheless, before the 1948 election, most 
people correctly believed that Truman would get only a minority o f the 
votes. Many voters, therefore, may have voted strategically (that is, not 
for their true preference) just because of this anticipation. Suppose most 
voters for Thurmond ordered the candidates thus: Thurmond, Dewey, 
Truman. Then, the assurance of Truman’s loss led them to vote for 
Thurmond rather than for Dewey. Perhaps also potential voters for 
Dewey did not vote because they believed he was a sure winner. I f  these 
possibilities are realistic, then Dewey might have won, and at the very 
least the summary is flawed, no matter what the actual outcome.

I f  we discard the “ infrequent aberration”  notion on this basis, then 
we ought to add to the list in Display 2-1 the elections of 1832, 1852, 
1924, and 1980. In those elections, despite the winner’s simple majority 
over all other candidates, 5 percent or more of the ballots were cast for a 
third candidate, whose very presence thus casts doubt on the quality of the 
electoral summary— that is, his presence may have led people to vote 
contrary to their true tastes. I f  so, then 18 out of 39 elections (46 percent) 
might have turned out differently with a different method o f summariz­
ing. A  different outcome would not, of course, be “ right.”  I t  might simply 
reflect different strategic considerations. But the possibility o f difference 
is itself disconcerting.

The problem is that, in the American system o f choosing a single 
official in a single district o f the whole country, choosing between two 
candidates by a simple majority and choosing among several candidates 
by a plurality are quite different procedures. There is no reason to suppose
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they w ill turn out the same way. This is not, however, a defect unique to 
the single-member district system. Even under proportional representa­
tion, slightly different methods o f summarizing can produce markedly 
different results. The French parliamentary election o f 1951 provides a 
persuasive illustration o f this fact.

In preparation for that election, the parties o f the center, the so- 
called Third Force, which had jo in tly  controlled the National Assembly 
from the election o f 1946, s lig h tly  changed the electoral procedures in a 
way that greatly enhanced their opportunities to remain in control. I t  
seems likely that the ordinary citizen did not observe much difference in 
the procedure. Indeed, in 1946 and 1951 he or she cast a ballot by exactly 
the same method. Furthermore, the ballots themselves appeared to be of 
exactly the same sort. Only the parties and the vote-counters did anything 
differently or perhaps even knew much about the difference. Neverthe­
less, the outcome in 1951 was grossly manipulated, enough to change the 
whole tone o f French politics. W ithout this manipulation, both Gaullists 
and Communists would have had more seats, and that fact would very 
likely have changed the Cabinets between 1951 and 1955 from mostly 
Third Force coalitions to either right-leaning or left-leaning ones. 
Whether the contrived enhancement o f the Third Force was fortunate or 
unfortunate I  cannot say. But I can say for certain that the actual out­
come and what might have been were very different reflections o f voters’ 
preferences.

The purpose o f proportional representation is to reflect as accurately 
as possible in the legislature candidates’ or parties’ votes in the election: I f  
a party has x  percent o f the total vote, then it ought to have exactly x  
percent o f the seats in the legislature.1 But it  is seldom possible, especially 
with districts smaller than the whole nation, to achieve quite this objective 
in practice. And it  was this fact that the French legislators exploited.

In both 1946 and 1951, elections were conducted in districts with 
from two to ten seats allocated roughly in proportion to d istrict popula­
tion. Each party, i f  it  ran in a district, presented a list o f as many candi­
dates as the district had seats, and each voter cast a ballot for one list. In 
1946 parties were assigned seats by districts using the formula o f the 
highest average.

In 1951 two changes were made. In some districts, parties were 
permitted to form alliances and seats were assigned by the highest- 
average formula applied either to parties or to alliances. In other districts, 
alliances were not permitted, and seats were assigned by the largest- 
remainder formula.2 The highest-average method favors large parties; 
the largest-remainder method does not systematically favor large or 
small parties.
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In 1951, alliances among parties were permitted in all districts ex­
cept Paris and its suburbs. The voters still voted for an individual party 
(not for a whole alliance). Since the ballots looked just like the ballots 
used in 1946 and did not indicate the existence of alliances, it  is possible 
many voters did not know alliances existed. If, together, the parties in an 
alliance got more than half of the valid ballots, then a ll the seats in a 
district-were divided among just the parties in the alliance by the highest- 
average formula. I f  an alliance did not get half of the votes, then seats 
were assigned, as in 1946, by the highest-average formula, to a ll parties 
that had enough votes. This procedure greatly helped the Third Force 
parties (the m ild ly conservative Radical Socialists, the barely socialistic 
Socialists, and the Catholic centrist Popular Republican Movement 
[M R P ]). They were ideologically compatible, were already jo in tly  run­
ning the government, and could get a bare majority in quite a large num­
ber o f districts. In contrast, the largest parties, the Communists and the 
Gaullists, were at opposite ends o f the ideological spectrum and had very 
few ideologically friendly parties to ally with (although the Gaullists 
made a few alliances with traditional rightist parties).

The total number o f seats in districts permitting alliances was 508. 
Display 2-2 summarizes the gains and losses that actually occurred with 
alliances and the outcome that would have occurred under the 1946 law 
without alliances. The Display is based on two allocations o f seats: (1) the 
actual allocation with alliances and (2) an imaginary allocation without 
alliances. Gains and losses are the differences between the two allocations. 
The calculation o f the imaginary allocation is, for each legislative district, 
by the highest-average method, using the votes actually cast for the indi­
vidual parties, but assuming that no alliances were made. The alliance 
procedure permitted parties o f the governing coalitions to gain 85 o f 508, 
seats or about 17 percent.

In Paris and its suburbs, Communists and Gaullists controlled prob­
ably two-thirds o f the votes. The procedure o f a majority alliance could 
not help the Third  Force parties, and they did not permit it  in the 75 seats 
there. Instead, they changed the formula o f counting votes from the 
highest-average method to the largest-remainder method. Since the 
highest-average method sometimes penalizes small parties, while the 
largest-remainder method treats large and small parties indifferently, the 
relatively smaller parties o f the Third Force could improve their chances 
by this change. The right and center parties gained 9 o f 75 seats or about 
12 percent o f the Parisian seats. The actual gains and losses are summa­
rized in Display 2-3.

As a consequence o f these manipulations, the distribution o f parties 
in the National Assembly in 1951 turned out to be quite different from
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Display 2-2

Gains and Losses in 1951 from Using 
the 1951 Procedure of Alliances 

Rather Than the 1946 Procedure of 
Parties Standing Independently

Parties Gains Losses Net change

Third Force 
Radicals 24 2 +  22
Socialists 17 3 +  14
MRP 26 — +  26

Rightist parties 25 2 +  23
Communists — 65 - 6 5
Gaullists _2 22 - 2 0

94 94 0

Display 2-3

Gains and Losses in Paris in 1951 
from Using the Largest-Remainder Method 

Instead of the Highest-Average Method

Parties Gains Losses Net change

Third Force 
Radicals 3 1 +  2
Socialists 1 — +  1
MRP 4 — +  4

Rightist parties 2 — +  2
Communists — 4 - 4
Gaullists — 5 - 5

10 10 0
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Display 2-4

Actual Outcome of the 1951 Election in Paris 
Compared to a Hypothetical Outcome 

from Using the 1946 Electoral Law 
to Calculate 1951 Results

Parties Actual outcome Hypothetical outcome

Third Force
Radicals 90 62
Socialists 107 90
MRP 97 294 65 217

Rightists
Independent Republicans 52
Center Republicans 42 94 82

Gaullists 120 146
Communists 101 170
Unassigned 18 12
Total* 627 627

Constitutional majority 314 314

•Includes 44 members from overseas.

what it  would have been under the 1946 election law. This distribution, 
including 44 overseas members, is set forth in Display 2-4. As it  illus­
trates, the Third Force could get a majority of 314 to form a Cabinet by 
attracting only 20 more supporters (314 — 294)— a few Rightists or 
Gaullists. In fact, the Gaullist party split up for just this reason within a 
few months. Consequently, most Cabinets from 1951 to 1955 were domi­
nated by the Third Force along w ith a few Rightists and complaisant 
Gaullists. I f  the 1946 law had remained in effect, however, the Third 
Force would have needed 97 additional votes to form a Cabinet (314 — 
217), and this would surely have forced the inclusion of either Gaullists or 
Communists. Since the latter option then appeared politically infeasible, 
the Third Force would probably have had to compromise with De Gaulle. 
One can always wonder whether such a compromise might have saved the 
Fourth Republic, which De Gaulle replaced in 1958. (One can also won­
der whether the Fourth Republic was worth saving.)
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2.B. Evidence from Experiment

The evidence cited so far of defects in the process o f voting is inade­
quate because we do not have a fu ll record o f voters’ preferences. Hence 
we cannot be absolutely certain whether the different possible results de­
rive from different methods o f summation or from quirks in voters’ behav­
ior such as strategic voting (that is, voting not in accord w ith one’s true 
preferences). There is, however, at least one very well documented in­
stance of voting for which we have an exhaustive record of preferences 
and to which we can apply different methods o f summation in fu ll confi­
dence that only the methods vary, not the preferences themselves. The 
fact that in this case different methods produce different results seems to 
me to be definitive evidence of ambiguities in the process o f aggregating 
preferences.

In preparation for a project to launch two Mariner (now Voyager) 
spacecraft in the summer o f 1977 to fly by Jupiter in 1979 and Saturn in 
1980 and then to escape from the solar system, the Jet Propulsion Labora­
tory o f the California Institute of Technology (the manager o f the project 
for the National Aeronautics and Space Administration) assembled about 
80 outside scientists divided into ten teams concerned with various fea­
tures of the observation of planets. Typical teams were Magnetic Fields 
(M A G ), concerned with planetary and interplanetary magnetic fields, 
and Infrared Radiation (IR IS ), concerned w ith energy-related topics such 
as the atmospheric composition and temperature o f planets. One o f the 
first tasks o f the ten teams was the selection o f specific trajectories for the 
two spacecraft, and it  was in connection with the decision on this task that 
detailed data on preferences were collected.1

Initia lly, engineers at the Jet Propulsion Laboratory selected 105 
trajectories satisfying certain fundamental navigational, scientific, and 
budget constraints. Pairs o f trajectories— one trajectory for each o f the 
two spacecraft— were then matched for the beginning and end o f the 
feasible launching period in August and September 1977. A fter extensive 
analysis by the teams o f outside scientists, 32 pairs o f trajectories were 
selected for final consideration. In October 1973, each team ranked the 32 
pairs according to their usefulness for the observations w ith which the 
team members were concerned. This ranking produced the ordinal u tility  
o f each team for the pairs. O rdinal u tility  is a measure o f preferences in 
terms of rank orders— that is, first, second, etc. Once ordinal u tility  is 
determined, i t  is possible to transform it  into cardinal u tility . C ardinal 
u tility  is a measure of preferences on a scale o f cardinal numbers, such as
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the scale from zero to one or the scale from one to ten. In this case, the 
experimenter used a standard method to elicit from each team its cardinal 
u tility  numbers from 0.0 for lowest to 1.0 for highest.4 The ordinal and 
cardinal rankings by teams are the fundamental data on preferences to 
which various methods o f summation can be applied.

There can be no doubt that the members of the teams took this task 
very seriously and calculated their preferences according to their own self- 
interest rather than according to any kind of general interest (as assumed 
in some populist theories). As two observers, Dyer and Miles, remarked, 
“ The duration o f the MJS77 Project is about ten years and may represent 
the only foreseeable opportunity for some of these scientists to be involved 
in a planetary mission.” 5 Clearly a good part of the team members’ pro­
fessional lives and indeed of their scientific achievements was involved in 
the selection of good trajectories. Furthermore, the pairs of trajectories 
were o f widely different value. Trajectory pair 24, for example, was 
ranked first by team UVS, th ird by team RSS, and thirty-second by 
teams LECP, M AG , and PRA.

The teams were given approximately one month to analyze the rela­
tive merits of the 32 pairs by mail and telephone, and then they were as­
sembled physically for two days to carry through the actual ordinal 
rankings and to derive cardinal utilities. The result is, I believe, a thought­
ful and careful ordering o f preferences, more thoughtful and careful than 
is usually found in political decisions. Furthermore, the teams were iso­
lated from each other when they measured their preferences, so it  was not 
possible to report their preferences falsely in order to exploit intransi­
tivities and other anomalies in the sum of other teams’ preferences. Hence 
we can interpret the data as an honest, nonstrategic expression o f the 
voters’ (i.e., the teams’) true tastes.

The data on preferences is set forth in Display 2-5. Using this data. 
Dyer and Miles applied four well-known and well-rationalized methods of 
summation:

1. Sum o f o rd ina l ranks comparison. This method involves summing, for 
each pair o f trajectories, the rank orders given that pair by each o f the 
teams. This is an adaptation o f the Borda method o f rank order com­
parison, named after its eighteenth-century inventor.

2. Sum o f cardinal u tilitie s  comparison. This method consists o f sum­
ming, for each alternative, the cardinal utilities assigned to it by each 
team. The alternative with the highest sum is the winner. This can be 
called the Bentham winner, after Jeremy Bentham, the nineteenth- 
century philosopher who advocated “ utilitarianism.”

2.B. Evidence from Experiment 31

I-

*

?

;
f;

:

\
;;

X

‘

.
i

3. M u ltip lica tive  cardinal u tilitie s  comparison. This method consists of 
multiplying, for each alternative, the cardinal utilities assigned to it by 
each team. The winner is the alternative with the highest product and 
is called the Nash winner after the contemporary mathematician who 
proposed it.

4. O rdinal pairw ise comparison. This method (see Display 2-6) involves 
setting each alternative (in this case, pairs o f trajectories) against each 
other alternative in a head-to-head vote by simple majority rule. I f  any 
alternative can defeat each o f the others by a simple majority, it is the 
Condorcet winner, so named after the eighteenth-century philosopher 
who first proposed this method.

By the Condorcet standard, pair 26 was the clear winner, for, as 
partially indicated in Display 2-6, it  defeats all others in a head-to-head 
contest. Notice that team IR IS  ranks pair 26 second and pair 31 third. 
Hence in pairwise voting between 26 and 31, IR IS  should (and did) vote 
for pair 26.

By the Borda method of summing ranks, pair 31 won. By the 
Bentham method of adding utilities, pair 26 again won, while by the Nash 
method of multiplying utilities number 31 won a second time. Finally, 
although plurality voting probably ought not to be taken seriously in this 
case, pair 25 and pair 27 were tied, each with two first-place votes. Never­
theless, ignoring the plurality outcome, with four methods, each o f which 
can be supported by strong and persuasive arguments, there are two dis­
tinct winners, each of which wins twice. Which one ought to be regarded 
as the “ true” winner? I cannot say, and I think it  is difficult to produce a 
convincing argument either for pair 26 or for pair 31. The best that one 
could possibly say is that probably one o f these two pairs should have been 
chosen. Actually, the Jet Propulsion Laboratory, after some adjustment 
and improvement of pair 26, persuaded the teams to adopt it. But, as Dyer 
and Miles point out, i f  pair 31 had been sim ilarly improved, it  m ight just 
as easily have been chosen.

This example of real decision-making, the only one known to me in 
which fu ll information on preferences was collected from real decision­
makers, reveals the fundamental ambiguity in methods of summarizing 
preferences.6 This example demonstrates that, even i f  an omniscient ob­
server, call him Zeus, knew the true tastes of every voter, it would still be 
impossible for him to predict the social choice or the product o f aggregat­
ing preferences unless he also knew the method of aggregation. This 
means that the social choice depends not simply on the wills of individ­
uals, but also on the method used to summarize these wills.

i



Display 2-5 (*»

Ranking and Utilities of Ten Trajectory Pairs < 
According to the Borda, Bentham, and Nash Methods

O
►*»AHft
Q

Trajectory
pair

Borda method: 
Ordinal utility

Bentham method: 
Additive cardinal utility

Nash method: ^  
Multiplicative cardinal utility

Social
ordering

Sum of 
team’s rank 

numbers
Social

ordering

Sum of team’s 
cardinal 
utilities

Social
ordering

Product of ngo
cardinal
utilities o

31 1 67.0 2 8.87 1 0.2703 «
29 2 75.0 3 8.75 3 0.2340 ?
26 3 75.5 1 8.89 2 0.2701 .*
27 4 100.0 4 8.56 4 0.1738 2
5 5 111.5 6 7.91 6 0.0796 J

25 6 113.0 5 8.22 5 0.1124 »
35 7 120.0 7 7.57 8 0.0524 g
17 8 131.0 10 7.38 10 0.0399
8 9 134.5 8 7.55 7 0.0537

10 10 136.5 12 7.28 12 0.0310

Adapted from James S. Dyer and Ralph E. Miles, Jr., “ An Actual Application of Collective Choice Theory to the Selection of Trajectories for the Mariner 
Jupiter/Saturn 1977 Project,” Operations Research, Vol. 24 (March 1976), pp. 220-244.

By the Borda method, each team ranks the 32 pairs first, second, etc., on to thirty-second. Then, for each alternative, the 
ranks are summed. The winner is the pair with the lowest sum, here pair 31, which has a sum of 67. (The minimum sum would 
be 10, i f  each team ranked the same alternative first. Display 2-9 contains an example of the Borda calculation in reverse 
ranking.)

To use the Bentham and Nash methods, the rank orders by each team are transformed to a cardinal scale, using 1 for 
the highest rank and zero for the lowest rank. Then, for the Bentham method, the cardinal numbers are summed for each 
alternative, while for the Nash method they are multiplied. The maximum values, which would occur i f  each of the ten teams 
put the same trajectory pair in first place, are 10 under the Bentham method (i.e., 1 +  1 +  .. . +  1 =  10) and 1 under the 
Nash method (i.e., 1 • 1 • . . .  • 1 =  1). The minimum values, i f  each team put the same trajectory pair in last place, are zero in 
both cases. N
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Display 1-6

t

i

Ordinal Pairwise Comparison of Four Trajectory Pairs 
Ranked Highest by the Borda, Bentham, and Nash Methods

T eam s' O rd in a l R a n k  N u m b e rs *

Trajectory
pair RSS IRIS ISS PPS UVS CRS LECP MAG PLS PRA

31 20.5 3.0 5.0 8.5 6.0 8.0 4.0 3.0 4.0 5.0
29 20.5 5.0 19.0 6.5 9.0 3.0 2.0 2.0 4.0 4.0
26 20.5 2.0 10.0 11.0 7.0 17.5 3.0 1.0 1.5 2.0
27 20.5 1.0 30.0 16.0 3.0 17.5 1.0 4.0 4.0 3.0

PUSH* nm

C a lc u la t io n  o f  th e  C o n d o rc e t W in n e r :  P a irw is e  V o t in g *

Contest Contest Contest

Pair Pair Pair Pair Pair Pair
26 vs. 31 26 vs. 29 26 vs. 27

IRIS ISS IRIS PPS ISS IRIS
LECP PPS ISS CRS PPS UVS
MAG UVS UVS LECP MAG LECP
PLS CRS MAG PLS
PRA PLS PRA

PRA

•Adapted from James S. Dyer and Ralph E. Miles, Jr., “ An Actual Application of Collective Choice Theory to the Selection of Trajectories for the Mariner 
1977 Jupiter/Saturn Project,”  Operations Research, Vol. 24 (March 1976), pp. 220-244.
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I have been very much impressed w ith this deep ambiguity; and, as 
an additional exercise in demonstrating the defects o f voting, I  have con­
cocted an imaginary voting situation with five alternatives. This imagi­
nary, but nevertheless disconcerting, situation is set forth in Display 2-7. 
Each column shows the preference order of a single voter. The most- 
preferred alternative is at the top o f the column, and the least-preferred 
alternative is at the bottom. The voter’s cardinal u tility  for each alterna­
tive is in parentheses.

Notice that the plurality winner is alternative b, which is supported 
in first place by voters 4 and 5, or 40 percent of the voters. The Condorcet 
winner is alternative a. I t  wins in a head-to-head vote against each o f the 
others, as shown in Display 2-8. By the Borda method, alternative b wins 
again as shown in Display 2-9. (Dyer and Miles inverted the Borda scale 
to simplify arithmetic for a large number of alternatives. Usually, how­
ever, the Borda count, for n alternatives, gives n — 1 points to a voter’s 
first choice, n — 2 to his or her second choice, on down to zero points for 
the last choice. The winner is the alternative with the most points.) The 
Bentham winner (by additive cardinal u tility ) is alternative d, as shown 
in Display 2-10. And, finally, the Nash winner (the product o f cardinal 
utilities) is alternative e. The Nash winner is calculated from the data in 
Display 2-9, except that the utilities in each row are multiplied together 
instead of summed. (For example, in the first row 1.00 X  .61 X  -70 X  
.75 X  .60 =  .192150.) The products for each row are:

a. .19215

b. .19800

c. .07700

d . .20250

e. .20956

O f the five alternatives, a, b, c, d, and e, every one except c wins by 
some defensible method o f aggregating preferences. Clearly, the outcome 
is just as much a function o f the method as it is o f the underlying tastes.

* * *

I  have discussed a variety o f methods o f voting, methods in use in differ­
ent cultures and in different kinds o f social circumstances. In each exam­
ple, alternative methods do not agree on the social choice, thereby sug­
gesting doubts about the quality o f the process o f amalgamation. By 
reason o f the variety, it is clear that something more general is involved
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Display 2-8

Calculation of tlie Condorcet Winner 
for the Five-Person Society of Display 2-7

Number of Votes for the Alternative in the Row 
when Placed in Contest against the 

Alternative in the Column

a b c d e

— 3 3 3 3 (Condorcet winner)
2 — 4 3 4

C 2 1 — 2 1
d 2 2 3 — 3
e 2 1 4 2 —

Since alternative a (top row) has a majority over each o f the other 
alternatives, it  is the Condorcet winner.

than a mere locally idiosyncratic feature o f the process. I  have not yet 
investigated the characteristics o f the methods or attempted to judge their 
merits; yet each method has been recommended because it  is believed to 
be appropriate and justifiable. We are thus driven to ask: Is there one 
method (and hence outcome) that ough t to be chosen? In these examples 
I think that even Zeus, with, presumably, perfect knowledge o f voters’ 
tastes, could not predict the social choice. And i f  Zeus were required to 
impose some method o f summation, which method would he say was 
morally right or even merely technically correct? I  do not know, and, i f  
Zeus existed, I  doubt very much i f  he would know either. In the next two 
chapters, I  w ill try to instruct him about how to choose.

i  r
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3
Simple Majority Decision

The examples o f Chapter 2 clearly indicate that different methods of 
summarizing the same underlying structure o f preference produce differ­
ent social choices. S till, this fact need not cause problems for democratic 
theory i f  one method o f aggregation is clearly superior to all others. And, 
as i t  happens, there is one that is quite attractive and perhaps appears 
better than others— namely, simple majority decision when there are ex­
actly two alternatives.

The procedure does have highly desirable properties, and one reason 
that most people are indifferent to the defects in voting may be that they 
believe that simple majority rule over two alternatives is in use most o f the 
time. I f  this belief were correct, popular indifference would probably be 
justified. Unfortunately, simple majority rule displays its most desirable 
properties only when there are exactly two alternatives, and nature hardly 
ever offers us binary choices. We have, o f course, many institutions, like 
primary elections, to reduce alternatives to exactly two. But simply be­
cause we force ourselves into a binary choice should not obscure the fact 
that we really start out with many alternatives and that we can never be 
certain that our institutions have narrowed the choice down to the right 
pair for us to choose between.

Rare as its natural occurrence is, however, simple majority decision 
is still very attractive, which is why some people want to realize it  in 
institutions. In this chapter, therefore, I  w ill explain in detail why it  is 
attractive. Then, in conclusion, I  w ill describe the tradition o f democratic 
thought devoted to institutionalizing it. But I  w ill also show that simple 
majority decision cannot be institutionalized without violating fundamen­
tal notions of fairness.

In this chapter and the next two, i t  w ill be necessary to define a 
number of technical terms in order to reveal some o f the deep meaning of

41



42 Simple M ajority Decision

the issues raised. D e fin itions w il l  a lways be stated in  the text. Form al 
statements— i f  usefu l— w ill  be placed in  the Notes. Since th is  is an in tro ­
duc to ry  discussion, no proofs o f  fo rm a l theorems w il l  be given.

3<A. Introductory Definitions

In  section l . H  several p r im itiv e  notions were in troduced. I  w il l
e laborate them  here and in troduce  a few m ore . 1

1. A  set, X  — ( x , y , . . .), o f  a lternatives, w h ich  can be m otions, candi­
dates, p la tfo rm s, bundles o f goods, and so on. Since in  th is  chapter the 
concern is w ith  s im ple m a jo r ity  choice between pairs, the set X  w ill 
here be lim ite d  to  exactly  tw o  members, X  =  ( x , y ) ;  la te r i t  m ay be 
in de fin ite ly  o r even in fin ite ly  large. H ere , x  and y  m ay be though t o f  as 
tw o candidates ( x  is, say, candidate A , and y  is then candidate B ) o r as 
yea or nay votes on a m otion  (x  is fo r yea, and y  is fo r nay).

2. A  set, TV =  (1 , 2 , of  people, w h ich  is a society o f  n members or 
e lig ib le  pa rtic ipan ts , where i is any one o f the n members, th a t is, i  =  1 

o r 2  o r . . .  o r n.

3. For each i, a re la tion , Pit o f  preference over X . Each P, is asym m etric: 
I f  a jud g m e n t is made between x  and y , then e ithe r x  Pt y  o r y  Pt x  bu t 
no t both. N o tice  th a t P, need not be com plete so th a t, fo r  some x  and y  
in  X , ne ither x P t y  nor y  P, x .

4. For each i ,  a re la tion , /, , o f ind ifference, w h ich , given a judgm en t 
between x  and y , is defined as: no t (jc f * y )  and not ( y  f* x ) . H ence I  is 
sym m etric : i f  x  I, y , then y  I t x .

5. For each i, a re la tion , R „  o f P, and I, com bined, w hich is defined as: 
x  R ,y  is equ ivalent to  not ( y  P, x ) .2 N o tice  th a t R , is com plete so th a t 
e ithe r x  R, y  o r y  R, x.

6. The concept o f a social choice, C (X ) , where C (X )  =  z means “ W hen 
the society fo llow s a given ru le  fo r  choosing, the choice fro m  X  is z .”  I f  
the context does not make c lear the ru le  being fo llow ed, say, s im ple 
m a jo rity  (S M ) or p lu ra lity  ( P ), then the ru le  in  use w il l  be ind icated as 
a subscript to  C, thus: CSM( X )  or CP{X ) .

I t  is a de licate  m a tte r to  determ ine ju s t w hat Piy I „  and R, involve.
One possible in te rp re ta tio n  is th a t they re fer to  p riva te  ind iv idua l ju d g ­
ments. We learn o f such judgm ents, however, on ly th rough  th e ir pub lic
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expression, as when a person says, “ I  like  y  be tte r than x , "  o r when a 
person votes fo r  x . U n fo rtu n a te ly , p ub lic  expressions m ay or m ay not 
tru ly  re flect p riva te  judgm ents. A  person m ay dissemble opin ions, fo r 
s tra teg ic reasons, and perhaps vote co n tra ry  to  tru e  tastes (e ithe r because 
o f being m an ipu la ted  or because o f try in g  to  m an ipu la te ). I t  is no t qu ite  
clear, therefore, ju s t w ha t the statem ent x P (y  means. For convenience I 
w il l  adopt th is  convention: Except when I  expressly note th a t p riva te  ju d g ­
m ent and pub lic  action  m ay d iffe r, I  shall equate the  tw o. Hence x  P, y  
w il l  mean both priva te  preference fo r x  over y  and the pub lic  (though  
possibly secret) act o f vo ting  fo r  x ,  and x  I ,  y  w il l  mean bo th  p riva te  in d if­
ference and abstention fro m  voting .

For each i in  TV, there is a s truc tu re , D „  o f  in d iv id u a l ju d g m e n t over 
the members o f  X . In  the tw o -a lte rna tive  case, A  is ju s t one o f  x P ,y ,  
x  I t y , o r y  P, x . These fo rm s can be represented conven ien tly  by the in te ­
gers ( 1 , 0 , — 1 ):

A -  1 means x P t y

A  =  0 means x h y

A  =  - i means y  Pi x. (3 -1)

For the w hole set TV, there is a vector, A  o f a ll the  in d iv id u a l judgm ents, 
where D  =  (A . D 2, . . . .  Dn). U s ing  (3 -1 ), some pro file , D , o f a society 
m ay be though t o f as a s tr in g  o f integers chosen fro m  ( 1 , 0 , — 1 ) , where 
each integer stands fo r an in d iv id u a l judgm en t. For exam ple, on a five- 
person com m ittee , where the firs t, fo u r th , and f i f th  members favo r and 
vote fo r a m otion , the second is undecided and abstains, and the th ird  
opposes and votes against, D  =  (1 ,0 , — 1, 1, 1). F in a lly , the vector D  is a 
m em ber o f a set D , w h ich  is the set o f  a ll possible social profiles. For 
example, i f  TV consists o f tw o  people ( th a t is, n =  2 ), then D  is as set fo r th  
in  D isp lay 3-1.

Thus, D t is some p a rticu la r person’s preference or values, D  is the 
pro file  on a p a rticu la r occasion o f  the preference or value s truc tu re  o f  a ll 
members o f the society, TV, and D  is the set o f  a ll possible social profiles 
th a t TV m ig h t display.

Inasm uch as our concern is w ith  some k ind  o f soc ia l choice, based 
u ltim a te ly  on in d iv id u a l ju dgm en t, there m ust be a ru le  by w h ich  the  A  in  
each D  are am algam ated. T h is  ru le  is a func tion , F , w h ich  is stated in  
com plete fo rm  so th a t i t  can operate on any D  in  D . The social choice 
fro m  X , g iven D  and F , is re fe rred  to  as F (X , D ). I  w il l  abbrevia te  th is  to  
F (D ). N o te  th a t F (D ) is thus a special case o f  C (X ) , special in  the  sense 
th a t a p ro file , D , and a ru le , F , are s tipu la ted . For the case where X  has
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Display 3-1

Members of D for Two Persons

f ( l ,  1 ). ( 0 , 1 ), ( - 1 , 1 )
D  =  (1 ,0 ) ,  (0 ,0 ) ,  ( - 1 , 0 )

1(1, - i ) ,  (0, - 1 ) , ( - 1 ,  - 1 )

Each pa ir o f  Z>, in parentheses indicates a possible choice by the tw o 
voters. Thus (0, 1) means th a t D ] =  0 ( fo r  x  / ,  y )  and D 2 =  1 ( fo r  x  P2y ). 
The set o f n ine possib ilities in  large brackets is a ll possib ilities o f D .

ju s t tw o  members, I  define F (D )  pa ra lle l to  the in te rp re ta tion  o f D ,:

F {D ) =  1 means x  is the social choice fro m  X  by F , given D.

F (D )  =  0 means x  and y  tie  and are together the social choice by F  
from  X , given D . (M a n y  rules o f am algam ation  do not ex­
clude ties. P ractica lly , however, there are usually ad hoc 
rules to break ties— tossing coins, extra  votes fo r presid ing 
officers, etc.— w hich  have noth ing to  do w ith  the am alga­
m ation  itse lf.)

F (D ) =  — 1 means y  is the social choice by F  fro m  X , given D.
(3-2)

O bviously, there are a large num ber o f possible rules or functions. To con­
vey a sense o f the w ide varie ty , I  w il l  lis t a few  to  be discussed:

1. Constant fu n c tio n s
a. Indecisive, x  and y  a lways tie , regardless o f  the ind iv idua ls ’ p re fe r­

ences in D ; th a t is, F (D )  =  0, fo r  a ll D  in  D .
b. Im posed, x  (o r y )  a lways w ins, regardless o f  the ind iv idua ls ’ p re fe r­

ences in D ; th a t is, F (D )  =  1 (o r — 1), fo r  a ll D  in  D .

2. S im p le  m a jo r ity  fu n c tio n s . T h a t a lte rna tive  w ins w h ich  has more votes 
than the o ther (or, i f  the num ber o f voters is even, a lternatives m ay 
tie ), where members o f N  m ay vote or abstain. M a n y  varia tions can be
obta ined by w e igh ting  votes and decla ring  the w inner to  be th a t a lte r­
native w ith  the greater sum o f weights.
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3. A bso lu te  m a jo r ity  fu n c tio n s . T h a t a lte rna tive  w ins w h ich  has m ore 
votes (o r w eights) than  h a lf  o f  the  to ta l votes or w eights in  TV, w ith  
abstention pe rm itted  o r no t pe rm itted  as the  case m ay be.

4. S pec ia l m a jo r ity  fu n c tio n s . T h a t a lte rna tive  w ins w h ich  has m ore than 
some specified p ropo rtion  o f the votes o r w eights (e.g., ra tios like  2 /3  
o r 3/4 ) ,  when the  p ropo rtion  is ca lcu la ted  fro m  those vo tin g  o r fro m  a ll 
members o f  N .

3.B. Properties of Simple 
Majority Decision: Monotonicity

T he  m ethod o f  s im ple  m a jo r ity  decision, in  w h ich  voters are 
w eighted equa lly  and in  w h ich  they can e ithe r vote or absta in , is defined 
thus: I f  m ore people vote fo r x  than fo r y , x  w ins; i f  the  same num ber vote 
fo r x  and y ,  they tie ; and i f  m ore vote fo r y  than fo r x ,  y  w ins. U sing  the 
te rm ino logy o f  D „  i f  the  sum  o f  the  D , in  D  is g rea ter than  zero, x  w ins; i f  
equal to  zero, x  and y  tie ; and i f  less than  zero, y  w ins . * 1 2 3 T he  m ethod has 
three independent properties— m onoton ic ity , und ifferentia tedness, and 
ne u tra lity . A n  exam ina tion  o f each o f them  w il l  p e rm it a fu l l  apprecia tion  
o f th is  ru le . 4

By m o no ton ic ity  is m eant th a t an increase in  the  value o f some D, 
im p lies an increase, Or a t least no t a decrease, in  the  va lue o f F (D ) . T h a t 
is, i f  one or m ore voters change preference in  a d ire c tio n  favorab le  to  x  
(i.e., change fro m  favo ring  y  e ithe r to  being in d iffe re n t between x  and y  
or to  favo ring  x , o r change fro m  being in d iffe re n t to  favo ring  x ) ,  then the 
resu lting  change, i f  any, in  the  fa te  o f  x  should be an im provem ent fo r x .

M o n o to n ic ity  is an especially im p o rta n t fea tu re  o f any decision ru le  
th a t amalgam ates in d iv id u a l tastes in to  a social outcom e. I t  w ou ld  be 
perverse in  the  extrem e i f  increased votes fo r an a lte rna tive  con tribu ted  to  
its  defeat. Consequently, i t  seems an e lem entary requ irem ent o f  sensible 
and fa ir  choice th a t the  decision ru le  respond positive ly, o r a t least non- 
negatively, to  increases in  in d iv id u a l va lua tion  o f an a lte rna tive . T h is  is 
precisely w ha t m ono ton ic ity  (or, as i t  is sometimes ca lled, responsiveness 
or nonpervers ity) provides for. D esirab le  as m o no ton ic ity  m ay seem, how­
ever, there are, qu ite  su rp ris ing ly , a num ber o f w ide ly  used social choice 
functions th a t fa i l  to  sa tis fy  it .

To define m onoton ic ity , consider some D  and D ' bo th  in  D . They 
m ay be iden tica l; bu t fo r every i  in  TV, Z>, > : D \. S pecifica lly , any change 
fro m  D ' to  D  involves a change, fo r one or m ore i, in  the  d ire c tio n  o f fa -
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voring  x  over y . Thus, fo r any person, /, whose values change, i f  D \ =  — 1 
(i.e ., y  P ,x ), then D, =  0 o r 1; o r i f  D ' =  0 (i.e ., x  I , y ) ,  then A  =  1. Th is  
means tha t, fo r the w hole society, the sum o f  D , is equal to  o r g rea ter than 
the sum o f D '„ because, i f  any change occurs from  D\ to  D „  i t  m ust 
increase the sum o f  D, re la tive  to  D\. Hence m ono ton ic ity  fo r a ru le , F, 
means th a t i f  some D, increases over D-, then F (D )  is no t less than F (D ') .S

To state th is  d e fin ition  in  another way, suppose an a lte rna tive  is 
rendered m ore pre ferred  in  p riva te  ju d g m e n t and in d iv id u a l vo ting . Then, 
i f  any change in  outcom e results, th a t change m ust no t h u rt the a lte rna ­
tive  th a t has come to  be m ore a ttrac tive . B u t, o f  course, no change in 
outcom e need resu lt. Indeed, th is  cond ition  on F  does a llow  fo r a w ide 
range o f  ties and hence fo r  a w ide range o f s ituations in  w h ich , despite 
sh ifts  in  preference or va lua tion , no change in  outcom e results. Specifi­
ca lly  i t  m ig h t happen, fo r an F  sa tis fy ing  equation (N 3 .2 ) (see note 5 ),*  
th a t some person changes D ] =  0 to  D,■ — 1, yet nevertheless F (D ')  =  
F (D )  =  0. T h is  means th a t an in d iv id u a l va lua tion  o f  x  rises, b u t the tie  
between x  and y  is not broken.

A  com m only used m ethod o f  social choice th a t displays such a w ide 
range o f  ties is the ru le  used on ju ries . For a ju ry , where x  means convic­
tio n  and y  means a cq u itta l, the  ju ry  fu nc tion  is the ru le  th a t x  o r y  w ins 
on ly  i f  the ju ry  is unanim ous and th a t o therw ise x  and y  tie  in a hung 
ju r y . 6  For th is  F  in  s itua tion  D ' the ju ry  m ig h t be s p lit n ine to  three fo r 
convic tion  (i.e ., , D \ =  6 ). Then to  create s itua tion  D  some ju ro r, i,
m ig h t sw itch  fro m  a cq u itta l to  convic tion  so th a t D \ =  — 1 and A  =  1. 
(Consequently, 2 "_ , D , =  8 .) B u t the ju ry  w ould  s til l be hung, so F (D ')  =  
F (D ) =  0.

In  s im ple m a jo r ity  decision, ties are not so persistent, w h ich  is one o f 
the  m erits , I  believe, o f  th is  ru le  fo r la rge electorates. To describe s im ple 
m a jo r ity  decision, therefore, one needs the  notion o f  s trong  m ono ton ic ity : 
I f  a tie  exists and ju s t one vo ter sh ifts  his o r her position, the tie  is 
b roken . 7  Thus, i f  ju s t one person sh ifts  fro m  absta in ing (A  =  0) to voting 
(A  =  1 or — 1 ), strong m ono ton ic ity  requires th a t the tie  be broken, 
provided no one else changes a vote. O n, fo r example, a seven-member 
com m ittee  w ith  six members present and sp lit three to  three on election 
o f  a cha irm an, the  absent m em ber w ill,  when brough t in  to  vote, break 
the  tie .

A s  th is  exam ple indicates, s im ple m a jo r ity  vo ting  is s trong ly  mono­
ton ic  because a single person can a lways break a tie  i f  no one else changes. 
T he  ju ry  ru le, w h ile  m onoton ic, is no t s trong ly  m onoton ic, because 
changes by several persons m ay be requ ired  to  break a tie.

*The prefix “ N "  indicates that the equation appears in the Notes at the back o f the book.
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3.C. Violations of Monotonicity

G iven the fundam enta l im portance o f m ono ton ic ity  fo r constructing  
a consistent re la tion  between in d iv id u a l va lua tions and social outcomes, i t  
is tru ly  astonishing th a t several w ide ly  used social choice functions v io la te  
th is  cond ition . A lth o u g h  v io la to rs  are probab ly  ra re  when restric ted  to 
b ina ry  choice— I shall, however, o ffe r one exam ple— they are qu ite  com ­
mon among functions th a t operate on m ore than tw o a lternatives, and I 
shall describe several.

Social Choices Operating on Two Alternatives

One w ide ly  used m ethod o f  choosing a w inne r in  contests o f  m usical 
perform ance violates a cond ition  o f  unan im ity . S ince u n a n im ity  is closely 
re lated to and im p lied  by m onoton ic ity , a v io la tio n  o f u n a n im ity  also con­
stitu tes a v io la tion  o f m onoton ic ity . There  are tw o fo rm s o f the u n a n im ity  
cond ition : ( 1 ) unan im ity , w h ich  means tha t, i f  everyone favors x , then x  
w ins (and vice versa fo r y ) \ and ( 2 ) weak unan im ity , w h ich  means th a t, i f  
everyone favors x , a t least y  does not w in  (and vice versa fo r 7 ).* For F  
nonconstant and a d m itt in g  values o f  1 , 0 , and — 1 , strong m ono ton ic ity  
im plies u n a n im ity  and m ono ton ic ity  im plies w eak unan im ity , so fo rm s o f 
u n a n im ity  are special cases o f fo rm s o f m onoton ic ity . T h is  is as i t  should 
be, fo r there is a congruence o f sense between the tw o conditions. C er­
ta in ly , i f  we believe th a t im prov ing  the priva te  va lua tion  o f an a lte rna tive  
ough t not to  make it  worse o ff (m o n o to n ic ity ), then a unanim ous p re fe r­
ence fo r th a t a lte rna tive  ought to  guarantee th a t i t  not lose (weak 
u n a n im ity ).

In  ju d g in g  performances in  m usical contests, the fo llo w in g  ru le  is 
o ften  used: For n judges and m perform ers (here I present an exam ple 
w ith  m =  2 to preserve b ina ry  choice and n =  3 to save a rith m e tic , 
though typ ica lly  m  and n are both m uch la rg e r), each judge  awards each 
perfo rm er fro m  1 to 25 po in ts . 9  For each perfo rm er, the judges’ awards 
are ordered fro m  highest to lowest, the m edian aw ard is determ ined, any 
awards in  excess o f 8  points d ifference fro m  the m edian are discarded, 
and the rem a in ing  points are summed. The pe rfo rm er w ith  the highest 
sum wins. U nder th is ru le  i t  is possible fo r a perfo rm er w ho is unan i­
m ously preferred to lose.

L e t three judges aw ard tw o perform ers points as shown in  D isp lay  
3-2. Each judge  prefers A  to B, yet B w ins in  clear v io la tio n  o f weak 
u n a n im ity  and m onoton ic ity . To see these v io la tions, suppose judge  3 had 
given perfo rm er A  on ly 7 points, w ith  a ll o ther points the same. S ince 
judge  3’s points fo r A  w ould  not count, B w ould  w in . I f  judge  3 increased
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Display 3-2

Voting in a Musical Contest

Perform er A Perform er B

Judge 1 15 1 0

Judge 2 16 1 0

Judge 3 25* 15
T ota l 31 35

•Excluded from the total because it exceeds the 
median, 16, by more than 8 points.

the points fo r A  to  8  on up to  24, A  w ould  w in . B u t as judge  3 increases 
A 's  points to  25, A  tu rns in to  a loser in  spite o f  the increased support and 
unanim ous preference.

Doubtless th is  ru le  was devised to  m in im ize  favo ritism  in  ju d g in g  
(o ften  judges in  such contests find  th e ir own students among the contend­
ers). Ign o rin g  ou tlie rs  appears, therefore, to  be an appropria te  remedy. 
Nevertheless, it  a llow s perverse results.

Social Choices Operating 
on More Than Two Alternatives

I t  has been shown th a t any social choice fu nc tion  p rov id ing  fo r 
the e lim in a tio n  o f a lte rna tives v io lates m ono ton ic ity . 10 O f  course, when 
X  has m ore than tw o  a lternatives, we m ust th in k  o f  m ono ton ic ity  in  a 
s lig h tly  d iffe ren t way. L e t F (D ) now mean the choices by F  fro m  X , given 
a p ro file  o f preference structures, D . I f  an a lte rna tive  x  is in  F (D ’) and 
D  d iffe rs  fro m  D ' on ly  in  th a t x  has risen in  some in d iv id u a l p re fer­
ence order(s) in  D  fro m  D ', then m ono ton ic ity  requires th a t x  be in  F (D ). 
T h a t is, a h igher ind iv idua l va lua tion  and m ore votes cannot h u rt an 
a lte rna tive .

Tw o vo ting  rules, by p rov id ing  fo r d ropp ing  a lternatives, v io la te  th is 
cond ition : ( 1 ) the  single transferab le  vote method o f  p ropo rtiona l repre­
sen ta tion ," used fo r na tiona l legislatures in  Ire land  and M a lta  and in 
loca l governm ents and priva te  societies in  most o f  the English-speaking 
w orld ; and (2 ) the two-stage m a jo r ity  system, cu rre n tly  used in  France 
fo r na tiona l elections and in  m any loca l p rim aries and elections in  the 
U n ite d  States.
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The ru le  fo r  the s ing le  trans fe rab le  vote m e thod  is: For d is tr ic ts  
w ith  S  seats and m  candidates (m  > : S ), the  voters, V  in  num ber, m a rk  
ba llo ts  fo r firs t choice, second choice, . . . ,  and m lh choice. A  quota, q, is 
ca lcu la ted thus:

q =  ( V / S +  1 ) +  1

and q is rounded down to  the largest in teger conta ined in  it.
I f  a candidate receives a t least q firs t-p lace  votes, he or she w ins, 

and any surplus votes (i.e ., the  num ber o f firs t-p lace  votes in  excess o f  q) 
are transferred  to  nonw inn ing  candidates in  p ropo rtion  to  the appearance 
o f these candidates in  next place on a ll ba llo ts fo r  the in it ia l w inner. 
A no the r candidate who then has q firs t-p lace  and reassigned votes w ins, 
and his o r her surplus is transfe rred  to  the next nonw inn ing  candidate on 
his o r her supporters’ ba llo ts  (aga in  in  p ropo rtion  to  th e ir appearance in  
next place) and so on u n til a ll seats are filled . I f  a t any po in t in  the process 
(in c lu d in g  the beginn ing) no candidate has q firs t-p lace  and reassigned 
votes, the candidate w ith  the  fewest firs t-p lace  and reassigned votes is 
e lim ina ted and a ll the ba llo ts  fo r her o r h im  are transferred  to  candidates 
in  the second (o r next) place on those ba llo ts ; and th is  is repeated u n til 
some candidate has q votes.

D oron and K ro n ick  have devised an exam ple in  w h ich  m o no ton ic ity  
is v io la ted  by th is  ru le . 12 In  D isp lay 3-3 tw o  seats are to  be filled  fro m  fo u r 
candidates by 26 voters, where q rounds down to  9. The tw o s itua tions, D ' 
and D , are iden tica l except tha t, fo r the tw o  voters, i, in  the th ird  row, 
D\ =  y  x  z w and D, =  x  y  z w. T h a t is, these tw o  voters increase th e ir 
va lua tion  o f  x  in  D  as against £>'. In  bo th  s itua tions, w has nine firs t-p lace  
votes and is in it ia l ly  elected. N o  surplus exists and no o ther candidate has 
enough firs t-p lace  votes to  w in . So in  both  s itua tions, the candidate w ith  
the  fewest firs t-p lace  votes m ust be e lim ina ted , and his o r her votes are 
transferred to  the  candidate in  second place on these ba llo ts. In  s itua tion  
D ', z is e lim ina ted  and his o r her five votes go to  x , w ho is elected w ith  
eleven votes. In  s itua tion  D , y  is e lim ina ted  and his o r her fo u r votes go to  
z, who is elected w ith  nine votes. In  going fro m  D ' to  D , x  has risen in  tw o 
preference orders and no th ing  else has changed. Since D  d iffe rs  fro m  D ' 
on ly  by tw o voters increasing th e ir  va lua tion  o f  x  in  D , i t  is a v io la tio n  o f 
m ono ton ic ity  th a t x , w h ich  won in D ' , loses in  D .

The same k ind  o f s itua tion  can arise in  two-stage m a jo r ity  vo ting , in  
w h ich , i f  no candidate receives an absolute m a jo r ity  o f  votes cast in  a firs t 
stage (w here m ore than tw o  candidates are o ffe red), then a ru n o ff elec­
tion  is held between the tw o  h ighest candidates. I f  voters re ta in  the  same 
preference structures between the tw o  elections, then the s itua tion  is lik e
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Display 3-3

A Profile of Preference Orderings 
in  Situations D' and D 

Using Single Transferable Vote

S itua tion  D '

N u m b e r F irs t Second T h ird Fourth
o f voters choice choice choice choice

9 w z X y
6 X y z W
2 y X z W
4 y z X w
5 Z X y w

S itu a tio n  D

N u m b e r 
o f voters

F irs t
choice

Second
choice

T h ird
choice

Fourth
choice

9 w z X y
6 X y z W
2 X y z w
4 y Z X w
5 Z X y w

Note, q = (Y/S +  1) +  1 -  (26 /3 ) +  1 =  9.67 = 9 (using the
customary procedure of rounding down).

Adapted from  Gideon Doron and Richard Kronick, “ Single Transferable Vote: An Example 
of a Perverse Social Choice Function,”  A m erican  Journal o f  Political Science, Vol. 21 (May 
1 9 7 7 ) ,  p p . 3 0 3 -3 1 1 .

the single transfe rab le  vote in  the  sense th a t voters in it ia l ly  supporting an 
e lim ina ted  candidate vote fo r the rem a in ing  candidate who stands h igher 
in  th e ir  preference orders. E xa c tly  the  same k in d  o f  perversities can arise 
as in the single transferab le  vote m ethod, a lthough, o f  course, the elec­
tions themselves never reveal enough data about preferences to  make the 
perverse outcomes v is ib le  to  the voters.
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M o n o to n ic ity  is p r im a r ily  a technica l requ irem ent th a t one w ould 
w an t to  impose on any vo ting  system. I f  we assume th a t the purpose o f 
vo ting  is to  am algam ate in d iv id u a l tastes in to  a social decision, then m o­
no to n ic ity  requires th a t vo ting  a c tu a lly  do so by coun ting  a ll in d iv id u a l 
judgm ents in  generating an outcom e. M o ra l (as d is tin c t fro m  techn ica l) 
considerations m ay arise in choosing between fo rm s o f  m onoton ic ity . For 
example, one m ig h t p re fer a tw o -th irds  m a jo r ity  (m onoton ic) to a s im ple 
m a jo rity  (s trong ly  m onoton ic) on e th ica l grounds. B u t th a t some k in d  o f 
m ono ton ic ity  be required is h a rd ly  a m ora l question. I t  is s im p ly  a 
s tra ig h tfo rw a rd  m a tte r o f m aking  the vo ting  system do w ha t i t  is sup­
posed to  do.

Theore tica lly , there fore , one should, on techn ica l grounds, re ject a ll 
nonm onotonic systems, a lthough  p ra c tica lly  com prom ise m ay be appro­
pria te . Two-stage m a jo r ity  ru le , though nonm onoton ic, m ay be bette r 
than the p lu ra lity  system i t  replaces. I t  is ha rd  to  believe there is any good 
ju s tifica tio n  fo r the  single transfe rab le  vote, however, when there exist 
p ropo rtiona l representation systems (such as l is t systems) th a t are a t least 
w eakly m onotonic. In  re jec ting  the single transferab le  vote, technica l con­
siderations ough t to dom inate.

3.D. Properties
of Simple Majority Decision: 
Undifferentiatedness (Anonymity)

As we tu rn  now to  o ther properties o f  s im ple m a jo r ity  decision, 
m ora l ra the r than technica l considerations dom inate. The p roperty  o f un- 
differentiatedness (o r anonym ity, as i t  is usua lly  ca lled) is imposed p r i­
m a rily  because o f preferences about p o lit ica l values, a lthough  the cond i­
tio n  its e lf is technical.

U ndifferentia tedness is o ften  said to  be the same as eq u a lity  and to 
em body the p rinc ip le  o f  “ one m an, one vote .”  A c tu a lly , however, i t  is the 
technica l cond ition  underly ing  equa lity  and is qu ite  d is tin c t fro m  equa lity . 
The best name fo r the cond ition  is undifferentia tedness because th is  is 
p r im a rily  w hat i t  provides— namely, th a t one vote cannot be d istinguished 
fro m  another. T h is  fea ture  allow s fo r  anonym ity , and a n onym ity  in  tu rn  
allow s fo r equality. In  the  next few  paragraphs, I  w il l  exp la in  the se­
quence fro m  techn ica l antecedent to  m ora l consequent.

Sometimes voters are c le a rly  d istinguished by the d iffe ren tia ted  
votes they cast. They may, fo r  exam ple, be assigned unequal num bers o f 
votes. These m ay be though t o f as weights, w „  where i =  1, 2 , . . . .  n. On
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the  N ew  Y o rk  C ity  Board o f  E stim ate , the  m ayor, com ptro lle r, and presi­
dent o f  the C ity  C ouncil each have fo u r votes, w h ile  the five borough 
presidents have tw o votes each. In  effect, each o ffic ia l’s judgm en t on a 
m otion  is m u ltip lie d  by the num ber o f assigned votes. Th is  fa c t can be 
described by w rit in g  D  =  (u^D ,, w2D 2, - .  - ,  wnDn), where wt > : 0. C a lcu ­
la tin g  the sum o f the weights, W, the ru le  fo r w eighted vo ting  is: T h a t 
a lte rna tive  wins w hich receives m ore than h a lf o f the sum o f the weighted 
votes; and, i f  both a lte rna tives get the  same weighted votes, they t ie . 13

N a tu ra lly , votes m ust be d iffe ren tia ted  fro m  each o ther so th a t 
vo te-counting w ill be accurate. One possible fo rm u la tio n  o f the cond ition  
o f undifferentia tedness is, therefore, th a t weights be equal: (w ,, w2, . . . ,  
w„) =  (1, 1 , . . . ,  1). T h is  fo rm u la tio n  is inadequate, however, because 
votes are also d iffe ren tia ted  by the roles the voters p lay in  the  system. For 
exam ple, in the U n ited  N a tions S ecurity  C ouncil, fo r a (substantive) m o­
tion  to pass, a ll five perm anent members (U S , U S S R , C h ina , B r ita in , 
France) m ust vote yea and so m ust fo u r o f  the ten tem porary  members. 
The perm anent mem bers’ righ ts  o f  veto c lea rly  requ ire  th a t th e ir votes be 
d iffe ren tia ted . Several scholars have transla ted rules fo r th is  sort o f  d iffe r­
en tia tion  in to  weights in  a weighted vo ting  system . 14 U n fo rtu n a te ly , the 
methods o f trans la tion  va ry  in  assumptions and therefore disagree in  re­
sults, sometimes w ild ly . 15 I t  seems to me wise, therefore, not to try  to 
reduce a ll d iffe ren ta tion  to a m a tte r o f unequal weights. Since roles as 
w e ll as weights requ ire  th a t votes be d iffe ren tia ted , i t  is essential th a t the 
de fin ition  o f und ifferentiatedness capture the fac t tha t ne ither makes a 
difference.

To do so, I  in troduce the notion o f  a pe rm u ta tio n . L e t (1 , 2 , . . . .  n) 
be a sequentia l arrangem ent o f n objects. One can rearrange them  by 
rep lacing the firs t ob ject in the sequence w ith  another ob ject (in c lu d in g  
possibly itse lf) , the second ob ject w ith  another, and so fo rth  th rough  the 
n"' object. I f  we s ign ify  the replacem ent its e lf w ith  <r(i) where a indicates 
the replacem ent and the subscrip t indicates the ob ject replaced, a perm u­
ta tio n  o f (1, 2 , . . . .  n) is then a new arrangem ent: (<r(l), <r(2), . . . ,  <r(n)). For 
example, i f  the in it ia l arrangem ent is (1, 2, 3) and <r(l) =  2, <r(2) =  1, and 
<r(3) =  3, then the pe rm u ta tion  is (2 , 1, 3).

U ndifferentia tedness is the  cond ition  th a t any pe rm u ta tion  o f  a 
set o f ind iv idua l judgm ents leads to  the  same social choice . 16 Th is  means 
th a t the votes cannot be d iffe ren tia ted  e ithe r in  w e igh t o r in the roles 
played by the voters because i f  judgm ents are rearranged among voters in  
any way the same outcom e is produced. Thus, fo r example, on a five- 
m em ber com m ittee, undifferentiatedness requires F ( l ,  0, — 1, 1, 1) =  
F ( — 1, 1, 1 ,0 , 1). I f  we use sim ple m a jo r ity  ru le , F(Z>) =  1 fo r both these 
sequences.

3.D. Undifferentiatedness (Anonym ity) S3

U ndifferentia tedness provides the  techn ica l base fo r  an o n ym ity  bu t 
is not the  same th ing . Votes are und iffe ren tia ted , w h ile  voters are anony­
mous. Suppose in  some society und iffe ren tia ted  votes are bought and sold. 
Buyers do not care w h ich  votes they buy because votes are u n d iffe re n ti­
ated. Hence the purchase o f  k  in d iv id u a l judgm ents  in  one pe rm u ta tion  
produces the same outcom e as the purchase o f k  votes in  another perm u­
ta tion . Thus the  de fin ition  o f undifferentia tedness (w h ich  is also the usual 
de fin ition  o f anonym ity ) is satisfied. Nevertheless, in  th a t society voters 
cannot be anonymous because th e ir names are necessary fo r  enforcem ent 
o f  contracts.

Once votes are und iffe ren tia ted , however, i t  is possible to  detach 
names, and h is to rica lly  th is  is precisely w ha t happened. In  the  A n g lo - 
A m erican  tra d it io n , the content o f lega lly  und iffe ren tia ted  votes was, in  
the eighteenth and ea rly  n ineteenth centuries, recorded by the name o f 
the  voters in  po ll books. S ince th is  p ractice  was believed to  a d m it both 
co rrup tion  and coercion o f  voters, i t  g ra d u a lly  gave w ay to  p rin ted  ba llo ts. 
S ince the ba llo ts were produced and d is tr ib u te d  by p a rty  w orkers, they 
knew how voters voted, and co rru p tio n  and coercion were s t i l l  possible—  
and indeed widespread. F in a lly , the secret b a llo t, a la te -n ine teenth- 
cen tu ry  invention, e ffec tive ly  provided anonym ity . N o tice , however, th a t 
i t  was h is to rica lly  a necessary cond ition  o f a n onym ity  th a t votes be 
und iffe ren tia ted .

The same developm ent fro m  undifferentiatedness to a n onym ity  oc­
curred  in  a curious w ay in ancient A thens. As the selection o f o ffic ia ls  by 
he red ity  gave w ay to  election by lega lly  und iffe ren tia ted  voters, p o lit ica l 
leaders developed groups o f c lien ts whose votes they coerced. T w o  devices 
were then developed to p rovide anonym ity : M o s t o ffic ia ls  were selected by 
a lo tte ry , and the size o f  ju rie s , w h ich  decided m any p o lit ica l questions, 
was increased in  some cases to  sixteen hundred ju ro rs  whose votes were, 
presum ably, hard  to  supervise.

The m otive fo r  p rov id ing  a n onym ity  fo r persons w ho cast otherw ise 
und iffe ren tia ted  votes is a b e lie f in  the  e th ica l p rin c ip le  o f  equa lity , w h ich  
is especially a ttra c tive  to  leaders w ho have re la tive ly  few clients. Those 
who cast und iffe ren tia ted  votes m ay no t be equal, fo r the  operative p r in c i­
ple can be “ one im p o rta n t m an, m any (c lien ts ’ ) votes; one c lien t, no per­
sona lly  decided vote.”  A n o n y m ity  perm its  th is  ru le  to change to “ one 
m an, one vote,”  because a ll voters can then have an equal personal im pac t 
on the outcom e (assum ing m o n o to n ic ity ). H ence i t  is the idea l o f  equa lity  
th a t (m o ra lly ) jus tifies  anonym ity , and i t  is the  fac t o f  anonym ity  th a t 
adm its the p ractice  o f equa lity .

W he the r i t  is desirable to  impose undifferentia tedness and, fu rth e r, 
anonym ity  on a m ethod o f social choice depends on w hether one wants



54 Simple M ajority  Decision

to  achieve e q u a lity  o f  in fluence on outcomes. In  business corporations, 
where, presum ably, in fluence on outcomes is rough ly  p ropo rtiona l to  ow n­
ership, ne ither a n onym ity  nor d iffe re n tia tio n  is desired. In  representative 
bodies, leg is la tors are expected to  be lega lly  und iffe ren tia ted  bu t not 
anonymous. C itizens need to  know  how th e ir representatives vote. F u r­
therm ore, in  the operation o f p a rty  governm ent, legal u n d iffe ren tia tion  is 
replaced- by de facto  extra  w e igh ting  o f p a rty  leaders by g iv ing  them  the 
w eights o f d isc ip lined  backbenchers. Thus, p a rty  governm ent requires 
th a t nonanonym ous leg is la tors have iden tifiab le  (nonanonym ous) votes; 
b u t in  o rde r to  guarantee e q u a lity  o f  representation, these iden tifiab le  
votes m ust be und iffe ren tia ted . O n the o ther hand, fo r popu lar elections o f 
governm ent o ffic ia ls i t  is usua lly  desired th a t voters be treated equally, 
and fo r th is , und iffe ren tia ted  votes m ust also be cast by anonymous 
persons.

To illu s tra te  the s ignificance o f undifferentiatedness fo r equality, 
I  w il l  conclude w ith  a com parison and contrast o f  a system intended 
to  prom ote inequa lity— the so-called dem and-revealing process th a t 
T idem an and T u llo ck  have recen tly  proposed to  extend to  o rd in a ry  elec­
tions . 17 T h is  process was invented as a device to  m o tiva te  tru th fu l state­
ments o f the dem and fo r p u b lic  goods such as schools and arm ies. I t  
operates like  th is  when app lied  fo r m ore than tw o  voters on a b ina ry  
choice: Each voter, i,  o ffers to  pay money, m „  to  ob ta in  a preferred a lte r­
native, x  o r y . The am ounts fo r x  are summ ed over a ll w ho o ffe r to pay fo r 
x  in to  an S „  and s im ila r ly  fo r y  in to  an Sy. T he  a lte rna tive  w ith  the  largest 
sum  w ins. To m o tiva te  tru th fu lness, each person, j,  on the  w inn ing  side, 
say x , w ho offers to pay m ore than the m arg in  o f w inn ing— th a t is, when 
m, >  (Sx — Sy)— m ust pay a tax  o f the am ount o f  his o r her co n tr ib u tio n  
to  the v ic to ry  o f  x , w h ich  is [S , — (Sx — « ,.)], when th a t num ber is posi­
tive. T h is  ta x  is then destroyed. For example, suppose there are voters who 
o ffe r the  am ounts shown in  D isp lay  3-4.

Since Sx >  Sy, x  w ins. Person 2 m ust pay [Sj, — (Sx — m 2) ]  =  
10 — (15 — 12) =  $7, w h ich  is destroyed. (W ere the $7 given to  person 1 
and person 4 or used to  run  governm ent, the losers w ou ld  have a m otive 
to  b id  up to $14.99, w h ich  w ou ld  increase taxes on persons 2 and 3 
to  $14.98.) On the  o the r hand, since [S, — (Sx — m 3) ]  is negative (i.e., 
10 — (15 — 3) =  — 2), person 3 pays no tax  since x  w ou ld  w in  w ith o u t 
his o r her vote.

A  vo ter in  th is  process w ho offers m ore than his o r her true  va lu ­
a tion  on an a lte rna tive  m ay have to  pay a tax  h igher than his o r her true  
va lua tion . For example, i f  persons 1 and 4 each offered $ 8  to  m ake y  w in , 
they w ould each have to  pay a $7 tax, w h ich  is m ore than y  is re a lly  w o rth  
to  them . A  vo ter w ho offers less than his o r her true  va lua tion  risks losing.

3.D. Undifferentiatedness (Anonym ity)

Display 3-4

Tlie Demand-Revealing Process
for Two Alternatives

M oney O ffers, m „ fo r A lte rna tives  x  and y

X y

Person 1 — $ 5
Person 2 $ 1 2 —
Person 3 $ 3 —

Person 4 $ 5

T o ta l S’, - $15 Sy =  $ 1 0

In  e ither case, he or she is somewhat m otiva ted  to  te ll the exact tru th , i f  i t  
is know n . 18

As T idem an and T u llo ck  po in t ou t, th is  process is like  s im ple m a jo r­
i ty  ru le  w ith  secret ba llo ts  in  th a t an absta iner gets w hat the h igher b id ­
ders w ant, except when the absta iner decides to  vote and can change the 
outcom e and thus get w ha t he or she wants. There  the s im ila r ity  o f proce­
dures ends, a lthough  they share the goal o f  t ru th fu l reve la tion. B y  tre a t­
ing  voters anonym ously, s im ple m a jo r ity  decision by secret b a llo t is in ­
tended to m in im ize  coercion and co rrup tion  and thus a llow  voters to 
express the ir true  preferences, a lthough they m ay m isrepresent th e ir p re f­
erences i f  they find  do ing so to  th e ir  advantage. D em and-reve la tion is also 
aimed a t revealing true  preferences, b u t i t  operates by trea ting  voters un­
equally and re q u irin g  p ub lic  reve la tion. The tw o  systems are thus a t log­
gerheads, and the d ifference between them  is the m o ra l va lue placed 
on equality.

I t  seems to  me th a t the dem and-revealing process prom otes inequa l­
ity  in  tw o  ways:

1. Since u tilit ie s  fo r money d iffe r and since there fore  m ore prosperous 
people (o the r than m isers) are m ore lik e ly  to  o ffe r la rge  am ounts than 
are less prosperous people, dem and-reve la tion c lea rly  gives an advan­
tage to  the be tte r-o ff. Indeed i t  m ig h t be described as a m ethod to  
make w ea lth  count fo r more.
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2. D em and-revelation adm its and encourages coercion because the w in ­
ners’ tax  depends on the size o f the losers’ bids, w h ich  are necessarily 
revealed. (A s  pointed out in  note 18, the tax  is zero when Sx >  Sy and, 
fo r  a ll /  who have x  f y ,  m,- >  Sy. S ure ly  th is is an in v ita tio n  to in t im i­
da tion  and coercion o f exactly  the sort th a t the secret b a llo t was in ­
tended to  m in im ize .)

The strength o f these forces tow ard  inequa lity  emphasizes by contrast ju s t 
how deeply und iffe ren tia ted  and anonymous vo ting  provides fo r  and is 
ju s tifie d  in  term s o f  the notion o f  equality. Observe th a t item  1 violates 
the c rite r io n  o f und iffe ren tia ted  votes and th a t item  2  vio lates the c rite ­
rio n  o f anonymous voters. T h is  jo in t  v io la tion  renders equa lity  impossible 
and thus reveals how equa lity  is b u ilt on the sequential layers o f und iffe r- 
entiatedness and anonym ity.

3.E. Properties of Simple 
Majority Decision.: Neutrality

The th ird  cond ition  o f s im ple m a jo r ity  decision is n e u tra lity  (or, as 
i t  is also know n, d u a lity ) ,  w h ich  means th a t the  m ethod does not favor 
e ithe r a lte rna tive . M a n y  decision rules give an advantage to  the status quo 
o r to  exped iting  m otions in  a com m ittee  (and there are often good reasons 
to  do so). By contrast, the cond ition  o f n e u tra lity , w h ich  seems especially 
app ropria te  fo r contests between candidates, provides th a t ne ither has an 
advantage.

One w ay o f cha rac te riz ing  th is  idea is to  note tha t, i f  ne ither a lte r­
native has an advantage, reversed preferences w il l  lead to a reversed re­
su lt. T h is  statem ent is not genera lly  true  o f ru les th a t favor one a lte rna ­
tive. For exam ple, under the tw o -th irds  ru le , where x  stands fo r the yea 
side, y  is advantaged because i t  can w in  w ith  no m ore than one -th ird  plus 
1 o f  the vote. Suppose y  does w in  m in im a lly  and then the in d iv id u a l 
judgm ents are reversed so th a t x  has one -th ird  plus 1 o f  the vote. S t i l l  y  
w ins. U nder s im ple m a jo r ity  ru le , however, i f  x  w ins m in im a lly  w ith  ju s t 
over h a lf o f the vote and preferences are reversed, y  w il l  have ju s t over 
h a lf  and w in . 19

One im p o rta n t fea ture  o f n e u tra lity  is th a t decision rules em bodying 
th is  cond ition  ty p ic a lly  a llow  fo r  ties. C onsequently th is  cond ition  is inap­
p rop ria te  when decisions m ust be made. Decisive rules, w hich do not ad­
m it ties and are not neu tra l, have there fore  a ro le  in  social choice. H ere  
are some examples o f decisive rules:
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1. S im p le  m a jo r ity  decision w ith  a ru le  f o r  b reak ing  ties. O rd in a r ily , 
under s im ple m a jo r ity  ru le , ne ithe r side w ins i f  the sum o f  D , is zero. 
B u t i f  there is a ru le  to  p ick  a w inner, then th a t a lte rna tive  has an 
advantage and the procedure is no t neu tra l. H e re  are tw o  examples o f 
com m only used w inne r-p ick ing  rules (w ith  th e ir  ra tiona les, some o f 
w h ich  appear dubious):
a. In  a leg is la tu re , when yeas and nays tie , nays w in . (R a tiona le : In  

the absence o f  a clear m a jo rity , the status quo ough t no t be 
changed.)

b. O n an appellate cou rt, on a m otion  to  reverse a low er co u rt decision, 
a tie  sustains the  low er c o u rt decision. T h is  ru le  favors the  a lte rna ­
tive  chosen by the low er cou rt. (R a tiona le : In  the  absence o f  a 
m a jo r ity  to  reverse, a low er co u rt decision ough t to  stand.)

2. M in o r ity  decision ru les. By these rules, i f  any num ber la rge r than a 
m in o r ity  o f  specified size approves, a m o tion  passes; otherw ise not. 
T y p ic a lly  these rules are in tended to  expedite procedure o r to  p ro tect 
m inorities . Tw o examples:
a. T he  cons titu tiona l requ irem ent th a t in  Congress o n e -fifth  o f  a 

house m ay order the record ing  o f the  yeas and nays.
b. The  ru le  th a t fo u r judges o f the Suprem e C o u rt can g ran t c e r t io ra r i 

(i.e ., they can force the  C o u rt to  hear a case).

3. S pec ia l m a jo r ity  decision ru les. U nde r these rules, i f  a m o tion  receives 
a specified special m a jo rity , say tw o -th ird s , o f  the  votes cast (o r possi­
b le ), i t  w ins; o therw ise not. A n  exam ple o f a re la tive  special m a jo r ity  is 
the ru le  fo r cons titu tiona l am endm ents in  Congress, where the m o tion  
to  subm it an am endm ent to  the  states passes w ith  the assent o f  tw o- 
th irds  o f the  votes cast. A n  exam ple o f  an absolute  special m a jo r ity  is 
the  ru le  th a t th ree-fourths o f  a ll the states is necessary to  ra t ify  an 
am endm ent. The m otive  fo r such rules is not so m uch to  fo rce  decision 
as i t  is to  p ro tect m ino ritie s  by supporting  the status quo. A n  extrem e 
fo rm  is unan im ity , the fam ous lib ru m  veto o f  the Polish D ie t, where i f  
D  =  ( 1 , 1 , . . . ,  1), then F (D ) — 1; otherw ise F (D ) =  — 1. T h is  ru le  
protects a m in o r ity  o f  one.

O n the other hand, where a decision is not abso lute ly necessary and 
where there is no m in o r ity  to  p ro tect, i t  is o ften  desirable to  use rules th a t 
sa tis fy  neu tra lity . Some o f  these are:

1. The ju r y  ru le . As described in section 3.B , u n a n im ity  results e ithe r in  
conviction  or in acq u itta l; a tie  is a m is tr ia l. The w ide  range o f ties
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protects the defendant, and ow ing to  the  existence o f ties the ru le  is 
neutra l.

2. S im p le  abso lute  m a jo r ity  decision w ith  no tie -b reak ing  ru le . Th is  
m ethod requires th a t the  w inne r get m ore than h a lf o f the possible 
votes. I f  ne ither a lte rna tive  does, they tie . T h is  ru le  is o ften  used on 
com m ittees such as c ity  councils, to  elect a chairperson, and, as is well 
know n, there is o ften  a deadlock when some m em ber abstains.

3. R u les  f o r  m ore than tw o a lte rna tives. T h is  s itua tion  is not re levant to 
the m ain them e o f  th is  chapter, bu t i t  does perta in  to  the cond ition  o f 
ne u tra lity , w h ich  m ust be redefined fo r the cases o f three or more 
a lternatives. Instead o f req u irin g  a com plete reversal o f  preference o r­
ders, D „  i t  is enough to  requ ire  consistent perm uta tions o f the a lte rna­
tives in  them . Then, i f  the choice fro m  a p ro file  o f perm uted preference 
orders is the same as the pe rm u ta tion  o f the  choice fro m  the in it ia l 
p ro file , the ru le  is n e u tra l . 2 0  The rules discussed in  C hapter 2— p lu ra l­
ity , C ondorcet, Borda, and Bentham  rules— a ll sa tis fy  th is  neu tra lity . 
A lth o u g h  none o f  them  prevents ties, they do guarantee th a t no a lte r­
native has an advantage.

As can be seen fro m  these examples, n e u tra lity  is inappropria te  
when e ithe r decisiveness o r delay is desired. I t  is appropria te , however, 
when one w ants to  tre a t a lte rna tives as im p a rt ia lly  as possible. In  th is 
sense, n e u tra lity  is to  a lte rna tives w ha t undifferentiatedness is to  votes: a 
technica l base fo r equa lity . U nd ifferentia tedness requires th a t votes be 
treated equa lly ; n e u tra lity  requires th a t a lternatives be treated equally. 
Hence n e u tra lity  is especially appropria te  fo r choice between tw o candi­
dates, where, in  fac t, s im ple  m a jo r ity  decision is m a in ly  used, except when 
tie -b reak ing  is necessary.

3.F. Simple Majority Decision 
and Fairness

In  C hap te r 2, I  emphasized th a t d iffe ren t methods o f vo ting  could 
resu lt in  d iffe ren t social choices when applied to  the  same pro file  o f in d i­
v idua l preferences. I  concluded tha t, since a ll the methods appeared, su­
pe rfic ia lly , to  be fa ir, no social choice could be ju s tifie d  on the ground 
th a t i t  was fa ir ly  chosen b u t others were not. I f ,  fo r any choice th a t is 
supposedly fa ir  because i t  comes o u t o f  a fa ir  procedure, there is another 
choice fro m  another procedure th a t is fa ir  in  a d iffe re n t and con flic ting
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way, then i t  is d iff ic u lt to  ju s t ify  the fairness o f any choice. T w o  methods 
based on m u tu a lly  exclusive assumptions cannot both  be fa ir. S im p le  ma­
jo r ity  vo ting , w h ich  is said to  be fa ir  because i t  is und iffe ren tia ted , and 
dem and-revealing vo ting , w h ich  is said to  be fa ir  because i t  is no t u n d if­
fe ren tia ted , cannot both  be fa ir. Yet i f  there is no obvious w ay to  choose 
between them , i t  is hard to  say th a t e ithe r one is fa ir. The on ly  escape 
fro m  th is  re la tiv is tic , even n ih ilis t ic , conclusion is to  find  th a t some 
m ethod is un ique ly  the fa ires t and thus c lea rly  superior on m ora l grounds 
to  a ll others.

S im ple  m a jo r ity  decision between tw o  a lte rna tives is said to  be ju s t 
tha t. As revealed in  Kenneth  M a y ’s theorem  (see note 4 ), th is  m ethod o f 
decision is the  on ly  m ethod th a t s im u ltaneously satisfies the  c r ite r ia  o f 
m onoton ic ity , undifferentia tedness, and neu tra lity . A n d  since these three 
c r ite r ia  are sometimes though t to  be necessary (bo th  in d iv id u a lly  and 
together) fo r fairness, the unique m ethod o f decision th a t satisfies them  
a ll m ust be fa ire r than  o ther methods. Such are the  grounds fo r believing 
th a t s im ple m a jo r ity  vo ting  on b in a ry  a lte rna tives is indeed so superior a 
m ethod th a t the re la tiv is tic  conclusion o f C hap te r 2 is un justified .

I t  is indeed true  th a t s im ple  m a jo r ity  vo ting  is, on the grounds ju s t 
set fo rth , an a ttra c tive  m ethod o f social decision. B u t i t  is lim ite d  in  app li­
cation. I f  i t  could be used un iversa lly, then we m ig h t be ju s tifie d  in  con­
ceding its general superio rity . U n fo rtu n a te ly , i t  is p robab ly  extrem e ly  rare 
fo r b ina ry  a lternatives to occur n a tu ra lly  w ith o u t any hum an in te rven tion . 
Instead, society acquires b in a ry  a lternatives, w h ich  a llow  fo r a fa ir  proce­
dure, on ly  by reducing the size o f the set o f  a lte rna tives— a reduction  th a t 
is often (possib ly always) in  its e lf un fa ir.

I  w il l  conclude th is  chapter by exam in ing  th is  con trad ic tion  in  the 
concrete case o f dem ocra tic  vo ting . In  th is  case, however fa ir  s im ple  m a­
jo r ity  decision on b ina ry  a lte rna tives is in  the  abstract, i t  is u n fa ir  in  
practice because the in s titu tio n s  to  generate b in a ry  a lte rna tives are un­
fa ir, m a in ly  because they are no t neu tra l. The ins titu tions  give some a lte r­
natives advantages over others.

3.G. Democratic Tbougbt 
About Simple Majority Decision

S im ple  m a jo r ity  decision on b in a ry  a lte rna tives is consistent w ith  
the dem ocra tic  purposes o f vo ting  (by  reason o f strong m o n o to n ic ity ); i t  is 
fa ir  to  a ll voters (by reason o f und iffe ren tia tedness); and i t  is fa ir  to  a ll 
candidates (by  reason o f n e u tra lity ) . Consequently, i t  satisfies most o f
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w hat is expected fro m  dem ocratic  vo ting . N a tu ra lly , therefore, i t  has en­
tranced m any theorists o f  democracy, who have tr ie d  to  find  ways to  force 
the w o rld  to use it.

U n fo rtu n a te ly , there is no fa ir  w ay to  ensure th a t there w il l  be 
exactly  tw o a lternatives. U sua lly  the p o lit ica l w o rld  offers m any options, 
w h ich , fo r s im ple m a jo r ity  decision, m ust be reduced to  tw o. B u t usua lly  
also the w ay the reduction  occurs determ ines w hich tw o w il l  be decided 
between. There are m any methods to  reduce the m any to  tw o ; bu t, as has 
long been obvious to po litic ians, none o f these methods is p a rtic u la rly  fa ir  
because th e ir d iffe re n t e th ica l p rinc ip les cannot be e ffective ly  ordered 
and, worse s til l,  because a l l  methods can be rigged.

Consequently, a lthough  the no tion  o f achieving dem ocracy by s im ­
ple m a jo r ity  decision on b ina ry  a lte rna tives is a w ill-o ’ -the-w isp, there has 
been (or, better, was) a long academ ic tra d it io n  in the U n ite d  States 
about the notion o f  a “ responsible”  tw o -p a rty  system. The scholars in  th a t 
tra d it io n  d id  not use the language o f  social choice, b u t they were, I  be­
lieve, try in g  to realize s im ple m a jo r ity  decision as the regular, indeed 
only, m ethod o f  choice. I  th in k  they saw in  it ,  perhaps d im ly , exactly  the 
features o f  consistency and fairness th a t I  have described. In  th is  tra d i­
tion , w h ich  started w ith  W oodrow  W ilson  and reached its  zen ith  w ith  the 
report in  1950 o f the C om m ittee  on P o litica l Parties o f the A m erican  
P o litica l Science Associa tion , the  w rite rs  were perturbed by comprom ise 
and incoherence in A m erican  p o lit ics . 21 T hey believed th a t responsible 
parties to generate clear b ina ry  choices w ould  resu lt in  na tiona l pub lic  
po licy  in  a na tiona l in terest. I  am  not sure w h ich  they though t was the 
engine o f  coherence— either b in a ry  choice its e lf or the  system o f tw o  re­
sponsible parties associated w ith  b in a ry  choice. W hichever way they saw 
it ,  they rea lly  were proponents o f s im ple m a jo r ity  decision.

U n fo rtu n a te ly , these w rite rs  were p ro found ly  w rong, la rge ly  be­
cause they d id  not know  the theory  o f vo ting  sum m arized in  th is  book. I f  
there were exactly  tw o a lte rna tives (i.e ., p a rty  p la tfo rm s), then the notion 
o f  responsible parties m ig h t make sense because such parties m ig h t c la r ify  
each a lte rna tive . (There  is good reason to  believe, however, th a t they 
w ould  do the exact opposite.) S ince there are a lways m ore than tw o a lte r­
natives, the most th a t responsible parties can do is select tw o  o f them —  
usua lly  in  an u n fa ir  way. So the dem ocra tic  advantage o f s im ple m a jo r ity  
decision is nonexistent.

M a n y  early  exponents o f  the tra d it io n  o f responsible parties were 
A ng loph iles who, like  W oodrow  W ilson and A . Law rence Low e ll, ad­
m ired  the pa rliam en ta ry  d isc ip line  in  B ritish  parties, where backbenchers 
usua lly  supported the leaders’ program s. They believed— doubtless m is­
taken ly— th a t these program s were in te rn a lly  consistent and sharp ly d if-
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fe ren t fro m  each o ther ( fo r  they  also th o u g h t i t  was a tw o -p a rty  system, 
despite the very obvious Ir is h ) . Consequently, they believed th a t B ritis h  
voters were a lways given a clear, p ro g ram m atic  choice in  elections. The 
them e o f  W ilso n ’s C ongressional Governm ent is th a t A m e rica n  parties in  
Congress lack a na tiona l p rog ram  and th a t loca l and tr iv ia l interests, 
voiced th rough  congressional com m ittees, dom inate  p o licy  outcomes. “ I t  
is ever the  l it t le  foxes,”  W ilson  quoted, “ th a t spoil the grapes . ” 2 2  Lo w e ll, 
in  one o f the  firs t im p o rta n t accum ula tions o f  p o lit ic a l s ta tis tics , dem on­
stra ted th a t A m erican  parties were q u ite  und isc ip lined  in  com parison to  
the B r itis h . 23

These themes persist. The  report o f  the  C om m ittee  on P o litica l Par­
ties was m otiva ted  in  good p a rt by  an an im os ity  tow ard  special interests: 
“ B y  themselves, the in te rest groups c a n n o t . . .  define . . .  po licy  dem ocra t­
ica lly . C oherent p ub lic  policies do no t emerge as the  m a them atica l resu lt 
o f  the c la im s o f a ll the  pressure groups”  (p. 19). Its  au thors ’ rem edy was a 
pa rty  system th a t w ou ld  be “ dem ocra tic , responsible, and effective,”  by 
w h ich  they m eant parties th a t “ are able to  b rin g  fo r th  program s to  w h ich  
they com m it themselves, . . . th a t . . . possess su ffic ien t in te rn a l cohesion 
to  ca rry  ou t these program s”  (pp. 1 7 -1 8 ). T h is  was th e ir idea l and th e ir  
argum ent:

W hen there are tw o pa rtie s  id e n tif ia b le  by the  k in d s  o f  ac tion  they p ro ­
pose, the voters have an a c tu a l choice. On the o th e r hand, the  s o rt o f  
oppos ition  presented by a c o a lit io n  th a t cu ts across p a r ty  lines, as a 
re g u la r th ing , tends to  deprive the p u b lic  o f  a m e a n in g fu l a lte rna tive . 
When such co a lit io n s  are fo rm e d  a fte r  the  e lections are over, the  p u b lic  
u su a lly  f in d s  i t  d if f ic u lt  to  understand the  new s itu a tio n  and to  reconcile  
i t  w ith  the  purpose  o f  the  b a llo t. M oreover, on th a t basis i t  is  nex t to  
im possib le  to  h o ld  e ith e r p a r ty  responsib le f o r  its  p o l it ic a l record . T h is  is  
a serious source o f  p u b lic  d iscontent [pp. 1 8 -1 9 ].

I t  is d iff ic u lt to  im agine m ore popu lis tic  enthusiasm  fo r discovering 
the people’s w il l  in  s im ple m a jo r ity  decision. B u t enthusiasm  fo r  th is  pa r­
t ic u la r nostrum  has waned. Just a t the tim e  o f  the  repo rt, Pendleton H e r ­
rin g  and D av id  T rum an  were rev iv ing  A r th u r  B en tley ’s p ic tu re  o f  pub lic  
po licy  as a vector o f  group in terests . 2 4  A n d , soon a fte r, R obert D a h l re ­
p lied in  a sense to  the repo rt w ith  his in flu e n tia l descrip tion  o f  A m erican  
“ po lya rchy” :

The m a k in g  o f  governm enta l decisions [D a h l a rg u e d ] is no t a m a jes tic  
m arch o f  g rea t m a jo ritie s  u n ite d  upon ce rta in  m a tte rs  o f  basic p o licy . I t  
is  the steady appeasement o f  re la tiv e ly  s m a ll groups. Even when these 
groups add  up to  a n u m e rica l m a jo r ity  a t e lection  tim e  i t  is  u s u a lly  not
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use fu l to  construe th a t m a jo r ity  as m ore than an a r ith m e tic  expression 
. . . .  I t  is  the va rious components o f  the num erica l m a jo r ity  th a t have the 
means f o r  action .25

A s D ah l cast doub t on the  doctrine  o f responsible parties using a 
m ore or less induc tive ly  a rr ived -a t description o f A m erican  po litics, 
A n th o n y^D o w n s  presented a w ho lly  deductive a rgum ent th a t parties 
w ould not o ffe r those “ m ean ing fu l a lte rna tives”  fo r w h ich  the com m ittee 
had asked . 2 6  Suppose there is a single issue d im ension, x , w h ich  m igh t, fo r 
example, concern the degree o f  governm ent regu la tion  o f the economy, 
where the le ft end represents a h igh  degree and the r ig h t end a low  degree. 
C itizens can be arranged along th a t dim ension according to  th e ir in d iv id ­
ual choices. The ho rizon ta l axis in  F igure  3-1 is such a d im ension, w ith  
po in t x , in d ica tin g  the value jud g m e n t o f a p a rtic u la r c itizen  on th a t issue. 
The position o f a ll c itizens is ind ica ted  by the curve in  F igure  3-1, w hich 
shows the num ber, / ( x ) — on the ve rtica l axis— o f citizens a t each po in t 
on the ho rizon ta l axis. Downs showed tha t, i f  the d is tr ib u tio n  / ( x )  was 
un im oda l, both  p o lit ica l parties w ou ld  adopt p la tfo rm s  near the m edian, 
x „ , w h ich  is the po in t on the ho rizon ta l axis fro m  w hich  a perpendicu lar 
line , p , erected pa ra lle l to  the  ve rtica l axis divides the d is tr ib u tio n  / ( x )  
exactly  in  half.

Downs’ a rgum ent is d is tressing ly sim ple: Suppose one p a rty  goes to 
the m edian w h ile  the  o ther goes to  x ,. T he  p a rty  a t x , gets the  votes to  the 
le ft  o f  x , and the votes to  the  r ig h t o f  x , b u t to  the  le ft o f the m idpo in t 
between x , and x m. C lea rly , therefore, the pa rty  a t x , loses and has every 
incentive to  get as close to x „  as i t  can. The same k ind  o f analysis applies 
to  parties to  the r ig h t o f x „ .  I f  both  parties move to  x m, they tie.

Downs presented his a rgum ent fo r the un im oda l case, bu t i t  applies 
to  any d is tr ib u tio n  in  one d im ension. Consequently, fa r fro m  p rov id ing  
“ m ean ing fu l a lte rna tives,”  parties should be expected to be as m uch a like  
as possible. Peter O rdeshook extended th is observation by a llow ing  fo r 
nonvoters and m ore than one d im ension w ith , however, several fa ir ly  
severe res tric tions . 2 7  R icha rd  M cK e lvey, im posing fewer restrictions 
than Ordeshook, nevertheless showed th a t “ uncom m itted  c itizens”  near 
the m edian o f a m u ltid im ens iona l d is tr ib u tio n  have the most influence 
on p a rty  p la tfo rm s and th a t “ there is a tendency fo r candidates to move 
away fro m  th e ir strongest supporters”  at the extremes, a qu ite  counter­
in tu itiv e  re su lt . 2 8

We w ill la te r observe th a t, in  the w ho lly  unrestric ted  case o f n 
dim ensions, the tendency tow ard  e q u ilib r iu m  a t the m edian does not 
survive— a fa c t discovered by M cK e lve y  h im self. S t i ll ,  the d rag o f in s ti­
tu tions  guarantees th a t, in  the short run , pa rty  positions w il l  converge
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Figure 3-1 D is tr ib u tio n  o f  c itizens in one d im ension.

to  a m edian, even though in  the long run  there m ay be considerable d i­
vergence. In  any event there is no theore tica l co m fo rt here fo r the  doctrine  
o f responsible parties. I f  Downs, Ordeshook, and M cK e lve y  are r ig h t, 
the theory th a t tw o parties, however “ responsible,”  w ould  give voters a 
clear choice between d is tin c t a lternatives is s im p ly  w rong. Furtherm ore , 
A m erican  experience in  the 1960s and 1970s has tarn ished somewhat the 
ideal o f  presidentia l leadership to create coherent parties. Perhaps fo r 
th is  reason, p o lit ica l parties themselves have ra p id ly  lost iden tifie rs  and 
loya lty . So the experien tia l ju s tif ic a tio n  fo r responsible parties has now 
also fa iled.

In  a sense, p o lit ica l science and p o lit ic a l events have passed the 
adherents o f “ responsible parties”  by. I t  m ay seem foo lish to  waste tim e  
now on the ir m istake o f expecting a clear b in a ry  choice. S ti ll ,  we can 
understand th e ir m istake a l it t le  be tter today. I t  is not s im p ly  an em p irica l 
m a tte r— as D ah l, fo r example, argued— th a t the A m erican  (o r any o ther) 
system does not w o rk  in  the neat w ay the W ilson ians wanted. M o re  im ­
po rtan t is the fact th a t w hat they wanted was its e lf m o ra lly  w rong from  a 
libe ra l dem ocratic  view, because to get b ina ry  choice one m ust enforce 
some method o f  reducing options. T h is  is precisely the coercion involved 
in  popu lis t libe rty . The popu lis t expectation o f a coherent p rogram  is not 
a tta inab le  by weaving together in d iv id u a l judgm ents, e ither fo r a sm all 
g roup or fo r a large nation. To a ttr ib u te  hum an coherence to  any group is 
an an th ropom orph ic  delusion. Worse, however, the populists expected to  
ca lc ify  po litics on th e ir  own issues, progressivism  or the N ew  Deal. T h a t is 
fundam en ta lly  un fa ir. W in n in g  po litic ians  are, o f course, happy to  s tick  
w ith  the issues on w h ich  they are w inn ing . Losing po litic ians  are not so 
entranced w ith  th a t fu tu re . The losers o f the last e lection become the 
w inners o f the next by changing issues, revealing new dim ensions o f 
choice, and uncovering covert values in  the electorate. To create and en-
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force coherent parties w ith  stable program s is to  foreclose th is  a rtis try . I t  
is the na ture o f po litics  th a t issues are in  continuous creation. N o  in s titu ­
tiona l device to force b ina ry  choice can stop th a t creation and, fu r th e r­
more, no device should stop it. Fairness to  losers and an in terest in  w hat 
losers create fo rb id  the im position  o f b ina ry  choice.

*  *  *

So I conclude: S im ple  m a jo rity  decision on b ina ry  a lternatives satisfies 
three fundam enta l c r ite r ia  o f  fairness and in  th a t sense seems superior to  
o ther methods. B u t i t  cannot be fa ir  in  a dem ocratic  sense because the 
im pos ition  o f b in a ry  a lternatives is its e lf un fa ir. Hence the re la tiv is tic  
conclusion o f C hap te r 2 s ti l l  stands.

4
Voting Methods with. Three 

or More Alternatives

S im ple  m a jo rity  decision on b in a ry  a lte rna tives requires some social em­
bod im ent o f  Procrustes, who chopped o ff  the legs o f  his guests to  f i t  them  
in to  the bed in  his inn . T he  num ber o f  a lte rna tives m ust be reduced to  
exactly  tw o, and th is  means th a t some a lte rna tives w o rth y  o f  consider­
a tion  m ust be excised. Furtherm ore , there  m ust be some Procrustean 
leader o r e lite  to  excise them . Even the apparently  unbiased m ethod o f 
reducing a lternatives by a series o f  b in a ry  elections requires th a t someone 
decide on the o rd e r o f  elections— and con tro l o f  the o rde r is o ften  enough 
to  con tro l the  outcom e, as we shall see. Thus, however dem ocra tic  s im ple 
m a jo r ity  decision in it ia l ly  appears to  be, i t  cannot in  fa c t be so. Indeed, i t  
is dem ocra tic  on ly  in  the very narrow  sense o f  sa tis fy ing  ce rta in  fo rm a l 
conditions. In  any la rge r sense, i t  is no t dem ocra tic  because its  su rround­
ing  ins titu tions  m ust be un fa ir.

I f  a vo ting  system is to  be rea lly  fa ir , m ore than  tw o  a lte rna tives 
m ust be allowed to  enter the  decision process; a decision m ethod m ust be 
able to  operate on three or m ore a lternatives. B u t here is a snag. M a n y  
decision methods can deal w ith  several a lte rna tives, b u t no one m ethod 
satisfies a ll the  conditions o f fairness th a t have been proposed as reason­
able and ju s t. Every m ethod satisfies some and violates others. U n fo r tu ­
nately, there are, so fa r as I  know, no deeper e th ica l systems nor any 
deeper axiom s fo r  decision th a t w ou ld  a llow  us to  judge  and choose am ong 
these conditions o f  fairness. Hence there  is no genera lly  convinc ing  w ay to 
show th a t one decision m ethod is t ru ly  be tte r than another.

So we are faced w ith  a d ilem m a. S im p le  m a jo r ity  decision between 
tw o  a lternatives, w h ile  na rrow ly  fa ir , is un a ttra c tive  because i t  requires 
u n fa ir  ins titu tions  to  operate it .  O n the o ther hand, no p a rtic u la r decision 
methods fo r  three or m ore a lte rna tives can be unequ ivoca lly  dem onstra ted 
to be fa ir  o r reasonable. The prob lem  is th a t we cannot prove th a t any
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method tru ly  and fa ir ly  amalgam ates the  judgm ents o f  citizens s im ply 
because we do not know  w hat “ tru ly  and fa ir ly  am algam ates”  means.

C hapter 4 is devoted to  a dem onstra tion o f th a t proposition. I  have 
no deep preference fo r any m ethod o f decision, and I  am  not try in g  to 
prove th a t one is be tte r o r worse than another. I  w an t m ere ly to  show th a t 
the no tion  o f tru e  and fa ir  am algam ation  is ne ithe r obvious nor sim ple, 
w hich is w hy we cannot easily choose am ong the vo ting  methods discussed 
in C hap te r 2.

4.A. Some Preliminaries

Because no m ethod fo r decision am ong th ree  or m ore a lte rna tives is 
e n tire ly  sa tis factory, m any methods have been invented. D espite the  v a ri­
ety, they can be classified in to  three fam ilies , the  members o f w h ich  are 
enough a like  th a t th e ir  m erits  and deficiencies can be discussed together. 
I  ca ll the three fam ilies  ( 1 ) m a jo rita r ia n  methods, ( 2 ) positiona l methods, 
and (3 ) u ti l ita r ia n  methods. To begin the discussion I  w il l define the 
categories and o ffe r some examples.

A s  a p re lim in a ry , however, the vocabu lary m ust be revised and ex­
panded. T he  set, X , o f a lte rna tives now m ust have m >  2 members, 
X  =  ( 1 , 2 , , n i ) ,  w h ich  w ill be re ferred  to  w ith  lower-case ita lic  letters, 
x , y, a, b, and so on. The re la tions, P, I ,  and R , rem ain  b ina ry  in  th a t they 
represent in d iv id u a l judgm ents  and votes between a p a ir o f a lternatives. 
B u t now i t  m ust be decided w hether they are also trans itive— namely, 
tha t, i f  x  R t y  and y  R , z, then x  R , z. (F o r s im p lic ity , I  w il l  w rite  x  y  z 
to  mean “ x  R , y, y  R t z, and x  R, z ,"  and x (y z )  to  mean “ x  Pt y , y  /, z, and 
x  Pt z .” ) M a n y  argum ents are offered fo r  and against in d iv id u a l tra n s it iv ­
ity . 1 I  w il l,  however, conven tiona lly  assume th a t P, R , and /  are trans itive , 
except when i t  is stated o therw ise fo r /  and R.

Furtherm ore , I  w il l  also assume tha t, fo r  a ll /  in  the set, TV, o f 
decision-m akers, some one o f these re la tions connects every pair, x  and y , 
in  X . T h is  means th a t D t, w h ich  is the in d iv id u a l ju d g m e n t on members o f 
X , is an o rde ring— th a t is, a tra n s itive  and com plete arrangem ent o f  X . By 
o rdering  is m eant th a t the position o f each a lte rna tive  in  a p a rticu la r 
arrangem ent is unam biguous. S ince X  is connected, th is  means tha t, fo r 
each x  and y  in  X , e ithe r x y , y x , o r (x y )  m ust be true  fo r each i in  TV; th a t 
is, D , is one o f {xy, y x ,  (x y )}- T h is  establishes an unam biguous order in 
every p a ir o f  a lternatives. S ince Z>, is trans itive , i f  i t  contains x  y  and y  z, 
then i t  m ust conta in  x z  (ra th e r than z x  o r (x  z )) , w h ich  establishes an 
unam biguous order in  every tr ia d  o f a lternatives. A n d  since triads can
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overlap (e.g., w  x y  and x y  z ), tra n s it iv ity  establishes an order over an X  
o f any fin ite  size.

The profile , D , w ill be a set o f  (n o t necessarily d iffe re n t) orderings, 
D it o f  X , fo r  each o f  n pa rtic ipan ts ; and D  w il l  be the set o f a ll possible 
profiles. F in a lly , the social choice, F , w il l  now be the resu lt o f  a decision 
ru le , g, opera ting  on a specified set, X , and a p a rtic u la r p ro file , D , o f 
judgm ents to  produce a choice: Fg(X , D ). N o tice  th a t now the set, X , fro m  
w hich the choice is taken w il l  cus tom arily  be specified because sometimes 
the discussion w il l  concern choices fro m  tw o  d iffe re n t sets, X  and X '.  
T yp ica lly , i f  the decision ru le , g, is c lear fro m  the  context, i t  w il l  no t be 
ind icated in the iden tifica tion  o f F.

For the tim e  being, except when expressly stated otherw ise, I  w il l 
also assume th a t a ll vo ting  is in  accordance w ith  preferences. Hence, i f  
x  P(y , person i votes fo r  x  over y ; and, i f  x  I , y ,  person « does not vote fo r 
e ithe r x  o r y .

4.B. Majoritarian Methods of Voting

M a jo r ita r ia n  systems are those in  w h ich  the princ ip les o f s im ple  
m a jo rity  vo ting  are extended to  three or m ore a lternatives. The ra tiona le  
is th a t m a jo rity  decision is fa ir  and reasonable in  its log ica l s truc tu re , and 
i t  is assumed th a t the  defect o f  l im it in g  a lternatives can be offset by ad­
m itt in g  a ll desired a lternatives. Th is  assum ption, however, is p ro found ly  
dubious, as we shall see in  the discussion o f pos itiona l vo ting  in  sec­
tio n  4.E.

The way o f extending the m ethod o f m a jo rity  decision fro m  tw o to 
m ore a lternatives is the so-called C ondorcet m ethod, in  w h ich  a w inner is 
defined as th a t a lte rna tive  w h ich  can beat a l l  others in  A" in  a s im ple 
m a jo r ity  vote. W hen X  has tw o members, th is  is m ere ly s im ple m a jo r ity  
decision. B u t when X  has m ore than tw o, th is  is the requ irem ent th a t the 
w inner beat m  — 1  others in  m  — 1 pa irw ise  decisions.

U n fo rtu n a te ly , there are m any s itua tions in  w h ich  the C ondorcet 
w inner is undefined s im p ly  because no a lte rna tive  can beat m  — 1  others. 
One extrem e example, in  D isp lay  4-1, is the so-called paradox o f  vo ting  
(see section l .H ) .  In  D isp lay  4-1 each a lte rna tive  beats one o ther and 
loses to  another. W h ich , i f  any, ough t to  w in?

A  m ore confusing exam ple is set fo r th  in  D isp lay 4-2. There, since 
w ties or beats x , y , and z, presum ably w ough t to  be am ong the  w inners. 
B u t w ha t o f  x  and y l  They tie  and so m ig h t reasonably w in  along w ith  
w, b u t a lthough  x  ties w, y  does not, so ju s t as reasonably on ly  >v and x
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Display 4-1

The Paradox of Voting

A ,: x y  z
Dy. y  z x
D y z x y

Number of Votes for the Alternative 
in the Row When Placed in Contest 

Against the Alternative in the Column

A  C ondorcet w inne r w ou ld  have a m a jo rity  (here at least 2) in  every 
cell (except the b lank one) in  a row, s ign ify ing  th a t the a lte rna tive  in  the 
row  beats a ll others. In  the paradox, no a lte rna tive  can beat a ll others, 
and so each row  has at least one cell w ith  less than a m a jo rity  (here, at 
most, 1 ).

m ig h t w in . In  the absence o f a C ondorcet w inner, problems like  these in ­
ev itab ly  arise.

D iffe re n t resolutions o f such problems resu lt in  d iffe ren t decision 
methods. Those called m a jo r ita r ia n  o r C ondorcet extensions have the 
comm on p roperty  th a t they select the C ondorcet w inner, i f  one exists; i f  
one does not exist, they provide fo r  some fu r th e r resolution. A l l  such rules 
depend on know ing w hether one a lte rna tive  beats another in  a s im ple 
m a jo r ity  vote. Thus I  define a soc ia l re la tion  o f  m a jo rity , M , so th a t x  M y  
means “ more people p re fe r x  to  y  than  p re fe r y  to  x .” 2 In  any event, to  use 
the  C ondorcet c rite r io n  and its extended rules, i t  is necessary, as a p ra c ti­
cal m atte r, e ithe r fo r  each vo te r to  report his o r her en tire  preference 
s tructu re , D „  o r fo r  the group to  hold a num ber o f ba llo tings, perhaps as 
m any as a round rob in , m (m  — l ) / 2 .
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Display 4-2

A Profile for Which the Choice 
of a Winner Is Not Clear

D y w y  x  z
D y x  w z y
D y y  zw> x
A ,: x  k ’ y  z

Number of Votes for the Alternative 
in the Row When Placed in Contest 

Against the Alternative in the Column

w X y z

w — 2 3 3
X 2 — 2 3
y 1 2 — 3
Z 1 1 1 —

W h ile  w beats o r ties a ll others, x  and y  tie . O u g h t x  to w in?  I t  is 
true  tha t x  ties w ith  h>, the  a lte rna tive  th a t otherw ise beats a ll others. B u t 
x  ties y , w h ich  o therw ise loses. S hould  y  w in? Its  on ly  c la im  is a tie  w ith  
x , w hich in tu rn  ties w, w h ich  beats y .

4.C. Examples of Majoritarian Methods

There  are m any ru les th a t u til iz e  paired com parisons o f a lte rna tives 
to discover a C ondorcet w inner. I f  a C ondorcet w in n e r exists, then a ll 
these methods come o u t the  same way. I f  a C ondorce t w inne r does not 
exist, however, these rules ty p ic a lly  produce d iffe re n t results, no one o f 
w h ich , in  m y op in ion , seems m ore defensible than  another.

The Amendment Procedure

The on ly w ide ly used C ondorce t extension, the  goal o f the  am end­
m ent procedure is to  select the  C ondorcet w inner, i f  there is one, or, i f
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there is not, to  select the status quo. (H ence the procedure is not neutra l, 
since the status quo is favored.) I t  w orks as intended on three a lte rna ­
tives— (1 ) m otion , (2 ) am endm ent, (3 ) ne ithe r; bu t i t  does not ensure its 
objective fo r  m ore than three.

The actua l ru le  is: A lte rna tives  (m otions) are p u t fo rw ard  to  fo rm  
X , w h ich  always includes the im p lic it  m otion  to sustain the status quo. 
The w inner o f an identified  p a ir is chosen by sim ple m a jo rity  decision. 
T h a t w inner is placed against another iden tified  m otion  and a second 
w inner is chosen, and so fo r th  u n til a just-p revious w inner is placed 
against the status quo, and a fina l w inne r is chosen by s im ple m a jo rity . In  
the typ ica l A m erican  procedure, X  can a c tu a lly  have six members:

t. O rig in a l m otion

w. A m endm ent

x. Am endm ent to the am endm ent

y. S ubstitu te  am endm ent

z. A m endm ent to  substitu te  

s. S tatus quo

The  six are voted on by th is  ru le:

Step 1: z vs. y  

Step 2: x  vs. w

Step 3: S u rv ivo r o f step 1 vs. su rv ivo r o f  step 2  

Step 4: S u rv ivo r o f  step 3 vs. t 

S tep 5: S u rv ivo r o f  step 4 vs. s3

W ith  ju s t three a lternatives— m otion  (r), am endm ent (w ), and sta­
tus quo (s )— th is  procedure a c tu a lly  works as intended, fo r i t  discovers the 
C ondorcet w inner, i f  one exists, or, i f  none exists, i t  chooses the status 
quo. W ith  three a lternatives, th is procedure reduces to  tw o  steps:

Step 1: w vs. t

Step 2 : S u rv ivo r o f step 1 vs. s

I f  a substantive m otion  (w  o r t)  w ins, i t  m ust beat both other a lternatives 
and is thus the C ondorcet w inner (see F igu re  4-1). Thus outcom e 1 means

4.C. Examples of M ojorita rian Methods 71

w  w ins s w ins i  w ins s w ins
Outcome
num ber 1 2  3 4

Figure 4-1 P a rlia m en ta ry  vo ting  on th ree  a lte rna tives.

w has beaten both t and s, and outcom e 3 means t has beaten h > and s. 
W hen outcomes 2 or 4 occur, i t  is no t clear w hether s is the  C ondorcet 
w inner o r s im p ly  the tie-breaker. O utcom e 4, fo r example, could be 
reached from  e ither p ro file  D  or p ro file  D ' o f D isp lay 4-3.

In  p ro file  D , s beats both substantive a lternatives and is the C on­
dorcet w inner. In  p ro file  D ', no a lte rna tive  can beat both  others; so, by the 
non-neutra l ru le , s is chosen. The fa ilu re  in  th is case to  reveal w hether D  
o r D ' exists is irre levan t because, by the procedure, s is intended to  w in  in  
e ithe r case. I t  m ig h t be argued th a t s ough t not w in  in  D ' because, i f  w 
had not been e lim ina ted by t, then w w ould  have beaten s and shou ld  in 
fa c t do so. S till,  the assum ption in  the procedure is tha t, since w loses to  t, 
i t  is be tte r to  do no th ing  than to  adopt w. For th a t reason, the  procedure is 
designed to  m ake s w in .

The fa c t th a t the am endm ent procedure embodies a reasonable ex­
tension o f the C ondorcet c rite r io n  to  three a lternatives is w hat, in  m y 
op in ion , has made it  genera lly  acceptable. Nevertheless, when X  has fou r 
o r more members, th is procedure is q u ite  a rb itra ry  and m ay select a 
substantive m otion  th a t fa ils  the C ondorcet test, even one th a t is un­
an im ously believed in fe rio r to  a rejected m otion. Thus, fo r m otion  (r ) , 
am endm ent (w ), am endm ent to the am endm ent ( * ) ,  substitu te  am end­
m ent (y ) ,  and status quo (s), a p ro file  like  th a t in  D isp lay 4-4 m ig h t 
occur . 4

In  th is  p ro file , x  (the  in it ia l ly  re jected am endm ent) is unan im ously  
preferred to  t (the  o rig in a l and w inn ing  m o tion ). C le a rly  here the proce-
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Display 4-3

Alternate Profiles Leading to a Victory 
for tlie Status Quo Under tlie Amendment 

Procedure w itli Only One Amendment

D
(w ith  a C ondorcet w inne r)

Z)|, D 2. s t  w
D 3i D y t  s w
D y w  s t

Number of Votes for the Alternative 
in the Row When Placed in Contest 

Against the Alternative in the Column

s t w

s — 3 4 (C ondorcet w inner)
t 2 — 4
w 1 1 —

A lte rn a tive  s is the C ondorcet w inne r in  p ro file  D.

D '
(w ith o u t a C ondorcet w inner)

D 't, D '2: 
D '3:
D \ :
D 'y

t  W S 
S t  W  

S W t 
W S t
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Number of Votes for the Alternative 
in the Row When Placed in Contest 

Against the Alternative in the Column

s t w

s — 3 2

t 2 — 3
w 3 2 —

There is no C ondorcet w inner, and s w ins by d e fa u lt in  p ro file  D '.

dure fa ils  to  achieve the  in tended goal o f  id e n tify in g  and selecting a clear- 
cu t w inner.

The Successive Procedure

T h e  successive procedure is the  analogue fo r e lecting candidates o f 
the am endm ent procedure fo r selecting m otions, b u t i t  is neu tra l since a ll 
candidates m ay lose. I t  guarantees the choice o f  the  candidate w ith  an 
absolute m a jo rity , i f  one exists; b u t i t  does not choose a t a l l  when there is 
no C ondorcet w inner, and i t  m ay even re ject a C ondorcet w inner.

T he  set X  is composed o f nom inated candidates, w ho are voted upon 
in d iv id u a lly  in  some specified order u n t i l  one w ins or the lis t is exhausted. 
I f  a t the end no w inne r has been selected, the procedure is abandoned or 
repeated. A t  each stage the procedure in  e ffect divides the a lte rna tive  
candidates in to  tw o sets, the s ing le ton {x} and the rem a inder (X  — {x }), 
and places them  against each other. Each vo ter then decides how to vote 
by th is  ru le : I f  i  prefers x  to  a ll o ther members o f  X , then i  votes yes on 
{x}; b u t i f  / prefers some y  in  X , where y  ¥= x , then i  votes no on {x}— in  
effect choosing (X  — {x }) over {x}. I f  {x} w ins, x  m ust, by d e fin ition , be 
able to beat a l l  o f  the others sim ultaneously. Even a C ondorcet w inne r 
can lose, as in  the exam ple in  D isp lay  4-5, where the a lte rna tive  x  is the 
C ondorcet w inne r b u t the singleton set {x} w il l  lose to (X  — {x }). I f  there  
is no w inner, th is  ru le  has no m ethod o f reso lu tion among nominees, 
a lthough  in practice  i t  p robab ly  o ften  influences voters to  reorder th e ir  
preferences to ob ta in  a w inner.
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Display 4-4

A Profile in W liicli a Losing Alternative 
Is Unanimously Preferred 

to the Winning Alternative

D

£>,: w x t y s
D 2: y w x t s
Z>3: s x  t  y w

Number of Votes for the Alternative 
in the Row When Placed in Contest 

Against the Alternative in the Column

S t X y

s — 1 l 1 l
t 2 — 2 0 2

w 2 1 — 2 1

X 2 3 1 — 2

y 2 1 2 1 —

Amendment Procedure by Which t Wins 
Although All Voters Prefer i  to t

Step 1: x  vs. w; w  wins 

S tep 2: w vs. y ; y  wins 

S tep 3: y  vs. t ; t w ins 

S tep 4: t vs. s; t w ins

Runoff Elections

R u n o ff elections com bine p lu ra lity  decision (a pos itiona l m ethod to 
be discussed in  section 4 .E ) w ith  s im ple m a jo r ity  decision in  a two-stage 
process. A lth o u g h  the  in te n t is p robab ly  to  ensure a C ondorcet w inner.
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Display 4-5

A Profile in  Which the Condorcet Winner 
Loses Under the Successive Procedure

Z>,: w x y z
D 2: y x w z
D 3 : z x y  w

Number of Votes for the Alternative 
in the Row When Placed in Contest 

Against the Alternative in the Column

w x  y  z

w  —  1 1 2
x  2 —  2 2 (C ondorce t w inne r)
y  2  1 —  2

z 1 1 1  —

A lth o u g h  x  is the C ondorcet w inner, in  a contest between the single- 
ton set lx }  and the set { X  — lx } ) ,  lx }  loses, w h ich  means, o f course, th a t 
x  loses.

Contest

{x} =  x  vs. ( X  — lx } )  =  >v, y , z

Voters N one 1, 2, 3

ru n o ff elections m ay fa i l  to  do so. T yp ica lly , pos itiona l methods do not 
satis fy  the C ondorcet c r ite r io n , and in  th is  com b ina tion  the p lu ra lity  fea­
tu re  introduces v io la tions o f  it .  The  ru le  is: W hen X  conta ins th ree  or 
m ore members, choose th a t a lte rna tive  w h ich  receives m ore than h a lf  o f 
the to ta l vote. I f  none do, then hold a ru n o ff e lection between the  tw o 
a lternatives w ith  the largest num bers o f votes, decid ing  between them  by 
sim ple m a jo rity .
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T h a t th is  m ethod can fa i l  to  sa tis fy  the C ondorcet c r ite r io n  is easily 
seen in D isp lay  4-6. A lth o u g h  x  w ins, z has a s im ple m a jo r ity  over x  and 
y , and z is the C ondorce t w inner. Furtherm ore , as S m ith  has proved (see 
section 3.C and C hapte r 3, note 10), th is  m ethod is no t necessarily m ono­
ton ic  because a lte rna tives are e lim ina ted . A n  example o f the  fa ilu re  o f 
ru n o ff elections to  sa tis fy  m o no ton ic ity  is seen in  D isp lay 4-7, where an 
increase fro m  D ' to  D  in  support fo r  a lte rna tive  x  results in  its  defeat in  D  
even though i t  had won in  D '. T he  reason is th a t the weakening o f w 
changes the ru n o ff fro m  “ x  vs. w ”  in  D ' to  “ x  vs. y ”  in  D  and, in  both  D ' 
and D , x  loses to  y .

There  are o ther C ondorce t extensions, a few  o f w h ich  I  w il l  discuss 
in  the fo llo w in g  paragraphs. They have no t been w ide ly  used, i f  a t a ll, and 
are o f in te rest because they show the  d iff ic u lty  o f  defin ing  w inners when 
no C ondorcet w inne r exists. There is no good reason, in  m y op in ion , fo r 
p re fe rring  one to  another, ye t they can lead to  d iffe ren t outcomes (see 
note 8 ).

The Copeland Rule

The Copeland ru le  is based on the no tion  th a t those a lternatives 
ought to  be selected th a t w in  re la tive ly  most frequen tly  in  sim ple m a jo rity  
contests w ith  a ll o ther a lternatives. The ru le  is: Select th a t a lte rna tive , x , 
w ith  the largest C opeland index, c (x ) , w h ich  is the num ber o f tim es x  
beats o ther a lte rna tives less the  num ber o f  tim es x  loses to  o ther a lte rna­
tives . 5 O f  course, i f  there is a C ondorcet w inner, c (x ) =  m  — 1 ; i f  not, 
there m ay be ties . 6

The Schwartz Rule

I f  no a lte rna tive  beats a ll others, then some a lternatives are in  a 
cycle: x  M  y  M  z M  x . The “ to p ”  cycle  is one th a t e ithe r extends over the 
w hole set X , or, i f  no t, each a lte rna tive  in  the  top  cycle beats a ll a lte rna­
tives no t in  it .  The goal o f  the S chw artz  ru le  is to  select the top  cycle, 
w h ich  is a unique a lte rna tive  i f  a C ondorcet w inne r exists, bu t m ay be 
most o r a ll o f  the a lternatives otherw ise . 7

The Kemeny Rule

The goal o f  the Kem eny ru le  is to  find  a pe rm u ta tion , P , o f  the 
members o f  X  th a t is “ closest”  to  a ll the  D , in  D . A  pe rm u ta tion  o f A ' is a 
trans itive  o rdering  o f  X  and consists o f ordered pairs, so th a t i f  x y  is in  P, 
then y x  cannot be. Thus, fo r X  =  (x , y , z ), one pe rm u ta tion  is zxy  or the
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Display 4-6

A Profile in  Which the Condorcet Winner 
Loses Under the Runoff Procedure

D u D 2: x z y
D 3, D a: y z x
Z>5: z x y

Plurality Stage

F irs t-p lace  votes: 

x : 2

y : 2

z: 1

The a lte rna tive  w ith  the  fewest firs t-p lace  votes, z, is e lim ina ted .

Majority Stage 

C ontest

X  vs. y
Votes 3 2

A lte rn a tiv e  x ,  supported by voters 1, 2, and 5, w ins. Nevertheless, z 
is the  C ondorcet w inner.

Number of Votes for the Alternative 
in the Row When Placed in Contest 

Against the Alternative in the Column

x  y  z

x  —  3 2
y  2 —  2
z 3 3 —  (C ondorce t w in n e r)
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Display 4-7

Why Runoff Elections Do Not Satisfy 
the Criterion of Monotonicity

D '

D \, D '2: w x y  z
D \, />;: w y  x  z
D's, D'6, D'7, D't : x  w y  z
D 9 , D \0, D'u : y  z x w

D 'u ’ D '\y z w  y  x

D

D „  D 2: x  w y  z
D 3, Z>4: w y  x  z
^ 5 * ^6> , D s: x  w y  z

D ]0, y  z x w
D\i-> D \y z w y x

Profile D '

P lu ra lity  stage, firs t-p lace  votes:

w: 4 

r :  4 

y : 3 

z: 2

T he  a lternatives w ith  the  fewest firs t-p lace  votes, y  and z, are e lim ina ted. 

M a jo r ity  stage:

Contest

w  vs. X

Votes 6 7

A lte rn a tiv e  x , supported by voters 5, 6 , 7, 8 , 9, 10, and 11, wins.

Profile D

P rofile  D  d iffe rs  fro m  P ro file  D ' on ly  in  th a t voters 1 and 2 have 
raised x  fro m  second place to  firs t place and lowered w  to  second place.
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P lu ra lity  stage, firs t-p lace  votes:

w: 2 

r :  6 

y : 3 

z: 2

The alternatives w ith  the fewest firs t-p lace  votes, w  and z, are e lim ina ted . 

M a jo r ity  stage:

Contest

X  vs. y

Votes 6 1

A lte rn a tive  y , supported by voters 3, 4, 9, 10, 11, 12, and 13, w ins. Thus 
an increase in  support o f  x  in  D  as against D ' b rough t about the defeat o f 
x  in  D  even though x  had won in  D '.

pairs zx, zy, xy . To find  the “ closest”  pe rm u ta tion  to  Z>, the ru le  is: For 
each P, sum the num ber o f  ordered pairs in  a ll the Z>, o f  D  th a t a re  the 
same as pairs in  P. There is a set P *  o f  those P  w ith  the largest sum o f 
ordered pairs in  D  and the w inner(s) are those a lte rna tive (s ) stand ing firs t 
in  the perm uta tions in  P * .

A lth o u g h  the de ta il o f  th is  extrem ely com plica ted  ca lcu la tion  is not 
in  its e lf im p o rta n t, an exam ple ( illu s tra tin g , perhaps, the desperation o f 
theorists to  discover an adequate C ondorcet extension) is set fo r th  in  
D isp lay 4-8, where the ordered pairs in  the six possible perm uta tions o f 
the members o f X  are checked against the ordered pairs in  the D, o f  D . 
The pairs in  P6 are found  m ore frequen tly  in  D  than are the  pa irs o f any 
o ther perm uta tion . Hence, P *  =  P6; and z, w h ich  is firs t in  P6, is the 
Kem eny w inner. N o tice  th a t, i f  a C oncorcet w inne r exists, i t  w il l  be cho­
sen; b u t i f  one does not exist, there is s t i l l  lik e ly  to  be a un ique w inner. 
A lth o u g h  the Kem eny ru le  is based on a clever and defensible idea, the



Display 4-8

Calculation of the Kemeny Winner

D P

A  = z y  x P,: x y z P4: y z x
D 2: y  z x P2- x z y P5: z x y

-A: x  z y P3: y x z P6: z y x

C o m p a r is o n  o f  O r d e r e d  P a ir s  i n  D , a n d  P, t o  P(

Pi- x y z P2: x z y

Pairs in  P, Pairs in  D Pairs in  P2 Pairs in  D

D , D 2 D 3 A  D 2 D 3

x y 0 0 1 x z 0 0 1
x z 0 0 1 x y 0 0 1
yz 0 1 0 zy 1 0 1

T o ta l 0 +  1 + 2 = 3 T o ta l 1 + 0 + 3 = 4

P}: y x z P4: y z x

Pairs in  P3 Pairs in  D Pairs in  P4 Pairs in  D

A  D 2 D 3 A  A  A
y x 1 1 0 yz 0 1 0
yz 0 1 0 y x 1 1 0
x z 0 0 1 ZX 1 1 0

T o ta l 1 + 2 + 1 = 4 T o ta l 2 + 3 + 0 = 5

P5: z x y P6: z y x

Pairs in  P5 Pairs in  D Pairs in  P6 Pairs in  D

D , A  A A  A  A
zx 1 1 0 zy 1 0 1
zy 1 0 1 z x 1 1 0
x y 0 0 1 y x 1 1 0

T o ta l 2 + 1 + 2 = 5 T o ta l 3 + 2 + 1 = 6

Since the pa irs in  P6 are found  m ore frequen tly  in  D  than the  pairs o f 
any o ther pe rm u ta tion , the  Kem eny w inner is z, w h ich  is the a lte rna tive  
ordered firs t in  P6.
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Kem eny w inner, m ay not be the  same one chosen by C opeland’s ru le  o r by 
S chw artz ’s ru le , w h ich  are also based on clever and defensible ideas . 8

Conclusions

Tw o features stand o u t in  th is  survey o f m a jo rita r ia n  rules. F irs t, 
m a jo r ity  choice over three o r m ore a lternatives, though not easy to  oper­
ate, usua lly  has a clear m eaning when a C ondorcet w inne r exists. Second, 
when a C ondorcet w inner does not exist, the rules a c tu a lly  used to p ick  a 
w inner m ay in fac t p ick  w ha t m any w ou ld  regard as a loser, and there is 
no consensus on w hat ough t to  be regarded as the  w inner.

One can therefore say th a t, i f  the C ondorcet c rite r io n  is no t satis­
fied, m a jo rita r ia n  decision is on ly  p a rt ia lly  adequate fro m  a p rac tica l 
po in t o f  view. I t  can p ick  w inners, b u t they need not be unique. From  a 
theore tica l po in t o f view, m a jo rita r ia n  decision is even worse because i t  is 
hard to  define and, fu rthe rm ore , the several de fin itions  do no t necessarily 
lead to the same w inne r fro m  the  same pro file .

4.D. Positional Methods of Voting

T he  fac t th a t m a jo rita r ia n  m ethods are c lea rly  defined when a 
C ondorcet w inne r exists does no t w in  un iversa l approva l fo r them . As I 
m entioned a t the  beginn ing o f section 4 .B , m a jo r ita r ia n  methods assume 
th a t the defect in  s im ple m a jo r ity  decision o f  l im it in g  a lte rna tives can be 
cured by the easy so lu tion  o f  a d m itt in g  m ore o f  them . B u t the  rem edy 
creates a new disease. One is the d iff ic u lty , ju s t discussed, o f s ta ting  an 
adequate ru le  when a C ondorcet w inne r is undefined. T h is  is, however, 
on ly  the firs t and sim plest d iffic u lty . A  m ore p ro found one is th a t m a jo r i­
ta r ia n  methods use on ly  in fo rm a tio n  about b in a ry  re la tions in  the  social 
pro file , D , even though, once X  is expanded to  m ore than  tw o  mem bers, 
m uch m ore in fo rm a tio n  exists— namely, the position  o f each a lte rna tive  
in  the  in d iv id u a l orderings, D „  o f  D .

Positional methods are in tended to  resolve th is  m ore pro found  d if f i­
c u lty  by ta k in g  some o r a ll o f  the in fo rm a tio n  about w hole  in d iv id u a l 
orderings in to  account. These methods inc lude  (1 ) p lu ra lity  vo ting  (w h ich  
uses on ly  in fo rm a tio n  about firs t places), ( 2 ) approval vo ting  (w h ich  uses 
in fo rm a tio n  about a va riab le  num ber o f  places), and (3 ) scoring functions 
such as the Borda count, w h ich  uses in fo rm a tio n  about a ll places. The 
Borda count— the most system atic o f  the three pos itiona l m ethods— has
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each in d iv id u a l assign m  — 1 po in ts to  her o r his firs t-p lace  a lte rna tive , 
m — 2  points to  the  second-place a lte rna tive , and so on, to  zero po in ts to 
the m th-place ( th a t is, las t) a lte rna tive . The Borda score fo r an a lte rna tive  
is the  sum o f points given i t  by  the n voters. The Borda w inner, then, is the 
a lte rna tive  w ith  the h ighest Borda score . 9

The m ain a rgum ent fo r  the pos itiona l approach is th a t i t  uses some 
o r a ll o f  th e  in fo rm a tio n  added by expanding X  and thus expanding the Z>, 
fro m  pa ired com parisons to  orderings o f  three or m ore a lternatives. Th is  
added in fo rm a tio n  makes a great d ifference. In  an especially in te resting  
example, Peter F ishburn  points to  the fo llo w in g  pa ir o f  s ituations fo r 
X  =  (x , y , a , b, c) and five  voters : 10

D: By b in a ry  m a jo r ity  decision: x M y M a M b M c

D '\ x  has: 2 firs t-p lace  votes y  has 2 firs t-p lace  votes
1 second-place vote 2  second-place votes
1 fou rth -p lace  vote 1 th ird -p lace  vote
1 fifth -p la ce  vote

A s F ishburn  rem arks, a lthough  one m ig h t reasonably choose x  to  w in  in  D  
and y  to  w in  in  D ' (since, in  D ' , y  has the  same num ber o f  firs t-p lace  votes 
and m ore second- and th ird -p la ce  votes), the in te resting  fac t is th a t i t  is 
possible th a t D  =  D ', as shown in  D isp lay  4-9.

C le a rly  the k ind  o f  in fo rm a tio n  used makes a difference. Paired 
comparisons lead to  the choice o f  x , and positiona l comparisons lead to 
the choice o f  y. F urtherm ore , as C ondorcet h im se lf poin ted out, the con­
f l ic t  is p ro found and does not depend a t a ll on the p a rticu la r m ethod o f 
num bering  positions . 11 One can generalize the Borda m ethod in to  a scor­
ing system to  count re la tive  positions w ith o u t using points a t a ll— thereby 
im p lic it ly  revealing the ju s tifica tio n  fo r positiona l methods: For each a l­
te rna tive , x , determ ine a score s(;c), by coun ting  the  num ber o f  tim es x  
precedes y , z , . . .  in  a ll o f the  D t o f  D  and then sub trac ting  the  num ber o f 
tim es x  succeeds y , z , . . . .  The a lte rna tive  w ith  the highest score wins, 
w h ich  means the  w inne r m ost frequen tly  stands ahead o f others in  the 
w hole p ro file . 12 For the exam ple ju s t given, s(j>) = 1 2 ,  j ( x )  =  4, j ( a )  =  
—4, s (b ) =  — 6 , j ( c ) =  — 6 . 13 S ince th is  is a count o f positions (no t 
po in ts), i t  fo llow s th a t y  w il l  beat x  fo r  any system th a t uses data on the 
en tire  profile .

Dodgson invented an excellent exam ple, set fo r th  in  D isp lay 4-10, to 
po in t up  the e th ica l co n flic t between m a jo rita r ia n  and positiona l m eth­
ods . 14 There are 11 voters. A lth o u g h  b is c lea rly  the  C ondorcet w inner, in 
some sense a has an excellent c la im  because
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Display 4-9

A Profile in  W liicli the Borda Winner 
Seems Appropriate Even Though a 

Different Condorcet Winner Exists

D  =  D '

Z>,: x y  a b c

A= y  a c b x

A= c x  y  a b
D<: x y  b c a
D 5: y b  a x  c

Majoritarian Decision: Number of Votes 
for the Alternative in the Row 
When Placed in Contest Against 
the Alternative in the Column

x  y  a b c

x  —  3 3 3 3 (C ondorce t w inne r)
y  2  —  5 4 4
a 2  0  —  3 3
b 2 1 2  —  3
c 2  1 2  2  —

Borda Count: Number of Points 
for Alternatives in Rows, 

Preference Orders in Columns

A A A A A T o ta l

X 4 0 3 4 1 12
y 3 4 2 3 4 16
a 2 3 1 0 2 8
b 1 1 0 2 3 7
c 0 2 4 1 0 7

(B orda  w inne r)
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Display 4-10

A Profile in  Which the Condorcet Winner 
Has a Majority of First-Place Votes While 

a Different Borda Winner Has a Much 
Higher Score Than the Condorcet Winner

D

A »  A " b a c d
^4» ^5» ^6* b a d e
•^7* ^8» ^9* a c d  b

A o , A i * a d c b

Majoritarian Decision: Number of Votes 
for the Alternative in the Row 
When Placed in Contest Against 
the Alternative in the Column

a b e d

a —  5 11 11
b 6  —  6  6  (C ondorce t w inne r)
c 0  5 — 6
d  0 5 5 —

Borda Count: Number of Points 
for Alternatives in Rows, 

Preference Orders in Columns

A A A A A A A A , A Ao A . T ota l

a 2 2 2 2 2 2 3 3 3 3 3 27 (B orda w inne r)
b 3 3 3 3 3 3 0 0 0 0 0 18
c 1 1 1 0 0 0 2 2 2 1 1 1 1

d 0 0 0 1 1 1 1 1 1 2 2 1 0

4.E. Examples of Positional Methods 85

a has 5 firs t-p lace  votes b has 6  firs t-p lace  votes
6  second-place votes 5 fo u rth - ( la s t-) p lace votes

Everybody w ho likes b be tte r than a nevertheless likes a second-best, 
w h ile  everybody w ho likes a be tte r than  b puts b a t the bo ttom  o f  the lis t. 
A cco rd ing ly , a w ins by  a d ra m a tic  m arg in  under the  B orda count.

4.E. Examples of Positional Methods

I  do no t in tend  a t th is  p o in t to  render a m ora l ju d g m e n t on the 
re la tive  m erits  o f  m a jo rita r ia n  and positiona l methods. I  w ish now m ere ly  
to observe th a t the  use o f one ra th e r than the  o the r makes a great d iffe r­
ence in  outcomes. Furthe rm ore , because the k in d  o f  pos itiona l vo tin g  one 
uses also makes a g rea t d ifference, I  w il l  describe three k inds b rie fly .

Plurality Voting

In  cons titu tiona l s truc tu re , the  p lu ra lity  m ethod is close to  s im ple 
m a jo r ity  decision. B o th  requ ire  s ing le-m em ber d is tr ic ts  o r un ique  o u t­
comes, and w h ich  one occurs is de term ined by  the  num ber o f  candidates 
o r a lte rna tives p u t fo rw a rd . I f  there are on ly  tw o , then s im ple m a jo r ity  
decision occurs; i f  m ore than tw o, p lu ra lity  occurs. P lu r a li ty  means select­
ing  the a lte rna tive  w ith  the m ost votes (w h ich  m ay o r m ay n o t be a 
m a jo r ity  o f  the  votes cast). T h is  m ethod o f  vo ting  thus in  e ffect selects the 
a lte rna tive  most fre q u e n tly  placed firs t in  voters’ preference orders. N a tu ­
ra lly , th is  need no t be a C ondorcet w inne r and p robab ly  o ften  is no t. For 
example, in  D isp lay  4-11, x  is the  p lu ra lity  w inner, y  is the  C ondorce t 
w inner, and x  loses to  a l l  o the r candidates in  a m a jo r ity  decision. E lec­
tions in  w h ich  som ething lik e  th is  m ay have occurred are the  p residentia l 
e lection o f  1912 and the  N e w  Y o rk  senatoria l e lection o f  1970, fo r  w h ich  
I  have guessed a t voters’ orderings, as depicted in  D isplays 4-12 and 4-13.

T h is  fea tu re  o f  p lu ra lity  vo ting  appears illo g ica l and inadequate to  
m any social choice theorists. In  te rm s o f a p a rtic u la r e lection, i t  m ay lead 
to  an undesirable choice. In  term s o f a series o f e lections, however, i t  has 
the effect o f  encouraging po litic ians  to  o ffe r exactly  tw o  candidates, thus 
achieving sim ple m a jo r ity  decision w ith o u t the  unfa irness invo lved in  the  
no tion  o f  m o n o lith ic  “ responsible”  parties. The m otive  is, as in  the forego­
ing  cases, th a t supporters o f  the  losers ( y  and z in  D isp la y  4-11, T a ft and
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Display 4-11

A Profile in  Which the Plurality Winner 
Loses to A ll Other Alternatives 

Under Majority Decision

D

Z>„ D 2, Z>3, Z>4: x y z
D 5, D 6„ D n: y z x
As. D 9: z y x

Plurality Winner

N u m b e r o f F irs t-P lace  Votes 

x  4 (P lu ra lity  w inne r)
y  3
z 2

Majoritarian Decision: Number of Votes 
for the Alternative in the Row 

When Placed in Contest Against 
the Alternative in the Column

x y z  

x  —  4 4
y  5 —  7 (C ondorcet w inner)
z 5 2 —

N o tice  th a t x  loses to bo th  y  and z.
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Display 4-12

Possible Profiles 
of the 1912 Presidential Election

F irst-p lace  votes
Possible orderings by voters 
w ith  given firs t-p lace  votes

42% W ilson 
27% Roosevelt 
24% T a ft 

7% O thers

W ilson , Roosevelt, T a ft 
Roosevelt, T a ft, W ilson  
T a ft, Roosevelt, W ilson

The p lu ra lity  w inne r is W ilson .

Majoritarian Decision: Percent of Votes 
for the Alternative in the Row 

When Placed in Contest Against 
the Alternative in the Column

W ilson  Roosevelt T a ft

W ilson —  42% 42%
Roosevelt 51% — 69% (C ondorce t w inner)
T a ft 51% 24% —

Display 4-13

Possible Profiles of the 
1970 New York Senatorial Election

F irst-p lace  votes
Possible o rdering  by voters 
w ith  given firs t-p lace  votes

39% Buckley (C on.) 
37% O ttin g e r (D em .) 
24% G oodell (R ep.)

Buckley, O ttin g e r, G oodell 
O ttinge r, G oodell, Buckley 
G oodell, O ttinge r, B uckley

The p lu ra lity  w inner is Buckley.
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D i s p l a y  4 -1 3  (C o n tinued )

Majoritarian Decision: Percent of Votes 
for the Alternative in the Row 
When Placed in Contest Against 
the Alternative in the Column

Buckley O ttin g e r G oodell

Buckley — 39% 39%
O ttin g e r 61% — 76%
G oodell 61% 24% —

(C ondorce t w inne r)

Roosevelt in  D isp lay  4-12, and O ttin g e r and G oodell in  D isp lay 4-13) like  
the w inne r least o f  a ll, and they know  th a t th e ir  fa ilu re  to  com prom ise is 
the prox im ate  cause o f the w inne r’s success. In  the next e lection, there­
fo re , they w ant to  com prom ise, and th is  is w ha t produces a tw o-candidate 
election.

In  the instances c ited, th is  is precisely w ha t happened. A fte r  1912, 
Progressives re turned to  the R epublican fo ld . A f te r  the 1970 election, 
where m any Republicans could not vote fo r  th e ir second choice, O ttinge r, 
because they believed h im  qu ite  incom petent, the D em ocrats com pro­
mised by o ffe ring  an obviously in te llig e n t candidate, M o yn ih a n , and ob­
ta ined thereby m uch m oderate R epublican support against Buckley, w ho 
ran in  1976 as a R epublican. Thus p lu ra lity  vo ting , w h ile  o ften  defective 
in  single elections, is p robab ly the m ain  force m a in ta in ing  over tim e  the 
sim ple m a jo r ity  decision th a t most people regard as desirab le .ls

A p p r o v a l  V o t i n g

A pp rova l vo ting  perm its  the voter to  cast one vote fo r as m any 
candidates as she o r he chooses, and the candidate w ith  the most votes 
w ins. Th is  m ethod is used, so fa r  as I  know, on ly  fo r honorary societies, 
b u t i t  has recently  been proposed fo r  na tiona l p rim aries and e lections . 16

I t  is an essentia lly positiona l o r po in t-coun t system, where one po in t 
is given fo r  each o f the j  places, j  <  m , in  the preference ordering , Z>„ fo r 
w h ich  i  chooses to vote. So approva l vo ting  is somewhere between p lu ra l-
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i ty  vo ting  and the Borda count. A s a pos itiona l system, approva l vo ting  
can lead to  the defeat o f  the C ondorce t w inner. Indeed, i t  can lead to  the 
defeat o f  a candidate w ith  a large absolute m a jo rity . I f  a ll voters decide to  
cast tw o  approval votes— one fo r each o f the firs t tw o  positions, as in  
D isp lay  4-14— then y  w ins, though x  is the C ondorce t w inner.

Display 4-14

A Comparison of Approval Voting 
and Majoritarian Voting

D

D \- D ix: x y z
D 62- D tx: y x z
D S2—D x0l: z y x

Approval Voting, Assuming Each Voter 
Votes for Two Alternatives

F irs t-p lace  votes Second-place votes T o ta l

x  61 2 0  81
y 2 0 81 101 (A p p ro va l w inne r)
Z 2 0 0 2 0

Majoritarian Decision: Number of Votes 
for the Alternative in the Row 
When Placed in Contest Against 
the Alternative in the Column

x y z

x  —  61 81 (C ondorce t w inne r)
y  40 —  81
z 2 0  2 0  —



90 Voting Methods w ith  Three or More A lternatives

The reason approva l vo ting  is urged as a replacem ent fo r the p lu ra l­
i ty  m ethod is th a t i t  w ou ld  p robab ly  select the C ondorcet w inne r in  cases 
lik e  those o f  1912 and 1970, where supporters o f  the  losers ra te  the w in ­
ners last. Furtherm ore , in  p res identia l p rim aries i t  w ou ld  p robab ly  en­
courage the  selection o f moderates, because p a rty  members o f a ll beliefs 
w ou ld  be lik e ly  to  vote fo r  the moderates. S till,  its  dynam ic e ffect w ould  
probab ly  be to  increase the num ber o f  candidates offered (especia lly in 
p rim aries), so th a t s im ple  m a jo r ity  decision w ou ld  a lm ost never occur.

The m otive  w ou ld  be th a t supporters o f a m in o r ity  candidate m ig h t 
believe th a t they could co llect enough second-, th ird - , —  , j lh place votes 
to  w in . In  p rim aries, th is  dynam ic  fra c tio n a liza tio n  w ou ld  s im p ly  s p lit up 
the parties. B u t in  elections the effect w ou ld  probab ly  be worse: The force 
in  the  p lu ra lity  system tow ard  s im ple m a jo r ity  decision m ig h t be dis­
sipated. I t  does seem m yop ic to  abandon a system d ynam ica lly  m oving 
tow ard  tw o-cand ida te  choice and to  accept one k in d  o f  fa ilu re  to  choose 
a C ondorcet w inne r (nam ely, perm anent m u ltip a rty ism  o r m u ltifa c tio n ­
a lism ), s im p ly  to  avoid another k ind  o f  fa ilu re  (occasional p lu ra lity  
w inners).

The Borda Count

The Borda count is, as noted in  section 4 .D , a s im ple version o f 
scoring methods— th a t is, o f  ascerta in ing the order o f  a lternatives based 
on the  net num ber o f  positions o f precedence. I t  is im p o rta n t not to  th in k  
o f  the Borda score as some k in d  o f u t i l i t y  fu n c tio n . 17 Just because a voter 
places x  firs t am ong five (4  po in ts) does no t mean he or she likes x  tw ice  
as m uch as y  in  th ird  place (2  po in ts). The points are s im p ly  a device to 
count “ aheadness.”  Th is  de fin ition  o f w inn ing  in  term s o f  aheadness is 
w ha t renders the Borda count especially a ttra c tive  fo r m any people. I t  is 
also, however, w ha t renders i t  especially vu lnerab le  to  strange and para­
dox ica l results when the  num ber o f  a lte rna tives (and hence o f positions) is 
varied. In  such circum stances, there are problem s w ith  a ll vo ting  systems, 
b u t the Borda count seems p a rtic u la r ly  prone to  such d is to rtions. For 
example. F ish bu rn  has shown the poss ib ility  o f  these b iza rre  results : 18

1. I f  the  o rde ring  induced on X  by the Borda count is y  a b c, and i f  y  is 
then removed fro m  X , the  o rdering  on ( X  — {y }) can then be reversed 
to  c b a, as in  D isp lay  4-15.

2. The inverse o f  th is  paradox is: I f  the o rdering  on X  is a b c y ,  then the 
o rdering  on ( X  — {y }) can be c b a.

3. Suppose y  is the  Borda w inne r in  X . I t  m ay be th a t, fo r a ll the possible 
proper subsets o f X  con ta in ing  y  and a t least one o ther a lte rna tive , y  is
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the Borda w inner in  on ly  one subset. (A  proper s.ubset is a subset th a t 
does not inc lude a ll mem bers o f the set.) So, i f  X  has, say, m  =  6  

alternatives, there are (2 m " 1 — 2) =  30 proper subsets con ta in ing  y  
and a t least one o ther a lte rna tive , and i t  is possible th a t y  loses in  29 o f 
them  and s t i l l  w ins in  X .

The im p lic it  ju s tifica tio n  o f the  Borda count is th a t pos itiona l in fo r­
m ation  should be considered. These perversities, however, suggest th a t the 
m ethod is qu ite  sensitive to  the  num ber o f positions, and th a t fa c t casts 
some doubt on the ju s tifica tio n .

F ina lly , there is a p rac tica l d iff ic u lty  w ith  the  Borda m ethod, one i t  
shares w ith  C ondorcet extensions such as K em eny’s. T h a t d iff ic u lty  is the 
onerous task o f co llec ting  com plete preference orders, £>,, fro m  a ll i  in  N . 
For m ore than three a lternatives, m any voters find  o rdering  d iff ic u lt.

Conclusions

Positional methods are sensitive to  the  positions used. Indeed, i t  is 
possible th a t w ith  exactly  the same p ro file , D , p lu ra lity  vo ting  w il l  p ro­
duce one w inner, approval vo ting  another, and the Borda count yet 
another. Th is  is perhaps as i t  should be, because each involves add ing  
some pos itiona l in fo rm a tio n ; b u t i t  also suggests th a t the outcom e is as 
m uch dependent on the m ethod o f coun ting  votes as i t  is on the  voters’ 
judgm ents. In  D isp lay 4-16 is an exam ple where D  is constant, X  =  
( a, b, c, d ), and n =  13; the  w inners are

P lu ra lity :

A pp rova l:

A pp rova l:

Borda:

a

b, where each vo ter votes fo r tw o  candidates

c, where each vo ter votes fo r three candidates 

d

Inc iden ta lly , there is no C ondorcet w inner; bu t the Copeland w inners are 
a and d; the S chw artz  w inners are a, b, c, d; and the Kem eny w inners are 
b and d.

In  D isp lay 4-16, w ith  ju s t one p ro file  o f  preferences, there are fo u r 
d iffe re n t social choices fro m  fo u r methods o f aggregation. F urtherm ore , 
these methods are no t w ild ly  d iffe ren t. T hey are a ll based on the  no tion  o f 
aheadness, w h ich  is im p lic it in  pos itiona l methods. The inescapable in fe r­
ence is th a t social choice depends as m uch on methods o f aggregation 
( th a t is, on social in s titu tio n s ) as i t  does on in d iv id u a l values and tastes.
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Display 4-15

A Paradox w ith tlie Borda Count

L e t X  =  (y , a, b, c).

D  on X

D u D 2: y  c b  a
D 2, D a: a y  c b
D it D 6: b a y  c
A : y  c b  a

Borda Count for D on X: Number of Points 
for Alternatives in Rows, 

Preference Orders in Columns

D , d 2 D 3 D , D , D i To ta l

y 3 3 2 2 1 1 3 15
a 0 0 3 3 2 2 0 1 0

b 1 1 0 0 3 3 1 9
c 2 2 1 1 0 0 2 8

T he  o rdering  induced on X  by the  Borda count is y  a b c. 

L e t (X  — {y }) =  {a, b, c}.

D  on { X  — {y})

D |, D 2: c b a
A .  D a: a c  b
D s, D 6: b a c
Dy. c b a
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Borda Count for D on (X — {y)>: 
Number of Points for 
Alternatives in Rows, 

Preference Orders in Columns

A d 2 d 3 D t D , D 6 d 2 T o ta l

a 0 0 2 2 1 1 0 6

b l 1 0 0 2 2 1 7
c 2 2 1 1 0 0 2 8

The o rdering  induced on ( X  — {y }) by  the B orda coun t is c b a.

Display 4-16

A Profile of Four Alternatives 
in  Which Four Positional Methods 
Each Lead to a Different Winner

D

D\y &2-> ^ 3» ^ 4* a d  c b
D y b a d e
D t , A " b a c d

^9* D l0: c b d  a

Ai> D\2: d  b c a
A ,: d  c b a

Plurality Method

N u m b e r o f F irs t-P lace  Votes

a 4 (P lu ra lity  w inne r)
b 3
c 3
d  3
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D i s p l a y  4 -1 6  (C on tinued )

Approval Voting 
Assuming Each Voter Casts Two Votes

F irs t-p lace  votes Second-place votes T o ta l votes

a 
b 
c 
d

4
3
3
3

3 
5 
1
4

8  (W in n e r)
4
7

Approval Voting Assuming 
Each Voter Casts Three Votes

F irs t-p lace  Second-place T h ird -p lace  T o ta l
votes votes votes votes

a 4 3 0 7
b 3 5 1 9
c 3 1 8 12 (W in n e r)
d 3 4 4 1 1

Borda Count: Number of Points 
for Alternatives in Rows, 

Preference Orders in Columns

D , D< Ds d 6 D , D t d 9 D>o D n D » Tota l

a 3 3 3 3 2 2 2 0 0 0 0 0 0 18
b 0 0 0 0 3 3 3 2 2 2 2 2 1 2 0

c 1 1 1 1 0 1 1 3 3 3 1 1 2 19
d 2 2 2 2 1 0 0 1 1 1 3 3 3 21 (B orda w inner)
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4.F. Utilitarian Methods of.Voting

M a jo r ita r ia n  methods base decision on how m any tim es x  is ahead 
o f one other a lte rna tive . Positional methods base decision on how m any 
tim es x  is ahead o f  a ll o ther a lte rna tives. N e ith e r bases decision on voters’ 
d ire c t va lua tion  o f  a lternatives, a lthough pos itiona l methods are some­
tim es m istaken ly so in te rpre ted . M a n y  w rite rs , however, have argued th a t 
the in tens ity  o f judgm en t o r d ire c t va lua tion  ough t to  be incorpora ted  in to  
the  decision . 19 The vo ting  m ethod should reveal no t on ly  th a t x  is ahead o f 
y , bu t by how  m uch. M ethods th a t a tte m p t th is  are here called u t i l i ta r ia n  
because they involve the construction  and sum m ation  o f u t i l i t y  numbers.

U t i l i t y  is a measure on preference. G iven tw o objects, x  and y  (such 
as yea and nay votes), and an in d iv id u a l choice o f  x  over y  (w h ich  is a 
judgm en t o f preference), the  act o f choice reveals to  an observer th a t the 
chooser likes x  be tte r than y . B u t no th ing  in the act its e lf reveals how  
m uch better. The task o f  m easurement is to  state “ how m uch”  on some 
scale or another. D istances on the scale are u tilit ie s  and as such are a 
measure on preference.

U n t i l  recently, most social scientists were re luc tan t to  use notions o f 
ca rd ina l u t i l i t y  because a ll methods o f measurement seemed a rb itra ry . In  
the last generation, however, the Von N eum a n n -M o rg e n s te rn  m ethod has 
come to  be accepted, and proposals fo r u t i l ita r ia n  vo ting  depend, a t least 
theo re tica lly  and conceptually, on the existence o f th is  m ethod . 2 0

The them e o f the Von N e u m a n n -M orgens te rn  m ethod is th a t the 
outside observer can, by conducting  an experim ent, a rrive  a t an exact, 
externa l, ca rd ina l measure o f the chooser’s o rd ina l preference. The pro to ­
col o f the experim ent is:

1. O ffe r the subject three or m ore a lte rna tives and obta in  a tra n s itive  and 
complete o rdering  (e.g., x  R , w R , . .  . R , z).

2. For three a lternatives, the most and least p re ferred and the one in 
between (say, x , y , and z), give the most p re ferred, x , a u t i l i ty ,  u (x )  o f 
some m axim um , «max (e.g., le t u (x )  = 1 ); and s im ila r ly  fo r the  least 
pre ferred, z, g ive some m in im u m , «min (e.g., le t w(z) =  0 ). T h is  gener­
ates a scale fro m  zero to  1  on w h ich  y  m ust be located.

3. O ffe r the subject a choice between tw o  a lternatives.
a. The lo tte ry  a lte rna tive : U sing  some chance m echanism , the sub­

je c t receives x  w ith  p ro b a b ility  p  and z w ith  p ro b a b ility  ( 1  — p ). 
H ere  p  is an o rd in a ry  p ro b a b ility  num ber, 0 <  p  <  1 and p +  
(1 — p ) =  1. The expected u t i l i t y  o f th is  gam ble is: p  u (x )  -f- 
( 1  -  p )  « (z ).
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b. The ce rta in  a lte rna tive : T he  subject receives y  fo r certa in .
O f  course, the  sub ject’s choice w il l  be affected by the  va lue o f  p . I f  p  is 
la rge (i.e ., close to 1 ), then the  expected value o f the lo tte ry  is large; 
w h ich  means tha t, when the chance m echanism  is operated, the  subject 
is lik e ly  to  receive the m ost-pre ferred  a lte rna tive . H ence he o r she is 
lik e ly  to  choose a lte rna tive  a (the  lo tte ry  a lte rna tive ). I f ,  however, p  is 
sm a ll (i?e., close to zero), then the  expected value o f the  lo tte ry  is low, 
w h ich  means th a t the  subject is lik e ly  to  receive the least-preferred 
a lte rna tive . Hence he or she is lik e ly  to  choose b, (the  ce rta in  a lte rna­
tive ), w h ich  assures the  rece ip t o f  the  m ed ium  a lte rna tive .

4. O ffe r the subject these choices repeatedly, beg inn ing w ith  p  suffi­
c ie n tly  h igh  th a t he or she chooses the lo tte ry . Repeat, low ering  p  
system atica lly, u n til the subject cannot decide between a lternatives a 
and b. T h is  indecision is in te rp re ted  as m eaning th a t the  expected 
u t i l i t y  o f  the lo tte ry  is exactly  equal to  the  u t i l i t y  o f the  ce rta in  a lte rna­
tive , w h ich  thus generates a value fo r u (y ) . T h a t is

p  u (x )  +  ( 1  -  p )  « (z ) =  u {y )

R eca ll th a t u (z ) =  0, so the equation reduces to

p  u (x )  =  u (y )

A n d  since u (x )  =  1,

u (y )  =  p

5. For o ther a lte rna tives besides y ,  repeat using u (x )  =  1 and u (z ) =  0.

T h is  experim enta l procedure is an externa lized analogue o f  w ha t 
people p robab ly  go th rough— in a casual, p riva te , un fo rm a lized  way—  
when they decide w hether to  take  a risk , fo r exam ple, w hether to  buy 
insurance a t a p a rtic u la r price. Hence i t  assumes ju s t about w ha t is as­
sumed in  the no tion  o f  risks. S pecifica lly, to  produce ca rd ina l u til it ie s  by 
th is  experim ent, the fo llow ing  axiom s m ust be assumed to  be true : 1

1. T ra n s itiv ity  and  completeness. The re la tions o f preference and in d if­
ference are trans itive  and com plete over the set o f  a lternatives, X , and 
x  P ,y  fo r a t least one pa ir, x  and y .

2. A x io m  o f  A rch im edes. There  is a p ro b a b ility  num ber, p , and a lo tte ry , 
L (p ) ,  based on p , such th a t the chooser is in d iffe ren t between the
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u t i l i t y  o f  the  lo tte ry  and the  u t i l i t y  o f  an a lte rn a tive  y  th a t is ne ithe r 
best nor worst.

L e t the  chooser o rder the  a lte rna tives fro m  best to  w orst, say, 
x , . . . ,  z, so th a t the m ax im um  u t i l ity ,  uma%, is the  u t i l i t y  o f  x , u (x ) , 
and the  m in im u m  u ti l ity , umin, is the  u t i l i t y  o f  z, u (z ). Then

u L  (p )  =  p  umax +  ( 1  -  p )  umi„

Then the axiom  is th a t

u { y )  I , u L  ( p )

3. C on tinu ity . As p  varies fro m  zero to  1, u L  (p )  varies fro m  «min to  ttm„ .

4. S u b s titu ta b ility . A n  a lte rna tive  y  can be replaced by its  equ iva len t 
lo tte ry , L  (p ) , as iden tified  by the  axiom  o f  A rch im edes (ax iom  2).

I t  is apparent th a t axiom s 1 , 3 ,  and 4 are s im p ly  techn ica l conve­
niences fo r the  experim ent, though ax iom  1  does impose the  substantive 
lim ita t io n  th a t X  consist o f  com parable  th ings. A x io m  1 is necessary to  
ju s t ify  the sub ject’s in it ia l o rdering  in  the  experim ent. A x io m  3 is a con­
ventiona l co n tin u ity  ax iom  to  ju s t ify  the use o f  p . A x io m  4 is necessary to  
ju s t ify  the lo tte ry  procedure. T he  m a in  substantive assum ption is, there­
fore , ax iom  2, w h ich  is o ften  expressed b lu n tly  as “ E ve ry th in g  has a 
p rice .”

Does everyth ing , o r ra th e r every risk , have a price? People do indeed 
p rice  tra d in g  risks, and the  experim ent externalizes the in te rn a l r isk ­
p ric ing  mechanism . Consequently, ca rd in a l u t i l i t y  is q u ite  usable in  eco­
nom ic theory. B u t w ha t about p o lit ic a l theory?  I t  seems to  me th a t m any 
a lternatives outside the econom ic sphere are unpriceab le  or, m ore accu­
ra te ly , incom m ensurate in  value w ith  o ther a lte rna tives. Doubtless i t  is 
easy to measure some p o lit ic a l values such as how m uch someone w ou ld  
p re fer m ore police officers to  m ore trash co llectors o r how  m uch  one 
w ould  pre fer low er taxes to  e ithe r o r both . B u t i t  is p robab ly  im possib le to  
measure how m uch one prefers m ore na tiona l sovereignty to  less na tiona l 
w ealth , or vice versa. M a n y  persons m ig h t find  such tradeoffs inca lcu lab le  
s im p ly  because in th e ir judgm ents  independence (o r w ea lth ) m ust firs t be 
achieved before the  o ther can be considered a t a ll. I f  so, the goals are 
incom m ensurate, and there  is no tra d e o ff and no price. So one can m ake 
o rd ina l, b u t not ca rd ina l, comparisons.

Nevertheless, several k inds o f vo ting  w ith  ca rd in a l u til it ie s  have 
been proposed.
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4.G. Examples of Utilitarian Methods

The com m on them e o f the fo llo w in g  methods is th a t the  supposed 
in tens ity  o f each vo te r’s preference is inc luded in  the  social sum m ation. 
The differences am ong them  are m a in ly  to  rem edy techn ica l defects, no 
one o f w h ich  is as serious as the  m isguided a ttem p t to  measure incom m en- 
surables?

Summation of Cardinal U tility

A pparen tly , B entham  considered the sum m ation  o f ca rd ina l u t i l i t y  
as a decision process, even ev idently  using money as a m easure . 21 I t  is now 
w e ll understood, as i t  was not in  B en tham ’s day, th a t the  re la tion  between 
m oney and the  u t i l i t y  o f  m oney is no t linea r ( th a t is, one m ay w an t a 
second d o lla r over a firs t fa r m ore than  one wants a m illio n th  over a 
999 ,999 th ). Hence, today B en tham  m ig h t opt fo r  Von N e u m a n n - 
M orgenstern  u t i l i t y  ra the r than fo r  money; b u t the no tion  o f  sum m ation 
o f some k ind  o f ca rd ina l u t i l i t y  is fundam enta l to  his idea o f m ax im iz ing  
social happiness by choosing the  a lte rna tive  w ith  the  largest sum . 2 2

Demand-Revealing Methods

These methods o f decision, described in  section 3.D , can be extended 
easily to  three or m ore a lte rna tives . 2 3  T hey are a sum m ation  m ethod 
w ith  the  added fea tu re  o f (p a r tia lly )  encouraging a tru e  reve la tion o f 
judgm en t.

M ultiplication of U tilities

T h is  m ethod consists o f  m easuring a ll persons’ u tilit ie s , using as the 
o rig in  some status quo po in t, and, fo r each a lte rna tive , m u ltip ly in g  voters’ 
u til it ie s  fo r it ,  selecting the  a lte rna tive  w ith  the largest p roduct . 2 4  The 
ra tiona le  fo r using the m ax im um  product ra the r than the m ax im um  sum 
is th a t the fo rm e r satisfies an ax iom  o f consistency in  choosing fro m  a set 
and its  subsets. (See section 5.F.)

Conclusions

U tili ta r ia n  methods are ne ither m a jo rita r ia n  nor pos itiona l. Because 
they base decision on in tens ity , no t on numbers, they can easily select 
a lternatives no t favored by a m a jo rity , even when a C ondorcet w inner 
exists. S im ultaneously, they can fa i l  any one o f the  positiona l tests by
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selecting a lternatives no t m ore frequen tly  s tand ing ahead o f  others in  D. 
One reason some people re ject u t i l ita r ia n  methods is th a t the  emphasis on 
in tens ity  m ig h t lead people to  exaggerate th e ir desires s im p ly  to  make 
them  count fo r more. D em and-revealing methods tend to  squelch th a t 
maneuver, bu t they do not o therw ise change the non m a jo rita ria n , non- 
pos itiona l character o f  the u t il ita r ia n  decision process.

4.H. Criteria for Judging 
Voting Methods

I t  is c lear fro m  the forego ing  survey th a t m a jo rita r ia n , pos itiona l, 
and u t i l ita r ia n  methods o f vo ting  lead to  d iffe re n t social results, o ften  
s tr ik in g ly  d iffe ren t, fro m  the  same unde rly ing  in d iv id u a l judgm ents . I t  
seems na tu ra l to  wonder, there fore , i f  there is any w ay to  d isc rim ina te  
among th is  p le thora  o f  devices and to  discover a w ay to  am algam ate  ju d g ­
ments fa ir ly  and tru ly . There are m any c r ite r ia  fo r d isc rim in a tio n , and I  
w il l  discuss some here. W he the r they lead to the d iscovery o f  a fa ir  and 
tru e  m ethod I  leave to  the reader’s ju d g m e n t— though m y own b e lie f is 
th a t they do not.

I  w il l  begin by show ing how the properties o f  s im ple  m a jo r ity  deci­
sion discussed in  C hap te r 3— undifferentiatedness (a n o n ym ity ), n e u tra l­
ity , and m ono ton ic ity— can be generalized to  accom m odate th ree  o r m ore 
a lternatives. Those three c r ite r ia  are, in  some sense, e lem entary requ ire ­
ments o f fairness and consistency, and m ost o f the vo ting  m ethods dis­
cussed in  th is  chapter satis fy  most o f  them . I  w il l  then in troduce  three 
deeper requirem ents o f fairness, w h ich  em body some o f the m ora l requ ire ­
ments raised in  th is  chapter.

Undifferentiatedness

I f  the choice fro m  D  is x , and i f  the in d iv id u a l orderings are 
reassigned among voters to  fo rm  £>', the social choice in  D ' rem ains x . 
S ince pe rm u ting  the  preference orders does not change the  outcom e, i t  
fo llow s th a t the id e n tity  o f voters has no effect on the social choice, w hich 
is exactly  w hat und ifferentia tedness should mean . 2 5

Neutrality

I f  a social p ro file  yields a choice x , and i f  the elements o f  X  are 
perm uted, thereby crea ting  a new pro file , then the choice fro m  the  new
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pro file  is the pe rm u ta tion  o f  x . S ince a rearrangem ent o f  a lternatives 
leads to a corresponding rearrangem ent o f  outcomes, i t  fo llow s th a t no 
a lte rna tive  has a favored position in  the  vo ting  system, w h ich  is exactly  
w ha t n e u tra lity  should m ean . 2 6

Monotonicity

I f  a p ro file  changes because some person raises the va lua tion  o f x  
re la tive  to  o ther a lternatives, then, i f  x  was o r ig in a lly  the social choice, i t  
rem ains so. Conversely, i f  a person lowers the va lua tion  o f  an x  th a t was 
not o r ig in a lly  the social choice, i t  does not become so. T h is  means th a t a 
h igher jud g m e n t on a w in n in g  a lte rna tive  cannot m ake i t  lose; nor can a 
low er ju d g m e n t on a loser make i t  w in . 2 7

A  s im ila r genera liza tion  applies to  unan im ity , as an im p lica tio n  
fro m  m onoton ic ity . For u nan im ity , corresponding to  the  weak un a n im ity  
o f  equation (N 3 .6 ) , if, fo r  some a lte rna tive , y , a ll persons pre fer some 
o the r a lte rna tive (s ) to  it ,  then y  cannot be the social choice. T h is  means 
th a t an a lte rna tive  unan im ously beaten by one o r m ore others cannot 
w in . 28

The Condorcet Criterion

A ccord ing  to  the firs t “ deeper”  requ irem ent o f  fairness and consis­
tency, the C ondorcet c rite r io n , i f  an a lte rna tive  beats (o r ties) a ll others in  
pa irw ise contests, then i t  ough t to  w in . 2 9  T h is  no tion  is closely re la ted to  
the notion o f  equa lity  and “ one m an, one vote,”  in  the sense th a t, when an 
a lte rna tive  opposed by a m a jo r ity  w ins, qu ite  c lea rly  the  votes o f  some 
people are no t being counted the  same as o ther people’s votes.

Consistency

The consistency requ irem ent concerns the  w ay votes are taken fro m  
the  electorate. I f  the electorate is d iv ided in to  tw o  parts fo r e lection pu r­
poses and i f  one a lte rna tive  is chosen in  both parts, then i t  ought to  be 
chosen in the w ho le . 3 0

T h a t th is  requ irem ent contains a fundam enta l k in d  o f  fairness 
seems obvious. I f  a w inne r is a true  w inner, subd iv id ing  the  electorate 
ough t no t to m ake i t  a loser. I f  consistency fa ils  to  ho ld , therefore, m an ip ­
u la tion  is rendered easy. Suppose x  w ins in  the  w hole electorate and the 
vo ting  m ethod fa ils  to  satis fy  consistency. Then  opponents o f  x  have 
m ere ly to set up tw o app rop ria te ly  chosen subelectorates, define the w in ­
ner as th a t a lte rna tive  w h ich  w ins in  both , and thereby m ake y  w in .
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Independence from Irrelevant Alternatives

T he  independence c rite r io n  requires th a t a m ethod o f  decision give 
the  same resu lt every tim e  fro m  the  same p ro file  o f  o rd in a l preferences . 31 

T h is  too seems a fundam en ta l requ irem ent o f  consistency and fairness to  
prevent the  rigg ing  o f elections and the  unequal trea tm en t o f  voters; b u t i t  
has nevertheless been seriously d isputed . 3 2

4.1. Judgments on Voting Methods

D o the methods described in  th is  chapter sa tis fy  the c r ite r ia  ju s t 
listed? The answer is unequ ivoca lly  negative. I  w il l  dispose firs t o f  w ha t 
seem obvious (and, in  some cases, m in o r) v io la tions, so th a t I  can then 
discuss the m ain  (and m ostly  serious) v io la tions by each m ethod o f  vo ting .

Minor Violations of Fairness

M o n o to n ic ity  is satisfied by a ll the  vo ting  m ethods except ru n o ff 
elections. { A l l  e lim in a tio n  procedures can v io la te  m o n o to n ic ity  and are 
thus h ig h ly  suspect.) A l l  methods here discussed except the  S chw artz  ru le  
sa tis fy  unan im ity . The  S chw artz  ru le  fa ils  s im p ly  because, when there  is 
an a ll-inc lus ive  cycle, i t  includes a ll a lte rna tives, even those unan im ously 
dom ina ted . 33

T he  n e u tra lity  c r ite r io n  is satisfied by  a ll b u t the  am endm ent proce­
dure, and i t  is precisely th is  v io la tio n  th a t a llow s the  procedure to  w o rk  
reasonably w e ll on three a lte rna tives— a lthough  the  v io la tio n  does not 
he lp  on m ore a lternatives.

Except fo r the v io la tio n  o f n e u tra lity , the  fo rego ing  are indeed seri­
ous; b u t there  are even m ore s ign ifican t v io la tions, to  w h ich  I  now tu rn .

N o  one o f  the three categories o f  vo ting  m ethods satisfies a ll 
c r ite r ia :

M a jo r ita r ia n  methods v io la te  the  consistency c rite r io n .

Positional methods v io la te  the  C ondorce t c r ite r io n ; moreover, the  
Borda count v io lates independence, and approva l vo ting  v io lates un- 
d ifferentiatedness (a n o n ym ity ).

U t i l i ta r ia n  methods v io la te  th e  independence c rite r io n  and, as 
po inted ou t in  section 3 .D , dem and-revealing m ethods v io la te  
undifferentiatedness.
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Violation of Consistency
by Majoritarian Methods

T h a t m a jo rita r ia n  methods v io la te  the  consistency c r ite r io n  has 
been shown by H . P. Young, w ho also proved in  general th a t “ scoring 
func tions”  (w h ich  are pos itiona l m ethods) are the on ly  o rd ina l methods 
th a t sa tis fy  consistency . 3 4  U t i l i ta r ia n  methods, invo lv ing  sum m ations 
o f ca rd ina l num bers, also sa tis fy  th is  c rite r io n . The reason m a jo rita ria n  
methods fa il is th a t, since they count on ly  s im ple m a jo rities  on pairs, an 
a lte rna tive  th a t w ins o r comes close in  TV1 b u t fa ils  in  TV2  m ay p ick  up 
enough votes in  TV2 to  w in  in  TV. Positional methods, w h ich  keep tra c k  o f 
the  pa irw ise re la tions, do no t a d m it th is  anom aly.

For exam ple, in  D isp lay  4-17, using some m a jo rita r ia n  methods 
(say, the  C opeland ru le  o r the  S chw artz  ru le ), i f  75 voters are d iv ided  in to  
d is tr ic t 1 (TV1 =  30 voters) and d is tr ic t 2 (TV2 =  45 voters), w ith  D ' and 
D 1 on th ree  a lternatives, then x  w ins in  TV1 and ties in  TV2 b u t loses to  y  in  
TV1 +  TV2— in  clear v io la tio n  o f consistency, w h ich  requires th a t a w inner 
in  both TV1 and TV2 also w in  in  TV1 +  TV2. As G ideon D oron  rem arks, the 
fa ilu re  o f consistency is an in v ita tio n  to  gerrym ander . 35

The fa ilu re  o f m a jo rita r ia n  methods to  sa tis fy  consistency is, p ra c ti­
ca lly , a very serious defect. T h is  is illu s tra te d  in  the  h is to ry  o f senatoria l 
elections in  the U n ite d  States. In it ia lly , state legislatures used several 
vo ting  methods. F rom  1866 to  1913, however, the u n ifo rm  m a jo rita ria n  
ru le  was: I f  a candidate obta ins a s im ple m a jo r ity  in  both  houses s ittin g  
separately, he w ins; otherw ise, the  houses s ittin g  together elect by sim ple 
m a jo rity . T h is  is exactly  the  s itua tion  o f the  consistency c rite r io n . As 
m ig h t be expected, there were m any deadlocks— 45 ou t o f  about 130 fro m  
1891 to  1905, o f w h ich  14 resulted in  no e lection a t a l l . 3 6  A lm o s t ce rta in ly  
some o f these deadlocks resulted fro m  the  fa ilu re  to  sa tis fy  the  consis­
tency c rite r io n .

To see how deadlock m ig h t occur, assume some candidate, y , can 
w in  on the  jo in t  b a llo t, as in  D isp lay  4-18, w h ile  some o ther candidate, w, 
can w in  o r tie  in  bo th  houses separately. Some o f the  supporters o f w—  
namely, the  s ix members o f  group IV  in  the D isp lay— are c ru c ia l fo r y  to 
beat x  on the  jo in t  ba llo t. S ince the members o f group IV  have a strong 
m otive no t to  a llow  y  to  w in , one can expect deadlock in  the  houses s ittin g  
together, thus:

41 votes fo r x

43 votes fo r y  

6  votes fo r w
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Display 4-■17

Violation of Consistency
by Majoritarian Methods

D ' ( fo r  TV1) D 2 ( fo r  TV2)

D , - D n : x y z Z>3 x z y
y  z x D » -D 60: y x z

D 26- D 30: z x y Dbx-D-is- z y x

Num ber o f Votes fo r the A lte rna tive

in  the  Row When Placed in  Contest

Against the A lte rna tive : in  the Colum n

D ' D 2

x y z x y z

x  —  22 17 x  —  14 30
y  8  —  25 y  31 — 16
z 13 5 — z 15 29 —

In  TV1, x  is the C ondorcet w inner. In  TV2, x , y , and z tie  in  t
x z y  x .

U sing  the Copeland or S chw artz  methods, x  is chosen in  N '
y , and z are chosen in  TV2.

D ' + D 2 ( fo r  TV1 +  TV2)

7: x y z  (17 voters)
Z>31-Z>44: x z y  (14  voters)

y  z x  ( 8  voters)
y x z  (16 voters)

D 2g -D 2a: z x  y  (5 voters)
z y  x  (15 voters)
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D i s p l a y  4 -1 7  (C ontinued)

Number of Votes for the Alternative 
in the Row When Placed in Contest 

Against the Alternative in the Column

D ' +  D 2 

x  y  z 

x  -  36 47
y  39 —  41 (C ondorce t w inne r)
z 28 34 —

N o tice  th a t, w h ile  x  is chosen in  both  TV1 and TV2 (th a t is, x  is the 
C ondorcet w inne r in TV1 and is in  the  cycle o f  tied  a lternatives in  TV2), s ti l l  
y  w ins under any m a jo rita r ia n  m ethod in  TV' +  TV2. Since consistency 
requires tha t, i f  an a lte rna tive  w ins in  TV1 and in  TV2, then i t  m ust w in  in  
TV1 +  TV2, and since x  w ins in  TV1 and in  TV2 b u t loses in  TV1 +  TV2, the 
m a jo rita r ia n  methods fa il to  sa tis fy  consistency. I f ,  however, the  Borda 
count, as a typ ica l pos itiona l m ethod, is used, then consistency is satisfied.

Number of Points for Alternatives 
in Rows, Preference Orders in Columns

D ' ( fo r  TV')

D\—A  7 A 8- A s A * - A o T ota l

X 34 0 5 39 (B o rda  w inne r)
y 17 16 0 33
Z 0 8 10 18

D 2 ( fo r  TV2)

TT3 TT4 4  D 4 5—D 6Q D t  ] —/T7 5  To ta l

x
y
z

28
0

14

16
32

0

0
15
30

44
47 (B orda  w inne r) 
44
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D ' +  D 2 ( fo r  TV1 +  TV2)

A ~ A  7 A *- As ^ ! 6 _ ® 3 0 A i—A« ^ 4 5 — As . - * > 7 5 T o ta l

X 34 0 5 28 16 0 83 (B o rda
y 17 16 0 0 32 15 80 w inne r)
Z 0 8 10 14 0 30 62

N o tice  th a t, since no a lte rna tive  w ins by the  B orda m ethod in  bo th  
TV1 and TV2, consistency imposes no requ irem ent on the  w inne r o f
TV1 +  TV2.

F a iling  consistency, then, m a jo rita r ia n  methods are a t least im p ra c tica l as 
w e ll, perhaps, as un fa ir.

Violation of Independence
by the Borda Count

The fa ilu re  o f the Borda count to  sa tis fy  independence can be seen 
in  D isp lay 4-19. Suppose a com m ittee  (m em bers 1 , 2 , 3 )  is to  aw ard  a 
scholarship to  one o f  th ree  app licants (a , b, c ), using the  B orda count. 
In it ia lly , in  p ro file  D ’ , the vote results in  a tie  between a and c. Suppose 
m em ber 2 revises his o rde ring  to  c b a, p roduc ing  a new p ro file , D . T hen  c 
w ins. The independence c rite r io n  requires th a t id e n tica l pro files on a sub­
set, S , o f a set, X , produce iden tica l outcomes. L e tt in g  5  =  (a , c) and 
X  =  (a, b, c ), then D ’ and D  are id e n tica l on S' because m em ber 2 
changed on ly  the  re la tio n  o f  a and b in  D , n o t o f  a and c. In  D ’ app licants 
a and c tie , b u t in  D  app lican t c w ins in  d ire c t v io la tio n  o f  the  indepen­
dence c rite r io n . I t  is tru e  th a t in  bo th  D  and D ’ the  C ondorce t w inne r is c 
and m em ber 2 can be said to  have produced a “ fa ire r”  outcom e by  his 
sw itch; b u t the  sw itch  nevertheless reveals a v io la tio n  o f independence. 
The c rite r io n  o f  independence fro m  irre le va n t a lte rna tives, by re q u irin g  
th a t the same o rde r on S  in  pro files D ‘ and D  produce the  same resu lt, 
reveals a serious defect in  the  B orda rules themselves.

Violation of Undifferentiatedness 
by Approval Voting

U ndifferentia tedness requires th a t the  choice rem a in  the  same when 
preference orders are perm uted am ong voters.37 S ince, however, d iffe re n t



106 Voting Methods w ith  Three or More A lternatives

Display 4-18

Deadlock in a Senatorial Election

D ' (fo r TV1 w ith  30 voters)

G roup A lte rna tives

I. Z>,-Z>16: w  x  y  z (16 voters)
I I .  D l7—D 26: y w  x  z (10 voters)

I I I .  D 2 7—Z^3o’ z y  x  w  (4  voters)

Number of Votes for the Alternative 
in the Row When Placed in Contest 

Against the Alternative in the Column

D 1

W X y z

w — 26 16 26 (C ondorce t w inne r)
X 4 — 16 26

y 14 14 — 26
Z 4 4 4 —

D 2 ( fo r  TV2 w ith  60 voters)

G roup  A lte rna tives

IV . Z>„-Z>36: 
V. D y j-D 6l: 

V I .  D 42—Z)84: 
V I I .  D as- D 90:

w y x z  (6  voters) 
x  z y w  (25 voters) 
y  z w x  (23 voters) 
z y w x  (6 voters)

D 1

w X y z

w — 35 6 6
X 25 .-------- 25 31

y 54 35 — 29
Z 54 29 31 —

Thus Di1 results in  a cycle: w  x  z y w .
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D ' +  D 1 ( fo r  TV1 4- TV2 w ith  90 voters)

G roup A lte rna tives

I. D , -D ,6: w x y  z (16 voters)
IV . D , - D i6: w y  x  z (6 voters)
V. D 37-Z )61: x  z y w  (25 voters)
I I .  D x1—D 16'. y w  x  z (10 voters)

V I.  Z)62-Z>84: y  z w  x  (23 voters)
I I I .  ^27 ^30* z y  x w  (4  voters)

V I I .  D as- D 90: z y w  x  (6  voters)

Number of Votes for the Alternative 
in the Row When Placed in Contest 

Against the Alternative in the Column

w X y z

w — 61 22 32
X 29 — 41 57

y 68 49 — 55 (C ondorce t w inne r)
Z 58 33 35 —

N o tice  th a t the six voters in  group IV  p re fe r w, w ho is the  absolute 
w inne r in  TV1 and is tied  in  TV2, and th a t they are c ru c ia l fo r  the success o f 
y  in  TV1 +  TV2— a ll o f  w h ich  gives them  a strong m otive  to  p rom ote  dead­
lock in  the jo in t  ba llo t.

voters can have d iffe re n t in ten tions about how m any votes to  cast, and 
since a pe rm u ta tion  o f  D , does not necessarily perm ute  i ’s in ten tions about 
the  num ber o f votes to  be cast, the choice fro m  D  w il l  not necessarily 
rem ain constant under perm uta tions o f  D,. For exam ple, in  D isp lay  4-20, 
fo r X  =  (a, b, c, d )  and n =  4, vo ter 1 casts three votes in  bo th  D  and D ° 
and voters 2, 3, and 4 cast tw o  votes in  bo th  profiles. Then cand ida te  c 
w ins in  D  and candidate d  w ins in  D ° in  d ire c t v io la tio n  o f  the  cond ition  o f 
und iffe ren tia  tedness.
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Display 4-19

The Failure of the Borda Count to 
Satisfy Independence 

from Irrelevant Alternatives

D '

D \ :  a b c
D \ : c a b
D '3: c a b

Number of Points for Alternatives in Rows, 
Preference Orders in Columns

D ' | a 3 T ota l

a 2 1 1 4 (T ied  w ith  c)
b 1 0 0 1
c 0 2 2 4 (T ie d  w ith  a )

D

D ,: a b c
D 2: c b a
A : c a b

Number of Points for Alternatives in Rows, 
Preference Orders in Columns

A A A T ota l

a 2 0 l 3
b 1 l 0 2
c 0 2 2 4 (B orda  w inne r)

In  D  as against D ' m em ber 2 has revised the re la tion  o f  a and b bu t 
has no t changed the re la tion  o f  a and c; yet the social choice between a 
and c has changed in  D  fro m  D '.
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Display 4-20

The Failure of Approval Voting 
to Satisfy Undifferentiatedness

D

A : a b e d
A : b c d  a
A : c d  a  b
A= d  a b c

Assume vo ter 1 casts three votes and voters 2, 3, and 4 each cast 
tw o  votes:

N u m b e r o f Votes fo r  Candidates

F irs t Second T h ird
C andidates place place place T o ta l

a 1 1 0 2
b 1 1 0 2
c 1 1 1 3 (A p p ro va l w inne r)
d 1 1 0 2

Assume now th a t persons 1 and 2 trade  preference orders in  the 
fo llo w in g  pe rm u ta tion , where D„(f) means “ the  preference o rde r th a t re ­
places

A ( d ”  A  
A<2) “  A  
A d )  “  A  
A(4) “  A

T h is  pe rm u ta tion  produces a new p ro file , D °.
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D i s p l a y  4 -2 0  (C o n tinued )

D °

D°V )'■ b c d  a

A(2): a b e d
A(3): c d  a b
A(4): d  a b c

Assume, as in  D , th a t vo ter 1 casts three votes and voters 2, 3, and 4 each 
cast tw o votes:

N u m b e r o f Votes fo r Candidates

F irs t Second T h ird
C andidates place place place Tota l

a 1 1 0 2
b 1 1 0 2
c 1 1 0 2
d 1 1 1 3 (A p p ro va l w inner)

Hence F appr0Val(A \ £>) =  c; and F approval(A \ D °) =  d.

The p ra c tica l effect o f  th is  v io la tion  is th a t the  in d iffe re n t voters or 
the  voters w ith  a broad to lerance fo r positions dom inate  in  the choice. As 
is w e ll know n, s im ple m a jo r ity  decision— and even p lu ra lity  vo ting  insofar 
as i t  contributes to  s im ple m a jo r ity — places a p rem ium  on the m edian 
voter in  a d is tr ib u tio n . One can be at o r near the m edian e ithe r (1 ) be­
cause o f reasoned judgm en t o r (2 ) because one does not care. W he the r 
one wants to  exaggerate the influence o f type 2 voters in  social decision 
seems to  me d o u b tfu l.

Violation of Independence 
by Utilitarian Methods

T h a t u t i l ita r ia n  vo ting  vio lates the  independence c rite r io n  is im m e­
d ia te ly  apparent fro m  the  exam ple in  D isp lay  4-21 o f tw o voters and three 
a lternatives. A lth o u g h  D  and £>' are o rd in a lly  iden tica l, s ti l l  by a u t i l i ta r ­
ian F  x  w ins in  D  and y  in  D ' . The m ora l question derived fro m  th is  fa c t is
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w hether a change in ca rd ina l num bers w ith o u t a change in  o rd in a l re la ­
tions should make a d ifference in  choice. The u t il ita r ia n  a rgum ent is th a t 
the  change between D  and D ' involves a true  change in  the  in tens ity  o f 
va lua tion . F rom  D  to £>', vo ter 1 upgraded y  and voter 2 dow ngraded x . 
Surely, the argum ent runs, y  should now replace x  as the  w inner.

The counterargum ent is tha t, since the ca rd ina l sums are not 
soundly based and ought not there fore  to a ffect the outcom e, x  and y  
should tie  in  both  D  and D '. The doub t about the soundness o f  the ca rd i­
nal sums arises fro m  the w ay they were in it ia l ly  constructed. A  scale was 
created fo r an in d iv id u a l person, and a lternatives were located on i t  by 
ind iv idua l com parison. Hence, the numbers created are un ique ly  personal. 
They are useful to  study behavior by the subject and even useful, perhaps, 
fo r the subject to  guide his o r her own behavior. B u t these personal num ­
bers cannot be compared between people because they do not mean the 
same th in g  to  each person. The sums are there fore  meaningless. I f  one 
adds oranges and apples to get oranapps, one knows no th ing  m ore because 
one doesn’ t know w hat an oranapp is. N e ith e r does one know w ha t the 
sum o f u til it ie s  is.

O f  course, one m ay insist th a t the ca rd ina l re la tions be fixed so long 
as the o rd ina l re la tions are, b u t then one loses the m ain  advantage o f 
ca rd ina l u t i l i ty — namely, the  re flection o f in tens ity  o f  preference. I f ,  how ­
ever, one allows ca rd ina l re la tions to re flect in tensity , then the indepen­
dence c rite r io n  m ay be v io la ted, whenever, as in  D isp lay 4-21, o rd ina l 
re la tions rem ain constant.38

4.J. The Absence of True 
and Fair Amalgamations

In  the beginning o f th is  chapter I  prom ised to show th a t we cannot 
prove th a t any method o f vo ting  tru ly  and fa ir ly  amalgam ates the ju d g ­
ments o f voters. I  th in k  I  have done so. I  have shown th a t a ll members o f 
each o f the three m ain categories o f  methods v io la te  a t least one reason­
able c rite r io n  o f fairness or consistency. Furtherm ore , I  have shown tha t 
m any methods v io la te  several c rite r ia . H ad  space pe rm itted , I  w ou ld  have 
in troduced m any add itiona l c r ite r ia , some o f w hich are v io la ted  by every 
category o f vo ting  methods. To assert, therefore, th a t one m ethod tru ly  
and fa ir ly  amalgamates, one m ust show th a t the  c r ite r io n  or c r ite r ia  it  
vio lates is or are unreasonable or tr iv ia l. B u t there is a good ra tiona le  in 
term s o f fairness or consistency or both  fo r every one o f  the c r ite r ia  I  have 
discussed as w e ll as fo r m any I  have om itted . So i t  seems u n like ly  th a t



112 Voting Methods w ith  Three or More A lternatives

Display 4-21

The Failure of Utilitarian Methods 
to Satisfy Independence 

from Irrelevant Alternatives

D

D ,: x y z
D 2: y x z

For Profile O:
U tility of the Alternative in the Row; 

U tility to the Voter in the Column

u x u 2 T ota l

X 1.0 0.6 1.6 (U t i l i ta r ia n  w inne r)
y 0.5 1.0 1.5
Z 0 0 0

D '

D \ :  x y z
D ’2: y x z

For Profile D':
Utility of the Alternative in the Row; 

U tility to the Voter in the Column

D '

u x u 2 T o ta l

X 1.0 0.5 1.5

y 0.6 1.0 1.6 (U t i l i ta r ia n  w inne r)
Z 0 0 0

A lth o u g h  D  =*= D ', the  w inne r in  D  is x , and the  w inne r in  D ' is y .
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these c rite r ia  can be re jected as m o ra lly  o r lo g ica lly  irre levan t. I f  not, 
then we are inexorab ly  forced to  the  conclusion th a t every m ethod o f 
vo ting  is in  some app lica tions u n fa ir  o r inadequate.

For m y own taste, I  w ou ld  use d iffe re n t methods in  d iffe re n t c ir ­
cumstances. In  legislatures, I  w ou ld  use the am endm ent procedure on 
three a lternatives and, som ewhat hesitan tly , the  Borda count o r K em eny’s 
method fo r more than three a lte rna tives. In  elections o f  executives or 
legislators, I  w ou ld  use the p lu ra lity  m ethod, m ore fo r its dynam ic effects 
o f m a in ta in ing  the  tw o -p a rty  system than  fo r  its effectiveness o f  choice in  
p a rticu la r elections. In  p rim a ry  elections, I  w ou ld  use approva l vo ting—  
though I  w ould  avoid i t  .absolutely in  general elections, w here its  effect 
w ould  be to  destroy the  tw o -p a rty  system. In  p lann ing  an economy, i f  th a t 
a c tiv ity  were forced upon me, I  w ou ld  use a k in d  o f  u til ita r ia n is m —  
namely, dem and-revealing procedures— recogn iz ing , o f  course, th a t how ­
ever “ honest”  they are supposed to  be, i t  is easy enough to  m an ipu la te  
them .

There is some niche, i t  seems to  me, fo r m a jo rita r ia n , positiona l, and 
u t il ita r ia n  methods o f vo ting . Nevertheless, we have now learned, I  th in k , 
th a t we should never take  the results o f  any m ethod always to  be a fa ir  
and true  am algam ation  o f  voters’ judgm ents . Doubtless the results o ften  
are fa ir  and true ; bu t, un fo rtu n a te ly , we a lm ost never know  w hether they 
are or are not. C onsequently, we should no t genera lly  assume th a t the 
methods produce fa ir  and tru e  am algam ations. We should th in k  o f  the 
methods, I  believe, s im p ly  as convenient ways o f  do ing  business, usefu l 
b u t flawed. T h is  gives them  a ll a place in  the  w o rld , b u t i t  makes none o f 
them  sacrosanct.
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5
Tlie Meaning of Social Choices

In  C hapter 4 I  showed tha t no method o f vo ting  could be said to  am alga­
m ate in d iv id u a l judgm ents tru ly  and fa ir ly  because every m ethod violates 
some reasonable canon o f fairness and accuracy. A l l  vo ting  methods are 
therefore in  some sense m o ra lly  im perfect. Furtherm ore , these im perfec t 
methods can produce d iffe re n t outcomes fro m  the same p ro file  o f  in d iv id ­
ua l judgm ents. Hence i t  fo llow s th a t sometimes— and usua lly  we never 
know  fo r sure ju s t when— the social choice is as m uch an a r t ifa c t o f  
m o ra lly  im perfect methods as i t  is o f  w ha t people tru ly  w ant. I t  is hard  to 
have unbounded confidence in  the ju s tic e  o f such results.

I t  is equa lly  hard , as I  w il l  show in  th is chapter, to  have unbounded 
confidence in  the  m eaning o f such results. In d iv id u a l persons presum ably 
can, i f  they th in k  about i t  deeply enough, o rder th e ir  personal judgm ents  
trans itive ly . Hence th e ir  va luations mean som ething, fo r they c lea rly  in d i­
cate a h ie ra rchy o f  preference th a t can gu ide action  and choice in  a sensi­
ble way. B u t the results o f  vo ting  do not necessarily have th is  q u a lity . I t  is 
instead the case th a t no m ethod o f vo ting  can s im u ltaneously sa tis fy  sev­
era l e lem entary conditions o f  fairness and also produce results th a t a lways 
satis fy  e lem entary conditions o f log ica l arrangem ent. Hence, no t on ly  
m ay the results o f  vo ting  fa il to  be fa ir, they m ay also fa il to  make sense. 
I t  is the la tte r poss ib ility  th a t w il l  be analyzed in  th is chapter.

5.A. Arrow's Theorem

Kenneth  A rro w  published S o c ia l Choice and  In d iv id u a l Values in 
1951. A lth o u g h  his theorem  in it ia l ly  provoked some controversy among 
economists, its  p ro found p o lit ica l significance was not im m ed ia te ly  recog-

115



116 The Meaning; o f  Social Choices

nized by p o lit ica l scientists.' In  the  la te  1960s, however, a w ide  va rie ty  o f 
philosophers, economists, and p o lit ica l scientists began to appreciate how 
p ro found ly  unsettling  the theorem  was and how deeply i t  called in to  ques­
tion  some conven tiona lly  accepted notions— not on ly  about vo ting , the 
subject o f th is  w o rk , b u t also about the  on to log ica l v a lid ity  o f the  concept 
o f  social w e lfa re , a subject th a t, fo rtuna te ly , we can leave to  m eta­
physicians.

The essence o f  A rro w ’s theorem  is th a t no m ethod o f am algam ating  
ind iv idua l judgm ents can s im ultaneously satis fy  some reasonable condi­
tions o f fairness on the m ethod and a cond ition  o f lo g ica lity  on the  result. 
In  a sense th is  theorem  is a genera liza tion  o f the paradox o f vo ting  (see 
section l .H ) ,  fo r the theorem  is the proposition  th a t som ething lik e  the 
paradox is possible in any fa ir  system o f am algam ating  values. Thus the 
theorem  is called the General P o ss ib ility  Theorem.

T o  make the fu l l  m eaning o f  A rro w ’s theorem  clear, I  w il l  ou tline  
the s itua tion  and the conditions o f fairness and o f lo g ica lity  th a t cannot 
s im ultaneously be satisfied.2 The s itua tion  fo r am algam ation  is:

1. There are n persons, n > : 2, and n is fin ite . D ifficu ltie s  com parable to 
the paradox o f vo ting  can arise in  ind iv idua ls  who use several stan­
dards o f  jud g m e n t fo r  choice. O u r concern is, however, soc ia l choice, 
so we can ignore the Robinson Crusoe case.

2. There  are three o r m ore a lternatives— th a t is, fo r the  set X  =  
( x „  . . . ,  x m), m  >  3. S ince tra n s it iv ity  o r o ther conditions fo r log ica l 
choice are meaningless fo r few er than  three a lte rna tives and since, 
indeed, s im ple m a jo r ity  decision produces a log ica l resu lt on tw o 
a lternatives, the con flic t between fairness and lo g ica lity  can on ly  arise 
when m  > : 3.

3. Ind iv idua ls  are able to  o rder the a lternatives trans itive ly : I f  x  R t y  and 
y  /?, z, then x  R, z. I f  i t  is not assumed th a t ind iv idua ls  are able to  be 
log ica l, then sure ly i t  is pointless to  expect a g roup to  produce logical 
results.

The conditions o f  fairness are:

1. U n iversa l a d m is s ib ility  o f  in d iv id u a l o rderings (C ond ition  U). T h is  is 
the requ irem ent th a t the set, D , includes a ll possible profiles, D , o f 
in d iv id u a l orders, D t. I f  each D , is some pe rm u ta tion  o f  possible 
orderings o f X  by preference and ind ifference, then th is  requ irem ent is 
th a t ind iv idua ls  can choose any o f the possible perm uta tions. For ex-
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am ple, i f  X  =  (x , y , z ), the  in d iv id u a l m ay choose any o f  the  fo llo w in g  
13 orderings:

1. x  y  z 7. x ( y z ) 10. (x  y )  z 13. ( x y z )
2. y  z x 8. y ( z x ) 11. ( y z ) x
3. z x y 9. z ( x y ) 12. ( z x ) y
4 . x z y
5. z y x
6. y x z  (5 -1 )

The ju s tifica tio n  fo r  th is  requ irem ent is s tra ig h tfo rw a rd . I f  social o u t­
comes are to  be based exclusive ly on in d iv id u a l judgm en ts— as seems 
im p lic it in  any in te rp re ta tio n  o f dem ocra tic  m ethods— then to  re s tric t 
in d iv id u a l persons’ judgm en ts  in  any w ay means th a t the social o u t­
come is based as m uch on the re s tric tio n  as i t  is on in d iv id u a l ju d g ­
ments. A n y  ru le  o r com m and th a t p ro h ib its  a person fro m  choosing 
some preference order is m o ra lly  unacceptable (o r a t least u n fa ir )  fro m  
the  po in t o f  view  o f democracy.

2. M o n o to n ic ity . A cco rd ing  to  th is  cond ition , i f  a person raises the  va lu ­
a tion  o f a w inn ing  a lte rna tive , i t  cannot become a loser; or, i f  a person 
lowers the va lua tion  o f a losing a lte rna tive , i t  cannot become a w inner. 
The ju s tifica tio n  fo r  m o n o to n ic ity  was discussed in  section 3.B. G iven 
the dem ocra tic  in te n tio n  th a t outcom es be based in  some w ay on pa r­
tic ip a tio n , i t  w ou ld  be the  u tm ost in  pervers ity  i f  the m ethod o f  choice 
were to  count in d iv id u a l judgm en ts  negative ly, a lthough , as I  have 
shown, some rea l-w o rld  m ethods a c tu a lly  do so.

3. C itizens ’ sovere ignty o r  non im position . D efine a social choice as im ­
posed i f  some a lte rna tive , x , is a w inne r fo r any set, D , o f  in d iv id u a l 
preferences. I f  x  is a lways chosen, then w ha t ind iv idua ls  w ant does no t 
have any th ing  to  do w ith  social choice. I t  m ig h t, fo r  exam ple, happen 
th a t x  was everyone’s least-liked  a lte rna tive , ye t an imposed choice 
o f  x  w ould  s t i l l  select x . In  such a s itua tion , voters’ judgm en ts  have 
noth ing  to  do w ith  the outcom e and dem ocra tic  p a rtic ip a tio n  is 
meaningless.

4. U n a n im ity  o r  P are to  o p tim a lity  (C o n d itio n  P). T h is  is the  requ irem ent 
tha t, i f  everyone prefers x  to  y , then the  social choice fu n c tio n , F , does 
not choose y . (See C hap te r 3, note 8, and C hap te r 4, note 28.) T h is  is 
the fo rm  in  w h ich  m o no ton ic ity  and c itizens ’ sovereignty en ter a ll 
proofs o f  A rro w ’s theorem . T here  are on ly  tw o  ways th a t a resu lt 
co n tra ry  to  u n a n im ity  cou ld  occur. One is th a t the system o f  am a lga­
m ation  is not m onoton ic. Suppose in  D ' everybody b u t i  prefers x  to  y
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and y  P \ x . Then in D , i  changes to x  Pt y  so everybody has x  preferred 
to  y ; bu t, i f  F  is not m onoton ic, i t  m ay be th a t x  does not belong to 
F({;c, y), D ). The o ther w ay a v io la tio n  o f  u n a n im ity  cou ld  occur is fo r 
F  to impose y  even though everybody prefers x  to  y . Thus the ju n c tu re  
o f m ono ton ic ity  and c itizens ’ sovereignty im plies Pareto o p tim a lity .

M a n y  w rite rs  have in te rp re ted  the u n a n im ity  cond ition  as pure ly  
techn ica l— as, fo r exam ple, in  the discussion o f  the S chw artz  method 
o f com p le ting  the C ondorcet ru le  (see section 4 .C ). B u t Pareto 
o p tim a lity  takes on m ore force when i t  is recognized as the ca rr ie r o f  
m ono ton ic ity  and non im position , both  o f w h ich  have deep and obvious 
qua lities o f  fairness.

5. Independence f r o m  irre le va n t a lte rna tives  (C ond ition  I) . A cco rd ing  to  
th is requ irem ent (defined in  section 4 .H ), a m ethod o f am algam ation , 
F , picks the  same a lte rna tive  as the social choice every tim e  F  is ap­
p lied to  the same pro file , D . A lth o u g h  some w rite rs  have regarded th is  
cond ition  s im p ly  as a requ irem ent o f  technica l efficiency, i t  ac tua lly  
has as m uch m ora l content as the o ther fairness conditions (see section 
4 .H ). F rom  the  dem ocra tic  po in t o f  view, one wants to base the o u t­
come on the voters’ judgm ents , b u t do ing so is c lea rly  im possible i f  the 
m ethod o f am a lgam ation  gives d iffe re n t results fro m  iden tica l profiles. 
T h is  m ig h t occur, fo r exam ple, i f  choices among alternatives were 
made by some chance device. Then i t  is the device, no t voters’ ju d g ­
ments in  D , th a t determ ines outcomes. Even i f  one constructs the de­
vice so th a t the chance o f selecting an a lte rna tive  is p ropo rtiona l in  
some w ay to  the  num ber o f  people desiring i t  ( if ,  fo r example, tw o- 
th ird s  o f the voters pre fer x  to  y , then the device selects x  w ith  p  =  %), 
s t i l l  the expectation is th a t, o f  several chance selections, the device w il l  
choose x  on p  selections and y  on 1 — p  selections fro m  the same 
pro file , in  c lear v io la tio n  o f  C ond ition  I .  In  ancient Greece, e lection by 
lo t was a usefu l m ethod fo r  anonym ity ; today i t  w ould  be s im p ly  a way 
to  by-pass voters’ preferences. A n o th e r k ind  o f a rb itra riness proh ib ited  
by the  independence cond ition  is u ti l ita r ia n  vo ting . Based on in te rpe r­
sonal com parisons o f  distances on scales o f unknown length, u ti l ita r ia n  
vo ting  gives advantages to  persons w ith  finer perception and broader 
horizons. Furtherm ore , independence p roh ib its  the  arb itra riness o f the 
Borda count (see section 5 .F ).

6. N o n d ic ta to rsh ip  (C o n d itio n  D ). T h is  is the  requ irem ent th a t there be 
no person, /, such th a t, whenever x  Pt y y the social choice is x , regard­
less o f the opin ions o f o ther persons. S ince the w hole idea o f dem ocracy 
is to  avoid such s itua tions, the  m ora l significance o f  th is  cond ition  is 
obvious.
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F ina lly , the cond ition  o f  lo g ica lity  is th a t the  social choice is a weak 
order, by w h ich  is m eant th a t the set, X , is connected and its  members can 
be s o c ia lly  ordered by the re la tion , R , w h ich  is the tra n s itive  social ana­
logue o f preference and ind iffe rence com bined. (T h is  re la tion , as in  x  R  y, 
means th a t x  is chosen over o r a t least tied  w ith  y .)  In  contrast to  the 
previous discussion, in  w h ich  the m ethod o f  am a lgam ation  o r choice, F , 
s im p ly  selected an element fro m  X , i t  is now assumed th a t F  selects re­
peatedly fro m  pairs in  X  to  produce, by means o f successive selections, a 
social order analogous to  the in d iv id u a l orders, £>,. A n d  i t  is the fa ilu re  to 
produce such an order th a t constitu tes a v io la tio n  o f  the  cond ition  o f 
lo g ica lity .2

Since an in d iv id u a l weak order o r the  re la tion  J?, is o ften  spoken o f 
as ind iv idua l ra tio n a lity , social tra n s it iv ity , o r R , is sometimes spoken o f 
as co llective ra tio n a lity — A rro w  h im se lf so described it .  A n d  fa ilu re  to 
produce social tra n s it iv ity  can also be regarded as a k in d  o f social 
irra tio n a lity .

A rro w ’s theorem , then, is th a t every possible m ethod o f am algam a­
tio n  o r choice th a t satisfies the  fairness cond itions fa ils  to  ensure a social 
ordering . A n d  i f  society cannot, w ith  fa ir  methods, be ce rta in  to  o rder its 
outcom e, then i t  is not clear th a t we can know w hat the outcomes o f a fa ir  
method mean. T h is  conclusion appears to  be devastating, fo r  i t  consigns 
dem ocratic  outcomes— and hence the dem ocra tic  m ethod— to  the w o rld  
o f a rb itra ry  nonsense, at least some o f the tim e.

N a tu ra lly  there has been a va rie ty  o f a ttem pts to  in te rp re t and 
sidestep th is  conclusion. One lin e  o f in q u iry  is to  raise doubts about its 
p ractica l im portance; another is to  look fo r some theore tica l ad justm ent 
th a t deprives the  theorem  o f  its  force. The rest o f  th is  chapter is devoted 
to  a survey o f  both  branches o f  th is  huge and im p o rta n t lite ra tu re , so th a t 
in  C hapter 6 i t  w il l  be possible to  assess fu l ly  the p o lit ica l s ignificance o f 
A rro w ’s theorem.

I  w il l  begin w ith  inqu iries about the p rac tica l im portance o f the 
theorem . One such in q u iry  is an estim ate o f the expected frequency o f 
profiles, Z>, th a t do not lead to  a trans itive  order.

5.B. The Practical Relevance 
of Arrow's Theorem.:
The Frequency of Cycles

One m eaning o f A rro w ’s theorem  is tha t, under any system o f  vo ting  
o r am algam ation, instances o f in tra n s itive  o r cyc lica l outcomes can occur.
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Since, by  d e fin ition , no one o f the  a lte rna tives in a cycle can beat a ll the 
others, there is no C ondorcet w inne r among cycled a lternatives. A l l  cycled 
a lternatives tie  w ith  respect to  th e ir position in  a social arrangem ent in  the 
sense th a t x y  z x , y  z x y ,  and z x y  z have equal c la im s to  being the social 
arrangem ent. Borda vo ting  s im ila r ly  produces a d ire c t tie  among cycled 
a lternatives. Hence a social arrangem ent is inde te rm ina te  when a cycle 
exists. W hen  the arrangem ent is inde te rm ina te , the actua l choice is a rb i­
t ra r i ly  made. The selection is no t de term ined by the preference o f  the 
voters. R a the r i t  is determ ined by the  power o f  some chooser to  dom inate  
the choice or to  m an ipu la te  the process to  his o r her advantage. Every 
cycle thus represents the fa ilu re  o f  the vo ting  process. One w ay to  inqu ire  
in to  the p rac tica l significance o f  A rro w ’s theorem  is, therefore, to  esti­
m ate how o ften  cycles can occur.

For th is  estim ate, a num ber o f s im p lify in g  assumptions are neces­
sary. For one th in g , m a jo r ity  vo ting  (ra th e r than pos itiona l vo ting  or any 
o ther k ind  o f am a lgam ation) is a lways assumed. T h is  assum ption o f 
course lim its  the in te rp re ta tio n  severely. For another th ing , on ly  cycles 
th a t preclude a C ondorcet w inne r are o f  in terest. V o ting  m ay fa il to  
produce a weak order in  several ways:

1. W ith  a ll three a lternatives, there m ay be a cycle: x  R y  R  z R  x  or
s im p ly  x  y  z x .

2. W ith  fo u r or more a lternatives, there m ay be
a. A  C ondorcet w inner fo llow ed by a cycle: w x y  z x
b. A  cycle am ong a ll a lternatives: w x  y  z w , or in te rsecting  cycles: 

s t w x y z w v s
c. A  cycle in  w h ich  a ll members beat some o ther a lte rna tive : x  y  z x w

I f  one is interested in social w e lfa re  judgm ents  invo lv ing  an o rdering  o f  a ll 
a lternatives, then a ll cycles are s ign ifican t no m a tte r where they occur. 
B u t i f  one is interested in  p ick ing  ou t a social choice, as in  the vo ting  
mechanisms discussed here, then the s ign ifican t cases are on ly  1, 2 (b ), 
and 2 (c ), where there is no un ique social choice. (These are o ften  called 
top  cycles.) A tte m p ts  to  estim ate the significance o f A rro w ’s theorem  by 
some sort o f ca lcu la tion  have a ll been made fro m  the  po in t o f  v iew  o f  
social choice ra th e r than w e lfa re  judgm ents  and have there fore  concerned 
the frequency o f  top  cycles.

For A rro w ’s theorem , C ond ition  U  allow s ind iv idua ls  to  have any 
weak ordering , R t, o f  preference and ind ifference, as in  (5 .1 ). C a lcu la tion  
is sim pler, however, based on strong orders— th a t is, in d iv id u a l preference 
orders, P„ w ith  ind iffe rence not allow ed.
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W ith  m  a lternatives, there are m l (i.e ., 1 - 2  • —  • m ) such linea r 
orders possible; and, when m  — 3, these are:

x y z ,  x z y ,  y  x  z, y  z x ,  z x  y ,  z y x

Each such order is a po ten tia l D ,. W hen each o f n voters p icks some (no t 
necessarily d iffe re n t) D „  a p ro file , D , is created. S ince the  firs t vo te r picks 
fro m  m l orders, the second fro m  m l , . . .  , and the  last fro m  m l, the  num ­
ber o f  possible d iffe re n t profiles, D , is (m !)", w h ich  is the num ber o f 
members o f the  set, D , o f  a ll profiles, when voters have o n ly  strong orders.

A  ca lcu la tion  th a t yie lds some estim ate o f  the sign ificance o f  cycles 
is the fra c tio n , p (n , m ), o f D  in  D  w ith o u t a C ondorce t w inner:

p (n , m ) N u m b e r o f D  w ith o u t a C ondorcet w inner
( m l)"

I f  one assumes th a t each D  is equa lly  l ik e ly  to  occur (w h ich  im p lies also 
th a t, fo r each voter, the  chance o f p ick ing  some order is 1 /m l) ,  then 
p (n , m ) is an a p r io r i estim ate o f the p ro b a b ility  o f  the occurrence o f a top  
cycle. Several ca lcu la tions have been made, as set fo r th  in  D isp lay  5 -1.3 
As is apparent fro m  the D isp lay, as the num ber o f  voters and a lte rna tives 
increases, so do the  num ber o f  profiles w ith o u t a C ondorcet w inner. The 
ca lcu la tion  thereby im plies th a t instances o f the  paradox o f  vo tin g  are 
very com m on. M ost social choices are made fro m  m any a lte rna tives 
(though o ften  we do not rea lize  th is  fa c t because the  num ber has been 
w innowed down by various devices such as p rim a ry  e lections and co m m it­
tees th a t select a lte rna tives fo r agendas) and by m any people, so the 
ca lcu la tions im p ly  th a t C ondorcet w inners do not exist in  a lm ost a ll 
decisions.

B u t, o f  course, there are a num ber o f reasons to  believe th a t such 
ca lcu la tions are meaningless. People do not choose an o rde ring  w ith  p rob ­
a b ility  1 /m !. R ather, at any p a rtic u la r m om ent, some orders are m ore 
lik e ly  to  be chosen than  others. T he  six strong orders over tr ip les  generate 
tw o  cycles:

“ Forw ard  C yc le ”  “ B ackw ard  C yc le ”

1. x y z
2. y  z x
3. z x y

4 . x z y
5. z y  x
6. y  x  z (5 -2 )
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Display 5-1

Values of p(n,m): Proportion of Possible 
Profiles Without a Condorcet Winner

n =  N u m b e r o f  Voters

m  =  N u m b e r 
o f  A lte rna tives 3 5 7 9 11 ___ L im it

3 .056 .069 .075 .078 .080 .088
4 .111 .139 .150 .156 .160 .176
5 .160 .200 .215 .251
6 .202 .315

L im it 1.000 1.000 1.000 1.000 1.000 1.000

The en try  in  the row  fo r fo u r a lte rna tives and in  the co lum n fo r 
seven voters— namely, . 150— is the  ra tio  o f  the num ber o f profiles w ith o u t 
a C ondorcet w inne r to  the num ber o f profiles possible when seven voters 
order fo u r a lternatives.

Cycles occur when voters concentrate on one or the o ther o f  these 
sets o f  three orders. B u t suppose voters are induced by, fo r  example, 
p o lit ic a l parties, to  concentra te  heavily  on, say, (1 ), (2 ), and (5 ). Then 
there is no cycle. Furtherm ore , there is good reason to  believe th a t debate 
and discussion do lead to  such fundam enta l s im ila ritie s  o f  judgm en t. C a l­
cu la tions based on equiprobable  choices very like ly  seriously overestim ate 
the  frequency o f cycles in  the na tu ra l w orld .

O n the  o ther hand, it  is clear th a t one w ay to  m an ipu la te  outcomes 
is to  generate a cycle. Suppose th a t in  D isp lay  5-2 p ro file  D  exists and 
th a t person 2 realizes th a t his or her firs t choice, y , w il l  lose to the 
C ondorcet w inner, x . Person 2 can a t least prevent th a t outcom e by gen­
e ra ting  a cycle (o r a tie ) by vo ting  as i f  his o r her preference were y  z x  as 
in  D '.

The tendency tow ard  s im ila r ity  m ay thus reduce the  num ber 
p (n , m ), w h ile  the poss ib ility  o f  m an ipu la tion  m ay increase the num ber. I t  
seems to  me th a t s im ila r ity  p robab ly  reduces the  num ber o f  profiles w ith ­
o u t C ondorcet w inners on issues th a t are not very im p o rta n t and th a t no 
one has a m otive  to  m an ipu la te , w h ile  the poss ib ility  o f m an ipu la tion
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Display 5-2

The Generation of a Cycle

D D '

D ,: x y z D \: x y z
D 2: y x z D'p y  z x
D 3: z x y D'p z x y

Note. M a jo rita r ia n Note. C ycle  in  D'
ordering o f D: under m a jo rita rian
x  P y P z. voting: x  P y  P z P x.

In  D ' person 2 has reversed z and x  fro m  D , thereby generating 
a cycle.

increases the num ber o f such profiles on im p o rta n t issues, where the  o u t­
come is w o rth  the tim e  and e ffo rt o f  prospective losers to  generate a top 
cycle. N e ith e r o f  these influences appears in  the ca lcu la tions and thus 
renders them  suspect fro m  tw o  opposite points o f  view.

5.C. The Practical Relevance 
of Arrow's Theorem:
Conditions for Condorcet Winners

A no the r approach to  estim ating  the p rac tica l significance o f 
A rro w ’s theorem  is to  in q u ire  in to  w ha t kinds o f profiles are ce rta in  to 
produce a C ondorcet w inner. A s in  the  previous approach, on ly  m a jo r ita r-  
ian  vo ting  is considered, w h ich  lim its  the relevance o f the in q u iry  to  the 
theorem  bu t does say som ething about its  p rac tica l e ffect on th is  k ind  
o f  decision process. For example, as can be seen in  D isp lay  5-1, fo r m  =  
n =  3, the num ber o f elements o f  D  =  (m !)" =  216 and p (n , m )
12/ 216 =  .056. I t  is na tu ra l to  look fo r the features th a t guarantee a 
C ondorcet w inne r fo r 204 o f the profiles in  D . I f  one can generalize about 
the sets o f  preference orders th a t produce these results, then i t  m ay be 
possible to  estim ate the p rac tica l significance o f the theorem  fo r 
m a jo rita ria n  voting.
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To give a sim ple example: I f  each voter chooses the same preference 
order, D ,, then under m a jo rita r ia n  rules the social order fo r the pro file  D  
w ill be identica l w ith  the chosen D „  and the unique social choice w il l  be 
the firs t a lte rna tive  in th a t social order.

The goal o f th is approach is to  id e n tify  kinds o f preference orders, 
D „  such th a t when the w hole pro file , D , is composed o f such orders, then 
D  w ilP lead  by m a jo rita r ia n  methods to  a weak order and a C ondorcet 
w inne r as a social outcome.

Even before A rro w ’s theorem  was u tte red , D uncan B lack observed 
one such patte rn  o f orders in  D — namely, th a t the p ro file  can be express­
ib le  as a set o f single-peaked curves.4 A  preference order can be graphed 
as in F igure  5-1. O n the ve rtica l axis is measured the degree o f preference 
from  lowest a t the o rig in  to highest a t the top. O n the ho rizon ta l axis is 
placed some ordering  o f the a lternatives in  X , an o rdering  app ropria te ly  
chosen to depict one p a rticu la r D , as a single-peaked curve. T h is  is always 
possible i f  Z>, is a strong order (w ith  ind ifference not a llow ed). The gen­
eral de fin ition  o f single-peaked curves (w ith  ind ifference pe rm itted  a t the 
top) is, as d isplayed in  F igure  5-2, reading fro m  le ft to  r ig h t: (1 ) always 
dow nw ard sloping, (2 ) always upw ard sloping, (3 ) s loping upw ard to  a 
p a rtic u la r po in t and then sloping dow nw ard, (4 ) s loping upw ard to a 
plateau and then sloping dow nw ard, (5 ) ho rizon ta l and then dow nw ard 
sloping, (6 ) upw ard  sloping and then ho rizon ta l. Curves th a t are not 
single-peaked are shown in F igure  5-3.

A  pro file , D , is single-peaked i f  some o rdering  o f a lternatives on the 
ho rizon ta l axis allows every Z>, in  D  to  be draw n as a single-peaked curve. 
As a lready observed, fo r a single D „  i t  is a lways possible to  find  such an 
ordering . B u t w ith  three or m ore Z?„ an ordering  th a t renders Ds single- 
peaked m ay preclude th a t D k be single-peaked. Indeed, i t  is exactly when 
cycles exist th a t single-peakedness cannot be a tta ined  fo r D . In  F igure  5-4 
assume there are three persons who have chosen d iffe re n t preference 
orders in  the fo rw a rd  cycle (5 -2 ). Then a l l  possible orderings o f 
X  =  (x , y , z) on the ho rizon ta l axis resu lt in  a set o f curves th a t fa il to  be 
single-peaked, as in  F igure  5-4a—4f, where the axes are a l l  the m \ perm u­
ta tions o f lx , y , z}. The same is true  o f the  backw ard cycle. So to  say a 
pro file , D , is single-peaked is to say i t  does not a d m it o f cycles. In  general, 
i f  D  is single-peaked, then: 1

1. I f  a ll D , are strong orders and n is odd, the social o rdering  is strong.

2. I f  a ll D , are weak orders, n is odd, and no D t involves com plete in d iffe r­
ence over a tr ip le , the social o rdering  is a weak order.5
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Figure 5-1 A  single-peaked curve w ith the linear order z v y w x .

Figure 5-2 Single-peaked curves.
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Alternatives 

Figure 5-3 N on-s ing le -peaked  curves.

So single-peakedness im p lies  tra n s it iv ity  and hence ensures the existence 
o f a C ondorce t w inner.

I t  is fu rth e rm o re  a rem arkab le  fa c t th a t, i f  D  is single-peaked and n 
is odd, the  C ondorce t w inne r is im m ed ia te ly  iden tifiab le  as the a lte rna tive  
on the  ho rizon ta l axis beneath the m edian peak.6 ( I f  n is even, the w inner 
is some a lte rna tive  between the  n / 2th peak and the (n /2 )  +  1th peak, i f  
such an a lte rna tive  exists. A n d , i f  none exists, the a lternatives a t these 
peaks tie .) In  F igu re  5-5, w ith  five  peaks, the a lte rna tive  beneath the 
m edian peak (3 ) is iden tified  as x mvi. I f  x mc6 is p u t against some a lte rna ­
tive  to  its  le ft, say x lt then x mcd w ins because a m a jo r ity  consisting o f 
voters 3, 4, and 5 p re fe r x mvS to  x , ( th a t is, th e ir  curves are upw ard sloping 
fro m  x t to  x maS). S im ila r ly , x med can beat any a lte rna tive  to  its r ig h t, say 
jc4, w ith  a m a jo r ity  consisting o f voters 1, 2, and 3, whose curves are 
dow nw ard  slop ing fro m  x med to  x 4, w h ich  means they p re fe r x mci to  x 4. 
H ence x med can beat any th ing  to  its r ig h t o r le ft  and is a C ondorcet 
w inner.

Single-peakedness is im p o rta n t because i t  has an obvious p o lit ica l 
in te rp re ta tion . A ssum ing a single p o lit ica l d im ension, the  fa c t th a t a p ro ­
file , Z>, is single-peaked means the  voters have a com m on view  o f the 
p o lit ica l s itua tion , a lthough  they m ay d iffe r w ide ly  on th e ir judgm ents. 
Person i  m ay choose D, =  x  y  z, and person j  m ay choose D} =  z y  x \  yet
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(A ) (B) (C )

(E) (F)

Figure 5-4 N on-single-peakedness fo r the fo rw a rd  cycle.

Figure 5 -5  S ing le-peaked curves w ith  C ondorce t w inner.
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they agree th a t x  is a t one end o f the scale, z a t the other, and y  in  the 
m iddle, w hich means they agree en tire ly  on how the p o lit ica l spectrum  is 
arranged. T h is  k ind  o f agreem ent is precisely w ha t is lack ing  in a cycle, 
where voters disagree not on ly  about the m erits  o f a lternatives bu t even 
about where a lte rna tives are on the p o lit ica l d im ension.

If ,  by reason o f discussion, debate, c iv ic  education, and po litica l 
socia liza tion , voters have a com m on view o f  the p o lit ica l d im ension (as 
evidenced by single-peakedness), then a trans itive  outcom e is guaranteed. 
So i f  a society is homogeneous in  th is  sense, there w il l  ty p ic a lly  be 
C ondorcet w inners, a t least on issues o f m in o r im portance. T h is  fac t w il l 
not prevent c iv il war, bu t i t  w il l a t least ensure th a t the c iv il w ar makes 
sense.

A  num ber o f o ther kinds o f restric tions on preference orders, D it 
th a t guarantee th a t D  w ill produce a trans itive  outcom e have been id e n ti­
fied. L ik e  single-peakedness they m in im ize  disagreem ent over the d im en­
sions o f judgm en t. C onsider “ value-restrictedness,”  w h ich  is an obvious 
developm ent from  the fo rw ard  and backw ard cycles o f (5 -2 ). One prop­
erty  o f those cycles (observable by inspection) is th a t each a lte rna tive  in X  
appears in firs t place in some D t, in  second place in  another, and in  th ird  
place in  a th ird . So, if, fo r strong orders in  D ,, some a lte rna tive  is never 
firs t in  a D „  o r never second, o r never last— if, in short, an a lte rna tive  is 
“ va lue-restric ted” — then no cycle can occur and tra n s it iv ity  is guaranteed.

A  num ber o f o ther such provisions fo r tra n s it iv ity  have been id e n ti­
fied. They have been exhaustive ly analyzed by Peter F ishbu rn .7 They are 
im p o rtan t because they ind ica te  th a t qu ite  a w ide va rie ty  o f ra the r m ild  
agreem ent about the issue dim ension guarantees a C ondorcet w inner. 
Furtherm ore , not a ll voters need d isp lay the agreem ent to ob ta in  the gua r­
antee. R ichard  N ie m i has shown th a t the p robab ilities  o f the occurrence 
o f  top cycles, by ca lcu la tions s im ila r to  those set fo r th  in  D isp lay 5-1, 
reduce to tin y  proportions (e.g., .02 to  .04) when as few as th ree-fourths 
o f 45 o r 95 voters agree on the issue d im ension w h ile  disagreeing on 
orders.8 T h is  resu lt im plies th a t agreem ent about dimensions probably 
renders uncontrived cyc lica l outcomes qu ite  rare. So I  conclude tha t, be­
cause o f  agreem ent on an issue d im ension, in tra n s itiv it ie s  on ly  occasion­
a lly  render decisions by m a jo rita ria n  methods meaningless, a t least fo r 
somewhat homogeneous groups and at least when the subjects fo r  decision 
are not p o lit ic a lly  im po rtan t. W hen, on the o ther hand, subjects are po­
lit ic a lly  im p o rta n t enough to ju s t ify  the energy and expense o f  con triv ing  
cycles, A rro w ’s resu lt is o f  great p ractica l significance. I t  suggests th a t, 
on the very most im p o rtan t subjects, cycles m ay render social outcomes 
meaningless.
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5.D. The Theoretical Invulnerability 
of Arrow's Theorem: Independence

Assum ing th a t the p rac tica l sign ificance o f A r ro w ’s theorem  in ­
creases w ith  the p o lit ica l im portance o f the sub ject fo r  decision, i t  is then 
reasonable to  inqu ire  w hether the theorem  is too dem anding. Does i t  over­
state the case by stressing the poss ib ility  o f  in tra n s it iv ity  and its conse­
quent incoherence when perhaps th is  is too extrem e an in te rp re ta tion?

To weaken the force o f A rro w ’s theorem , i t  is necessary to question 
the conditions o f  e ithe r fairness o r lo g ica lity . M o s t o f the fa irness cond i­
tions seem in tu itiv e ly  reasonable— at least to  people in W estern cu ltu re —  
so most o f  the a ttack  has been focused on lo g ica lity . One fairness cond i­
tion , independence, has, however, o ften  been regarded as too strong.

The independence cond ition  has at least three consequences:

1. I t  p roh ib its  u ti l ita r ia n  methods o f  choice ( fo r  reasons discussed in  sec­
tion  4.1).

2. I t  p roh ib its  a rb itra riness in  vo te-counting , such as lo tte ries o r methods 
th a t w o rk  in  d iffe re n t ways a t d iffe re n t tim es.

3. I t  p roh ib its , when choosing among a lternatives in a set S , w h ich  is 
included in  X , reference to  judgm ents  on a lte rna tives in  X  — S.

I t  seems to  me th a t one can defend the independence cond ition  fo r  
each o f  these consequences. A s fo r consequence 1, since in terpersonal 
comparisons o f  u t i l i t y  have no c lear meaning, the  p ro h ib itio n  o f  u t i l ita r ia n  
methods seems qu ite  defensible, a lthough a weaker fo rm  o f C ond ition  I  
m ig h t accom plish the same resu lt. W ith  respect to  consequence 2, ea rlie r 
in  th is  chapter it  was shown th a t a rb itra ry  coun ting  is ju s t as u n fa ir  as 
v io la tions o f C ond itions U , P, and D . I t  is d iff ic u lt to  im ag ine  th a t any 
weaker fo rm  o f  C ond ition  I  w ould  accom plish w ha t I  does, because the 
a rb itra riness m ust be p roh ib ited  fo r any set.

M os t a tten tion  has been given to  consequence 3, because m any peo­
ple believe th a t judgm ents  on a lte rna tives in  X  — S are germ ane to  ju d g ­
ments on S  itse lf.9 In  a pres identia l preference p rim a ry , fo r example, 
choice among several candidates m ay depend on judgm ents  o f s t i l l  o ther 
candidates. For example, in  the 1976 D em ocra tic  p rim aries , in  th in k in g  
about a decision between C a rte r and U d a ll as i f  they covered the w hole 
spectrum  o f pa rty  ideology, a m ild ly  le ft-o f-cen te r vo te r m ig h t p re fer 
U d a ll. B u t i f  the voter though t about Jackson also, so th a t U d a ll appeared
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as an extrem ist, th a t same vo ter m ig h t have preferred C a rte r to  U d a ll. So 
“ irre le va n t”  a lte rna tives (here, Jackson) m ay rea lly  be “ re levant.”

The question is w hether there should be some fo rm a l w ay to a llow  
judgm ents  on the  “ irre le va n t”  a lte rna tives to enter in to  the choice. A nd  
the d iff ic u lty  in  answering is: H o w  can one decide w h ich  nonentered can­
didates are relevant? W h y  not a llow  consideration o f s til l other, even a 
hundred, irre levan t a lternatives? B u t i f  no irre levan t a lternatives are con­
sidered, then y  m ig h t beat x ; b u t w ith  such consideration, i f  there is no 
C ondorcet w inner, x  m ig h t beat y . Thus m eaning and coherence depend 
on v a r ia b ility  in  the vo ting  s itua tions (on the size, th a t is, o f  X  and S ) as 
m uch as on voters’ judgm en t.

There seems, un fo rtuna te ly , no w h o lly  defensible m ethod to decide 
on degrees o f irre levance.10 In  the absence o f such a m ethod, C ond ition  I 
seems a t least m oderate ly defensible. Furtherm ore , w h ile  some m ig h t a r­
gue about the  d e s ira b ility  o f  consequence 3, C ond ition  I  seems necessary 
because consequence 2 is indispensable fo r  fa ir  decision.

5.E. The Theoretical Invulnerability 
of Arrow's Theorem: Transitivity

I f  the fairness conditions survive, then the on ly  cond ition  le ft to  
a tta ck  is tra n s it iv ity . The sharpest a ttack  is to  assert th a t tra n s it iv ity  is a 
p roperty  o f humans, no t o f groups. Hence the in d iv idua l re la tion , /?,, 
should be trans itive , bu t i t  is s im ple  an thropom orph ism  to  ask th a t the 
social re la tion , R , be tra n s itive  a lso ." S till,  there is some reason to seek 
tra n s it iv ity  fo r  outcomes.

W ith o u t tra n s it iv ity , there is no order; and w ith o u t order, there is no 
coherence. Socia l outcomes m ay in  fa c t be meaningless, b u t one w ould 
lik e  to  ob ta in  as m uch m eaning as possible fro m  social decisions. So the 
obvious question is: Can one, by m o d ify in g  the de fin ition  o f  coherence, 
ob ta in  some lesser coherence com patib le  w ith  fairness? U n fo rtu n a te ly , 
the answer is m a in ly  negative.

The social re la tion , R , w h ich  generates a weak order in  A rro w ’s 
lo g ic a lity  cond ition , combines social preference, P, and social in d iffe r­
ence, 7. A n d  R  is useful fo r  the  purpose A rro w  had in  m ind— namely, 
social judgm ents invo lv ing  com parisons and o rdering  o f  a ll feasible social 
policies, such as d is tribu tions  o f  income. Suppose, however, th a t one does 
not requ ire  qu ite  so general a result. For purposes o f  m aking  a social 
choice, w h ich  is the in terest in  th is  book, one does not need to  impose a 
com plete order on the w hole set X  m erely to  find  a best a lte rna tive  in  X .
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We can th in k  o f a best elem ent in  X  as one th a t is chosen over o r tied  w ith  
every other a lte rna tive .12 T he  best a lte rna tive  is then the  choice fro m  X  or 
C (A ') .13

A  requirem ent, weaker than tra n s it iv ity , th a t nevertheless ensures 
the existence o f  one best a lte rna tive  is q u a s i- tra n s itiv ity — th a t is, the 
tra n s it iv ity  o f P, b u t no t o f  R  or 7. T h is  means th a t, i f  x  P y  and y  P  z, 
then x  P  z; bu t i f  the  antecedent does not hold (e.g., i f  x  I y ) ,  then the 
consequent need not ho ld  e ither. For example, q u a s i-tra n s itiv ity  allow s (as 
in  note 12) y  P  z, z I  x , and x  I  y , w h ich  is c lea rly  in tra n s itive  in  both  R  
and 7, a lthough i t  is enough to establish th a t the choice fro m  X  =  (x , y , z) 
is C (X )  =  (x,>>)-

A nother, even weaker requ irem ent fo r a choice, is acyc lic ity , w h ich  
is the requirem ent th a t a lte rna tives in  X  can be arranged so th a t there is 
no cycle .14 I t  tu rns ou t tha t, by using the  log ica l requ irem ent o f a cyc lic ity  
ra ther than tra n s it iv ity , i t  is possible to  find  social choice th a t satisfies a ll 
o f A rro w ’s fairness conditions as w ell as the revised cond ition  o f  log ica lity . 
A . K . Sen offers an example o f such a m ethod: For a set X  =  (a , b, 
le t a be chosen fo r  C (X )  over b i f  everybody prefers a to b and le t a and b 
both be chosen i f  not everybody prefers a to b or b to a .15 T h is  ru le  
satisfies C ond ition  U  because a ll in d iv id u a l orders are allowed. I t  satisfies 
C ond ition  P because i t  is based on the  p rin c ip le  o f  unan im ity . I t  satisfies 
C ond ition  I  because the choice between any p a ir depends on ly  on in d iv id ­
ual preferences on th a t pair, and i t  satisfies C ond ition  D  because the  on ly  
way a can be bette r socia lly  than b is fo r  everyone to p re fer a to  b. F ina lly , 
i t  is a lways acyclic. So even i f  one cannot guarantee an order w ith  fa ir  
procedure, i t  appears th a t one can a t least guarantee a best choice.

U n fo rtu n a te ly , however, som ething very m uch lik e  d ic ta to rsh ip  is 
requ ired  to  guarantee q u a s i-tra n s itiv ity  o r acyc lic ity . Q uas i-trans itive  so­
c ia l outcomes can be guaranteed on ly  i f  there is an o lig a rch y .16 (A n  o l i ­
garchy is a subset o f  choosers who, i f  the  members agree, can impose a 
choice, or, i f  they do not agree, enables a ll members in d iv id u a lly  to  veto 
the choice.) I f  one m odifies C ond ition  D  fro m  no d ic ta to r to  no vetoer, 
then even a quasi-transitive  social outcom e cannot be guaranteed.17 As fo r 
acyc lic ity , D onald  B row n has shown th a t acyc lic  choice requires a “ co lle ­
g iu m ”  such th a t a lte rna tive  a is chosen over b i f  and on ly  i f  the whole 
co lleg ium  and some other persons pre fer a to  b. Thus, a lthough a co lle ­
g ium  cannot u n ila te ra lly  impose a choice, u n like  an o liga rchy  i t  can a l­
ways a t least ve to .18

Furtherm ore , i f  one strengthens A rro w ’s conditions ju s t a l it t le  
b it by requ iring  not ju s t the m ono ton ic ity  th a t enters in to  C o n d itio n  P, 
b u t a cond ition  o f positive responsiveness (C o n d itio n  P R ), then quasi­
tra n s it iv ity  again involves d ic ta to rsh ip . (M o n o to n ic ity  requires m erely



132 The Meaning of Social Choices

tha t, i f  a voter raises her o r his va lua tion  o f  an a lte rna tive , the  social 
va lua tion  does not go down. In  contrast, positive responsiveness requires 
tha t, i f  a voter raises her o r his va lua tion , society does so as w e ll, i f  th a t is 
possible.) I t  is then the case th a t any quasi-transitive  social result th a t 
satisfies C ond itions U , P, I, and PR m ust v io la te  C ond ition  D  i f  there are 
three a lternatives; and, fu rthe rm ore , someone m ust have a veto i f  there 
are fo u r o r m ore a lte rna tives .19

W eakening tra n s it iv ity  in to  some log ica l cond ition  th a t requires 
on ly  a social choice bu t not a fu l l  o rdering  does not gain very m uch. Th is  
b r ie f survey indicates there is a fa m ily  o f poss ib ility  theorems o f w hich 
A rro w ’s theorem  is a special case. A n d  in the  whole fa m ily  there is s til l 
some k ind  o f serious co n flic t between conditions o f fairness and a condi­
tion  o f log ica lity . In  general, the on ly  effective way to  guarantee consis­
tency in social outcomes is to  requ ire  some k ind  o f concentra tion o f power 
in  society— a d ic ta to r, an o ligarchy, o r a co lleg ium . So fairness and social 
ra tio n a lity  seem jo in t ly  impossible, w h ich  im plies th a t fairness and mean­
ing in  the content o f  social decisions are sometimes incom patib le .

5.F. The Theoretical Invulnerability 
of Arrow's Theorem:
Conditions on Social Choice

O f course, one can abandon e n tire ly  the e ffo rt to  guarantee some 
k ind  o f o rdering  fo r social “ ra tio n a lity ,”  w hether i t  be tra n s it iv ity  or 
m ere ly acyc lic ity . One can s im p ly  provide th a t a social choice is made and 
impose no k ind  o f o rdering  cond ition . The reason, however, th a t tra n s itiv ­
ity  o r even less res tric tive  o rdering  conditions are a ttra c tive  is th a t they 
often fo resta ll m an ipu la tion  by some pa rtic ipan ts  e ithe r o f  agenda or o f 
sets o f  a lternatives to ob ta in  outcomes advantageous to the m an ipu la tor. 
As A rro w  rem arked a t the conclusion o f  the  revised ed ition  o f S o c ia l 
Choice and In d iv id u a l Values, “ the im portance o f  the tra n s it iv ity  condi­
tio n ”  involves “ the independence o f  the fina l choice from  the path to  i t . ” 20 
“ T ra n s itiv ity ,”  he said, “ w il l  ensure th is  independence,”  thereby ensuring 
also th a t the preferences o f the  pa rtic ipan ts  (ra th e r than the  fo rm  o f  o r 
m an ipu la tion  o f the social choice m echanism ) determ ine the  outcom e. H e  
w ent on to  po in t ou t th a t both R obert D ah l and I  had described ways in  
w h ich  in trans itive  social mechanisms had produced “ unsatis facto ry”  re­
sults. So A rro w  concluded th a t “ co llective ra t io n a lity ”  was not m ere ly an 
“ ille g it im a te ”  an thropom orph ism , “ bu t an im p o rtan t a ttr ib u te  o f a genu-
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ine dem ocra tic  system.”  Consequently, i f  one gives up on social tra n s it iv ­
ity  o r some weaker fo rm  o f orde ring , one is in  e ffect abandoning the  e ffo rt 
to  ensure socia lly  sa tis fac to ry  outcomes.

To ensure sa tis facto ry  outcomes w ith o u t im posing an an th ropom or­
ph ic co llective  ra tio n a lity , one m ig h t impose consistency cond itions on the 
social choice m echanism— conditions th a t cou ld  have the  same e ffect o f 
fo res ta lling  m an ipu la tion  th a t tra n s it iv ity  does, b u t th a t w ou ld  no t a t t r ib ­
ute to  society the a b ility  to  o rder possessed on ly  by  persons. H ope fu lly , 
one w ould  thereby avoid a ll the  problem s o f the poss ib ility  theorems pu t 
fo r th  by A rro w  and his successors. U n fo rtu n a te ly , however, i t  tu rns  out 
th a t these consistency cond itions also cannot be satisfied by social choice 
mechanisms th a t sa tis fy  the fa irness conditions. Consequently, a lthough 
the  prob lem  can be e legantly  restated in  term s o f  choice ra th e r than  o r­
dering, the  m ain defect o f the m ethods o f am algam ation  is unaffected by 
the  new language. Just to  say, fo r  exam ple, th a t x  P, y  and x  P2 y  lead to  
C (x , y )  =  x  ra the r than to  say th a t they lead to  x  P  y  does not solve the 
prob lem  o f am algam ation. Some k in d  o f inconsistency is inerad icab le .

Consistency requirem ents on choice have been discussed in  tw o 
q u ite  d iffe ren t ways, w h ich , however, tu rn  ou t to  be subs tan tia lly  equiva­
len t in  th is  context. I  w il l  discuss bo th  ways here, despite th e ir equiva­
lence, because th e ir verba l ra tiona les are com plem entary.

A . K . Sen and subsequently m any others have imposed on social 
choice conditions o f lo g ic a lity  th a t were o rig in a lly  devised as standards 
fo r  in d iv id u a l choice behavior. T h is  procedure has the advantage o f  re la t­
ing consistency in  groups to  consistency in  persons, b u t i t  is subject to  the 
same charge o f an thropom orph ism  th a t was leveled against the use o f 
o rdering  conditions. C harles P lo tt, however, has devised a consistency 
cond ition  fo r  social choice itse lf, one th a t cou ld  no t easily be app lied  to 
persons b u t captures the s p ir it  o f  A rro w ’s insistence th a t the  fina l choice 
ought to  be independent o f the pa th  to  it .  I t  is in te resting  and rem arkable  
th a t Sen’s and P lo tt’s cond itions tu rn  o u t to  be closely re la ted and a lm ost 
equ iva len t.21

L o ok ing  firs t a t Sen’s cond itions, le t S  and T  be sets o f  a lte rna tives 
in X  =  (x ,, x 2, . . . ,  x m) and le t S  be a subset o f  T. Sen’s conditions are 
restric tions on the  choice sets fro m  these tw o sets o f a lternatives, C (S ) 
and C (T ) :

1. P rope rty  a : For sets S  and T, w ith  S  a subset o f  T, i f  x  is in  both  C (T )  
and S, then x  is in  C (S ).

2. P roperty  0 -|-: For sets S  and T, w ith  S  a subset o f T , i f  x  is in  C (S ) 
and y  is in  S , then, i f  y  is in  C (T ’), so also is x  in  C (T ) .
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T he  m eaning o f  these conditions is easily explained: P roperty  a  requires 
tha t, i f  the choice fro m  the la rge r set is in  the sm alle r set, then i t  is in  the 
choice from  the sm alle r set as w ell.

To see the ra tiona le  o f  a , consider a v io la tion  o f it: A  d iner chooses 
am ong three item s on a menu, beef (B ), chicken (C ) ,  and fish (F ) ,  w h ich  
are the  set {B, C, F}. T he  d iner chooses beef (B ); then the  restaurant runs 
ou t o f  fish (F ) .  T he  new m enu is the set [B, C}, whereupon the  d iner 
chooses ch icken (C )  in  v io la tio n  bo th  o f p roperty  a  and o f apparent 
good sense.22

P roperty a  guarantees consistency in  choices as the num ber o f a lte r­
natives is con tracted  because in  going fro m  T  to  S  the choice does not 
change i f  i t  is in  both sets. P roperty  /? +  , on the o ther hand, guarantees 
consistency in choices as the num ber o f a lternatives is expanded. I t  re­
quires th a t, i f  any elem ent in  the sm alle r set is the choice fro m  the la rger 
set, then a ll choices fro m  the sm a lle r set are choices fro m  the la rge r set. 
Thus, in  going fro m  S  to T, i f  any choices fro m  S  continue to be chosen 
fro m  the la rger set, a ll such choices continue to be chosen.

T he  ra tiona le  o f /3-f can be appreciated from  a v io la tion  o f it :  For a 
sem inar w ith  students S  — (a , b, c, d ) , a teacher ranks d  best. Then an­
o ther student enro lls m aking  T  =  (a, b, c, d, e), whereupon the teacher 
ranks c best. Doubtless student d  discerns an inconsistency and believes 
th a t i f  he is the best or among the best in  S  and i f  some o ther m em ber o f S 
is best in  T, then he ( d ) ought to  be among the  best in  T  also.

As I  have a lready noted, p roperty  a  and property  /? +  apply as w ell 
to  ind iv idua ls  as to  society. P lo tt, however, attem pted to embody A rro w ’s 
no tion  o f “ independence o f the  fin a l resu lt fro m  the  path to i t ”  d ire c tly  in  
a cond ition  on soc ia l choice. P lo tt ju s tifie d  his cond ition , w hich, app rop ri­
ately, he called “ path independence,”  thus:

the process o f  choosing, f r o m  a dynam ic  p o in t o f  view, fre q u e n tly  p ro ­
ceeds in  a type o f  "d iv ide  and conquer" manner. The a lte rna tives are 
“s p lit  u p "  in to  sm a lle r sets, a choice is m ade over each o f  these sets, the 
chosen elements are collected, and  then a choice is made f r o m  them . Path 
independence, in  th is  case, w o u ld  mean th a t the f in a l  re su lt w ou ld  be 
independent o f  the way the a lte rna tives  were in it ia l ly  d iv ided  up f o r  
cons idera tion .23

The de fin ition  o f p a th  independence is tha t, fo r  any pa ir o f sets S' and T, 
the choice fro m  the  union o f the sets is the same as the choice fro m  the 
un ion o f the separate choices fro m  each set.24 M an ifes tly , i f  S  and T  are 
any ways o f breaking  up the set o f  a lternatives, X , then to equate the
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choices fro m  th e ir un ion  w ith  the choice fro m  the union o f  th e ir choice 
sets is to say th a t i t  makes no difference to the fina l outcom e how X  is 
d ivided up fo r choosing.

Path independence ( P I )  can be broken up in to  tw o parts— P I*  and
*P I:

1. P I*  is the cond ition  th a t the choice fro m  the un ion o f S  and T  be 
included in  o r equ ivalent to  the choice fro m  the  un ion  o f th e ir 
choice sets.

2. * P I  is the converse o f P I* .  S pecifica lly, * P I  is the cond ition  th a t the 
choice fro m  the un ion  o f the choice sets o f  S  and T  be included in o r 
equivalent to  the choice fro m  the un ion o f S  and F .25

I t  is a rem arkab le  and im p o rta n t fa c t th a t P I*  is exactly  equ ivalent to  
p roperty  a .26 Furtherm ore , a choice fu nc tion  sa tis fy ing  p rope rty  /3 +  satis­
fies * P I , so tha t, though not equivalent, * P I  is im p lied  by /3-|-.27

These standards o f  consistency in  choice tu rn  ou t to  be qu ite  s im ila r 
in  effect to o rdering  princ ip les .28 A lth o u g h  p roperty  a  does not guarantee 
tra n s itiv ity , i t  does guarantee a cyc lic ity  in  choices fro m  X . So also, there­
fore, do P I  and P I* .  Consequently, social choice methods sa tis fy ing  these 
conditions are d ic ta to r ia l o r o liga rch ic , ju s t as are those sa tis fy ing  order­
ing  principles.

O n the o ther hand, p roperty  /3 +  does not guarantee even a cyc lic ity  
when choices fro m  X  are made in  a series o f pa irw ise comparisons. Conse­
quently, methods sa tis fy ing  /3 +  and * P I  do not im p ly  d ic ta to rsh ip  or 
o liga rchy  or any o ther k ind  o f concentra tion  o f power. I f  one is w illin g  to 
give up consistency in  con trac ting  a lte rna tives— and th is  is qu ite  a b it  to  
give up— then re liance on sim ple consistency in  expanding a lternatives 
m ig h t be a w ay around a ll the d ifficu ltie s  discovered by A rro w . U n fo r tu ­
nately, however, methods o f choice sa tis fy ing  f3-1- and * P I  v io la te  another 
fairness cond ition— namely, u n a n im ity  o r Pareto o p tim a lity .29

Suppose a choice is to  be made by three people w ith  these preference 
orders: (1 ) x  y  z w, (2 ) y  z w x , (3 ) z w  x y .  T h is  leads to a cycle in  s im ple 
m a jo rity  ru le, x P y P z P w P x ,  so th a t the choice set is a ll the a lte rna ­
tives: C (w , x ,y ,  z ) =  ( w , x , y , z ). B u t everyone prefers z to w, a lthough 
there is a path by w hich w can be chosen. L e t S , =  (y ,  z ) and C (S ,) =  y \ 
S 2 =  (jc, j>) and C (S 2) =  x \ S 3 =  (x , w) and C (S 3) =  w. U s ing  S', a t step 
1, S 2 at step 2, and S 3 at step 3, w is selected even though z, e lim ina ted  at 
step 1, is unanim ously p referred to  w. T h is  resu lt is generalized by 
Ferejohn and G re ther.30 I t  te lls us tha t, even i f  we re ly  solely on an expan-
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sion consistency cond ition  and thus avoid concentrations o f  power, we s ti l l  
do not achieve fairness. So, in  a q u ite  d iffe re n t way, we are back where we 
began. N o th in g  has been gained except an elegant fo rm a lism  th a t avoids 
an th ropom orph iz ing  society.

5.G. The Absence of Meaning

The m ain th ru s t o f  A rro w ’s theorem  and a ll the  associated lite ra tu re  
is th a t there is an unresolvable tension between lo g ica lity  and fairness. To 
guarantee an o rdering  o r a consistent path , independent choice requires 
th a t there be some sort o f  concentra tion  o f  power (d ic ta tors, o ligarchies, 
o r colleg ia o f  vetoers) in  sharp co n flic t w ith  dem ocra tic  ideals. Even the 
weakest sort o f  consistency (/3 +  o r * P I )  involves a con flic t w ith  unan im ­
ity , w h ich  is also an e lem entary cond ition  o f  fairness.

These conflic ts have been investigated in  g reat de ta il, especially in  
the  last decade; bu t no adequate reso lu tion  o f  the tension has been discov­
ered, and i t  appears qu ite  u n like ly  th a t any w il l  be. The unavoidable 
inference is, therefore, tha t, so long as a society preserves dem ocra tic  
ins titu tions , its members can expect th a t some o f  th e ir  social choices w ill 
be unordered or inconsistent. A n d  when th is  is true , no m ean ing fu l choice 
can be made. I f  y  is in fa c t chosen— given the m echanism o f  choice and 
the  p ro file  o f  in d iv id u a l va luations— then to  say th a t x  is best o r r ig h t o r 
m ore desired is probab ly false. B u t i t  w ou ld  also be equa lly  fa lse to say 
th a t y  is best o r r ig h t o r most desired. A n d  in  th a t sense, the  choice lacks 
meaning. The  consequence o f th is  defect w il l  be explored in  the ensu­
ing  chapters.

6
The Manipulation 
of Social Choices: 
Strategic Voting

The poss ib ility  o f  a lack  o f m eaning in  the outcom e is a serious prob lem  
fo r social ju d g m e n t and social choice. I t  forces us to  doub t th a t the  con­
ten t o f “ social w e lfa re ”  o r the “ p ub lic  in te res t”  can ever be discovered by 
am algam ating  in d iv id u a l va lue judgm ents. I t  even leads us to  suspect th a t 
no such th in g  as the  “ p ub lic  in te rest”  exists, aside fro m  the subjective 
(and hence dubious) c la im s o f  se lf-p roc la im ed saviors.

Serious as are such (p robab ly  irreso lvab le ) epistem olog ica l and on­
to log ica l questions, i t  seems to  m e th a t the s im ple p rac tica l consequences 
fo r social choices are m uch worse. These consequences are e ithe r th a t 
power is concentrated in  society o r th a t any system o f vo ting  can be 
m an ipu la ted  to  produce outcomes advantageous to  the  m an ipu la to rs  o r a t 
least d iffe re n t fro m  outcomes in  the  absence o f m a n ipu la tion . I f  we as­
sume th a t society discourages the  concen tra tion  o f  power, then a t least 
tw o  methods o f  m an ipu la tion  are always ava ilab le , no m a tte r w ha t 
m ethod o f  vo ting  is used: F irs t, those in  co n tro l o f procedures can m a­
n ipu la te  the  agenda (by, fo r  exam ple, re s tric tin g  a lte rna tives or by a r­
rang ing the  order in  w h ich  they are b rough t up). Second, those no t in  
con tro l can s ti l l  m an ipu la te  outcomes by fa lse revelations o f  values.

Both  methods assume a s ta tic  w o rld , w ith  the num ber o f  p a rt ic i­
pants and a lte rna tives fixed. H ence sometimes a p ro file  o f  preferences 
cannot be m an ipu la ted  by anyone. For exam ple, i f  a ll p a rtic ipan ts  are 
unanim ous, no one has a m otive  to  m an ipu la te ; and, given a vo ting  system 
sa tis fy ing  the  Pareto cond ition , i t  is im possib le to  m an ipu la te  anyw ay. B u t 
in  a dynam ic w orld , where the sets o f  pa rtic ipan ts , N , o r o f  a lte rna tives, 
X , can vary, some k in d  o f m an ipu la tion  is p robab ly  possible w ith  any 
profile . For example, in an X  w ith  m  elements, even i f  everyone prefers x, 
to  the m — 1 o ther a lte rna tives in  X , s ti l l  when X  is enlarged to  X '  con-
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ta in in g  some x m + ]th elem ent, u n a n im ity  m ay vanish and the po ten tia l fo r 
m an ipu la tion  m ay appear.

4.A. The Elements of Manipulation

By l im it in g  the  discussion in it ia l ly  to  the  s ta tic  case w ith  fixed N  
and X , i t  is easy to  illu s tra te  the possib ilities o f m an ipu la tion  w ith  s im ple 
m a jo r ity  vo ting  and the am endm ent procedure, a lthough  in  p rinc ip le  s im i­
la r possib ilities exist— even in  the s ta tic  case— fo r a l l  procedures. Suppose 
there are fo u r a lternatives, X  — (w , x , y , z ), z is the status quo, and three 
ro ugh ly  equal factions have th is  pro file :

Faction 1: w x  y  z 

Faction 2: x  y  z w 

Faction 3: y  z w  x

In  the abstract, th is  p ro file  produces a cycle w P x P y P z P w ;  so a ll a l­
ternatives tie . B u t, given the  am endm ent procedures, app ropria te  con tro l 
o f the  agenda produces p a rticu la r (though  d iffe re n t) w inners. Suppose 
fac tion  3 can con tro l the agenda (perhaps by co n tro llin g  an agenda­
m ak ing  body lik e  the Rules C om m ittee  o f  the  U .S . House o f Representa­
tives). Then, by posing its  firs t choice, y ,  as the o rig in a l m o tion  w ith  x  and 
w as am endm ents, fac tion  3 can m ake y  w in  in  a decision process th a t 
proceeds in  th is  way:

S tep 1: x  vs. w; w w ins (w ith  1 and 3)

Step 2: u> vs. y ;  y  w ins (w ith  2 and 3)

S tep 3: y  vs. z; y  w ins (unan im ously)

Hence C(w, x ,  y ,  z)  =  y.  Suppose, however, fac tion  2 contro ls  the agenda­
m ak ing  body. Then by posing x  as the  o r ig in a l a lte rna tive  w ith  y  and w  as 
amendm ents, fac tion  2 can m ake x  w in :

Step 1: t v v s . y ; ; '  w ins (w ith  2 and 3)

S tep 2: x  vs. y;  x  w ins (w ith  1 and 2)

Step 3: x  vs. z; x  w ins (w ith  1 and 2)
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So C (w, x , y , z ) =  x . Faction *1 cannot m ake w, its  firs t choice, w in  be­
cause w loses to z, fac tion  l ’s least-desired choice. B u t fa c tion  1 can, o f  
course, make e ithe r x  o r y  w in , bo th  o f  w h ich  fa c tio n  1 prefers to  z. So 
every fac tion  can produce a pre ferred  choice by con tro l o f  the  agenda. 
W he the r x , y , o r even z w ins thus depends not o n ly  on p a rtic ip a n ts ’ p re f­
erences, b u t also on the chance o f w h ich  fac tion  contro ls  the  agenda.

I t  is true  tha t, i f  the procedure inc luded an u ltim a te  fo u rth  step in 
w h ich  the su rv ivo r a t the  penu ltim ate  step was placed against each o f  the 
others, then th a t su rv ivo r w ou ld  also lose— and z w ou ld  w in  by d e fa u lt.1 
T h is  is no t necessarily a desirable outcom e, however, because z loses 
unan im ously to  y  and by tw o -th irds  to  x . The m ore elaborate procedure 
renders m an ipu la tion  s lig h tly  m ore d iff ic u lt, b u t i t  m ay lead to  a worse 
outcom e— and, o f  course, m an ipu la tion  by fa lse reve la tion  o f  preferences 
is not prevented a t a ll.

L e t us look, then, a t s tra teg ic vo ting , w h ich  is ava ilab le  even to  those 
less pow erfu l people w ho do not con tro l the agenda. Suppose fac tion  3 
does m ake y  the o rig in a l m o tion  and presum ptive w inner. Can factions 1 
and 2 do any th ing  in  response? Indeed, members o f fac tion  1 can, fo r 
example, vote s tra teg ica lly  as i f  th e ir va luations were x w y z  (instead o f 
w x y  z, as they tru ly  a re). Then x  w ould  be the C ondorcet w inner:

Step 1: x  vs. w; x  w ins (w ith  1 and 2 because 1 votes s tra teg ica lly )

Step 2: x  vs. y ; x  w ins (w ith  1 and 2)

Step 3: x  vs. z; x  w ins (w ith  1 and 2)

Hence C (w, x , y , z ) =  x . A lth o u g h  fa c tion  2 cannot alone stop y , m em ­
bers o f  2 can, o f  course, urge fa c tion  1 to  do so.

Conversely, i f  fac tion  2 succeeds in  m aking  x  the o rig in a l m otion  
and presum ptive w inner, members o f  fa c tio n  3 can th w a rt 2 by vo ting  
stra teg ica lly , as i f  3’s va lua tions were w y  z x  (instead o f the tru e  va lu ­
a tion , y  z w x ) .  The process w il l  then be:

Step 1: w  vs. y ; w  w ins (w ith  1 and 3 because 3 votes s tra teg ica lly )

S tep 2: h> vs. x ; w  w ins (w ith  1 and 3)

Step 3: w  vs. z; z w ins (w ith  1 and 3 because 3 reverts to  the true
va lua tion , y  z w x )

So C (w , x , y , z ) =  z, w h ich  is fa c tio n  3 ’s second choice and p re ferab le  to 
its last choice, x . Nevertheless, 3 cannot guarantee v ic to ry  fo r  z because
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fac tion  1, observing 3’s d iss im u la tion  a t step 1, can also d iss im ulate  a t 
step 2, pre tending to  hold x  w y  z. So x  w il l  survive (w ith  support fro m  1 
and 2) and u ltim a te ly  beat z (aga in  w ith  1 and 2). Faction 1 w il l  thus get 
its second choice, x , ra the r than its last choice, z, w h ich  w ould  be chosen 
i f  1 d id  not s tra teg ica lly  counter 3’s s tra teg ic voting.

The social choice depends, therefore, not on ly  on the  values o f pa r­
tic ipan ts , b u t also on w hether any o f them  fa lsely reveal those values, and, 
i f  any do, on w hich ones do so.

I t  m ay be though t th a t s tra teg ic vo ting  is m a in ly  characte ris tic  o f  
m a jo rita r ia n  procedures. B u t i t  is ju s t as easy w ith  pos itiona l methods 
such as the Borda count. Then, fo r the same profile .

Faction 1: w x y  z

Faction 2: x y  z w

Faction 3: y  z w  x

the Borda sums are: w  =  4, x  =  5, y  =  6, z =  3; so y  w ins. B u t members 
o f fac tion  1, p re fe rring  x  to  y , have on ly  to  rearrange th e ir revealed order 
to  x  w z y , in  w h ich  case x  =  6, y  =  5, z =  4, w =  3, and x  wins.

Agenda contro l and stra teg ic vo ting  are often possible in  the  sta tic  
w o rld , w ith  N  and X  fixed. In  the  dynam ic w orld , w ith  both  sets variab le , 
the possib ilities o f  m an ipu la tion  are enorm ously increased. Indeed, in  the 
dynam ic w orld , i t  is p robab ly  a lw ays possible to  m an ipu la te , provided 
pa rtic ipan ts  are eager enough to  change outcomes and hence w illin g  to  
expend the  energy necessary to  create new a lte rna tives o r to  in troduce 
new partic ipan ts .

Suppose, fo r example, there are tw o  a lternatives, a and b, and the 
status quo, z, and tw o  parties, w ith  th is  pro file :

P arty  1: a z b

P arty  2: b z a

P arty  1 has an absolute m a jo rity , 60 percent o f  the  partic ipan ts . Then 
w ith  the am endm ent procedure, the social choice is, fo r certa in , a. W h a t 
can p a rty  2 do to  im prove? Party 2 can e ithe r b ring  in  m ore than 20 
percent add itiona l pa rtic ipan ts  as supporters o r b rin g  in  new alternatives 
th a t sp lit p a rty  1. T yp ica lly , the  la tte r is the easier path. I t  am ounts to  a 
dynam ic extension o f agenda con tro l, one th a t even allow s losers to  m a­
n ipu la te  w inners.
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As in D isp lay 6-1, le t p a rty  2 propose a new a lte rna tive , c, w h ich  
splits p a rty  1. In  D 1, there is a cycle in a b c, so the status quo, z, w il l  w in  
i f  c is the o rig in a l m otion . In  D 2, c is the C ondorcet w inner. R ea lly  clever 
leaders o f  p a rty  2 can occasionally find  some c th a t generates D 2, bu t 
m any qu ite  o rd in a ry  po litic ians  can inven t some c th a t generates D 1.

In  lieu  o f expanding X  w ith  c, pa rty  2 can instead trade votes, in  
effect com m ing ling  X  w ith  some X '  =  (d , f  \ z ) con ta in ing  an a lte rna tive  d  
favored m ore than a by group  A  o f  p a rty  1, as in  D isp lay  6-2.

Assume p a rty  2 w ou ld  ra th e r w in  on b than on / .  S ince mem bers o f 
group A  o f p a rty  1 w ould  ra the r w in  on d  than on a, p a rty  2 can o ffe r to  
vote fo r d  in choosing fro m  X ' , in  re tu rn  fo r  w h ich  members o f  g roup  A  o f 
pa rty  1 prom ise to  vote fo r  b fro m  X . So C (X )  =  b and C (A ") =  d. D e fin ­
ing  X *  — X  U  X ',  then vo te -trad ing  is s im p ly  coord inated s tra teg ic  vo t­
ing  in  X * .

A ltoge ther, then, in  the  s ta tic  w o rld  o f  fixed N  and X , there  are 
m any profiles p e rm ittin g  m an ipu la tion  by agenda con tro l and stra teg ic  
voting. Even i f  such profiles do no t exist in  the s ta tic  w o rld , o ften , i f  no t 
always, a dynam ic developm ent does p e rm it m an ipu la tion . T he  dynam ic  
version o f agenda con tro l is expansion o f  X  w ith  d iv is ive  a lte rna tives, and 
the dynam ic  version o f stra teg ic vo ting  is vo te -trad ing . So i t  seems m an ip ­
u la tio n  is a lm ost a lways possible.

Is th is  a re a lly  general result? The  answer is a ffirm a tive , as I  w il l  
show fo r s tra teg ic vo ting  in  the rest o f  th is  chapter and fo r  agenda con tro l 
in  the next chapter.

6.B. The Universality 
of Strategic Voting

Is s tra teg ic vo ting  possible in  any vo ting  system, given an a p p ro p ri­
ate p ro file  o f  in d iv id u a l values? Ever since D uncan B lack  po in ted ou t the  
poss ib ility  in  his o rig in a l essay on the paradox o f  vo ting , social choice 
theorists have conjectured th a t the poss ib ility  o f  s tra teg ic vo ting  is an 
inherent fea ture  o f vo ting  m ethods.2 R ecently  th is  con jecture has been 
proved, independently, by A lla n  G ib b a rd  and M a rk  S a tte rth w a ite .3 G iven 
an appropria te  p ro file  o f  preferences, any vo tin g  m ethod can be m an ipu ­
la ted stra teg ica lly . T h a t is, assum ing there are “ tru e ”  preference orders 
fo r  voters, then there are occasions on w h ich  some voters can achieve a 
desired outcom e by vo ting  co n tra ry  to  th e ir  tru e  preferences.4
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Display 6-1

Splitting tlie Larger Party w ith a New Alternative

D  on X  =  (a, b, z)

P a rty  1 (60% ): a z b
P a rty  2 (40% ): b z a

Note. Alternative a wins.

A  new a lte rna tive  c in  X ' =  (a , b, c, z) is proposed such th a t the 
resu lt is e ithe r D ' o r D 2 on X ' .

__________D ' on X ’ D 2 on X '

P arty  1 (30% ); c a z b  c a z b
P arty  1' (30% ); a z b c  a z c b
P arty  2 (40% ); b z c a b c z a

Number of Votes for the Alternative in the Row 
When Placed in Contest Against 
the Alternative in the Column

For D '

a b c z

a — 60 30 60
b 40 — 70 40
c 70 30 — 30
z 40 60 70 —

So a, b. c, and z cycle and z w ins.
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For D 2

a b c z

a — 60 30 60
b 40 — 40 40
c 70 60 — 70 (C ondorcct w inner)
z 40 60 30 —

G ibbard  rem arked and S a tte rthw a ite  proved th a t th is  resu lt is, in  e f­
fect, an app lica tion  o f  A rro w ’s theorem . L ik e  A rro w ’s theorem , i t  applies 
on ly  to  cases where there are three o r m ore a lternatives. (S im p le  m a jo r ity  
vo ting  on tw o a lternatives is not m a n ip u la te , though the reduction  o f 
m any a lternatives to tw o is.) S t i l l  the G ib b a rd -S a tte rth w a ite  resu lt is 
narrow er than A rro w ’s theorem . The theorem  on m an ipu la tion  applies 
on ly  to voting, not to  am algam ation  by o ther means such as m arkets. 
Since it  does app ly on ly  to vo ting , i t  specifica lly  docs not a llow  fo r ties or 
fo r the choice o f m ore than one w inner.5

As G ibba rd  pointed out, however, vo ting  is w ith o u t m eaning unless 
i t  produces a unique outcome. Consequently, the p ro o f th a t s tra teg ic  vo t­
ing inheres in a ll methods assumes th a t the method m ust lead to  a unique 
choice. S im ila rly , i t  is qu ite  easy to  devise s tra tegy-p roo f methods th a t use 
a chance device. (G ib b a rd ’s exam ple is good: Everyone m arks a ba llo t 
w ith  a firs t choice among alternatives, and a decision is made by ran­
dom ly p ick ing  one ba llo t. Then a ll are m otiva ted  to select th e ir true  firs t 
choices. I f  a voter selects otherw ise, then, i f  his o r her b a llo t is p icked, the 
social choice w ill be less favorable than i f  the vo ter had selected honestly.) 
A lth o u g h  m any such devices can be im agined, they a ll v io la te  A rro w ’s 
independence cond ition  in  tha t, fo r a given pro file , the social choice m igh t 
be x  w ith  one chance selection and y  w ith  another. I t  seems appropria te , 
therefore, to  exclude methods o f am algam ation  th a t use chance.6 W h a t 
rem ains are n o n tr iv ia l vo ting  methods, and these are a ll subject to  m an ip ­
u la tion  by stra teg ic vo ting .7 The conclusion is, therefore, th a t any o rd ina l 
method o f vo ting  can be m an ipu la ted  by ind iv idua ls .8 Furtherm ore , as w ill 
be shown in section 6.D , even dem and-revealing vo ting , w hich was devised 
to  preclude m an ipu la tion , is easily m an ipu lab le  by m in o r ity  coa litions. I t  
seems, therefore, tha t some poten tia l fo r m an ipu la tion  is inescapable.
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D i s p l a y  6 -2

V o t e - t r a d i n g  o n  N e w  a n d  O l d  A l t e r n a t i v e s

D  on X  — ( a, b, z)

P arty  1, G roup  A  (20% ): a z b
P arty  1, G roup  B  (40% ): a z b
P arty  2 (40% ): b z a

Note. A lternative a wins.

D  on X '  =  ( d . f  z)

Party  1, G roup  A  (20% ): d  z f
P arty  1, G roup  B  (40% ): f  z d
P arty  2 (40% ): f  z d

Note. A lternative /  wins.

Vote trade: Party 2 promises to vote fo r d  and group A  o f p a rty  1 
promises to vote fo r b. The resu lt is:

Contest

a VS. b

P arty  1, G roup B 40% P arty  1, G roup A  
P arty  2

20%
40%

T ota l 40% T o ta l 60%

Note. A lternative b wins.

Contest

d vs. f

Party  1, G roup  A  
Party 2

20% P arty  1, G roup  B 
40%

40%

Tota l 60% To ta l 40%

Note. A lternative d wins.
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6.C. Examples of Strategic Voting

Some w rite rs  have suggested th a t s tra teg ic  vo ting  is so d iff ic u lt fo r 
m ost people th a t very l it t le  o f  i t  occurs. Evidence fo r  o r against th is  propo­
s ition  is hard to come by because to  know  w hether people vote s tra teg i­
ca lly , one m ust know  how th e ir true  values d iffe r ( i f  a t a ll)  fro m  the 
values they reveal. The observer knows fo r  ce rta in  on ly  w ha t is revealed, 
so h a lf o f  the data fo r com parison are unava ilab le . Nevertheless, where 
one can make good guesses about true  values, i t  appears th a t q u ite  a lo t o f 
s tra teg ic vo ting  takes place.

I n  P l u r a l i t y  V o t i n g

One o f the sim plest k inds o f s tra teg ic  vo ting  occurs in  p lu ra lity  
systems, where supporters o f  th ird  parties vote fo r th e ir  second choice in 
o rder to  defeat the m a jo r p a rty  candidate they like  the  least. (See the  
examples in  section 4 .D .) S ince th is  k in d  o f s tra teg ic  vo ting  is one m otive  
force behind D uverger’s law  ( “ The sim ple m a jo rity , s ingle b a llo t system 
favors the tw o -p a rty  system.” ) and since D uverger’s law , p rope rly  in te r­
preted, seems a lm ost in va ria b ly  true , s tra teg ic  vo ting  o f th is  sort m ust be 
very com m on in  s ingle-m em ber d is tr ic t systems.9

I n  A n  O p e n  P r i m a r y

One com plicated strategy, sometimes recom mended bu t, so fa r  as I  
know, never used by enough voters to  m ake a d ifference, is th is : G iven an 
open p rim a ry  (w here in  voters can pa rtic ip a te  in  the p rim a ry  e lection o f 
any pa rty  they select a t the tim e  o f the  p r im a ry ) , given fo r  pa rty  R  tw o 
candidates, r ,  and r 2, and fo r  p a rty  D  one candidate, d , given th a t the 
chance r, beats d  in  the general e lection is 0.9 and th a t r 2 beats d  is 0.4, 
then one recommended stra tegy fo r  members o f D  is to  vote fo r  r 2 in  the  R  
p rim ary , so th a t, i f  the p r io r estimates o f p robab ilitie s  are accurate, d  w il l  
beat r 2 in  the general e lection. (S im ila r  possib ilities exist in  any double 
election or ru n o ff system.)

T h is  stra tegy assumes a p ro file  som ewhat like  th is , where R , is a
fac tion  in R ,

R { (15% ) r \ d  r 2

R 2 (10% ) r, r 2d

R , (35% ) r 2 r, d

D  (40% ) d  r, r 2
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and i t  an tic ipates vo ting  thus:

Step 1: r , vs. r 2; r 2 w ins (w ith  R } and D  or 75%)

Step 2: r 2 vs. d\ d  w ins (w ith  72, and D  or 55%)

S om eth ing qu ite  like  th is  was recommended by D em ocra tic  activ ists 
in  the  W isconsin  R epublican senatoria l p r im a ry  o f 1956, where r, was the 
incum bent Senator W iley , an E isenhower R epublican, and r 2 was Rep­
resentative G lenn D avis, who was supported by the  fa c tion  o f  Senator 
Joseph M cC a rth y . N o t su rp ris ing ly , o rd in a ry  D em ocrats rejected th is 
com plicated and ris ky  strategy, a lthough  a large num ber o f them  voted in  
the R epublican p rim a ry  fo r  Senator W iley , w ho won the p rim a ry  w ith  
ju s t less than 50 percent (there  was a tr iv ia l th ird  candidate) and who won 
the  general e lection by a la rge  m a jo rity .

T h a t o rd in a ry  voters re jec t such a s tra tegy (w h ich  m ay be fo llowed 
by a few  p a rty  activ is ts) is sometimes c ited  as evidence th a t m ost people 
cannot vote s tra teg ica lly . In  the instance c ited, however, m any D em o­
c ra tic  voters apparen tly  voted fo r  Senator W ile y , th a t is fo r r ,  ra the r than 
fo r th e ir tru e  preference, d, w h ich  is also stra teg ic  vo ting— and, fu r th e r­
m ore, p robab ly  m ore in  accord w ith  th e ir  desired result.

Assume, as in  D isp lay 6-3, appropria te  p robab ilities  o f e lection 
outcomes and the fo llo w in g  (possible b u t im a g in a ry ) ca rd ina l u tilit ie s  fo r 
the election:

d  (M a ie r) r, (W ile y ) r 2 (D avis)

D em ocra tic  activ ists 1.0 0.2 0.0
O rd in a ry  D em ocra tic  voters 1.0 0.8 0.0

in  R epublican p rim a ry

Then a l l  D em ocrats (ac tiv is t and o rd ina ry  voters a like ) who voted in  the 
R epublican p rim a ry  voted stra teg ica lly , a lthough, having d iffe re n t values, 
they voted d iffe ren tly . In  D isp lay 6-3 is a ca lcu la tion , based on im ag ina ry  
p rio r expectations o f outcomes, to  show th a t both  strategies are reason­
able fo r d iffe re n t persons. I f  so, then— fa r fro m  show ing th a t s tra teg ic 
vo ting  is rare— an election lik e  th is  is in  fa c t evidence th a t i t  is qu ite  com­
mon. M a n y  D em ocrats d id  vote fo r  th e ir probable second choice (W ile y ) 
in  order to  e lim ina te  fo r  ce rta in  th e ir probable  th ird  choice (D av is). Those 
activ is ts  w ho in te rp re ted  the outcom e as evidence o f nonstrategic vo ting  
m ere ly a ttr ib u te d  th e ir own intense in te rest in  e lecting a D em ocra tic  sen-
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a to r to  o rd in a ry  voters w ho were probab ly  instead intensely interested in  
re jecting  M cC a rth y ism .

The ra tiona le  fo r d iffe re n t choices by d iffe re n t k inds o f D em ocrats 
among a lte rna tive  strategies is set fo r th  in  D isp lay  6-3. T he  rationales 
depend on the  notions o f  p r io r p robab ilities  and expected u t il ity . There 
are three possible outcomes: X  =  <9, (d  w ins), X  =  0 2 (r , w ins), X  =  0 2 
( r 2 w ins). There are three possible actions fo r  D em ocra tic  voters, set fo r th  
in  co lum n 1 o f the D isp lay: A  =  a ] (vote  fo r  d  [M a ie r ] in  the D em ocra tic  
p r im a ry ), A  =  a 2 (vote fo r  r , [W ile y ] in  the R epublican p r im a ry ) , A  =  
a } (vote fo r r 2 [D av is ] in  the R epublican p rim a ry ). Each action , a it leads 
to a d iffe ren t a rrangem ent o f  expectations about outcomes, the ca lcu la ­
tion  o f  w h ich  is set fo r th  in  colum ns 2 and 3. The fo llo w in g  assumptions 
underlie  these p robab ilities.

For co lum n 2:

I f  D em ocrats vote in  the  D em ocra tic  p rim a ry , then in  the uninvaded 
R epublican p rim a ry  r, (W ile y )  w ould  w in  w ith  p ro b a b ility  0.3 and 
r 2 (D av is) w ith  0.7. (P resum ably Davis had the lead over W ile y  
am ong R epublicans.)

I f  D em ocrats invade the p rim a ry  to vote fo r  W ile y , however, r, 
(W ile y ) w ould  w in  w ith  p ro b a b ility  0.7 and r 2 (D av is ) w ith  0.3. 
(P resum ably s tra teg ica lly  vo ting  D em ocrats could render W ile y  the 
most probable w inner.)

I f  D em ocrats vote fo r Davis (a h ig h ly  im p robab ly  event), then r, 
(W ile y ) w ould  w in  w ith  p ro b a b ility  0.1 and r 2 (D av is ) w ith  0.9. 
(P resum ably D em ocrats could render Davis an a lm ost ce rta in  
w inner.)

In  co lum n 3, the assumptions are tha t, in  general elections in  head- 
to-head contests, the p robab ilities  o f v ic to ry  are

r, (W ile y ) VS. d  (M a ie r)

p (r ,)  = 0 .9 p (d )  =  0.1
0.9 + 0.1 =  1

r 2 (D avis) vs. d  (M a ie r)

•'I N 'W
' II O p (d )  =  0 . 6

0.4 + 0 .6 =  1
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Imaginary Expected Utility of Alternative Actions for Democrats 
in the 1956 Wisconsin Senatorial Primary ,

(1) (2) (3) (4) (5) (6) (7) (8)
Voters’ proba-

bilities for
outcome of Voters’ Voters’
Republican probabilities probabilities for Activist Democrats Ordinary Democrats

Alternative primary, given for outcomes final outcomes Expected utility Expected utility
actions for action in of general for each action Utility for for outcome Utility for for outcome
Democrats column 1 election (Col. 2 • Col. 3) outcome and alternative outcome and alternative

y  Wiley .9 .27 Wiley wins 0.2 .054 0.8 .216
/  wins

Wiley
*1 /w ins .3 ' \  Maier

Vote in ,/ x  wins .1 .03
Democratic/

primary \
\ , Maier .6 .42

N Davis .7 /
/  wins .45 Maier wins 1.0 .450 1.0 .450

wins
\  Davis .4 .28 Davis wins 0.0 .000 0.0 .000

^wins 1.00 .504 for a, .666 for a,

/ Wiley .9 .63 Wiley wins 0.2 .126 0.8 .504
/ /  wins

Wiley (a2 
Vote in

/  wins .7 \ \  Maier 
'  wins .1 .07

Republican /
primary \  

for Wiley \
, Maier .6 .18

Davis V /  wins .25 Maier wins 1.0 .250 1.0 .250
wins \ v Davis .4 .12 Davis wins 0.0 .000 0.0 .000

'  wins 1.00 .376 for a2 *.754 for a2

, Wiley .9 .09 Wiley wins 0.2 .002 0.8 .072
/  wins

Wiley (
/wins .1 \ \ Maier

'  wins .1 .01
Vote in

Republican /
primary \  

for Davis \ . Maier .6 .54

Davis V
/  wins .55 Maier wins 1.0 .550 1.0 .550

wins \ v Davis .4 .36 Davis wins 0.0 .000 0.0 .000
'  wins 1.00 ♦■552 for a, .622 for a3

—

’ Action with highest expected utility for category of voter.
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The results in  co lum n 4 are several outcomes: 0 ] (W ile y  w ins), 0 2 
(M a ie r  w ins), and 0 3 (D avis w ins). These are ca lcu la ted by m u ltip ly in g  
the p robab ilities  along each pa th  fro m  a, to  the  three possible outcomes 
associated w ith  it. For exam ple, a long the top  path (0 .3 )(0 .9 ) =  .27. N o ­
tice  tha t, fo r each a „  there is some p ro b a b ility  fo r each outcom e, O,, and 
the sum o f the  p robab ilitie s  fo r the  outcomes is 1. For example, fo r a ,, 
p , ( 0 , )  =  .27, p , ( 0 2) =  .45, and p , ( 0 3) = .2 8  and .27 +  .45 +  .28 =  1.0.

I t  is no t enough, however, to  know  the  va ry ing  probab ilities . A c tio n  
a3 gives the highest p ro b a b ility  o f  d  w inn ing :

P ro b a b ility  o f  0 2 (M a ie r  w ins)

a, (vote  in  D em ocra tic  p rim a ry ) .45
a2 (vote fo r  W ile y ) .25
a3 (vote  fo r  D avis) .55

S ti l l ,  th is action m ay not lead to  the h ighest satisfaction. In  order to 
estim ate the  an tic ipated  sa tis faction  fro m  the choice o f an a lte rna tive  
action, one can m u ltip ly  the p ro b a b ility  o f  an outcom e, given some ac­
tion , a „  tim es the value or ca rd ina l u t i l i t y  ascribed to  i t  by the Von 
N e um ann -M orgens te rn  experim ent, as previously im agined. S um m ing 
the  resu lt fo r a ll O, fo r a p a rtic u la r a, gives its expected u t i l i t y .10 Thus, 
expected u t i l i t y  is the measure o f the  sa tis faction  one antic ipates fro m  an 
action  before one takes it ,  g iven, o f  course, a ll the  assumptions one makes 
about the  probable effects o f the action  on the occurrence o f a lte rna tive  
outcomes.

The usefulness o f the no tion  o f expected u t i l i t y  is s im p ly  th a t one 
can ca lcu la te  the expected u t i l i t y  o f a lte rna tive  actions and then select the 
action  th a t provides the highest expected u t il ity . In  the ins tan t example, 
the  expected u tilit ie s  o f  the  several actions fo r ac tiv is t and o rd in a ry  D em ­
ocrats are easy to  com pare (the  asterisks ind ica te  the  largest u t i l i t y  in  the 
co lum n):

A c tio n

Expected u t i l i ty  

For ac tiv is t D em ocrats For o rd ina ry  Dem ocrats

.504 .666
«2 .376 .754*
*3 .552* .622
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C learly , ne ither should in  th is  exam ple choose the “ naive”  s tra tegy 
o f vo ting  fo r M a ie r, the firs t choice. A c tiv is ts  should choose a3, vo ting  
s tra teg ica lly  fo r r 2 (D a v is ); o rd in a ry  D em ocrats should choose a2, vo ting  
s tra teg ica lly  fo r r , (W ile y ) . These are, o f  course, re la tive ly  easy and 
s tra ig h tfo rw a rd  stra teg ic choices, and a large bu t inde te rm ina te  num ber 
o f D em ocrats d id  in  fa c t vote stra teg ica lly .

In Union Elections

There are instances o f h ig h ly  com plica ted  s tra teg ic  vo ting  by select 
groups o f voters. One such exam ple, analyzed by H ow ard  Rosenthal, in ­
volves vo ting  by p ropo rtiona l representation in  un ion  elections in  F rance ." 
S tra teg ic  vo ting  is possible— and perhaps frequent— in  a ll systems o f p ro ­
portiona l representation. A  vo ter m ay tru ly  order the parties or candidates 
x „  i  =  1 , . . . , « ,  like  th is, X jP x k P x h, bu t s ti l l  vote fo r x k ra th e r than fo r 
Xj because, fo r example, o f  a b e lie f th a t x k w il l  be m ore lik e ly  to  enter a 
governing coa lition . The s tra tegy used by un ion “ m ilita n ts ”  is, however, 
m uch more com plex and is designed to  d iscom fit the leaders o f opposing 
unions. Rosenthal cites evidence th a t th is  s tra tegy and a defense against i t  
are used in  a num ber o f  French labor unions.

V oting  is fo r  lists, offered by com peting unions, fo r m em bership on 
com m ittees in  firm s. Each un ion m ay o ffe r a lis t, w ith  names ordered as 
its leaders choose ( ty p ic a lly  w ith  the m ost im p o rta n t leaders h ighest), o f 
as m any candidates as there are seats on the com m ittee , though to  app ly 
the  stra tegy here discussed the union m ust o ffe r m ore candidates than  i t  
expects to  w in . Even sm all unions o ften  o ffe r a fu l l  lis t, presum ably to  
dem onstrate th e ir leg itim acy. Each voter can vote fo r one lis t, a lthough  
voters can s tr ike  ou t names on it ,  thereby losing votes. The votes fo r a 
candidate are the num ber o f votes fo r the lis t less the num ber o f tim es the 
candidate ’s name is stricken. The votes fo r the  lis t are the average o f  the 
votes fo r its candidates. Seats are then assigned to  unions by the highest- 
average m ethod (see C hapte r 2, note 2 ), the firs t seat assigned to  a union 
being in  tu rn  assigned to  the candidate on its lis t w ith  the  m ost votes.

I f  leaders o f union A  an tic ipa te  some “ wasted votes” — th a t is, i f  
they expect to  w in  k  seats w hether they get v o r v — £ votes— , then they 
can have a few o f A ’s m ilita n ts  vote fo r un ion B's lis t, s tr ik in g  ou t as m any 
o f the top names on B ’s lis t as A ’s leaders expect B to elect. A ssum ing the 
members o f un ion B  vote sincerely fo r the  en tire  B  lis t, A ’s m ilita n ts  w ill 
thus have reduced the vote fo r B ’s m ain  leaders, thereby e lecting presum ­
ab ly  less effective spokespersons fo r  B. B u t the leaders o f  un ion  B have a 
defense: They can arrange fo r B ’s m ilita n ts  to  s tr ike  o u t a ll b u t the top 
names on B's lis t, those w hom  B ’s leaders hope to  elect. I f  the m ilita n ts  o f
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both unions vote stra teg ica lly , then th a t un ion succeeds w h ich  has the 
greatest absolute num ber o f m ilita n ts  engaged in  the strategy.

Th is  seems to  me a rem arkab le  instance o f  s tra teg ic  vo ting , re q u ir­
ing a h igh degree o f  both in fo rm a tio n  and d iscip line. T h a t i t  occurs as 
frequen tly  as i t  apparen tly  does is strong evidence th a t s tra teg ic vo ting  is 
widespread.

In the U .S . House of Representatives

Since the three foregoing examples o f  s tra teg ic  vo ting  do not d isp lay 
the process in  com plete de ta il, I  w il l  conclude w ith  an exam ple fro m  the 
U .S . House o f  Representatives, where i t  is easy to  see the  motives fo r  and 
the com p lex ity  o f  s tra teg ic vo ting  and where m any observers were con­
vinced th a t some members gained a lo t by  vo ting  co n tra ry  to  th e ir true  
and w e ll-know n tastes.12

T h is  example involves a b il l  in  1956 to  au thorize  grants to  help 
school d is tric ts  w ith  construction  costs. Because schools were then becom­
ing  overcrowded w ith  the  ch ild ren  o f  the post w ar baby boom, there was 
an obvious argum ent fo r th is  b ill,  especially since i t  involved on ly  con­
s truc tion , no t m aintenance, and thus p a rt ia lly  avoided the d iv is ive issue 
o f funds fo r sectarian schools, an issue th a t had stym ied federal a id  to 
education fo r the previous e igh t years. Consequently, there was probab ly 
a substantia l m a jo r ity  in  favo r o f  the au tho riza tion , even though i t  m eant 
a sharp break fro m  the  tra d it io n  o f loca l financing. Nevertheless, the 
question was com plicated because school desegregation also entered in. 
A n  am endm ent, offered by A dam  C lay ton  Powell, a b lack representative 
fro m  H a rlem , provided th a t grants cou ld  be given on ly  to states w ith  
schools “ open to a ll ch ild ren  w ith o u t regard to race in co n fo rm ity  w ith  
requirem ents o f  the U n ite d  States Suprem e C o u rt decisions” — a reference 
to the 1954 decision in ,B row n vs. B o a rd  o f  E duca tion , ho ld ing  ra c ia lly  
segregated schools unconstitu tiona l.

There were, thus, three a lternatives before the House:

a. The b ill as amended by Powell’s am endm ent

b. The o rig in a l unamended b ill

c. The status quo— th a t is, no action

W ith  three a lte rna tives instead o f ju s t tw o  ( th a t is, instead o f ju s t a lte rna ­
tives b and c), some who favored the status quo were able to  vote s tra teg i­
ca lly  to  generate a cycle. A n d , under the non-neutra l am endm ent proce­
dure, i f  a cycle exists, the  status quo wins.
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Since there  were on ly  tw o  ro ll calls on the  th ree  a lte rna tives, there 
is not enough in fo rm a tio n  to specify com plete  preference orderings. B u t 
there is enough data fro m  o the r ro ll calls in  1956 and 1957 and fro m  the 
debate to  show th a t some people p robab ly  voted s tra te g ica lly  and th a t 
there were enough o f them  to  generate a cycle.

The tw o  ro ll calls were (1 ) a vote on the Powell am endm ent, w h ich  
passed, and (2 ) a vote on fin a l passage o f  the  b ill,  w h ich  fa iled . These 
votes can be sum m arized as in  D isp lay  6 -4 .13

From  the  data, i t  is easy to  ca lcu la te  the  social choices fo r  a lte r­
native a vs. a lte rna tive  b and fo r a lte rna tive  a vs. a lte rna tive  c. T he  vote 
on the  Powell am endm ent p its  a against b so th a t yea means a vote th a t 
C (a, b) =  a, w h ile  nay means a vote th a t C (a , b) =  b. S ince the  yeas 
won, C (a, b) =  a (by  229 to  197).

S im ila r ly , the  vote on fin a l passage p its  a against c so th a t yea is a 
vote th a t C (a, c) =  a, and nay is a vote th a t C (a, c) =  c. S ince the  nays 
won, C (a, c) =  c (by  227 to  199).

To establish the  choice between b and c, we can in fe r, f irs t o f  a ll, 
th a t those w ho voted yea on fin a l passage pre fe rred  b to  c. There  are three 
ways th a t a (the  amended b il l)  stands ahead o f c (the  status quo):

a b e  and b a c: These orderings mean th a t school a id , w ith  o r w ith ­
ou t the Powell am endm ent, is p re fe rred  to no a id.

a c b: T h is  o rdering  means th a t school a id  is p re ferred  to the  status 
quo on ly  i f  the  Powell am endm ent is attached.

Display 6-4

Voting on Aid to Education

F ina l passage

Yea N a y T o ta l

Powell Am endm ent 
Yea 132 97 229
N a y 67 130 197
T ota l 199 227 426
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N o th in g  in  the ideo log ica l c ircum stance o f 1956 rendered the la tte r order­
ing  like ly , especially since the  Powell am endm ent won. So I  conclude th a t 
the 199 who voted fo r  fin a l passage had e ithe r a b c  or b a c and thus a ll 
p re ferred b to  c. In  add ition , some mem bers, m ostly  S outhern Dem ocrats, 
a lm ost ce rta in ly  ordered b c a, w h ich  means th a t they w anted school aid 
w ith  desegregation b u t w ould  fo rgo  the  a id  i f  desegregation were re­
qu ired . E ighteen D em ocrats— 15 fro m  the S outh  and border— w ho voted 
against fina l passage o f the  b i l l  w ith  the Powell am endm ent and who were 
s t i l l  in  the House in  1957 when another school construction  b il l  w ith o u t 
the Powell am endm ent came up— voted in  1957 in  support o f school con­
s truc tion . Hence, i t  appears th a t a t least 18 o f those who voted fo r c 
against a nevertheless pre ferred  b to  c. So I  conclude th a t, since 199 had 
a b a o r b a c and a t least 18 had b c a, C (b , c) =  b (by  an im puted  vote o f 
217 to  209). T h is  leads to  a cycle: a beats b, b beats c, and c beats a.

A lth o u g h  one cannot know  fo r  sure the motives or tru e  tastes o f the 
97 members (a ll R epublicans) who voted yea on Powell and nay on fina l 
passage, a substantia l am ount o f evidence indicates th a t they voted s tra te­
g ica lly . C e rta in ly  the D em ocra tic  leadership believed they d id . Represen­
ta tive  B o llin g  o f M isso u ri read in to  the  C ongressional R ecord  a message 
fro m  fo rm e r President T rum an :

The Pow ell amendm ent raises some very d if f ic u lt  questions. I  have 
no doub t th a t i t  was p u t fo rw a rd  in  good fa i th  to  p ro te c t the r ig h ts  o f  o u r 
citizens. However, i t  has been seized upon by the H ouse R epub lican  lead­
ersh ip , w hich has a lw ays been opposed to  F edera l a id  to  education, as a 
means o f  de fea ting  Federa l a id  and  ga in in g  p o l it ic a l advantage a t the 
same tim e. I  th in k  i t  w o u ld  be m ost u n fo rtuna te  i f  the Congress sh ou ld  
f a l l  in to  the tra p  w hich the R epub lican  leadersh ip  has thus set. Th is  is 
w ha t w o u ld  happen i f  the H ouse were to  adop t the  Pow ell amendm ent. 
The re su lt w o u ld  be th a t no Federa l le g is la tio n  w o u ld  be passed a t a ll, 
and the loser w o u ld  be o u r ch ild re n  o f  every race and  creed in  every S ta te  
in  the U n io n .'4

T rum an  is suggesting th a t there are fo u r positions on the subject:

1. Pro school a id: M o s tly  N o rth e rn  D em ocrats and some Republicans 
who recognize th a t passage o f the  Powell am endm ent w ould  alienate 
Southern supporters o f the  b ill,  w h ich  w ill thus fa il. Consequently, th is  
group, even though i t  m igh t ideo log ica lly  p re fe r a to  b, orders the  b ill 
ahead o f the  Powell am endm ent, b a c, because i t  wants the b ill.

2. Pro Powell am endm ent: M o s tly  N o rth e rn  urban D em ocrats w ith  a sub­
s tan tia l num ber o f blacks in  th e ir  d is tric ts , who, though favoring  school 
a id, c lea rly  favo r a m ore than any th ing  else. T h is  group orders a b c .
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3. Segregationist Dem ocrats, m ostly  S outhern, w ho w ou ld  like  school a id 
b u t w il l  re ject i t  i f  i t  enta ils desegregation. T h is  group orders b c a.

4. A n ti-s c h o o l a id  R epublicans, whose o rde ring  is c a b  i f  they oppose 
segregation, c b a i f  they favor segregation.

T rum an ’s assertion is th a t the  tru e  position o f members in  category 4 is 
c b a, b u t they are pre tending to  ho ld  c a b  in  order to  defeat the  b ill.  H e  
assumes th a t, i f  members in  4 voted the  tastes he has im pu ted  to  them , the 
process w ould  go like  th is:

Step 1: a vs. b; b w ins w ith  1 ( b a c), 3 (b  c a),  and 4 (c b a)

Step 2: b vs. c; b w ins w ith  1 (b  a c), 2 (a b c), and 3 (b c a)

However, since people in  g roup 4 are go ing to  vote s tra teg ica lly , the p ro ­
cess w il l  a c tu a lly  go like  th is:

Step 1: fl vs. i ;  a w ins w ith  2 ( a b c )  and 4 ( c a b ,  w h ich  T rum an  
believes is s tra teg ic)

Step 2: a vs. c; c w ins w ith  3 (b c a) and 4 (c a b or c b a)

Just because T rum an  and B o llin g — intense partisans— a ttr ib u te  
tastes to  th e ir enemies, i t  does not fo llo w  th a t the  a ttr ib u tio n  is correct. 
C onceivably, every one o f the  97 R epublicans believed in  the order c a b ,  
in  w h ich  case they were u n fa ir ly  m a ligned by T rum an  because they voted 
according to  th e ir true  values. I f  so, the cycle, w h ich  c lea rly  existed, was 
e n tire ly  accidenta l and owed no th ing  to  s tra teg ic  vo ting . T here  is some 
support fo r th is  in te rp re ta tio n  because Republicans had, in  an ea rlie r 
tra d it io n , supported blacks’ asp ira tions m ore than had Dem ocrats, and in 
1956 President E isenhower was a tte m p tin g  to  revive th a t tra d it io n . O n 
the  other hand, there is some evidence th is  cycle was contrived:

Item : Several members in  category 4 gave speeches favo ring  both 
in teg ra tion  and school aid, w h ich  im p lies e ither a b c  ( lik e  group 2) 
or  b a c ( lik e  group 1). Yet they a c tu a lly  voted fo r c against a. Th is 
suggests th a t they were influenced to  vote as p a rt o f  a un ified  
maneuver.

Item : A t  least 12 members in  category 4 soon a fte rw a rd  voted 
against various c iv il r igh ts  provisions o f  other b ills , w h ich  suggests 
th a t th e ir true  opinions were, as T rum an  believed, c b a.
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T h a t some s tra teg ic vo ting  occurred seems extrem ely like ly . W hether i t  
was enough to  generate the cycle, we cannot know. O n ly  32 o f  the 97 had 
to  vote s tra teg ica lly  to  con trive  the cycle, however, and I th in k  i t  like ly  
th a t a t least 32 d id  so.

6.D. The Consequences 
of Strategic Voting

S tra teg ic  vo ting , i f  successful produces an outcom e d iffe re n t fro m  
the  “ true  am a lgam ation ,”  however defined, o f  the values o f  the members 
o f the  g roup .15 O f  course, ju s t w ha t the “ tru e  am algam ation”  is depends, 
as was shown in  C hap te r 4, on the vo ting  system in  use. B u t, given an 
agreed-upon constitu tion  fo r vo ting , there is some specific outcom e p ro ­
duced by vo ting  in  accord w ith  one’s tru e  tastes. T h a t specific outcom e—  
the “ true  am a lgam ation ” — is precisely w ha t s tra teg ic vo ting  displaces.

W he the r th is  d isplacem ent is good, bad, o r in d iffe re n t depends on 
one’s standards. For example, in  the e lection o f 1912 (see section 4 .D ), i f  
T a ft voters had voted stra teg ica lly , Roosevelt, w ho was, possibly, the  so­
c ia l choice by bo th  the C ondorcet c rite r io n  and the Borda m ethod, w ould  
have been elected. I f  one believes those methods bette r than p lu ra lity  
vo ting , then stra teg ic vo ting  w ou ld  have produced a social ga in ; s t i l l  the 
W ilson  supporters and the T a ft supporters, who d id  not  vote stra teg ica lly , 
p robab ly  w ou ld  no t have tho u g h t so. In  the case o f  the Powell am end­
m ent, construction  w ou ld  p robab ly  have been authorized in  the absence o f 
s tra teg ic vo ting . T h a t w ou ld  have been a social ga in  fo r the m a jo r ity  th a t 
wanted new schools m ore than any th ing  else, inc lud ing  o f course, those 
w ho w ould  have used the schools to  deny c iv il r igh ts . O n the o ther hand, i t  
w ou ld  have been a social loss fo r the m a jo r ity  th a t opposed federa l inva­
sion o f school financ ing  o r d id  not w an t to  perpetuate racism  in  schools. I t  
is hard to  say w hether one m a jo r ity  is “ be tte r”  than another.

In  general I  see no w ay to  evaluate the  consequences o f  s tra teg ic 
vo ting . In  m a jo r ity  decisions between pairs o f  a lternatives, s tra teg ic  vo­
tin g  (given perfect in fo rm a tio n ) leads to  the selection o f the C ondorcet 
w inne r— i f  one exists— or o f some a lte rna tive  in  the top cycle. Sincere 
vo ting  in  th is  procedure, however, m ay lead to  a less-desired choice.16 B u t 
th is  is ju s t one procedure; in  others— fo r example, positiona l methods—  
sincere vo ting  m ay lead to  “ be tte r”  results. A l l  we know  in  general is 
th a t the outcom e o f s tra teg ic vo ting  d iffe rs  from  the outcom e o f  sincere 
v o tin g .17
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The most extrem e version o f  s tra teg ic  vo tin g  is vo te -trad ing , w h ich  
is coordinated stra teg ic  vo ting  on tw o  o r m ore issues. L ik e  stra teg ic  vo ting  
by ind iv idua ls  o r ideo log ica lly  un ified  groups, vo te -trad ing  requires th a t 
traders vote co n tra ry  to  th e ir  true  tastes on some issues. T h a t is, when 
tra d in g  on m otions x  and y ,  person 1 votes s incerely on *  and s tra teg ica lly  
on y  w h ile  person 2 votes s tra teg ica lly  on x  and sincerely on y.  L ik e  stra te ­
g ic  vo ting  also, vo te -trad ing  can im prove the outcom e fo r  ind iv id u a ls  and 
possibly fo r  a m a jo r ity  as w e ll. A n d  fin a lly , again like  s tra teg ic  vo ting , 
vo te -trad ing  can also produce the w orst possible outcom e, w here in  each 
trader— and everybody else— is worse o ff.

I t  is not a lways possible to  trade  votes, as I  have a lready poin ted out. 
For example, i f  the  same absolute m a jo r ity  passes tw o  m otions, no trade  is 
available. For a trade  to  occur, there m ust be, fo r  tw o  voters (o r groups o f 
voters) and tw o  issues, a s itua tion  in  w h ich  person (o r g roup ) 1 is

P ivo ta l on the  w in n in g  side on issue x  (p ivo ta l in  the sense th a t, by 
changing sides, person 1 changes the outcom e on x )

O n the losing side on issue y  and m ore in terested in  ob ta in ing  h is  o r 
her (o r th e ir)  p re fe rred  outcom e on issue y  than on issue x

and conversely fo r person (o r g roup) 2. W hen these cond itions are m et, 
person 1 can change sides on x  and thus help person 2 get w ha t he o r she 
(o r the group) most wants and person 2 can change sides on y  and thus 
help person 1 get w ha t he or she (o r the  g roup) most wants. Both  persons 
(o r groups) w il l  then be bette r o ff. These conditions are, however, re s tric ­
tive , so trad ing  is no t a lways possible.

W hen vo te -trad ing  can occur, i t  vas tly  expands the possib ilities o f 
s tra teg ic vo ting . On a m otion , x ,  there are exactly  tw o positions: (1 ) sup­
port, w h ich  w il l  be w ritte n  x,  and (2 ) opposition, o r “ no t x ,”  w h ich  w il l  be 
w ritte n  5c. U nde r s im ple m a jo r ity  vo ting  on a p a ir o f  a lte rna tives, x  and 5c, 
the choice between the a lte rna tives is am biguous o n ly  in  case o f  a tie . I f  
e ithe r x  o r 5c w ins, th a t choice cannot be upset by stra teg ic  vo tin g  s im p ly  
because one is be tte r fo r a m a jo r ity  than  the  other. B u t i f  another m otion , 
y,  w ith  possible choices, y  and y ,  is jo in e d  w ith  the considera tion  o f  x,  
there are fo u r possible choices: x  y,  x y ,  5c y ,  and 5c y.  A n d  w ith  fo u r 
a lternatives stra teg ic vo ting  is, o f  course, possible.

L e t us in troduce  a no ta tion  and assume sim ple m a jo r ity  vo ting :
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qx =  C (x , 5c), so q is the choice between passing and defeating x , 
assuming sincere voting.

Q * =  q t, q i , ____ qm, fo r m  m otions, so Q * is the social choice fro m
sincere vo ting  on each m o tion  separately.

Q =  C ( x y . . . , x y . . . , . . . , 5 c y . . . , . . . , 5 c y . . . )  fo r m  m otions, 
so Q i s  the social choice am ong passing a ll, passing some and defeat­
ing  others, and defeating a ll.

One can then po in t ou t th a t, a lthough  q is stable in  the sense th a t i t  can­
not be overturned by s tra teg ic vo ting , Q * m ay not be the same as Q be­
cause o f vo te -trad ing  and Q is not stable because i t  m ay be overturned by 
vo te-trad ing . O f  course, Q is most obviously unstable i f  the re la tion , P, o f 
soc ia l preference is cyc lic— if, th a t is, x y  P  x y  P  x y  P  5cy P  x y . 's B u t Q is 
also, in  a lim ite d  way, unstable, even i f  Q is a C ondorcet w inner.

Consider, firs t, a cyc lic  s itua tion , w ith  three voters and tw o m o­
tions, as in  D isp lay  6-5. C learly , i f  voters vote sincerely, C (x , 5c) =  x  
(because voters 2 and 3 pre fer x )  and C (y , y )  =  y  (because voters 1 and 3 
pre fer y )  and qx and qy are in d iv id u a lly  stable. Hence Q * =  x y , bu t 
Q * need not be the social choice because Q is unstable in  the cycle: 
x y  P  x y  P  x y  P  x y  P  xy . Indeed C (xy , xy , xy , x y ) =  (x y , x y , xy , 5cy) — 
Q, w hich means th a t the outcom e m ay be any o f the possible ones. Voters 
1 and 2 can trade, so each gets his second best, x y . (T h a t is, 1 votes sin­
cerely fo r x  and s tra teg ica lly  fo r y , w h ile  2 votes s tra teg ica lly  fo r  x  and 
sincerely fo r  y .)  B u t vo ter 3 can perhaps upset th is  outcome, w h ich  she 
most d islikes, by tra d in g  w ith  2. I f  2 agrees to  abandon his trade w ith  1, to  
continue to  vote sincere ly fo r y , and to  change his s tra teg ic vote fo r x  to  a 
sincere vote fo r 5c, then 3 can vote s incere ly fo r 5c and s tra teg ica lly  fo r y , 
thus producing  Q =  5cy, w h ich  bo th  like  be tte r than Q =  xy . A n d  so on 
around the cycle. W h a t outcom e w il l  even tua lly  occur is ju s t a m a tte r o f 
where tra d in g  happens to stop. So any th ing  can happen and Q is w h o lly  
unstable.

I t  is a rem arkab le  fa c t th a t Q is unstable even i f  there is no cycle. In  
an exam ple in  D isp lay  6-6, adapted fro m  Thom as Schw artz, under sincere 
vo ting  Q * =  x y  and fu rth e rm o re  x y  P  x y  P  5cy P  x y  so there is no cy- 
c le .19 B u t Q m ay be unstable. Voters 1 and 3 m ay trade in  an a ttem p t to 
produce Q =  xy . T h a t is, 1 promises to  vote sincere ly fo r x  and s tra teg i­
ca lly  fo r y  w h ile  3 promises to  vote s tra teg ica lly  fo r x  and sincerely fo r y . 
Assum ing 2 votes sincere ly fo r  x  and 4 votes sincere ly fo r y , then the 
outcom e is Q =  x y  (because 1, 2, and 3 voted fo r  x  and 1, 3, and 4 voted 
fo r y ) .  O f  course th is  can be upset by  a trade o f  2 and 4 to  re tu rn  to 
Q =  xy , w h ich  both pre fer to  x y  ( th a t is, 2, 4, and 5 vote fo r  x  and y ) .

Display 6-5
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A Cyclic Situation for Vote-Trading

In  each co lum n is the o rd ina l o rdering  fo r th a t vo ter o f  outcomes on 
x  and y . The most h igh ly  valued outcom e is a t the top  o f the co lum n, the 
least h ig h ly  valued a t the bo ttom .

V oter 1 Voter 2 Voter 3

x y x y 5cy
x y x y x y
x y x y x y
x y x y x y

By sincere vo ting , the outcom e is x y  because voters 2 and 3 vote fo r 
5c and voters 1 and 3 vote fo r y. S ince x y  is less preferred than x y  by 1 
and 2, they can agree to  vote fo r x  (s tra teg ica lly  fo r  2) and y  (s tra teg i­
ca lly  fo r 1) to  produce xy.

Display 6-6

The Instability of Vote-Trading Even 
w ith a Condorcet Winner

Voter 1 V oter 2 Voter 3 Voter 4 Voter 5

x y x y 5cy x y x y
x y 5cy x y x y x y
x y x y 5cy x y x y
x y 5cy x y x y x y

i The C ondorcet w inne r is x  (b y  3, 4, and 5) and y  (b y  1, 3, and 4).
B u t 1 and 3, both o f w hom  pre fer x y  to xy , m ay trade to  produce xy.

1 j- _______________________________________________________________________________

V
i I



M anipulation: Strategic Voting

Depending on where the tra d in g  stops, the C ondorcet w inne r m ay 
lose. In  general, however, i f  there is a C ondorcet w inne r in (x y , xy , xy , 
x y ) , and i f  voters have perfect in fo rm a tio n , then members o f the  m a jo rity  
supporting the C ondorcet w inne r in  Q can, by ind iv idua l soph isticated  
vo ting  ( th a t is, by  vo ting  in  an tic ip a tio n  o f votes and trades by others) 
force the  choice o f the C ondorcet w inner.20 A n d , o f course, th a t same 
m a jo r ity  *can also enforce the C ondorcet w inner by a coa lition . S till,  i f  
in fo rm a tio n  is im perfec t and trad ing  is costly, i t  m ay be hard fo r the 
m a jo r ity  to counter m in o r ity  trades. A nd  i f  so, even the C ondorcet w inner 
m ay be s tra teg ica lly  upset.

Even dem and-revealing vo ting , w h ich  was invented to  render s tra te ­
g ic  vo ting  impossible by ind iv idua ls , is subject to m an ipu la tion  by coa li­
tions in a way com parable to  vo te -trad ing .21 (See C hap te r 3, note 18.) 
S ince votes are cast in term s o f money, vo te -trad ing  is by exchange o f 
money. A n  exam ple is set fo rth  in  D isp lay 6-7, where vo ter 1, fo r example, 
can conspire w ith  vo ter 3 to  upset the “ honestly revealed”  v ic to ry  fo r y .11 
The m ethod is intended to  prevent th is  because each vo te r is supposedly 
m otivated by the tax to vote his o r her true  tastes. I f  vo te r 1, fo r  example, 
increases his reported va lua tion  o f x  to  $7 to make x  w in , his tax w ould be 
$5 or his m arg ina l co n tr ib u tio n  to v ic to ry  fo r x . (T h a t is, z, the w inner 
w ith o u t l ’s vote, is valued by others at $5 and x  is valued by others at 
zero. To make x  w in , vo ter 1 m ust b id  m ore than $5. H ence the tax  is 
$5 — 0 =  $5, o r l ’s m arg ina l co n tr ib u tio n .) S ince $5 is a ll th a t x  is w o rth  
to  1, i t  is apparen tly  pointless fo r  h im  to  exaggerate his va lua tion  o f  x . So, 
w ith  tru th fu l va lua tion , each vo ter gets a net value o f $1 fro m  the choice 
o f y , as in  P art A  o f  the D isplay.

B u t i f  x  were to w in , vo ter 1 could make $5, p a rt o f w h ich  he w ould 
use to b ribe  vo ter 3, say, to  m ake x  w in . Thus i t  is no t pointless to  trade 
votes. I f  vo ter 1 gives vo ter 3 a b ribe  o f $2.50 to  repo rt a va lua tion  of, say, 
$4 fo r  x  (w h ich  e lim inates the ta x ), then x  w ins, each makes $2.50 by 
vo te -trad ing , and both are indeed be tte r off. O the r coa litions are possible 
( fo r  example, to  m ake z w in ), b u t i t  is a lways possible fo r  a t least tw o 
voters to be be tte r o ff from  the choice o f x  o r z than fro m  the  choice o f the 
“ tru e ”  w inner, y .

In  th is  example, vo te -trad ing  makes a m a jo r ity  be tte r o ff. T h is  is, 
however, an unusual (even b iza rre ) method o f vo ting , and the im prove­
m ent m ay be un typ ica l o f  o rd in a ry  methods. Nevertheless, under o rd in a ry  
procedures, vo te -trad ing  can sometimes im prove outcomes fo r  a m a jo rity . 
•Schwartz offers a good exam ple, w h ich  is set fo r th  in  D isp lay  6-8.23

W ith o u t trad ing , voters 1 and 3 choose x  and voters 1 and 2 choose 
y , so Q * =  xy . Yet Q — x y  is the C ondorcet w inner (p re ferred  by 2 and 3
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to  Q * ) and the social o rder is trans itive : x y  P  x y  P  x y  P  xy . T he  C ondor­
cet w inner cannot be reached by sincere vo ting ; bu t, i f  voters 2 and 3 trade  
(w ith  2 vo ting  s tra teg ica lly  [yea] on y  and 3 s tra teg ica lly  [yea] on jc), 
then both x  and y  pass and a m a jo r ity  is c lea rly  be tte r off.

O n the other hand, vo te -trad ing  can produce outcomes th a t are u n i­
versa lly undesirable— outcomes, indeed, th a t everyone is s trong ly  m o ti­
vated to  reach bu t th a t m ake everyone worse o ff than  sincere vo ting . Th is  
occurs when issues are voted on se ria lly  and when the costs fo r losers are 
large— a com m on s itua tion  in most legislatures. The roo t o f th is  disaster 
is th a t vo te -trad ing  imposes an externa l cost on nontraders.

I f  we th in k  o f an externa l cost as the  cost a person suffers th rough  
no action  o f his o r her own ( lik e  the cost to the  pedestrian who suffers 
from  auto exhaust), then the  non trad ing  vo ter (w ho is changed fro m  a 
w inne r to  a loser by others’ tra d in g ) innocen tly  suffers a cost ex te rn a lly  
imposed. C onceivab ly the gains a m em ber makes on trades m ig h t o u t­
w eigh any externa l costs. B u t ju s t as conceivably, the sum o f the exte rna l 
costs m ay exceed the  gains fro m  trade. I f  th a t happens to  everybody, then 
everybody is worse o ff  fro m  trad ing .

T h is  k ind  o f  outcom e seems especially cha rac te ris tic  o f  contem po­
ra ry  legislatures, w h ich  so o ften  spend m ore than they tax , thereby gener­
a ting  in fla tio n  th a t hurts  everybody. T hey do so because by vo te -trad ing  
they create sm all benefits such as subsidies, p u b lic  works, and fixed prices; 
yet the in fla tio n  tha t the  excess cost o f  a ll these benefits creates is suffered 
by everybody.

Steven Bram s and I  have w orked o u t a h ig h ly  s im p lified  exam ple o f 
such se lf-destructive tra d in g , using ca rd in a l u til it ie s , th ree  voters ( i  =  
1, 2, 3 ), and three pairs o f  issues ( x  and y , w and z, and t and v) th a t are 
voted on se ria lly  so th a t trades made on p rio r issues cannot be undone a t 
the  tim e  o f la te r trades. A  d iffe re n t m em ber is le ft  ou t o f the  tra d in g  on 
each p a ir o f issues. The de ta il is set fo r th  in  D isp lay  6-9 .24 C onsidering 
ju s t m otions x  and y , Q * =  x y  and the  sum o f the  u tilit ie s  fo r each voter, 
U „ fro m  sincere vo ting  w il l  be:

U t ( * . .y )  =  l  +  l  = 2  

UA*,y) =  1 +  ( - 2 )  =  - l  

U A x,y )  =  ( - 2 ) +  i ------- 1



Display 6-7

Strategic Manipulation with Demand-Revealing Voting

A. Truthful Voting (Without Vote-Trading)

Valuation of 
alternatives Other

Sum of valuations 
without fs valuation Tax*

Net benefit 
from choice of y 

(Valuation less tax)Voters x y z voters x y  z on i

/ =  1 $5 2 0 2,3 $0 4 5 $1 $2 -  1 =  $1
i =  2 0 2 0 1,3 5 4 5 1 2 - 1 = 1
i =  3 

Sum
1 1 1  
$5 6 5

1,2 5 4 0 1 2 -  1 =  1

Note. Alternative y wins.
*The tax is fs marginal contribution to making the winning alternative (here y) at least tie with any other. Thus, without voter 1, z wins. So 1 pays a tax of 

[(valuation of z without l ’s valuation) less (valuation of y without l ’s valuation)] or $5 — 4 =  $1.

me*

B. Strategic Voting (with Vote-Trading)

Valuation of 
alternatives Sum of valuations True benefit

Voters

(False by voter 3) 

x y z
Other
voters

without fs valuation 

x y z
Tax** 
on i

from choice 
of X

Bribe by 
voter 1

Net
benefit

/ =  1 $5 2 0 2,3 $4 4 4 0 $5 $-2.50 $2.50
i =  2 0 2 0 1,3 9 4 4 0 0 0 0
/ =  3 

Sum

_4

$9
_2

6

_4_

4

1,2 5 4 0 0 0 +2.50 2.50

Note. Alternative x wins.
“ Voter 1 is not assessed a tax because, without l ’s valuation, x  and z tie. Voters 2 and 3 are not assessed because x  wins without 2’s or 3’s valuation.
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Display 6-8

Vote-Trading Improves the Outcome 
for a Majority

Voter 1 V oter 2 Voter 3

x y x y x y
x y x y x y
x y x y x y
x y x y x y

W ith o u t tra d in g , x y  w ins. I f  2 and 3 trade, x y  w ins and x y  is be tte r 
than x y  fo r both  2 and 3.

O f  course, 2 and 3 can trade, 2 vo ting  (s tra teg ica lly ) fo r x  and (sincere ly) 
fo r y  and 3 vo ting  (s incere ly) fo r x  and (s tra teg ica lly ) fo r  y. Then Q  =  
x y  and the sum o f the u tilit ie s  w ill be:

U, (x y )  =  ( - 2 )  +  ( - 2 )  =  - 4  

U 2 (x y )  =  2 +  ( - 1 )  = 1

U 3(x y )  =  2 +  ( - l )  = 1

Thus, 2 and 3 have a net gain o f  tw o un its  and 1 a net loss o f six un its . 
C onsidering ju s t th is  pa ir, x  and y , voters 2 and 3 have a pow erfu l m otive 
to  trade  and so presum ably they do so. As x  and y  are settled and voters 
go on to  w and z, voters 1 and 2 now trade  and 3 suffers an external cost. 
So also w ith  t  and v: 1 and 3 trade  and 2 suffers. The net e ffect o f  a ll the  
tra d in g  is as fo llows:

Outcomes

Voters x y w z tv Tota l

1 - 4 +  1 +  1 - 2
2 +  1 +  1 - 4 - 2
3 +  1 - 4 +  1 - 2

Display 6-9

(,E. Vote-trading 165

The Paradox of Vote-Trading: 

Cardinal U tilities for Outcomes on Motions

Voters
Preferred
outcom e

C a rd in a l u t i l i t y

M o tio n  M o tio n  
w ins loses

P referred
outcom e

C a rd in a l u t i l i t y

M o tio n  M o tio n  
w ins loses

1* X

M o tio n  x  

1 - 2 y
M o tio n  y  

1 - 2
2 X 1 - 1 y - 2 2
3 X - 2 2 y 1 - 1

1 w

M o tio n  w 
1 - 1 Z

M o tio n  z 
- 2 2

2 vv - 2 2 Z 1 - 1
3* w 1 - 2 z 1 - 2

1 t

M o tio n  t  

- 2 2 V

M o tio n  v 
1 - 1

2* t 1 - 2 V 1 - 2
3 t 1 - 1 f> - 2 2

•N o n tra d e r on the pa ir o f  motions.

H a d  these voters been able to  foresee the  sorry  consequences, they 
w ou ld  perhaps have exercised greater se lf-con tro l, avoided tra d in g , and 
produced:

Voters

O utcom es

x y WZ tv T o ta l

1 +  2 - 1 - 1 0
2 - 1 - 1 +  2 0
3 - 1 +  2 - 1 0
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They w ould  a ll have been be tte r o ff w ith  sincere vo ting  than  w ith  s tra teg ic 
vo ting . B u t, given th a t these are seria l events, voters w ou ld  no t dare pass 
up a possible trade. Suppose a voter, try in g  fo r  the  sincere outcom e, re­
fused to  trade. Then 1, fo r example, w ou ld  refuse trades on w and z and t 
and v. I f  2 and 3 trade  on x  and y , however, the  resu lt is

Voters

Outcomes

x y wz tv To ta l

1 - 4 - 1 - 1 - 6
2 +  1 - 1 +  2 +  2
3 +  1 +  2 - 1 +  2

So 1 w ou ld  be worse o ff  fo r  no t trad ing , when others traded, than i f  he too 
had traded a t every chance. Hence 1 has a strong m otive  to  trade, even 
though  he knows i t  w il l  h u rt. O f  course, 1 m ig h t persuade others to  agree 
no t to  trade; bu t, as in  any carte l, agreem ent is d iff ic u lt to  enforce be­
cause great advantages accrue to  those w ho break the agreement. Since 
the  positions o f the  players are iden tica l over the three pairs o f  issues, 
universal tra d in g  is to  be expected, even though everyone knows i t  w i l l  
m ake everyone worse off.

There  is, o f  course, one w ay to  avoid th is  devastating outcom e. Some 
pair, say 2 and 3, can fo rm  a co a lition  to  trade  when they can w ith  each 
o ther and vote s incere ly otherw ise. Then the members o f  the  pa ir each 
gain tw o  un its  and the  ou ts ider loses six. C oa litions o f th is  sort are possi­
ble i f  the  voters have perfect in fo rm a tio n  about u tilit ie s  and about the 
actua l issues th a t w il l  arise, and i f  the  costs o f o rgan iza tion  are less than 
the possible net gains.25 B u t in  the  real w o rld  o f  legislatures, fu tu re  issues 
are unknow n and, even i f  guessed at, the  payo ff to  o ther members on 
these po ten tia l fu tu re  issues is doubtless obscure. H ence when members 
trade  on x  and y , they m ay not know  th a t w  and z w il l  arise. M oreover, in  
legislatures o f m ore than  a few members, pa rty  d isc ip line— th a t is, coali- 
tio n a l cohesion— over tim e  is d iff ic u lt and expensive to  m a in ta in . In  de­
centra lized  governm ents like  the  U n ite d  States i t  is impossible. Since 
members o f  a co a lit io n  (p a rty ) depend fo r reelection a lm ost e n tire ly  on 
people in  th e ir home d is tr ic ts  ra the r than  on o ther members o f the  legis la­
tu re , leaders o f a leg is la tive  coa lition  can ne ither rew ard nor punish its 
members. H ence w h ile  people m ay not h u rt themselves by vo te -trad ing  in 
the  sm all-g roup labo ra to ry , they are qu ite  lik e ly  to  do so in the  real w orld .

To sum m arize  the  discussion o f vo te -trad ing , I  w ant to  make these 
observations;

6.F. The Ine rad icab ility  of Strategic Voting 1<7

1. V o te-trad ing  enorm ously expands the  po ten tia l fo r s tra teg ic vo ting  in 
legislatures.

2. One m anner in  w h ich  vo te -trad ing  w orks is by generating cyc lic  s itua ­
tions where none existed before.

3. V o te-trad ing  is also possible regardless o f w hether Q  is a C ondorcet 
w inner; vo te -trad ing  m ay even produce another outcom e when there 
is a C ondorcet w inner, a lthough  w ith  perfect in fo rm a tio n  and costless 
tra d in g  the C ondorcet w inner can always be chosen.

4. Cases exist in  w h ich  vo te -trad ing  im proves Q fo r a m in o r ity  and even 
fo r a m a jo rity . Possibly m ore frequen tly  in  the  real w o rld , cases also 
exist in  w hich vo te -trad ing  makes m ore people worse o ff than are made 
bette r o ff. A n d  there are doubtless occasions in  w h ich  vo te -trad ing  
makes everybody worse off.

6.F. Tlie Ineradicability 
of Strategic Voting

S tra teg ic  vo ting  is an inerad icab le  poss ib ility  in  a ll vo ting  systems. 
I t  is no t possible fo r me to  estim ate how frequen tly  chances to  vote s tra te ­
g ica lly  occur; bu t I  am  sure they are frequent in  popu la r elections and, by 
reason o f vo te -trad ing , a lm ost always present in  legislatures. A n d  even i f  
parties are d iscip lined in o rder to  prevent vo te -trad ing , s ti l l  vo te -trad ing  
doubtless occurs inside cabinets and com m ittees.

The fac tua l question o f w hether people take  advantage o f these op­
portun ities  is d iff ic u lt to  answer. To id e n tify  s tra teg ic  vo ting  requires th a t 
we know  bo th  the  vo ter’s tru e  values and the vo te r’s actua l expression o f 
the values in a vote. From  d irec t observation we can know  on ly  the  la tte r. 
We m ust in fe r the fo rm e r fro m  o ther and softer evidence. Nevertheless, 
considering the  rea l-w o rld  examples I  have offered, i t  does seem like ly  
th a t s tra teg ic vo ting  occurs q u ite  frequently .

I f  i t  does, I  conclude th a t the m eaning o f social choices is qu ite  
obscure. They m ay consist o f  the  am algam ation  o f the tru e  tastes o f the 
m a jo rity  (however “ m a jo r ity ”  and “ am a lgam ation ”  are defined), o r they 
m ay consist s im p ly o f the  tastes o f  some people (w he ther a m a jo r ity  o r 
no t) who are s k illfu l o r lucky  m an ipu la to rs . I f  we assume social choices 
are often the la tte r, they m ay consist o f  w ha t the m an ipu la to rs  tru ly  w ant, 
o r they m ay be an accidental am a lgam ation  o f w ha t the  m an ipu la to rs  
(perhaps u n in te n tio n a lly ) happened to  produce. Furtherm ore , since we can
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by observation know  on ly  expressed values (never true  values), we can 
never be sure, fo r any p a rtic u la r social choice, w h ich  o f these possible 
in te rp re ta tions  is correct.

M a n y  philosophers, p a rt ia lly  aware o f these d ifficu lties , have a r­
gued th a t s tra teg ic  vo ting  and vo te -trad ing  ought to  be p roh ib ited . T h is  is 
shorts ighted, o f course, because sometimes stra teg ic vo ting  reveals C on- 
dorce t w inners th a t w ou ld  o therw ise lose.26 B u t since stra teg ic  vo ting  does 
often produce “ worse”  s ituations, i t  is frequen tly  condemned. W hen i t  was 
poin ted ou t to  Borda th a t s tra teg ic  vo ting  cou ld  d is to rt outcomes, he re­
p lied, “ M y  scheme is in tended on ly  fo r honest men.” 27 U n fo rtu n a te ly , we 
have no test fo r honesty. I f  a man te lls  me his vote reflects his true  tastes, 
how can I  prove he perjures h im self?

Dodgson (Lew is  C a rro ll)  had a c learer v iew  than Borda. Seeing th a t 
s tra teg ic  vo ting  “ makes an election m ore a game o f s k ill than a real test o f 
the wishes o f e lectors,”  his so lu tion  was th a t “ a ll should know  the rules by 
w h ich  th is game m ay be w on.” 28 Thereby he displayed the correct be lie f 
th a t s tra teg ic vo ting  cannot be e lim ina ted . W h a t he d id  no t recognize, b u t 
w ha t we now know, is th a t s tra teg ic  vo ting  renders the m eaning o f a l l  
social choices obscure. I  emphasize a l l  because we never can know, on any 
p a rticu la r outcom e, how m uch o r w ha t k ind  o f s tra teg ic vo ting  occurred.

7
Tlie Manipulation of 

Social Choices: 
Control of the Agenda

S tra teg ic  vo ting  is usua lly  unobservable, and its  incidence is therefore no t 
ca lculable. In  contrast, agenda con tro l, another k in d  o f m a n ipu la tion , is 
o ften obvious, and its  incidence can in  p rin c ip le  be estim ated. T h is  in c i­
dence is sure ly ve ry  h igh, fo r  the consequences o f  agenda con tro l are ap­
parent in  some degree in  the content o f  a lm ost a ll social choice. The 
significance, varie ty , and pervasiveness o f  agenda co n tro l are p a rt ia lly  re­
vealed s im p ly  by a ca tegoriza tion  o f the k inds o f contro ls  exercised. One 
category is con tro l by fo rm a l leaders.

In  any organized decis ion-m aking  body, com m ittee , leg is la tu re , o r 
w hole governm ent, one fu n c tio n  o f  leaders is to  gu ide the  opera tion  o f  the 
body. For a body as ad hoc as a ju ry , the  judge  ins tructs , se tting  lim its  to  
the agenda; fo r  a com m ittee , a cha irperson o r agenda com m ittee  guides 
the order o f  business; fo r  a leg is la tu re , p a rt ia l co n tro l resides in  ch a ir­
persons (speakers), p a rty  and co a lit io n  leaders, agenda com m ittees (such 
as rules com m ittees), executives (prem iers and presidents) w ho propose 
b ills ; and so on fo r  nations, corpora tions, un iversities, and o the r bodies. 
Despite in s titu tio n a l va ria tions, the leaders in  every such body m ust select 
a lternatives among w h ich  decisions w il l  be made, and they m ust select 
the procedures fo r com ing to  a choice. T yp ica lly , o f  course, leaders w o rk  
w ith in  customs, constitu tions, and o the r constra in ts; typ ica lly , also, they 
have some freedom  o f choice.

O ften  leaders are constra ined by procedures th a t a llow  the w hole 
body its e lf to  change leaders’ selections. T h is  means, s im ply, th a t in  vo t­
ing  bodies there is a way fo r  backbenchers to  seize co n tro l and become 
leaders themselves. Thus, p a rty  leaders m ay endorse candidates, b u t the 
fina l decision on nom inations is made in  p rim a ry  e lections o r conventions. 
A  chairperson m ay ru le  on w hether a m o tion  is in  order, b u t the  ru lin g  is 
o ften  subject to  appeal to  the  floor.
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Despite these restric tions, however, leaders’ con tro l o f  agenda is o r­
d in a r ily  not challenged. One reason is th a t most bodies have custom ary 
c r ite r ia  o f fairness, and most leaders abide b y  them . For example, they 
accept fo r consideration a lte rna tives they oppose when i t  is apparent some 
members are in  favo r o f  them . They use custom ary routines, bending 
them  perhaps, b u t seldom devising new routines b la ta n tly  designed to  get 
th e ir  ow ir way. In  the  absence o f extrem e “ unfa irness,”  therefore, leaders’ 
con tro l is seldom challenged. B u t there  is a sub tle r reason fo r  th is  la ck  o f 
con flic t: To challenge leaders on agenda and procedures is to  challenge 
th e ir  leadership itse lf. So, unless there  is an in te n t to  dethrone or displace 
them , leaders usua lly  have some, though constra ined, co n tro l o f  the con­
ten t o f  the  set, X , o f  a lte rna tives and o f the process by w h ich  a choice is 
m ade fro m  it.

Thus one category o f methods o f  agenda con tro l is defined in  term s 
o f leaders’ opportun ities  to  dom inate. T here  is another category, however, 
th a t adm its  con tro l by o rd in a ry  members: T hey can generate new a lte rna­
tives. Leaders o ff ic ia lly  define X , b u t the d e fin ition  is in  term s o f  w ha t the 
su rround ing  cu ltu re  suggests, and o rd in a ry  members can determ ine the 
content o f  th a t cu ltu re . T h is  m ethod o f con tro l is, o f  course, open to 
leaders also; b u t ty p ic a lly  i t  is the  m ethod used by nonleaders, m a in ly  
because i t  is the on ly  one easily open to  them . F urtherm ore , nonleaders 
are o ften  losers on recent agenda and so have a com pe lling  m otive  to 
generate a new agenda on w h ich  they have a chance, a t least, to  w in .

To sum m arize: Agenda con tro l consists on the  one hand o f chosen 
leaders a c tu a lly  lead ing and on the  o ther hand o f nonleaders developing 
new alternatives. T h is  chapter consists o f  a b r ie f survey o f the in fin ite  
va rie ty  subsumed in  these tw o  categories.

7.A. The Universality 
of Agenda Control

I f ,  given a p ro file  o f  preference, there  is some outcom e p o ten tia lly  in  
a strong e q u ilib r iu m  (in  the  sense th a t, fo r the  set Y  o f a ll possible a lte r­
natives, some a lte rna tive  is a firs t-p lace  choice fo r  a m a jo r ity  o f  voters); 
and i f  voters have enough in fo rm a tio n  to  know  th a t such an outcom e 
could  be a rrived  a t, then i t  is p robab ly  d iff ic u lt to  m an ipu la te  an agenda. 
(L a te r in  th is  chapter I  w il l  sometimes use “ e q u ilib r iu m ”  in  a weaker 
sense to  mean m ere ly  a C ondorce t w inner fro m  a set, X  (w h ich  is a subset 
o f  Y )  such th a t th is  w inner, under sincere vo ting , can beat each o ther 
a lte rna tive  in  X  in d iv id u a lly , b u t no t a ll others in  X  s im ultaneously.)
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Since the conditions fo r a strong e q u ilib r iu m  are d iff ic u lt to  fu lf i l l ,  
m an ipu la tion  o f the agenda is no t usua lly  precluded because o f the d is tr i­
bu tion  o f tastes. For example, w ith  m a jo r ity  vo ting , there is o ften  a C on­
dorcet w inner w ith o u t an absolute m a jo r ity  o f firs t-p lace  preferences in  
X  =  (a , b, c), as in  th is  p ro file :

D

1 a b c
2 b a c
3 c a b

Th is  cond ition , o f course, adm its s tra teg ic  vo ting . A lth o u g h  I  do no t know  
o f any way, by in d iv id u a l m an ipu la tion , to  beat an absolute m a jo r ity  in  
the  s ta tic  case (w here X  is fixed) w ith  m a jo r ity  vo ting , i t  is easy enough to 
do so in  the dynam ic case (w here X  is not fixed), by vo te -trad ing . One can 
enlarge X  and thereby trans fo rm  £>' in to  D 2:

D ' D 2

1 2 3 i 2 3

ab ab ab abc abc abc
ab ab ab abc abc abc

• • • • .

• • • * * *

A lth o u g h  in  D ' ab seems invu lnerab le , in  D 2 persons 2 and 3 can trade  to 
produce abc. L ikew ise, in  Borda vo ting  even an absolute m a jo r ity  is v u l­
nerable to  agenda con tro l, as in  p ro file  D ,

D

Z>,-Z)3: a b c
Z>4, D y  b a c

w ith  these po in t sums: a =  8, b =  7, c =  0. H e re  a w ins w ith  8 po in ts and 
beats each o ther a lte rna tive  in  pa irw ise contests w ith  3 o r 5 points.
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I f  an add itiona l a lte rna tive , d , is added to  X  to  make i t  X ',  and i f  D  be­
comes D ',

D '

D '-D 'y  a b d c
D't , D'5: b d  a c

w ith  these po in t sums— a =  1 1 ,6  =  12, c =  0, d  =  7— then the  w inner 
is changed fro m  a to b.

E q u ilib r iu m  is thus a h ig h ly  restric tive  notion, probab ly ra re ly  satis­
fied in nature. O f  course, i t  is satisfied i f  X  has ju s t tw o  members and no 
add itions are allowed, (th is  is w hy sim ple m a jo rity  vo ting  is a ttrac tive ). 
B u t such an X  is usua lly  the resu lt o f  na rrow ing  down a la rge r set, Y, not 
its e lf in  e q u ilib riu m . Even i f  a given p ro file  over a la rge r Y  does have an 
e q u ilib r iu m  outcom e, leaders s ti l l  can m an ipu la te  the agenda to  prevent 
its adoption i f  voters do not know  th is  outcom e exists. T h is  is one reason 
w hy o rd ina ry  members like , and leaders d is like , straw  votes, op in ion  polls, 
and test votes. Such tr ia l runs often reveal eq u ilib ria , i f  they exist, and, 
once revealed, they cannot be prevented. Fortuna te ly  fo r  leaders i t  is often 
d iff ic u lt to  conduct t r ia l runs, and thus leaders m ay procure a nonequ ilib ­
riu m  outcom e s im ply because voters never discover th a t an e q u ilib riu m  
p o te n tia lly  existed.

Since, therefore, the conditions th a t preclude m an ipu la tion  (th a t is, 
e q u ilib r iu m  and  in fo rm a tio n  about i t )  are d iff ic u lt to  fu lf i l l ,  m an ipu la tion  
m ust usually be possible. Furtherm ore , i t  is possible under any m ethod o f 
vo ting . We know  th a t no fa ir  m ethod o f  vo ting  can satis fy  the log ica l 
c r ite r io n  o f  path  independence. Th is  c r ite r io n  (see section 5.F ) is the  re­
qu irem ent tha t, regardless o f  how alternatives are d iv ided up fo r a seria l 
decision process, the same choice w il l  resu lt fro m  a ll possible d iv is ions.1 
Since no nono liga rch ic  m ethod o f  vo ting  satisfies th is  c rite r io n , in  any 
dem ocra tic  procedure th a t operates by successive reduction  o f  a lternatives 
m an ipu la tion  o f  the agenda is possible s im p ly  by choosing one d iv is ion  o f 
a lternatives in to  subsets fo r selection ra th e r than another d iv is ion . F u r­
therm ore, even fo r positional methods th a t operate on the  en tire  set X  
sim ultaneously, expansion o f  the num ber o f  a lternatives to  fo rm  X '  per­
m its  inconsistencies in  subset expansion th a t also v io la te  path  indepen­
dence. Consequently, ju s t as the in a b ility  o f  any fa ir  m ethod o f vo ting  to 
guarantee social a cyc lic ity  perm its  s tra teg ic vo ting , so the in a b ility  o f  any 
fa ir  method to  guarantee path independence perm its  agenda m anipu la-
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tion . S ince m an ipu la tion  can occur under any m ethod o f vo tin g  and m ost 
profiles o f  preference, we can assume th a t i t  does occur sometimes.

7.B. Examples of Agenda Control

From  the earliest recorded h is to ry  o f  vo ting  bodies we know  th a t 
some k in d  o f m an ipu la tion  has been standard  p ractice . In  the  A th e n ia n  
assembly, choice by lo t was often substitu ted  fo r  choice by e lection be­
cause, w ith  nonsecret vo ting , great men con tro lled  th e ir  c lien ts ’ choices. 
T h is  crude m an ipu la tion  was com m on u n t i l  the end o f the  n ineteenth 
cen tu ry  in  popular elections and is s t i l l  the  basis o f  p a rty  d isc ip line  (as i t  
is euphem istica lly  ca lled) in  legislatures.

M u ch  m ore in te resting  than mere physica l co n tro l o f  the  vo te r is 
con tro l o f  the  agenda in  such a way th a t voters are constra ined to  vote as 
the  m a n ipu la to r wishes. T h is  k in d  o f co n tro l, though ancient and un ive r­
sal, is not a lways easy to  observe. So I  w il l  here set fo r th  tw o  examples o f 
conscious con tro l o f  the  agenda, one by P lin y  the  Younger in  the R om an 
Senate, the o ther by C harles P lo tt and M ich a e l Levine  in  a con tem porary 
laboratory.

In the Roman Senate

P lin y  the Younger te lls  o f  an instance o f  bo th  k inds o f m a n ipu la tion , 
and R ob in  Farquharson used th a t ta le  as the  con tinu ing  exam ple th ro u g h ­
o u t his Theory  o f  Voting. P lin y  presided over a case in  the R om an Senate 
concerning the fa te  o f  the freedm en o f  a consul found k ille d  in  his house. 
The consul’s slaves had a lready been condemned to  death, and tra d it io n a l 
law  required execution o f the  freedm en also; b u t in  th is  case there  was 
reason fo r len iency because the consul m ay have been a suicide, or, i f  
he was m urdered, the freedm en m ay have acted fro m  “ obedience”  ra th e r 
than fro m  “ m a lice .”

There were three factions in  the  Senate: A , fo r  a cq u itta l, w h ich  was 
a p lu ra lity  b u t no t a m a jo r ity ; B, fo r  ban ishm ent; and C , fo r  condem na­
tion  to  death. P lin y  favored a cq u itta l. I f  he had p u t the question in  the 
custom ary way, pa irw ise on g u ilt  o r innocence, B and C  w ou ld  have voted 
together, a cq u itta l w ould  have been e lim ina ted , and then, in  choice be­
tween banishm ent and death, A  and B w ou ld  have voted toge ther and the 
u ltim a te  outcom e w ould  have been banishm ent. P lin y  foresaw th a t o u t­
come and chose, therefore, to  p u t the  three a lte rna tives s im ultaneously, 
requ iring  each senator to  vote fo r  ju s t one, in  the  hope th a t A ’s p lu ra lity
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w ould  resu lt in  acqu itta l. As i t  happened, the leader o f  fac tion  C  foresaw 
th is  consequence and s tra teg ica lly  a ligned his p a rty  w ith  B so tha t, evi­
dently, banishm ent p reva iled .2 Thus, the presid ing o ffice r’s a ttem p t a t 
co n tro llin g  the agenda was fo iled  by the stra teg ic  vo ting  o f an opponent—  
convinc ing evidence th a t know ledge about m an ipu la tion  is nearly  as old as 
vo ting  bodies themselves.

P lih y  d id  not recognize the frequency o f  m an ipu la tion , p a rtly  be­
cause the Senate had ju s t been reactivated under E m peror T ra jan  and 
p a rtly  because no science o f  po litics  then existed by w h ich  know ledge o f 
such behavior cou ld  be system atized. Today i t  is d iffe ren t. A  substantia l 
p a rt o f the com m entary on legislatures by p o lit ic a l scientists concerns 
techniques fo r  co n tro llin g  agendas by presid ing officers ( fo r  example, 
speakers, o f w hom  the  A m erican  p ro to type was Speaker “ C za r”  Reed, 
and p a rty  leaders and prem iers, who preside in  fa c t i f  no t in  nam e), by 
agenda com m ittees (such as rules com m ittees, cabinets, and even more 
substantive b ill-w r it in g  com m ittees), and by extra -leg is la tive  bodies th a t 
w r ite  b ills  and select topics fo r leg is la tion  ( fo r  example, specialized bodies 
lik e  the O ffice  o f  M anagem ent and Budget in  the U n ite d  States and the 
T reasury in  G rea t B r ita in  and d iffuse  bodies like  the bureaucracy, parties, 
and lobbies).

I t  w ould  be burdensome here to  repeat or even sum m arize th a t huge 
lite ra tu re . I t  is enough to  p o in t ou t its  im m ed ia te  relevance to  th is discus­
sion. Nevertheless, I  w il l  describe in  some de ta il an experim ent on the 
con tro l o f  an agenda, w h ich  is especially in te resting  because i t  throws 
l ig h t on a d iff ic u lt ep istem olog ica l question th a t o ften  arises in  reflection 
on na tu ra l events.

In a Contemporary Laboratory

In  re flec ting  on the exam ple fro m  P liny , i t  m igh t be argued tha t 
banishm ent w ou ld  have resulted in  any case because i t  was the C ondorcet 
w inne r and th a t the assertion about m an ipu la tion  is m ere ly  m y a ttr ib u tio n  
o f  in ten t based on m y in te rp re ta tio n  o f the m otion  and the vo ting . A  
s im ila r d iff ic u lty  arose in  section 6.C , where the observer could no t be 
absolute ly ce rta in  th a t the cyc lic  outcom e on school construction  was in 
fa c t contrived. Since a ll h is to rica l in te rp re ta tion  o f  m an ipu la tion  requires 
an a ttr ib u tio n  o f motives, an a ttr ib u tio n  th a t cannot be d ire c tly  va lidated, 
i t  is always possible to  assert th a t apparent m an ipu la tion  is the product 
not o f  actors’ conscious in te n t, b u t o f  observers’ overactive im ag ina tion . 
I f ,  however, one can d isp lay instances in  w h ich  experim enters consciously 
and successfully used d iffe re n t agendas on iden tica l profiles o f preference 
to  produce d iffe re n t outcomes, then one has m ore confidence in  h is to rica l
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in te rp re ta tions. Such an experim ent was conducted a lm ost exactly  fo r 
these reasons by C harles P lo tt and M ichae l Lev ine .3

They came to  the prob lem  out o f a p rac tica l in te rest in  in fluencing  
the com position o f a new fleet o f a irc ra ft fo r a fly in g  c lub. One o f them , 
who was cha irm an o f  the  agenda com m ittee , had interests somewhat 
d iffe re n t fro m  the interests o f  m ost members. W h ile  nearly everybody 
wanted a fleet composed basica lly o f m oderate-cost (type  E ) o r more 
expensive (type  F ) four-seat planes, he w anted in  a d d ition  a secondary 
fleet o f  tw o (o r a t least one) moderate-cost six-seat planes (type  C ) and no 
type A , an expensive six-seat plane. A fte r  ca re fu lly  estim ating  the  tastes 
o f members based on ea rlie r discussions and questionnaires, P lo tt and 
Levine devised an agenda th a t se ria lly  narrow ed consideration in  such a 
way th a t A ’s were e lim ina ted and C ’s survived: The chosen fleet was seven 
planes— five E ’s and F ’s and tw o  C ’s. They believed th a t th e ir agenda had 
an influence because a questionnaire  subsequently sent to  the members at 
the  m eeting revealed th a t the C ondorcet w inne r was a fleet o f six E ’s and 
F ’s, and one A .

Nevertheless, in  the absence o f ce rta in  know ledge about the pre­
decision p ro file  o f preferences, they cou ld  not be absolute ly  assured tha t 
they had influenced the outcom e. To settle  th e ir doubts, they then carried  
th rough  a data-generating experim ent in  w h ich  they used d iffe re n t agen­
das fo r p a rtit io n in g  a set o f five (w h o lly  abstract) a lte rna tives, X  =  
(1 , 2, 3, 4, 5 ), fo r com m ittees w ith  exactly  the same induced preferences. 
The  goal o f  the experim ent was to  show th a t they cou ld  use fo u r agendas 
to produce fo u r d iffe re n t social choices fro m  X  in  fo u r id e n tica lly  m o ti­
vated hum an groups. The experim ent was successful enough to  show 
fa ir ly  conclusively th a t conscious m an ipu la tion  could change outcomes.

The agendas consisted o f p a rtit io n in g  X  in to  tw o com plem entary 
subsets, S  and S ', o f p a rtit io n in g  each o f these in to  com plem entary sub­
sets, etc., u n til a single a lte rna tive  was reached. For exam ple, one agenda 
m ig h t be:

Step 1: Choose between {2, 4} and {1, 3, 5}.

Step 2a: I f  {2, 4} is chosen, choose between {2} and {4}.

Step 2b: I f  { l ,  3, 5} is chosen, choose between {1, 5} and {3}. I f  step
2a is used o r i f  {3} is chosen a t step 2b, the process is com plete.
O therw ise go on to step 3.

Step 3: I f  { l ,  5} is chosen a t step 2b, choose between { l }  and {5}.

Th is  agenda and another are depicted schem atica lly  in  F igu re  7-1. A lto ­
gether, w ith  five a lternatives, 105 d is tin c t p a rtit io n in g  agenda are possible
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Step 1 Step 2a

Step 1

Figure 7-1 T w o  possible agendas.

(n o t coun ting  30 others th a t cou ld  be constructed fo r  the  amendm ent 
procedure).

A lth o u g h  actua l subjects (college students) in  each tr ia l  were d iffe r­
ent, the same p ro file  o f  preferences was induced in  each group by the 
prom ise o f a m oney paym ent fo r  the  choice o f  each a lte rna tive . For exam­
ple, person 1 in  each group was to ld  to  expect

$6.00'  
$7.00 
$5.00 ■ 
$8.00

i f  the group chose a lte rna tive

'1  
2 

• 3 
4
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Display 7-1

Payoffs in Dollars in the Plott-Levine Experiment

Person

A lte rn a tiv e

1 2 3 4 5

1 6.00 7.00 5.00 8.00 .50
2 6.00 7.00 5.00 8.00 .50
3 6.00 7.00 5.00 8.00 .50
4 6.00 7.00 5.00 8.00 .50
5 6.00 7.00 5.00 8.00 .50
6 6.00 7.00 5.00 8.00 .50
7 7.50 7.75 6.75 5.75 .25
8 7.50 7.75 6.75 5.75 .25
9 7.50 7.75 6.75 5.75 .25

10 7.50 7.75 6.75 5.75 .25
11 7.50 7.00 6.00 8.00 .50
12 8.00 7.50 7.00 6.00 .50
13 8.00 7.50 7.00 6.00 .50
14 8.00 7.50 7.00 6.00 .50
15 7.00 5.50 7.50 6.50 .25
16 7.00 5.50 7.50 6.50 .25
17 7.00 5.50 7.50 6.50 .25
18 7.00 5.50 7.50 6.50 .25
19 7.00 5.50 7.50 6.50 .25
20 7.00 5.50 7.50 6.50 .25
21 7.00 5.50 7.50 6.50 .25

Source. Charles P lott and M ichael Levine, “ A  Model o f Agenda Influence on Committee 
Decisions,”  American Economic Review, Vol. 68 (M arch 1978), pp. 146-160.

The en tire  schedule o f payoffs fo r  the  21 m em bers is set fo r th  in  D isp lay  
7-1. Assum ing each person votes sincerely, in  pa irw ise  contests, fo r  the  
a lte rna tive  paying m ore fo r  h im  o r her, the  C ondorce t w inne r is a lte rn a ­
tive  1, w h ich  beats 2 by 11 to  10, 3 by 14 to  7, 4 by 14 to  7, and 5 by 21 to  
0. A lte rna tives  2, 3, and 4 cycle  because 2 beats 3 by  14 to  7, 3 beats 4 by 
14 to 7, and 4 beats 2 by 14 to  7. A lte rn a tiv e  5 always loses.

B u t, o f course, even in  pa irw ise  contests, voters can vote s tra teg i­
ca lly ; so the C ondorcet w inne r need no t re a lly  w in , unless a ll voters have
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perfect in fo rm a tio n  and a ll use i t  to  vo te  stra teg ica lly . In  the m ore com­
p lica ted  seria l pa rtit io n s  o f F igure  7-1, there is even less like lihood  o f 
choosing the  C ondorcet w inner. So the  next step in  construction  o f the ex­
perim ent is to  p red ic t the  choice under any given agenda (a ll 105 o f 
them ), assum ing th a t each vo ter knows o n ly  his o r her own payoffs. Th is  
p red ic tion  requires assumptions about the  w ay voters behave. P lo tt and 
Levine"Suggest th ree  rules o f behavior, a ll o f  w h ich  appeared to  be used by 
some subjects:

R u le  1: S incere strategy. Vote fo r  the  set, S  o r S , th a t contains the 
a lte rna tive  w ith  the  h ighest payoff.

R u le  2: A vo id -the -w ors t strategy. Vote fo r the set, S  or S ,  th a t 
does no t conta in  the  a lte rna tive  w ith  the lowest payoff.

R u le  3: H ighest-expected-value strategy. Vote fo r  the  set, S  o r S , 
in  w h ich  the  a lternatives have the  highest average value.

N o tice  th a t these strategies do no t necessarily lead to  the  same action by a 
voter. For example, i f  S  =  (1 , 4, 5) and S  =  (2 , 3 ), vo ter 1 should choose 
S  by ru le  1 and S  by ru les 2 and 3. W h ic h  o f these— and o ther— stra te­
gies are a c tu a lly  used is, o f  course, an em p irica l question. So P lo tt and 
Lev ine  estim ated p robab ilities , from  data gathered in  pretesting, 1

1. T h a t S  w ou ld  be chosen over 5  when a ll three rules prescribed S  or 
one (o r tw o ) prescribed S  and the o ther one (o r tw o ) were am biguous 
in  th a t i t  (th e y ) prescribed ind iffe rence between S  and S

2. T h a t S  w ou ld  be chosen when one ru le  prescribed S, another S , and 
the th ird  was am biguous

3. T h a t S  w ould  be chosen over S' when ru le  1 prescribed S  and 2 and 

E tc., th rough  a ll n ine possible cases.

U s ing  th is  em p irica l data, they ca lcu la ted, fo r  each agenda, firs t the p rob­
a b ility  th a t S  w ou ld  be chosen over S  by m a jo r ity  ru le  and then the 
p ro b a b ility  th a t some y  in  X  w ou ld  be f in a lly  chosen. T h is  num ber, 
P ( y /a ), the  p ro b a b ility  y  is chosen given a p a rtic u la r agenda, a, they 
ca lled  the “ streng th  o f the agenda fo r y ."  T hey then selected fo u r agendas 
each w ith  u n it s treng th  ( th a t is, m ax im um  s treng th ), P ( y /a )  =  1, fo r 
y  =  1, 2, 3, 4. Thus they w ou ld , i f  they succeeded, induce the subjects to 
choose fo u r d iffe re n t a lternatives w ith  fo u r d iffe re n t agendas and id e n ti­
ca l preference profiles.
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T he  actua l experim ent was conducted in  the  fo llo w in g  way. O n each 
tr ia l,  21 subjects assembled in  a classroom were given deta iled  w ritte n  
instructions, inc lud ing , fo r each, his o r her own payoffs b u t no one else’s. 
T hey were to ld  th a t each person’s rew ard  w ou ld  depend exclusive ly on the 
group choice o f an a lte rna tive , th a t payoffs were d iffe re n t fo r  d iffe ren t 
people, and tha t, w h ile  they should discuss w h ich  a lte rna tive  to  choose, 
they should under no circum stances reveal q u a n tita tive  in fo rm a tio n  about 
th e ir own payoffs. A  student cha irm an, un in fo rm ed  about the purpose o f  
the experim ent, presided. H e  expla ined a typ ica l p redeterm ined agenda 
w ith  its  series o f  questions like  “ D o we w an t to  consider fu r th e r on ly  the 
numbers 1 and 2 or on ly  the num bers 3, 4, and 5?”  H e  explained the  rules 
o f  debate, c losing debate, and vo ting , and he led the group  th rough  a 
p ractice  agenda. F in a lly  the  group selected a w inne r accord ing to  the 
agenda fo r th a t tr ia l.

The fo u r agendas are shown in  F igure  7-2. T he  pred icted  pa th  is 
ind icated w ith  a boldface arrow , —», the  pred icted outcom e w ith  an aster­
isk, * , and the  ac tua l pa th  (w ith  vote record) w ith  a sharp, # .  N o tice  tha t, 
to  p red ic t fo r  a ll contingencies, a boldface a rrow  is provided fo r  each pa ir 
o f sets, S  and S , even though i t  is not p red icted th a t subjects w ould  ever 
be in  a position to  choose between S  and S . As can be seen a t the  second 
and th ird  stages o f t r ia l 2, the  completeness o f the p red ic tion  tu rned  ou t 
to  be useful.

As the figu re  shows, the predicted outcom e was a c tu a lly  chosen on 
tr ia ls  1, 3, and 4. O n tr ia l 2, the  C ondorcet w inne r (a lte rna tive  1) was 
chosen, though a lte rna tive  4 was predicted. P lo tt and Levine  a ttr ib u te  th is 
fa ilu re  to  the fac t th a t, early  in  the  discussion, the cha irm an  a llow ed a 
straw  vote, w h ich  revealed th a t 5 was least p re ferred  by everyone. P lo tt 
and Levine believe th a t th is changed the agenda to  th a t o f  tr ia l 2 '. O nce S 
and S  were changed by the  straw  vote before step 1, the  pa th  pred icted 
by the “ new”  agenda was then fo llow ed. I f  one accepts th is  exp lana­
tion , they succeeded com plete ly; i f  not, then they succeeded th ree  tim es 
ou t o f  four.

R ichard  Freedman and I  repeated th is  experim ent, b u t w ith  on ly  11 
subjects per t r ia l,  somewhat sm alle r payoffs, and s im ila r agendas. We 
obtained s im ila r results— three successes ou t o f four. A n d  our one fa ilu re  
had exactly  the same exp lanation— a straw  vote th a t enabled the  group to  
a rrive  a t the C ondorcet w inne r when we d id  not in tend th a t they should.

These results on co n tro llin g  outcomes impress me deeply. T hey de­
pend, probably, on the subjects’ lack o f perfect in fo rm a tio n . G iven some 
q u an tita tive  in fo rm a tio n  fro m  the  straw  vote, they managed in  bo th  the 
experim ent and its repe tition  to  find  the C ondorcet w inner. B u t in  the 
w orld  outside the labora tory, in fo rm a tio n  is a lm ost never perfect because
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T ria l 1

T ria l 3 T ria l 4

Figure 7-2 Agendas and outcom es. (A d a p te d  fro m  P lo tt and Lev ine , “ A  
M o d e l o f  Agenda In fluence  on C o m m itte e  D ecis ions,”  A m e ric a n  E conom ic  Re­
view, Vol. 68 (M a rc h  1978), pp. 146 -160 .)
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rewards fro m  choices are ty p ic a lly  expressed o rd in a lly , no t ca rd in a lly , 
and a lm ost never in  do lla rs . M y  conclusion is, the re fo re , lik e  P lo tt and 
Lev ine ’s, th a t i t  is dem onstrab ly  possible fo r  social choices to  be de te r­
m ined not by the  tru e  values o f  voters b u t by the  m an ipu la tion  by agenda- 
makers. I f  m an ipu la tion  can occur so easily in  the  labo ra to ry , we have 
good reason to  believe i t  occurs in  the  la rg e r w o rld , where, indeed, a llega­
tions o f m an ipu la tion  are fre q u e n tly  u tte red .

7.C. Tlie Paucity of Equilibria

In  the  discussion in  section S.B o f  the frequency o f  pro files w ith  and 
w ith o u t a C ondorcet w inner, i t  was im p lic it ly  assumed th a t a lte rna tives 
were discrete objects. I f  so, then the  crea tion  o f new a lte rna tives w ou ld  
o ften  be d iff ic u lt, especially in  decis ion-m aking  bodies having  a ru le  th a t 
am endm ents m ust be germ ane to  the  m a in  m o tion  o r in  popu la r elections 
conducted under ru les th a t favo r the  m ain  parties. A lth o u g h  i t  is tru e  th a t 
p o lit ic a l a lte rna tives o ften  appear d iscrete, i t  m ay s t i l l  be m ore re a lis tic  to  
th in k  o f them  as continuous. Indeed D uncan B la ck ’s o r ig in a l idea th a t 
a lternatives cou ld  be expressed as curves in  tw o-d im ensiona l space im ­
plies, by  the  ve ry  use o f  curves, th a t a lte rna tives are continuous variab les. 
S im ila r ly , a lthough  K enneth  A rro w ’s theorem  is proved w ith  d iscrete 
m athem atics, his verba l in te rp re ta tio n  o f a lte rna tives as “ social states,”  
the  objects o f  choice in  his m odel, also im p lies  continuous a lte rna tives. H e  
defined a “ social state”  as

a com plete  descrip tion  o f  the am ount o f  each co m m o d ity  in  the hands o f  
each in d iv id u a l, the  am ount o f  la b o r to  be su p p lie d  by each in d iv id u a l, 
the am ount o f  each p ro d u c tive  resource invested in  each type o f  p ro d u c­
tive  a c tiv ity , and  the am ounts o f  va rious  types o f  co llec tive  a c tiv ity  [e m ­
phasis added].*

N o te  th a t every com ponent o f  a social state is an am ount and so co n tin u ­
ous— apa rt fro m  the lumpiness o f  some com m odities.

Some a lte rna tives are unquestionab ly continuous. A  com m on sub­
je c t o f  pa rlia m e n ta ry  m otions is an app ro p ria tio n  o r a ta x  ra te , and m oney 
is fo r  a ll p rac tica l purposes a continuous va riab le  in  a lte rna tive  m otions 
invo lv ing  x  do lla rs , ( x  +  t )  do lla rs , and so on. In  a less obvious w ay a l l  
sentences are embedded in  a con tinuum . One o f  the  s ign ifican t assump­
tions o f  s tru c tu ra l lingu is tics  is the  idea th a t a language can express an 
in f in ity  o f  propositions. I f  so, then between a p a ir o f  sentences one can 
insert a th ird , in te rm ed ia te  in  m eaning. O n  a m o tion  to  declare w ar, the  
choice is no t ju s t between “ w a r”  o r “ peace.”  Am endm ents are possible: to  
declare w a r unless the  enemy pays tr ib u te , o r unless an apology is u tte red ,



182 M anipulation: Control of the Agenda

o r unless a sign o f  fr iendsh ip  is given, and so on. In  th a t sense, proposi­
tions are continuous.

A  qu ite  separate tra d it io n  th a t u tilizes  and reinforces th is  b e lie f in  
the  co n tin u ity  o f  a lte rna tives is the spatia l model o f  p a rty  com petition . 
In  D ow ns’ m odel w ith  on ly  one d im ension o f  ju dgm en t, voters’ ideal 
points are arranged on an ideo log ica l scale and parties are shown to  w rite  
p la tfo rm s  located a t the m edian po in t o f  the scale, as in  F igure  3-1, in  
section 3 .G .5 S ince a p la tfo rm  is a sentence id e n tify in g  a p a rticu la r po in t 
on a line , th is  m odel am ounts to an assertion th a t propositions are con tin ­
uous. A s  th is  m odel was developed, especially fo r  the  case o f n d im en­
sions o f judgm en t, the assum ption o f c o n tin u ity  was embedded even m ore 
deeply in  i t .6

One im p o rta n t fea ture  o f  co n tin u ity  is th a t i t  is re la tive  to one or 
m ore dimensions. T h is  fea ture  is w h o lly  rea lis tic  because survey research­
ers repeatedly find  th a t voters appear to  judge  candidates and issues by 
one or m ore dim ensions o f  concern. T hey say th a t they like  candidate A  
be tte r than  candidate B “ because A  favors m ore  [a q u a n tita tive  w o rd ]”  
defense or in fla tio n  o r em ploym ent o r some conste lla tion o f  such issues. 
Thus the  very language o f  popu la r p o lit ic a l discourse suggests th a t voters 
themselves impose the  dimensions th a t a d m it co n tin u ity  in  the  real w o rld  
o f  p o lit ic a l choice.

T h is  co n tin u ity  in  a w o rld  o f several dimensions is o f u tm ost im p o r­
tance fo r s tra teg ic m an ipu la tion . I t  is th is  fea tu re  th a t a llows fo r  the  easy 
m u ltip lic a tio n  o f a lternatives, th a t generates a w ide va rie ty  o f  in d iv id u a l 
orderings, and th a t thereby creates s ituations o f d ise q u ilib riu m  in  w hich 
the chance o f the existence o f a C ondorcet w inne r is reduced to  p ra c ti­
ca lly  zero.

Disequilibrium in Three Dimensions

H is to ric a lly , the  firs t discussion o f d ise q u ilib riu m  was by D uncan 
B lack and R . A . N ew ing , whose fundam enta l m odel is set fo r th  in F igure  
7-3, p a rt A  and p a rt B .7 H o riz o n ta l dimensions, x  and y , are standards 
o f  judgm en t, and the ve rtica l d im ension is the order o f  preference. In  the 
x y  plane, the po in t, A , w h ich  is d ire c tly  beneath the peak o f the single- 
peaked hum p (an analogue o f the  single-peaked curve), is the  in d iv id u a l’s 
idea l po in t— th a t is, the  com b ina tion  o f am ounts o f  x  and y  th a t the 
person prefers over any o the r possible com bination . S ince the hum p is 
single-peaked, the  fa rth e r away a po in t is fro m  A  on a ray, k, the less 
desired i t  is because i t  is beneath a lower po in t on the  surface o f the hum p. 
Thus, A P fG  Pt F  in  the figure. A l l  the po in ts a t the intersection o f the 
hum p w ith  the  x y  plane are an ind iffe rence curve, c, in  the sense th a t any
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po in t on the curve is as good as any o ther fo r  person i. O th e r ind iffe rence 
curves, c' , can be reflected in the x y  plane fro m  pa ra lle l planes, lik e  x 'y '.

Assume there are three voters, 1, 2, and 3, and le t F igure  7-3B 
consist o f ind iffe rence curves fo r  persons 1 and 2. G iven the po in t, H , at 
the intersection o f  ind iffe rence curves fo r person 1 (idea l po in t a t P,) and 
person 2 (idea l po in t a t P2), any po in t, L , in  the overlapp ing  portion  is 
pre ferred by both 1 and 2 to H  because L  is on an ind iffe rence curve 
closer fo r each person to  P, and P2 respectively. I f  there is any poss ib ility  
o f a m a jo rity  decision consisting o f  persons 1 and 2 (ou t o f  1, 2, and 3), 
th a t decision po in t m ust lie  on a locus o f points connecting the tangents o f 
ind ifference curves around P, and P2 as the dashed line  in  F igure  7-3C , 
often called the con tract curve because i t  is where 1 and 2 can agree.

To appreciate agreem ent on th is  curve, assume persons 1 and 2 
in it ia l ly  agree on some po in t, o ff the curve, say H  in F igure  7-3C . Then, 
the pa ir can move to po in t K  on the curve because (1 ) there is no cost to 
person 1 because H  and K  are on the same ind iffe rence curve fo r  1, and 
(2 ) there is a gain fo r person 2 because K  is on a curve closer to  P2 than is 
H . Thus, when o ff the con trac t curve, one person, a t least, can a lways be 
made better o ff w ith  no cost to the o ther person. Hence, i t  is expected th a t 
agreements between 1 and 2 w il l  lie  on the con tract curve.

To see i f  there is a C ondorcet w inner, we need to  consider a th ird  
person’s ideal po in t, P3, in  F igure  7 -3D . I t  is apparent th a t no C ondorcet 
w inne r exists in  F igure 7-3D . For example, consider the con trac t curve 
between persons 1 and 3, o r s im p ly  P, P3. I f  P, its e lf is tested, 2 and 3 vote 
against it ,  fo r any po in t on P2 P3. I f  P3, 1 and 2 defeat i t  fo r  any po in t on 
P, P2. I f  i t  is H , then 2 and 3 prefer, say, K ; and so on, so no po in t on P, P3 
can get a m a jo rity . S im ila r ly  fo r P, P2 and P2 P3. There  are cases, however, 
in  w h ich  some po in t m ig h t w in  by a m a jo rity , as in  F igure  7-3E , where P3 
lies on P, P2. In  th is case P3 is a m a jo r ity  w inner. (N o tice , fo r exam ple, i f  P3 
is pu t against any po in t closer to  P, on P, P2, then 2 and 3 w il l  vote fo r P3. 
O r i f  P3 is pu t against H , then 1 and 3 w il l  vote fo r  P3.) T h is  a rgum ent 
assumes sincere, not s tra teg ic, vo ting . Even so, a C ondorcet w inne r must 
be very rare indeed.

G era ld  K ra m e r applied essentia lly th is  analysis to a ll the conditions 
fo r the existence o f a C ondorcet w inner discussed in section 5.C— single­
peakedness and value restrictedness, am ong others.8 H e  assumed a m u lt i­
d im ensional con tinuum  and m a them a tica lly  useful and hum an ly  accept­
able restric tions on u t i l i t y  functions. Then he showed th a t no C ondorcet 
w inne r exists i f  there is even a modest divergence o f tastes. These 
C ondorcet w inners cannot prevent vo ting  paradoxes in the tw o -d im en­
sional case unless there is som ething approaching a unanim ous preference 
pro file— fo r example, a m a jo rity  o f voters w ith  exactly  the same ideal
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po in t. C ontinuous variab les in  tw o  o r m ore dim ensions thus e lim ina te , fo r  
a ll p rac tica l purposes, the  m a jo r ity -ru le  cond itions th a t seemed so prom is­
ing  in  C hap te r 5.

Conditions for Equilibrium

Reopening the  discussion sta rted  by B lack  and N e w in g , P lo tt looked 
fo r  a m a jo rity -ru le  e q u ilib r iu m  (o f  sincere vo tin g ) g iven continuous v a r i­
ables in  tw o  o r m ore dim ensions; th a t is, he sought a general d e fin itio n  o f 
a po in t such as P3 in  F igure  7-3E . H e  found  one in  an extension o f  B lack  
a iid  N e w in g ’s suggestion fo r  the  three-person case.9 A  loca l e q u ilib r iu m , 
/1, exists fo r  m  voters on a social choice in  n dim ensions, i f  the  fo llo w in g  
su ffic ien t conditions are satisfied:

1. In d iffe re n t persons absta in  fro m  vo ting .

2. I f  n is odd, w here n is the  num ber o f  voters w ho are no t in d iffe re n t, the  
e q u ilib r iu m , n , is the  ideal p o in t fo r  one vo te r (o r an a d d itio n a l even 
num ber o f  voters). I f  n is even, n  is the idea l p o in t fo r  no voters o r an 
even num ber o f voters.

3. The rem a in ing  voters can be d iv ided  in to  pa irs, h and j ,  such th a t h and 
j  are d ia m e tr ica lly  opposed around f i  in  the sense th a t, i f  they  cou ld  
move the e q u ilib r iu m  po in t as they w ished, they  w ou ld  move i t  in  
exactly  opposite d irections in  n -d im ensional space. F u rthe rm ore , the  
con trac t curve between the  idea l points fo r  h and j ,  Ph and Pjy passes 
th rough  ii.

T h is  e q u ilib r iu m  m ay be though t o f  as an n-d im ensiona l m edian, an ana­
logue o f  the m edian th a t in  one d im ension is the  e q u ilib r iu m  fo r  single- 
peaked curves. I t  can be visua lized fo r  the  five-person, tw o-d im ension  case 
as in  F igure  7-4. T he  ideal points, P |_5, are so m arked  and n  and P3 co in ­
cide. The con trac t curves between Px and P2 and PA and P5 pass th ro u g h  ii.  
A s  can be seen, i f  some po in t, a, were set aga inst i i,  then a m a jo r ity  o f  2, 
3, and 5 w ou ld  choose n. As the  num ber o f  voters increases, the d iff ic u lty  
o f  the p a ir in g  doubtless increases, so th a t m a jo r ity -ru le  e q u ilib r ia  m ust be 
extrem ely ra re  in  th is  m odel.

B u t perhaps they are no t ra re  in  the  w o rld , b u t o n ly  in  the  m odel, 
where the  e q u ilib r ia  are “ loca l”  ( th a t is, res tric ted  to  some defined ne igh­
borhood in  the space) ra th e r than  “ g loba l”  ( th a t is, e ffective  fo r  the  en tire  
space), where there are o n ly  p a rtic u la r k inds o f u t i l i t y  func tions  (such as 
d iffe ren tiab le  ones), and where there  is absolute m a jo r ity  ru le . U n fo r tu ­
nate ly, one cannot escape th is  conclusion so easily. M u c h  subsequent w o rk
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Figure 7-4 M a jo r ity - ru le  e q u ilib r iu m , five  persons, tw o  dim ensions.

has generalized the m odel considerab ly and thus made i t  m ore rea lis tic  
w ith o u t in  any w ay reducing  the presum ption o f ra r ity . M cK e lve y  and 
W endell, in te g ra tin g  and e labora ting  th is  w o rk, show th a t, fo r  a w ide 
va rie ty  o f  u t i l i t y  curves (in c lu d in g  nond iffe ren tiab le  ones), a m edian, p, at 
the un ique in te rsection  o f  con trac t curves am ong paired d ia m e tr ica lly  
opposed voters is a su ffic ien t cond ition  fo r  a C ondorcet w inne r.10 F u rthe r­
m ore, the  existence o f  a m edian, p, is a necessary cond ition  fo r  eq u ilib ­
r iu m  i f  each u t i l i t y  curve by  its e lf is single-peaked.11 F in a lly , the  existence 
o f n  is a necessary and su ffic ien t cond ition  fo r  a g loba l e q u ilib r iu m  in 
the  fo rm  o f  a C ondorce t w inne r i f  u t i l i t y  curves are d iffe ren tiab le . So the 
present state o f  know ledge suggests th a t m a jo rity -ru le  e q u ilib ria  m ust be 
very ra re , g iven continuous variables in  n dimensions, w h ich , in  m y op in­
ion, is a tho ro u g h ly  rea lis tic  m odel o f  the  w orld .

Complete Disequilibrium

A lth o u g h  cyc lic  outcomes “ a lm ost always”  exist in  th is  general 
m odel o f m a jo r ity  ru le , one m ig h t hope th a t the  cycles w ould  be confined 
to  a sm all area in  the  space, so th a t there w ou ld  be a “ few ”  cyc ling  
a lternatives, a ll o f w h ich , however, are socia lly p re ferred to  everyth ing 
else in  the  space. Then, in  sp ite o f  in tra n s itiv it ie s , the  sm a ll top cycle 
w ou ld  be socia lly  be tte r than the  la rge  set o f  worse outcomes. U n fo r tu ­
na te ly  th is  is no w ay o u t o f  the  social incoherence o f a lm ost universal
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d isequ ilib rium . M cK e lve y  and Schofie ld have shown, in  q u ite  d iffe re n t 
ways, th a t th is  escape fro m  in s ta b ility  w il l  no t w ork.

In  a rem arkab le  discovery, M cK e lve y  has shown th a t, fo r  a w ide  
class o f  d iffe ren tiab le  u t i l i t y  functions, once “ tra n s it iv ity  breaks down, i t  
com p le te ly  breaks down, engu lfing  the  w hole  space in  a s ing le  cycle set. 
T he  slightest devia tion  fro m  the  conditions fo r a C ondorcet p o in t ( fo r 
example, a s ligh t movem ent o f  one vo te r’s ideal p o in t) brings about th is  
possib ility .” 12 Hence, no t on ly  is a C ondorcet w inne r un like ly , b u t also, 
when one does not exist, a n y th in g  can happen. T here  is no “ sm a ll”  set o f 
probable  outcomes.

M cK e lve y ’s a rgum ent runs as fo llow s: There  is a set o f  po in ts, P (x ) , 
w h ich  is the set o f  a ll po ints th a t can be reached by m a jo r ity  ru le  fro m  
po in t x .u (To  reach some po in t r  in  P (x ) , le t y  beat x  by m a jo r ity  ru le  in  a 
pairw ise contest, le t z beat y  s im ila rly , and so on u n til r  beats r  — 1.) The 
set P {x )  can be e ithe r a ll po in ts in  the  m u ltid im ens iona l space o r a sm alle r 
set. I f  i t  is a sm alle r set, then i t  m ust have a boundary and the  boundary 
points m ust sa tis fy  the  sym m etry  cond itions o f  the constra ined P lo tt equ i­
l ib r ia , w h ich  are special cases o f  the  sym m etry  conditions o f  the  P lo tt 
e q u ilib r ia .14 S ince we a lready know  such e q u ilib r ia  are ra re , i t  is lik e ly  
th a t such a boundary is extrem ely rare. Hence in tra n s itive  cycles o f  social 
choice alm ost a lways exist and a lm ost always inc lude  the  w hole  space. In  
short, in  the  absence o f  an e q u ilib riu m , a n y th in g  can happen.

N o rm a n  Schofie ld approaches the  prob lem  d iffe ren tly , b u t comes to  
the same re su lt.15 H is  analysis begins w ith  the observation th a t, fo r  any 
po in t, x , in  a m u ltid im ens iona l issue space, some ind iffe rence curve fo r 
each p a rtic ip a n t passes th rough  x . G iven these ind iffe rence curves, he 
defines the set o f  points, PM(x ) , as the set o f  points in  the  neighborhood o f 
x  th a t are preferred to  x  b y  some w inn ing  coa lition , M . P u ttin g  a ll the 
coa litions, M , together in  the  set, W, o f  w inn ing  coa litions, Schofie ld 
defines Pw(x )  as the  set o f  points in  the neighborhood o f x  th a t are pre­
fe rred  to  x  by any w inn ing  coa lition . I f  there  are some points, y , th a t 
cannot be inc luded in  Pw(x )  by some path  (j> PM z , . .  . , w  PM x , when M  is 
any w inn ing  coa lition )-—th a t is, i f  there are some po in ts, y , th a t x  can 
defeat no m a tte r w ha t— then there  m ay be an e q u ilib r iu m  a t x . If ,  how ­
ever, a ll points in  some a rb itra ry  neighborhood o f x  can by some sequence 
o f  m a jo r ity  coa litions defeat x , then e q u ilib r iu m  a t x  is im possible. F u r­
therm ore, i f  fo r any p a rtic u la r set o f  in d iv id u a l ideals and ind iffe rence 
curves, there is even ju s t one po in t x  fo r  w h ich  e q u ilib r iu m  is im possible, 
then every po in t in  the  en tire  space is inc luded in  the m a jo rity -ru le  cycle. 
E ffective ly , th is  means tha t, unless the  in d iv id u a l preferences are h ig h ly  
s im ila r— so th a t a ll w inn ing  coa litions are s im ila r— social choices are cer­
ta in  to  be cyclica l.
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A lth o u g h  th is  cond ition  does not in  its e lf ind ica te  the  like lihood  o f 
cyc lica l outcomes, Schofie ld has shown th a t, i f  the issue space has a t least 
as m any dimensions as one m ore than  the  num ber o f persons necessary fo r 
a m in im a l w inn ing  coa lition , then the system is, fo r  ce rta in , cyc lica l. O f  
course, a ll p o lit ica l issues o f a d is tr ib u tive  nature ( fo r  exam ple, “ W h o  gets 
w ha t? ” ) have at least as m any dimensions as pa rtic ipan ts  in  the sense tha t 
each p a rtic ip a n t is concerned, among o ther th ings, w ith  the  am ount d is­
tr ib u te d  to h im  or her. For th a t huge category o f  issues, perhaps m ost o f 
hum an concerns, d ise q u ilib riu m  is, therefore, ce rta in .

Since M cK e lve y ’s and S chofie ld ’s theorems are s im ila r in  tone, i t  
seems lik e ly  th a t m a jo r ity  ru le  is a lm ost always in  d isequ ilib rium . The 
inference one therefore draws fro m  the forego ing  analysis is th a t, fo r the 
am algam ation  o f an extrem ely w ide  va rie ty  o f in d iv id u a l va lue structures 
( th a t is, u t i l i t y  func tions) by m a jo r ity  ru le  under fa ir  procedures, in tra n s i­
tiv itie s  a lm ost always exist and cycles inc lude  the  w hole space o f  p o lit ica l 
possib ilities. T h is  means th a t w ide swings in  p o lit ica l choices are possible 
and expected. T opsy-tu rvy revo lu tion  is as ce rta in ly  predicted as incre­
m enta l change.

O u r o rd in a ry  experience indicates, however, th a t there is some 
s ta b ility  in  p o lit ica l life : Issues persist and s im ila r outcomes repeat 
themselves. There m ust be m ore to  the w o rld , therefore, than the a lm ost 
com plete d isequ ilib rium  suggested by the  B lack and N ew ing , P lo tt, 
M cK e lvey, and Schofie ld analyses. H ow  can one f i t  increm enta l change 
and s ta b ility  in to  th is  model?

7.D. Practical Stability and 
Theoretical Instability

To begin w ith , d ise q u ilib riu m  does not p ro h ib it increm enta l change. 
A  theory o f  d ise q u ilib riu m  te lls  us on ly  th a t change w il l  occur; i t  says 
no th ing  about w hether i t  w il l  be increm enta l o r ca tastroph ic. Indeed, i t  
seems lik e ly  th a t most o f  the apparent s ta b ility  we see in  the w o rld , such 
as generation-long periods o f dom inance by one p o lit ica l pa rty , is rea lly  
increm enta l d ise q u ilib riu m  in w h ich  pa rty  com position changes s lig h tly  
w h ile  always m a in ta in in g  some c y c lic ity  o f values.

Theories o f  d ise q u ilib riu m , however, do no t requ ire  th a t change be 
increm ental. T he  d ifference between theories o f d ise q u ilib riu m  and theor­
ies o f e q u ilib riu m  is th a t the fo rm e r ad m it revo lu tion  (a lthough  they do 
not necessarily p red ic t i t )  and the la tte r do not. We know, however, revo­
lu tio n  is not in frequen t. Even the U n ite d  States, the oldest o f modern
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democracies (o rig in a tin g  in  the  1770s), has had one b loody and devastat­
ing  c iv il war. S ince revo lu tion  occurs and is adm issib le in  a theory  o f 
d ise q u ilib riu m  b u t is inadm issib le  in  a theory  o f  s ta b ility , i t  fo llow s th a t 
some k in d  o f  theory o f  d ise q u ilib riu m  is a p r io r i e m p ir ic a lly  superior to  a 
theory  o f e q u ilib riu m . The advantage o f  theories o f  d ise q u ilib riu m  is th a t 
they ad m it both  long periods o f apparent s ta b ility  (o ften  ind istingu ishab le  
fro m  increm enta l change) and episodes o f  ca tastroph ic  revo lu tion .

For another th in g , these theories o f d ise q u ilib riu m  concern values, 
preferences, o r tastes, no t cons titu tions  and p o lit ic a l structures. I t  m ay 
w e ll be th a t the  s ta b ility  and c o n tin u ity  we observe in  the w o rld  come 
m a in ly  fro m  ins titu tions  th a t, by reason o f th e ir in te rfe rence w ith  and 
res tric tion  on m a jo r ity  ru le , render m a jo r ity -ru le  d ise q u ilib ria  less lik e ly  
to  in fluence and a ffect n a tu ra l outcomes.

Indeed, Kenneth Shepsle has investigated in s titu tio n s  in  ju s t th is  
w ay.16 H e  observed th a t m any in s titu tio n s  have the  e ffect o f  fo rc ing  pa r­
tic ipan ts  to  approach p o lit ic a l questions in  ju s t one dim ension. V oting  
bodies o ften  have single-peaked pro files on each o f  several dim ensions b u t 
are in  d ise q u ilib riu m  when these dim ensions are com bined in  m u ltid im e n ­
sional issue space. Thus i t  fo llow s th a t any in s titu tio n a l a rrangem ent th a t 
forces consideration d im ension by d im ension m ay induce an e q u ilib riu m , 
even though an abstract general e q u ilib r iu m  does no t exist. M a n y  in ­
s titu tions— fo r example, com m ittee  systems in  legislatures, ru les re s tric t­
ing  amendm ents, and agenda-setting devices— do indeed d iv ide  up  the 
dec is ion-m aking process in to  a set o f  decisions on single dimensions. 
Hence, in s titu tio n a lly  engendered e q u ilib r ia  are often observed in  the 
rea l w orld .

I t  should be noted, however, th a t these re a l-w o rld  e q u ilib ria , w h ich  
depend on constitu tions as m uch as on voters’ tastes and values, are o ften 
subject to  a ttack  because they enforce an e q u ilib r iu m  th a t tastes w ou ld  
not allow . Hence they fru s tra te  m a jo ritie s ; and i f  m a jo ritie s  are frus tra ted  
by ins titu tions , these m a jo rities  m ay change the  in s titu tio n s . Thus, in  the 
U .S . House o f Representatives, the  app rop ria tions system developed in  
the  period fro m  the  1930s to  the  1960s p robab ly  p rovided fo r  frequen t 
e q u ilib ria  th rough  the po licy  and s tru c tu re  o f the  app rop ria tions co m m it­
tee. B u t the  frus tra tions  engendered in  House members by the rules re ­
s tr ic t in g  outcomes led to  the  post-W atergate re fo rm s th a t destroyed m any 
o f the  res tric tive  rules and p robab ly  reduced sharp ly  the frequency o f 
eq u ilib ria .

F in a lly , m any in s titu tions  in the  rea l w o rld  fo rce  the  reduction  o f 
the set o f a lternatives to  exactly  tw o— fo r exam ple, the  tw o -p a rty  system 
(and the  m ethod o f p lu ra lity  vo tin g  in  sing le-m em ber d is tr ic ts  on w h ich  
the tw o -p a rty  system seems to  depend). In  the  choice between tw o  a lte r-
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natives, there is a m a jo r ity  w inner. S ince the  in d iv id u a l tastes fo r  one o f 
the  tw o  parties appear to  be fa ir ly  constant, the  values thus in s titu tio n a lly  
res tric ted  and incorpora ted  in  the  p o lit ica l system m ay indeed provide fo r 
considerable s ta b ility . Thus, in  the  U n ite d  States, one o f  the tw o parties 
has appeared dom inan t fo r  fa ir ly  long periods (Jeffersonian Republicans 
fro m  1800 to  1825, D em ocrats fro m  1832 to  1854, Republicans fro m  
1861 to  1930, D em ocrats fro m  1933 to  1980). T h is  s ta b ility  is m ore ap­
parent than  real, however, no t on ly  because i t  masks a large am ount o f  
increm enta l d ise q u ilib riu m  (as ind ica ted  in  C hap te r 2 by the fa c t th a t 
about 40 percent o f  the  presidentia l elections have involved s ign ifican t 
th ird -p a rty  candidates), b u t also because (as w il l  be illu s tra te d  in  C hap te r 
9 ) there  is a lways an intense strugg le , beneath the apparent s ta b ility , to 
induce a genuine d ise q u ilib riu m  o f tastes.

W e have, therefore, a num ber o f good reasons, exogenous to  the 
w o rld  o f  tastes and values in  social choice theory, fo r the observed social 
s ta b ility . A n  e q u ilib r iu m  o f tastes and values is in  theory so ra re  as to  be 
a lm ost nonexistent. A n d  I  believe i t  is equally ra re  in  practice. B u t in d i­
v idua ls in  society are m ore than  a m bu la to ry  bundles o f tastes. They also 
respect and are constra ined by in s titu tions  th a t are intended to  induce 
re g u la rity  in  society. A n d  i t  is the  tr iu m p h  o f constra in ts over in d iv id u a l 
values th a t generates the  s ta b ility  we observe. B u t tastes and values can­
not be denied, and they account fo r  the  in s ta b ility  we observe.

A lth o u g h  s ta b ility  p robab ly  roots in  ins titu tions , G era ld  K ra m e r has 
a ttem pted to  exp la in  s ta b ility  in  term s o f social choice eq u ilib ria , using a 
model o f  e lectora l com pe tition  between tw o  parties ac ting  in  a m u lt id i­
m ensional space o f po lic ies.17 In  th is  m odel, parties compete fo r  voters 
over an in fin ite  series o f elections (o r preelection tim e  periods), o ffe ring  
p la tfo rm s as points in  the  space. The voters respond by supporting  the 
p la tfo rm  closest to  th e ir idea l points (using a conventional, ra the r re­
s tr ic ted  m easurement system to  de term ine “ closeness” ). In  th is  s im ple 
m a jo r ity  system, one o f the tw o  p la tfo rm s is chosen, the w inn ing  pa rty  
enacts i t ,  and the  losing p a rty  picks ou t another p la tfo rm  (po in t in  space) 
to  m ax im ize  its  chance o f w inn ing . Assum ing i t  finds such a p la tfo rm , the 
parties a lte rna te  in  office.

K ra m e r calls the succession fro m  w inn ing  p la tfo rm  to  w inn ing  p la t­
fo rm  a tra jec to ry . Then he defines a set fo r possible e q u ilib ria : the  m in - 
m ax set. For a lte rna tives x  and y , n {x , y )  is the num ber o f votes by w h ich  
y  beats x . Some p a rticu la r y  gets the most votes against x , and th a t 
num ber o f most votes is v (jc ).18 Assum ing cyc lic ity , x  w il l  no t beat a ll y , so 
v (x ) >  rt/2 . Nevertheless, some x , say x ',  comes closest to  w inn ing , in  the 
sense th a t the  value fo r v (x ')  is the sm allest o f  a ll v (x )— th a t is, i t  is the
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m inm ax number, n * . '9 The d ifference between n *  and n/ 2 is the  measure 
o f  how close a society comes to  having a m a jo r ity  w inner.

K ra m e r’s no tion  o f e q u ilib r iu m , then, is th is: I f  parties seek to 
m ax im ize  votes, then the  tra je c to ry  o f  successive p la tfo rm s leads to  the  set 
o f a ll n *  (the set o f  a ll a lternatives w ith  the m inm ax num ber). T h a t is, 
the tra je c to ry  leads, perhaps by a pa th  on w h ich  there are backw ard  steps, 
to  the a lternatives closest to  being m a jo r ity  w inners. W hen the tra je c ­
to ry  arrives a t the set o f  n * , e q u ilib r iu m  exists. T h is  e q u ilib r iu m  is not 
unique— except when the num ber o f  voters is in fin ite — b u t i t  m ay be a 
“ sm a ll set”  as against the “ w hole space”  o f  M cK e lve y  and Schofie ld.

Does K ra m e r’s elegant model save us fro m  devastating d isequ ilib ­
rium ? U n fo rtuna te ly , I  th in k  n o t because a t least three o f  its  assumptions 
are extrem ely unrea lis tic . One is the assum ption o f tw o  parties. As was 
shown in  C hap te r 3, s im ple m a jo r ity  vo ting  is a ttrac tive , b u t tw o  and on ly  
tw o parties in  both  un rea lis tic  and u n fa ir. A n o th e r un rea lis tic  assumption 
is th a t parties a lways m axim ize  votes. Som etim es they do, as possibly 
happened fo r the w inn ing  p a rty  in  the  1972 and 1964 pres identia l elec­
tions. B u t m uch m ore frequen tly  one or both  parties do not successfully 
deter factions fro m  breaking o ff; D isp lay 2-1 shows th is  fa ilu re  in  over 40 
percent o f  the presidentia l elections. T h is  fa ilu re  to  de ter the b reako ff o f 
factions is evidence th a t parties do not care about m a x im iz in g  votes or 
p lu ra litie s  bu t ra the r care s im p ly  about w inn ing  w ith  enough votes to 
ensure e lection.20 So when o ld  parties break up, they are, fo r  ce rta in , no t 
m ax im iz ing  votes. Hence the assum ption o f vote m ax im iza tion  is h ig h ly  
unrea lis tic , b u t c ruc ia l to  the m a them atica l a rgum ent fo r the convergence 
o f the tra je c to ry  to  the set, rt*, o f  a lte rna tives closest to  w inn ing .

A  th ird  un rea lis tic  assum ption is th a t dim ensions do not change, 
even though the model is otherw ise dynam ic. I f  one allow s p la tfo rm s  to 
change, then surely dimensions should change too. A n d  i f  th a t happens, 
then tra jectories have to  s ta rt over. G iven dynam ism  in  dimensions, i t  
seems probable th a t no tra je c to ry  w ould  ever get very fa r  in  the  conver­
gence to rt*. In  add ition , tra jec to ries  are lik e ly  to be deflected by parties ’ 
occasional e fforts, ju s t m entioned as the opposite o f  the second assump­
tion , to m in im ize  (no t m ax im ize ) votes tow ard  the m in im a l w inn ing  size, 
the so-called size princ ip le .

N o  one doubts th a t there is occasional s ta b ility  in  the real w orld . 
Sometimes th is  s ta b ility  is m ore apparent than real, fo r  there are cycles o f 
s im ila r a lternatives and the d ise q u ilib riu m  moves fro m  one outcom e to 
another by increm ents so m inu te  th a t p o lit ica l life  seems stable even 
though i t  is not. B u t sometimes also the s ta b ility  is real, and i t  is imposed 
by ins titu tions  no t the  product o f  preferences and values. I f  we consider
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on ly  values, then d ise q u ilib riu m  seems inherent in  m a jo r ity  ru le . A n y th in g  
can happen— increm enta l change or revo lu tion .

O f course when in s titu tio n a l s ta b ility  is imposed on w ha t w ould  
otherwise be a d ise q u ilib riu m  o f tastes, the imposed e q u ilib riu m  is neces­
sa rily  un fa ir. T h a t m a jo r ity  w h ich  w ou ld , were i t  no t in s titu tio n a lly  re­
stra ined, displace the cu rren t outcom e is denied the op p o rtu n ity  to  w o rk  
its w ill.  In  th a t sense in s titu tio n a l s ta b ility  (such as the responsible tw o- 
p a rty  system discussed in  C hap te r 3) is u n fa ir and is sure to  cause fru s ­
tra tio n . Perhaps th is fru s tra tio n  in  tu rn  u ltim a te ly  brings about great 
changes, such as the d is rup tion  o f long-standing alliances, re w ritin g  o f 
constitu tions, and even v io len t revo lu tion .

7.E. The Fragility of Equilibria:
An Example of the Introduction 
of New Alternatives to 
Generate Disequilibrium

M cK e lvey  in te rpre ted  his d iscovery th a t cycles cover the  w hole 
space to  mean th a t a chairperson, w ith  com plete in fo rm a tio n  and a taste 
fo r sophisticated vo ting , could, w ith  appropria te  agenda, lead the society 
to  choose any a lte rna tive  she or he most desired. A s such, th is m odel is, 
fo r m a jo rita r ia n  vo ting , a theore tica l exp lanation o f agenda con tro l. I t  
does not, however, exp la in  the efforts o f  e ither P lin y  o r P lo tt and Levine, 
fo r they m an ipu la ted  by procedures no t contem plated in  M cK e lve y ’s 
model.

I t  seems to  me, however, th a t m uch the m ore s ign ifican t p rac tica l 
consideration raised by M cK e lvey  and Schofie ld is the ex trao rd ina ry  f r a ­
g i l i t y  o f  e q u ilib ria . Just a l it t le  b it  o f  change in the s itua tion— by stra teg ic 
vo ting  o r by in troduc ing  another a lte rna tive— opens up a w hole new w orld  
o f p o lit ic a l possib ilities. I  w il l  conclude th is  chapter w ith  an illu s tra tive  
instance o f  ju s t th a t fra g ility , and then in  the next chapter I  w il l  set fo rth  
a general in te rp re ta tion  o f  p o lit ic a l d ise q u ilib riu m .

M y  concluding illu s tra tio n  concerns the h is to ry  o f  the m otions th a t 
u ltim a te ly  became the Seventeenth A m endm en t (abou t the d irec t e lection 
o f U .S . senators).21 O r ig in a lly  th is  issue appeared to  be one o f  d iscrete 
a lternatives on one d im ension ( th a t is, fo r o r against am ending the C on­
s titu tio n ). Furtherm ore , an e q u ilib r iu m  o f  single-peaked curves probab ly 
existed. B u t clever pa rlia m e n ta ry  tactic ians— o rd ina ry  backbenchers, not 
leaders— generated o ther a lternatives in  a t least tw o  o ther dimensions.

i
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one a d im ension o f p a rty  lo ya lty , the o the r a d im ension o f  racism . Conse­
quently, they destroyed the  e q u ilib r iu m  ( i f  i t  existed) and generated cy­
cles from  w h ich  no m o tion  w ould  be chosen. T h is  is w ha t the f ra g il ity  o f 
e q u ilib ria  perm its, and th is  is w ha t makes the dynam ic  d ise q u ilib riu m  o f 
m a jo rity  ru le  so s ign ifican t a fea ture  o f a ll dem ocra tic  life .

Tow ard the end o f the  n ineteenth century, there began to be consid­
erable ag ita tio n  fo r d ire c t e lection o f  senators, a g ita tio n  d e riv ing  fro m  
qu ite  diverse sources. One pow erfu l source was S outhern  w h ite  popu lis t 
racism . As a means o f e lim in a tin g  the  in fluence o f  b la ck  voters. S outhern  
w h ite  populists had invented the  device o f  n o m ina ting  D em ocra tic  cand i­
dates in p rim a ry  elections fro m  w h ich  blacks were excluded. S ince D em o­
crats had a considerable m a jo r ity  in  S outhern  states, th is  m eant th a t on ly  
w h ite  o ffic ia ls  w ould  be elected. The p r im a ry  e lection, however, was a 
dub iously va lid  device as applied to  U .S . senators, w ho were supposed to  
be elected by state leg islatures. A d o p tio n  o f  d ire c t e lection  n a tio n a lly  was, 
then, an a ttrac tive  means o f  s trengthen ing  rac is t in s titu tio n s  loca lly . A n ­
o ther source was the progressive m ovem ent in  the N o rth , w ith  its  em pha­
sis on d irec t c itizen  p a rtic ip a tio n . A  th ird  source was a m ovem ent fo r  good- 
governm ent re fo rm  supported by m iddle-class re fo rm ers repelled by the  
co rrup tion  o f  state legislators in  e lecting  senators.

I t  w ou ld  seem th a t a co a lition  o f  such strange bedfe llow s w ou ld  be 
both an absolute m a jo r ity  and an irres is tib le  force— and o f  course i t  was 
in  the end. B u t fo r about tw en ty  years i t  was successfully opposed by an 
a lm ost im m ovable ob ject— the distaste o f a m in o r ity  o f  s itt in g  senators 
fo r su bm itting  to  the sexennial to rtu re  o f  a popu la r canvass. A t  firs t those 
senators s im p ly  ignored resolutions re g u la rly  passed by the House, w h ich  
seemed to  de lig h t in  em barrassing the Senate. B u t by 1902 the Senate 
could no longer ignore the pressure, and the proposed co n s titu tio n a l amend­
m ent was considered in  com m ittee  in  subs tan tia lly  the  fo rm  i t  now  has: 
“ the Senate o f the U n ite d  States shall be composed o f tw o Senators fro m  
each S tate elected by the people thereof, fo r six years.”  T h is  sentence m ay 
w e ll have been an e q u ilib r iu m  outcom e, i f  no t in  1902, a t least by 1905 or 
1906, had not a rem arkab ly  inventive  pa rliam en t man, C hauncey DePew 
o f N ew  Y ork , d isrup ted  the e q u ilib r iu m  w ith  the  fo llo w in g  proposed 
add ition :

The q u a lif ica tio n s  o f  c itizens e n tit le d  to  vote f o r  U n ited  S ta tes Senators 
and  Representatives in  Congress s h a ll be u n ifo rm  in  a l l  S tates, and  Con­
gress s h a ll have the pow er to  enforce th is  a r t ic le  by a p p ro p ria te  leg is la ­
tio n  and  to  p rov ide  f o r  the  re g is tra tio n  o f  c itizens e n tit le d  to  vote, the 
conduct o f  such elections, and  the ce rtif ic a tio n  o f  the re su lt.21
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T he  DePew am endm ent, though  i t  perhaps seems innocuous today, 
was h ig h ly  devisive, fo r  i t  was then in te rp re ted  as a “ force b i l l , ”  a b i l l  to  
au tho rize  the  president to  send the  a rm y  in to  the  S outh to  register blacks 
and enforce th e ir vo ting  righ ts— in  short a rev iva l o f  R econstruction. 
W h ite  suprem acist S outhern  D em ocrats w ho were en thusiastic fo r the 
cons titu tiona l am endm ent w ith o u t the  DePew am endm ent w ou ld  be b it ­
te r ly  oppdsed to  the  co n s titu tio n a l am endm ent i f  the DePew am endm ent 
were a ttached to  it.  A n d  a ttached i t  w ou ld  be, fo r  a t th a t tim e  the one 
po in t o f  ideo log ica l u n ity  fo r  the  R epub lican  p a rty  was support fo r b lack 
aspirations. Hence, even those Republicans w ho very  m uch w anted the 
cons titu tiona l am endm ent were ob liged by p a rty  lo y a lty  and th e ir strong 
a n tira c is t sentim ents to  favo r the DePew am endm ent. T he  opposition to  
the  DePew am endm ent consisted o f  S outhern  D em ocrats, o f  N o rth e rn  
D em ocrats w ho were fo r the m ost p a rt to le ra n tly  sym pathetic  to  Southern 
racism , and o f  a few progressive R epublicans w ho p u t e lectora l re fo rm  
above p a rty  loya lty . In  1902 and 1911 these were s im p ly  no t enough to 
defeat DePew.

T he  issue never got to  the  floo r in  1902, b u t i t  d id  get there  in  Feb­
ru a ry  1911, when there was m uch m ore support fo r  re fo rm . T h is  tim e  the 
progressive proponents o f  re fo rm  protected th e ir S outhern  allies against 
the  DePew maneuver by add ing  a proviso to  guarantee w h ite  supremacy: 
“ The tim es, places, and m anner o f  ho ld ing  elections fo r Senators sha ll be 
prescribed by the  legislatures the reo f [i.e ., the  sta tes].”  The  opponents o f 
d ire c t e lection moved to  delete th is  sentence. T he  m o tion  to  delete was 
iden tified  as the  S u therland  am endm ent, and i t  was a negative ly stated 
version o f  the DePew am endm ent. T here  were thus three a lternatives:

a. T he  reso lu tion to  amend the  C o n s titu tio n , as amended by the  S u the r­
land am endm ent

b. T he  o rig in a l reso lu tion  to  amend the  C o n s titu tio n  ( in c lu d in g  the clause 
to  p ro tect S outhern rac ism )

c. The  status quo

T he  vote on the S u therland  am endm ent p u t a against b, and the 
S u therland  am endm ent passed 50 yea to  36 nay. So the social choice was 
C (a , b) =  a. T he  vote on passage o f  the amended reso lu tion, w h ich  pu t a 
against c, was 54 yea ( fo r  a ) and 34 nay ( fo r  c). S ince the reso lu tion to 
amend the  C o n s titu tio n  requ ired  tw o -th irds  yeas (here, 59), the  m o tion  
fa iled . So the social choice was C (a , c) =  c.

To fin ish  o u t the pa irings and thus to  show th a t the in tro d u c tio n  o f a 
new a lte rna tive  invo lv ing  new dimensions generated a cycle, b and c m ust
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be compared. Presum ably a ll 54 w ho voted fo r the  amended reso lu tion 
also favored the o rig in a l reso lu tion  (b) over the status" quo (c ). So presum ­
ab ly  also d id  a t least 10 S outhern  D em ocrats w ho had o r ig in a lly  insisted 
on the proviso deleted by the  S utherland  am endm ent and w ho u ltim a te ly  
voted against the amended reso lu tion ( th a t is, fo r c aga inst a ). Together 
these are 64 ou t o f  e ithe r 86 o r 88, easily enough to  pass the  cons titu tiona l 
am endm ent. So the social choice is C (b, c) =  b. H ence fo llow s th is  cycle: 
a beats b, b beats c, and c beats a. In  the non-neu tra l am endm ent proce­
dure, c w ins when a cycle exists. Hence, a fa ir ly  sm all m in o rity , p robab ly 
no m ore than 24, won because they generated a cycle  w ith  a new a lte rna ­
tive  w ith  new dim ensions.23 T h is  is not, I  believe, an isolated exam ple o f 
m an ipu la tion , b u t a typ ica l instance o f e lectora l and dem ocra tic  po litics , 
as I  w il l  show in  the next chapter.24
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The Natural Selection 

of Political Issues:
An Interpretation of 

Political Disequilibrium

T he  G eneral P oss ib ility  Theorem — and a ll i t  im p lies  abou t the  m an ipu la ­
tio n  o f  outcomes fro m  vo ting  and abou t the  p o lit ic a lly  even m ore  devas­
ta tin g  consequences o f the frequen t (indeed, ty p ic a l)  nonexistence o f  
e q u ilib r iu m  under m a jo r ity  ru le— raises extrem e ly  d iff ic u lt problem s fo r  
p o lit ic a l theory and p o lit ic a l philosophy. Y et s im u ltaneous ly  those same 
im p lica tions  do p e rm it a new and deeper understand ing  o f  the process 
o f  po litics . We now can understand w ha t always before has seemed an 
im penetrab le  m ystery— nam ely, the m otive  fo rce  fo r  the perpetua l flu x  
o f  po litics .

In  an e ffo rt to  com prehend th is  flu x , theoris ts  have p u t together 
a ll sorts o f  reduc tion is t theories th a t p u rp o rt to  exp la in  changes in  popu­
la r  taste b u t exp la in  no th ing  about the  e ffect o f  tastes in  po litics . Thus, 
M a rx is ts , fo r  exam ple, say change is e n tire ly  a m a tte r o f  techno log ica l 
innovation . M o re  hum ane b u t equa lly  dogm atic  w rite rs  say change is a ll a 
m a tte r o f  new systems o f  philosophy. (R e ca ll Keynes’ rem ark : “ T he  ideas 
o f  economists and p o lit ic a l philosophers, bo th  when they are r ig h t and 
when they are w rong, are m ore pow erfu l than  is com m only understood. 
Indeed the w o rld  is ru led  by l i t t le  else.” ) 1 S t i l l  others, m ore cosm ic, look 
fo r  change in  the forces o f  na ture , the w eather, sun spots, o r even in  events 
outside the  solar system. I t  is possib ly tru e  th a t a ll these th ings a ffect 
tastes, though we know  a lm ost no th ing  abou t how  tastes and values are in  
fa c t fo rm ed and influenced.

S ti ll ,  know ing th a t tastes change does not te ll us a n y th in g  abou t how 
po litics  changes. To understand p o lit ic a l events we need to  understand 
how tastes get incorpora ted  in to  p o lit ic a l decisions. T h is  is precise ly where 
the  flu x  o f  po litics  occurs, and i t  is precisely where an exp lana tion  is 
needed. Previous theo riz ing  abou t changes in  tastes and values has m ostly
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been reduction is t. H ence i t  has been aim ed a t exp lica ting  the in te rna l 
h is to ry  o f  these tastes and values, and i t  also has been based on the as­
sum ption th a t th e ir  effects on po litics  are au tom atic . Because o f th is  
reduc tion is t fea tu re , these theories by-pass the  p o lit ic a l m ob iliza tion  o f 
tastes. Yet i t  is exactly  th is  m o b iliza tio n  th a t is the  center o f  p o lit ica l life , 
the very th in g  th a t p o l it ic a l theories should expla in. In  th is  sense a vast 
num ber o f  supposed explanations o f po litics  (econom ic, technolog ica l, ide­
a tiona l, astro log ica l, and o thers) are s im p ly  irre levan t to  po litics. They 
exp la in  the  o rig in , no t the  opera tion , o f tastes.

N ow , however, we can exp la in  the  m ystery, the  perpetual flu x  o f 
po litics , in  term s o f the m o b iliza tio n  and am algam ation  o f tastes. P o litica l 
evo lu tion  is now a t least exp licab le , i f  not pred ictab le . The  force fo r evolu­
tio n  is p o lit ica l d ise q u ilib riu m , and the  consequence o f  d isequ ilib rium  is a 
k ind  o f na tu ra l selection o f issues. We do not know w hat w il l  w in  in any 
given s itua tion , b u t we do know  w hy  w inners do not keep w inn ing  forever.

A l l  methods o f  am algam ation  invo lve illo g ica lit ie s  in  choice, w hich 
is the  fundam enta l basis fo r d ise q u ilib riu m . If ,  fu rthe rm ore , choice is 
m ade over continuous a lternatives by vo ting , especially by  m a jo r ity  ru le , 
then d isequ ilib rium  is an a lm ost ce rta in  consequence. D ise q u ilib rium  is in  
tu rn  the setting fo r a na tu ra l selection o f  issues, and th is  na tu ra l selection 
in  tu rn  ensures th a t no w inne r w il l  w in  forever. We cannot say when one 
issue w il l  be displaced by  another, thus b rin g in g  new leadership to  succeed 
o ld  leadership; no r can we say w h ich  new issue w il l  be the vehicle fo r new 
leaders. B u t we can describe the  process o f  na tu ra l selection and d isplay 
the  motives th a t m ake i t  inevitable . T h is  descrip tion and d isp lay is the 
subject o f  th is  chapter.

8.A. Disappointments 
with Disequilibria

The  hope o f  id e n tify in g  a p o lit ic a l e q u ilib riu m  dies hard because 
the fa ilu re  to  id e n tify  is a d isappo in tm ent both  sc ien tifica lly  and p h ilo ­
sophically. I t  is beg inn ing  to  be evident, however, th a t the wisest course 
fo r  a science o f po litics  is to  abandon the search fo r  e q u ilib ria  and t r y  to 
understand w hat the  w o rld  is w ith o u t them . Nevertheless, there is intense 
in te lle c tua l resistance to  such a course because o f the d isappointm ents 
involved. By w ay o f  in tro d u c tio n  to  the new understanding o f p o lit ica l 
dynam ics, therefore, I  w il l  devote th is  in it ia l section to a discussion o f ju s t 
how  deep these d isappoin tm ents are.
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C oncern ing firs t the sc ien tific  d isappoin tm ent, social scientists have 
always been eager to  id e n tify  and describe eq u ilib ria . A n d  fo r good rea­
son. The usual de fin ition  o f e q u ilib r iu m  is the u ltim a te  state o f a process 
tow ard  w h ich  its in te rna l forces propel i t  and a t w h ich  these forces are so 
balanced th a t i t  rem ains in  th is  u ltim a te  state. One p rope rty  o f  such an 
e q u ilib riu m  is tha t, i f  the process is adven titious ly  d is tu rbed , i t  again 
moves tow ard  th a t u ltim a te  state when the d is turbance disappears. The 
classic social exam ple is the s truc tu re  o f prices, w h ich  is, in  the com peti­
tive  e q u ilib riu m , a state o f balance about w illingness to  trade  a ll com m od­
ities. I f  one p rice  is fixed by  some outside force (such as a governm ent), 
the effect ripples th rough  the system u n til a new balance o f prices is 
achieved. Once the fix in g  is undone, a ll prices again read just, o ther th ings 
being equal, to  w ha t had been the o rig in a l p rice s tructu re .

Even less de te rm in is tic  notions o f e q u ilib r iu m  have th is  same p rop­
e rty  o f re tu rn ing  to  the  balance when an external d is turbance is removed. 
For example, nonunique e q u ilib ria  consist o f  several possible u ltim a te  
states tow ard  one o f w h ich , however acc iden ta lly  targeted, in te rn a l forces 
propel and fro m  w hich , once reached, there is no expectation o f  departure. 
T he  on ly d ifference in the nonunique cases is th a t there exists a set o f 
u ltim a te  states. I f  the process is d iverted fro m  one o f them , i t  returns, 
when the d isturbance is removed, to some one o f those u ltim a te  states, 
though not necessarily to  the  one i t  was o r ig in a lly  in  o r targeted tow ard . 
T he  classic exam ple here is the  game w ith  a so lu tion  con ta in ing  several 
possible outcomes. I f  driven o ff the ta rge t o f  one outcom e, the p lay moves, 
when perm itted , tow ard  the same outcom e or tow ard  another one in  the 
so lu tion  (the  p a rticu la r outcom e being determ ined by “ irre le va n t”  factors 
such as the course o f the p lay and the personalities o f the p layers).

In  e ithe r k ind  o f e q u ilib r iu m  the  im p o rta n t fea tu re  fro m  the  sc ien ti­
fic  po in t o f  view  is the tendency o f the  process, even a fte r d isturbance, to  
move tow ard  one or one o f several u ltim a te  states. G iven th is  p roperty , the 
scientist w ho has iden tified  and described an e q u ilib r iu m  can con fiden tly  
p red ic t social outcomes. Know ledge o f e q u ilib r ia  is there fore  know ledge 
o f the fu tu re  and carries w ith  i t  the power o f the seer.

In  term s o f specifica lly p o lit ica l e q u ilib ria  in  a dem ocra tic  setting, 
the hope, fro m  a sc ien tific  po in t o f  view, o f find ing  p o lit ica l e q u ilib r ia  is 
th a t one m ig h t isolate p o lit ica l phenomena fro m  the com p lex ity  o f the 
w hole social and b io log ica l w o rld  and, s im p ly  by understanding th a t ab­
stracted process, m ig h t then p red ic t p o lit ic a l outcomes. T he  p o lit ica l facts 
in  a dem ocratic process are, o f course, re la tive ly  sim ple: p a rtic ip a n ts ’ va l­
ues and the cons titu tiona l s tructures w herein these values are am alga­
m ated. Hence, i f  e q u ilib ria  exist, p red ic tion  (and exp lana tion ) w ou ld
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also be re la tive ly  s im ple, thereby con fo rm ing  to  the sc ien tific  ideal o f 
s lic ing  the w o rld  up in to  self-conta ined pieces in  order to  p red ic t and 
exp la in  each piece by itse lf. The achievem ent o f th a t idea l depends, how­
ever, on the pieces in  fa c t being self-conta ined, and in  the  p o lit ica l case i t  
depends specifica lly  on the p o lit ic a l process being independent o f  the  m o­
rass o f p a rtic ipan ts ’ perceptions and personalities, w h ich  are features o f 
the w o rld  en tire ly  outside the p o lit ica l abstraction.

The absence o f  p o lit ica l e q u ilib ria  means th a t outcomes depend not 
s im p ly  on p a rtic ipan ts ’ values and cons titu tiona l structures, b u t also on 
m atters such as w hether some people have the w il l  o r w it  to  vote s tra teg i­
ca lly , w hether some leader has the  s k ill, energy, and resources to  m an ipu­
la te  the agenda, o r w hether some backbencher— in  a com m ittee  o r out—  
has the im ag ina tion  and de te rm ina tion  to  generate a cyc lica l m a jo r ity  by 
in troduc ing  new a lternatives and new issues. These are m atters o f  percep­
tio n  and persona lity  and understanding and character. The fac t th a t the 
absence o f e q u ilib r iu m  makes them  re levant to  p red ic tion  means th a t the 
power th a t comes fro m  scien tific  know ledge is w e ll n igh  unobta inab le  fo r 
p o lit ica l abstractions. O f  course, then, there  is m uch sc ien tific  d isappo in t­
m ent over the results described in  C hapters 5, 6, and 7.

There is m uch ph ilosoph ica l d isappo in tm ent also. P o litica l d isequi­
lib r iu m  means th a t p o lit ica l forces (in d iv id u a l values and the  opera ting  
features o f constitu tions) are insu ffic ien t to  account fo r p o lit ic a l ou t­
comes. T h is  insuffic iency means in  tu rn  th a t dem ocra tic  p o lit ic a l o u t­
comes are no t s im p ly  a m echanical, im personal, unbiased am algam ation  
o f  in d iv id u a l values, b u t ra the r are an am algam ation  th a t often operates 
qu ite  personally and u n fa ir ly , g iv ing  special advantages to  sm arter o r 
bo lder o r m ore pow erfu l o r m ore creative or s im p ly  lu ck ie r partic ipan ts , 
coun ting  th e ir values fo r m ore than o ther people’s. G iven d isequ ilib rium , 
therefore, the dem ocra tic  ideal o f equal pa rtic ip a tio n  cannot be regarded 
as always achievable. A n d , fu rthe rm ore , the no tion  th a t p o lit ic a l o u t­
comes are the w il l  o f the  people m ust be revised to  say th a t they are the  
w il l  o f the sm arter, bolder, m ore pow erfu l, m ore creative, o r lu ck ie r peo­
ple. Consequently, there is a ph ilosophica l (o r ideo log ica l) d isappoin tm ent 
along w ith  the sc ientific .

S im p ly  because these d isappointm ents exist, however, we cannot 
deny p o lit ic a l d ise q u ilib riu m  in  dem ocracy or any vo ting  bodies. The 
theory o f d ise q u ilib riu m  is too pow erfu l and the describable instances 
o f d ise q u ilib riu m  too  m any to  dismiss i t  w ith  a shrug. Instead, we are 
obliged, I  believe, by  bo th  the  theory  and the facts to  look a t the p o lit ica l 
w o rld  anew, as i f  d ise q u ilib riu m  is indeed its  sa lient characte ris tic . W h a t 
k in d  o f  w o rld , we m ust ask, do we have then?

T h a t is the k ind  o f new look a t po litics  I  propose fo r th is  chapter.
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8.B. Voting Disequilibrium:
What It Means to Lose

The m ain fea ture  o f  d ise q u ilib riu m  in  vo ting  is the  deep d issatisfac­
tio n  o f m any people w ith  the  outcom e. To apprecia te  the  depth and extent 
o f  th is  d issatisfaction, i t  is in s truc tive  to  com pare the  concept o f  losing in  
several contexts, econom ic and p o lit ica l. L e t us consider firs t the  eco­
nom ic context, especially w ith in  the  com pe titive  e q u ilib riu m .

Losing Economically

A t  the beginn ing  o f a tim e  period there  are traders w ith  in it ia l 
endowments; d u rin g  the tim e  period a ll feasible trades are m ade; and a t 
the end the  m a rke t is in  e q u ilib riu m . A t  th is  stage in  th is  v o lu n ta ry  sys­
tem , everybody is be tte r o f f  because, by  d e fin ition , no trade  occurs unless 
the  traders im prove th e ir  positions. Th is  s itua tion  is Pareto o p tim a l in the 
sense th a t no add itiona l trades can be made th a t w il l  m ake the  traders 
be tte r off. (T h a t is, any new trade  w ou ld  m ake one tra d e r be tte r o f f  on ly  
a t the expense o f m aking  another worse o ff. A ssum ing  v o lu n ta ry  trad ing , 
the trader w ho w ou ld  be worse o ff does no t agree to  the  new trade , w h ich  
is w hy the process has come to  balance.) Furthe rm ore , th is  com petitive  
e q u ilib riu m  is the  best th a t the  m a rke t as a w hole  can do, fo r  every 
possible coa lition  o f traders has achieved a t least as m uch as its  m em ­
bers could expect to  achieve, given th e ir  in it ia l  endowm ents. ( In  game- 
theore tic  term s, th is  is an outcom e in  the  core, w h ich , i f  i t  exists, is the  
so lu tion  o f a game in  w h ich  every p layer and every co a lit io n  achieves a t 
least its m in im a l va lue .)2

A lth o u g h  everybody is be tte r o f f  in  the  com pe titive  e q u ilib r iu m , i t  
does not fo llo w  th a t everybody is satisfied. Some are unhappy because o f  
accidents— hum an errors and n a tu ra l disasters lead ing  to  b a nkrup tcy  o r 
na tu ra l w in d fa lls  lead ing to  great w ea lth . B u t here I  do no t consider acci­
dents s im p ly  because they are accidents. O thers are unhappy because— as 
in  the  case o f unem ploym ent— they are excluded fro m  econom ic p a rt ic i­
pation. Such exclusion is always tem po ra ry  unless i t  is p o lit ic a lly  enforced 
(as, fo r exam ple m in im um -w age laws exclude the unsk illed  or un ion  con­
tracts exclude b lacks). So I  also do no t consider the  p o lit ic a l m an ip u la tio n  
th a t makes m arkets un fa ir.

Even in  the h ig h ly  idealized e q u ilib r iu m  th a t rem ains, however, 
where, igno ring  lu ck  and p o lit ic a l oppression and assum ing in te lligence, 
everybody is be tte r o ff, some people are s t i l l  d issatisfied. In  the  d e fin itio n  
o f Pareto o p tim a lity , people are be tte r o f f  re la tive  to  where they s ta rted .3
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A n d  some people m ay have started  o f f  badly, e ithe r poor o r having chosen 
a dec lin ing  trade. Furthe rm ore , in  the  opera tion  o f the  m a rke t some poor 
people m ay become ju s t a l i t t le  be tte r o f f  w h ile  some r ich  people m ay 
become very m uch be tte r o ff. O r scions o f o ld  w ea lth  m ay see themselves 
fa r  surpassed by the nouveau riche. Pareto o p tim a lity  does not necessarily 
mean th a t inequa lities o r p ro found  unfairness are e ithe r created o r erased; 
i t  m ere ly means th a t, re la tive  to  a given in it ia l endowm ent, everybody is 
be tte r o f f  in  some am ount, however sm all. One can thus be deeply dissat­
isfied w ith  the  opera tion  o f a m a rke t e ithe r because i t  preserved an u n fa ir 
in it ia l d is tr ib u tio n  or because i t  generated an u n fa ir fin a l d is tr ib u tio n . 
T he  same po ten tia l d issa tis faction  is equa lly  cha rac te ris tic  o f  solutions in  
the  core. T h a t every coa lition  achieves the value im p lic it  in  its in it ia l 
endowm ents is no t p a rt ic u la r ly  sa tis fac to ry  i f  the in it ia l endowments are 
themselves though t to  be un fa ir.

H ow ever real and p o lit ic a lly  s ign ifican t is the resentm ent o f a pov­
e rty  no t a llev ia ted  by the opera tion  o f  the  m arke t, s ti l l  the  m arke t does 
no t make people worse o ff, unless— as in  the  case o f  unem ploym ent— they 
are p o lit ic a lly  excluded fro m  p a rtic ip a tio n . S ince exclusion is tem porary  
unless p o lit ic a lly  imposed, losing in  the  m arke t is a rem arkab ly  m ild  k ind  
o f losing com pared w ith  losing in  po litics . Losing  p o lit ic a lly  is ty p ica lly  
m uch worse than  losing econom ically.

Losing Politically

Losses o f ro u g h ly  the same scale are worse in  a p o lit ica l context 
than in  an econom ic context. For both  in d iv id u a l citizens and the w hole 
society, losing a w a r and being p illaged, ha rried , and m urdered is worse 
than chron ic  unem ploym ent and poverty. For econom ic groups and re­
g iona l coa litions, losing a series o f elections so th a t governm ent po licy  
genera lly  is ti lte d  against the losers is worse than  losing jobs and busi­
ness contracts.

N ine teen th -cen tu ry  jo u rn a lis ts  called economics the “ d ism al sci­
ence.”  They overlooked po litics , w h ich  by its  fundam enta l na ture  is fa r  
m ore d ism al. In  po litics , there are a lm ost always losers and losing usua lly  
involves no t being be tte r o ff. I t  is the expectation o f th is  fa c t th a t makes 
po litics  d ism al.

To begin w ith , some k inds o f p o lit ica l s itua tions are, in  game- 
theore tic  terms, zero-sum, w h ich  means th a t the w inne r gains exactly  
w ha t the loser loses. (T w o-cand ida te  elections are a good example: The 
w inner gains office and the loser misses it . )  I t  is apparent th a t such games
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cannot have a core; th a t is, u n like  the m arke t e q u ilib r iu m , no t a ll coa li­
tions can obta in  th e ir in it ia l expectations. Suppose th a t there are three 
m in o r ity  factions, any tw o o f w h ich  can e lect one o f the  tw o candidates, 
and suppose th a t each o f the successful factions gains fro m  its  p a rtic ip a ­
tion  in  the  choice. Then the  successful candidate can be elected by a 
coa lition  o f (1 and 2) o r (1 and 3) o r (2 and 3). I t  is apparent th a t one 
fac tion  cannot w in  and thus cannot achieve its  in it ia l expectation. To lose 
in  th is  c ircum stance is to lose a ll, a lthough  o f course one can a lways hope 
to  w in  another day.

Zero-sum  s ituations m ay occur in fre q u e n tly  in  po litics , except fo r 
tw o-cand ida te  elections. Nevertheless, a s im ila r k in d  o f losing is a com ­
mon fea tu re  o f non-zero-sum p o lit ic a l s ituations. Suppose th a t, a lthough  
the p o lit ica l game is not in  the techn ica l sense zero-sum, i t  is s t i l l  the 
in ten t o f each possible w inne r to  impose some k ind  o f externa l cost on the 
losers. Then, no m a tte r who w ins, there exists a loser who is the  worse o ff 
fo r  having pa rtic ipa ted  in  the p o lit ica l system.

Before the C iv il W ar era, fo r  example, there  were th ree  m ain p o lit i­
cal positions on slavery: (1 ) to  extend by na tiona l decision the  geographic 
area in  w h ich  slavery was perm itted , (2 ) to  re s tric t the area o f slavery by 
na tiona l decision, (3 ) to  m ake loca l decisions on the subject, not na tiona l 
ones. I t  is apparent th a t the  adoption o f any o f these three precludes, 
indeed denies, the other tw o. I f  position 1 is chosen, then position  2 is 
d ire c tly  contrad icted on slavery and position 3 is d ire c tly  con trad ic ted  on 
the level o f decision. S im ila r ly  fo r  position 2. As fo r  position  3, its  adop­
tion  denies both 1 and 2 w ith  respect to  the level o f decision and e ithe r 
1 o r 2 w ith  respect to  the na tu re  o f the decision. Thus, no m a tte r w ha t 
position w ins, adherents o f the o ther tw o positions w il l  su ffe r and w il l  
indeed be worse o ff than i f  the  status quo— local decision— is m ainta ined. 
B u t one o f the  three positions was certa in  to  occur. Hence some unspeci­
fied people were ce rta in  to w in , and o ther unspecified people were certa in  
to  lose.

M a n y  p o lit ica l situations— perhaps m ost— are very s im ila r to  th is. 
The fundam enta l reason fo r th is  fa c t is th a t p o lit ica l o r m ora l scarc ity  
is m ore deeply punishing and m ore p ro fo u n d ly  d issa tis fy ing  than eco­
nom ic scarcity. Economists m ake m uch o f scarce resources, b u t they 
mean thereby no m ore than th a t resources are lim ite d  w ith  respect to  
hum an wants a t the m om ent. (T h is  is not, as is sometimes said, the as­
sum ption th a t wants are insa tiab le  or th a t “ m ore is be tte r” ; ra th e r i t  is 
ju s t an assumption th a t a t the  m om ent there is no t enough land, labor, 
and cap ita l to  produce everyth ing  th a t people w ould  c u rre n tly  like  to
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have.) Econom ic sca rc ity  forces the use o f a ra tion ing  device such as 
m arke t prices o r p lann ing  a llocations. I t  means th a t those who cannot pay 
fo r  a resource or who cannot persuade a p lann ing  body to  a llocate  i t  to  
them  cannot use it.

B u t th a t is a ll i t  means. S im p ly , those w ho do not have m ust go 
w ith o u t. Econom ic sca rc ity  does no t also requ ire  th a t the nonpossessor 
suffer add itiona l punishm ent fo r  nonpossession, nor does i t  mean th a t the  
nonpossessor is lega lly  p roh ib ited  fro m  ga in ing  possession. Econom ically, 
i t  is enough th a t the poor go hungry; p o lit ic a lly  and m o ra lly  the  poor 
m ay— perhaps, m ust— also be p u b lic ly  rid icu le d  fo r s ta rv ing  and perm a­
nen tly  condemned to  sta rva tion .

P o litica l o r m ora l sca rc ity  arises when con trad ic to ry  values are be­
lieved by some pa rtic ipan ts  in  the  p o lit ic a l system to  be universal. The 
believers in  a p u ta tive ly  universal va lue w ish the  value to  be applied and 
enforced generally, even on nonbelievers. N onbelievers resist because they 
are u n w illin g  th a t i t  be enforced and are able to  prevent its enforcem ent. 
Then fo llow s a con trad ic tion . T he  pu ta tive ly  universa l va lue cannot actu ­
a lly  be universal because its  adherents cannot secure its  universal accep­
tance. S ca rc ity  is the  absence o f the  un ive rsa lity  o f  acceptance because o f 
the  unw illingness o f people who accept one value to  be guided by a con­
flic tin g  value. For a m ora l o r p o lit ic a l position to  have w o rth  in  society 
( th a t is, to  be scarce), some people ( fo r  instance, those w ho are h u rt by  i t  
o r lose by i t )  m ust re ject it .

For example, ju s t p r io r to  the  R e fo rm a tion , re la tive ly  few people in  
Europe cared about p o lit ic a l enforcem ent o f  re lig ious orthodoxy, a lthough 
they enjoyed and believed in  k ill in g  M us lim s. In  th a t sense there  was very 
l i t t le  p o lit ica l va lue in  C h ris tia n  b e lie f in  Europe. Once the  R e fo rm a tion  
aroused in  people on a ll sides the  desire to  impose th e ir d is tin c t re lig ious 
beliefs loca lly , re lig ions became universa l ideals. S im ultaneously, they be­
came p o lit ic a lly  scarce, s im p ly  because not everyone was w illin g  to  be 
converted.

For another example, when abo rtion  could be induced on ly  a t great 
r isk  to  the  life  o f the pregnant w om an, i t  was uncom m on and hence not a 
subject o f intense m ora l and p o lit ic a l concern. In  the last cen tu ry  o r so, 
ow ing to  advances in  san ita tion  and surgery, abortion  has become easy, 
re la tive ly  safe, and com m on. C o n tra d ic to ry  values have developed around 
the p ractice  ( fo r  example, “ A b o rtio n  is m urder.”  and “ A  wom an has a 
r ig h t to  con tro l her body.” ); and, by  reason o f th is  d ispute, these values 
have become both  universa l and scarce.

There  is a huge num ber o f such issues in  the con tem porary w orld , 
issues over w h ich  some people are prepared even to  k i l l  others. N e a rly  
everywhere c iv il libe rties  and enforced m ilita ry  service are such issues.
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A n d  in  a ll places where s ign ifican t rac ia l, re lig ious, lin g u is tic , and even 
c u ltu ra l m ino ritie s  exist, issues between the  m in o r ity  and m a jo r ity  gener­
ate universa l p o lit ic a l values and p o lit ic a l scarcity.

B u t o f  a ll the  k inds o f  p o lit ica l and m o ra l sca rc ity  ex tan t, th a t hav­
ing  to  do w ith  m an ipu la ting  m arkets and m oney is the  m ost com m on. 
Those w ho w an t to  r ig  m arkets and incom e d is tr ib u tio n  to  th e ir  own ad­
vantage ty p ic a lly  assert th a t th e ir  k in d  o f  business o r th e ir  social s ta te  is 
m ore desirable o r m ore deserving than  others. N a tu ra lly , n o t everyone 
agrees w ith  such assertions o f  special econom ic righ ts , thus rendering  
them  scarce. These assertions are, o f  course, propaganda devices to  r ig  
m arkets and econom ic outcomes, b u t they  are ty p ic a lly  presented as u n i­
versal p o lit ica l and m o ra l values.

A n  assertion o f  the  general v ir tu e  o f  ru ra l l ife  on  the  fa m ily  fa rm  
justifies  fa rm  subsidies. A n  assertion o f  the  general m o ra l va lue o f  the 
economic health  o f  com m un ities  (tie d  in , typ ica lly , w ith  a rgum ents about 
“ in fa n t industries,”  “ defense needs,”  and “ reg iona l unbalance” ) ju s tifie s  
ta r iffs , subsidies, and noneconomic governm ent contracts. A n  assertion 
abou t the general m ora l va lue o f  he lp ing  the  un fo rtu n a te  jus tifie s  a huge 
va rie ty  o f  w e lfa re  subsidies such as social security. A n  assertion abou t the 
general m ora l va lue o f  a “ fa ir  wage”  jus tifie s  exc lud ing  some laborers 
fro m  the  m a rke t in  order to  lessen com pe tition  fo r  others. Assertions 
about the general ju s tice  o f  rew a rd ing  inventors, investors, o r consumers 
ju s t ify  monopolies (a lm ost a ll o f  w h ich  are granted o r m a in ta ined  by 
governm ents and regu la tion ). Assertions about the  general m o ra l va lue o f  
labor peace and “ fa ir ”  ba rga in ing  power ju s t ify  the  ca rte liza tio n  o f  labor 
in  unions. Assertions about the  m o ra l repugnance o f  the  spoils system 
ju s t ify  grants o f  perm anent tenure to  c iv il servants. E tc.

A lm o s t a ll p o lit ic a lly  imposed special econom ic priv ileges and m a r­
ket m an ipu la tions depend on assertions o f  a universa l m o ra lity . Because 
these assertions, when acted upon, m ake some people worse o ff, they are 
not un ive rsa lly  acknow ledged. Hence these p o lit ic a l values are scarce in  
the  sense th a t some people re ject them .

Just as econom ic sca rc ity  requires some m ethod o f  a llo ca tion  
(nam ely, the  m a rke t), so does p o lit ic a l and m o ra l scarcity. T he  m ethod is 
governm ental a u th o rity , w h ich  prescribes w h ich  o f co n flic tin g  m o ra l be­
lie fs  w il l  be acted upon, o r socia lly  enforced. T hus the  outcom e o f  a vo ting  
decision in  a p o lit ica l context is, typ ica lly , to  choose w h ich  o f  p o lit ic a lly  
scarce values to  enforce. A n d  the  ac t o f  enforcem ent in  the  face o f  scar­
c ity  requires no t on ly  th a t the  losers fo r fe it  the  values they believe in  b u t 
also th a t they abide by, i f  no t accept, the  values they  despise.

Thus, to  lose on issues o f  p o lit ic a l and m o ra l sca rc ity  (w h ich  issues 
are the  s tu ff o f  po litics ) is m uch worse than  to  lose in  the  m a rke t. O ne
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m ust suffer outcomes in  w h ich  one is econom ica lly o r em o tiona lly  deeply 
deprived. T ru ly , i t  is po litics , not economics, th a t is the d ism al science.

8.C. Voting Disequilibrium:
The Quantity and Quality 
of Political Dissatisfaction

To consider the  k in d  and am ount o f  d issatisfaction w ith  outcomes o f 
vo ting , I  w il l  here a ttem p t to  estim ate these features fro m  a survey o f  the 
varieties o f outcomes.

T he  least d issa tis faction  exists when the outcom e is unanim ous. U n ­
fo rtu n a te ly  the  subjects o f  such decisions are usua lly  tr iv ia l. I t  m ay be 
true  th a t members o f a g roup are unanim ous on the subjects th a t b rough t 
them  together in  the firs t place, though th is  u n a n im ity  seldom exists fo r 
very large groups like  nations and even on such fundam enta l subjects as 
w hether the  na tion  ough t to  continue to  exist. B u t people usua lly  do not 
vote on these im p o rta n t questions where u n a n im ity  is conceivable. W hen 
they do so vote, the  operation is la rge ly  cerem onia l and does not typ ica lly  
invo lve a p o lit ica l decision.4 O n the o ther hand, when decisions do appear 
to  be bo th  p o lit ica l and unanim ous, usua lly  nobody cares very m uch about 
the  outcom e. Examples are the  90 percent o r so o f leg is la tion  passed by 
Congress by unanim ous consent, w h ich  is unanim ous because the subjects 
are p o lit ic a lly  t r iv ia l.9 So a lthough  u n a n im ity  guarantees m in im a l dissat­
is fac tion , one expects very l it t le  d issatisfaction on low-salience issues.

A bso lu te  m a jo rities  o f firs t-p lace  votes, w h ich  are necessarily in 
strong e q u ilib r iu m , tend to  m in im ize  the  num ber o f dissatisfied persons, 
b u t o ther conditions m ay a ffect the degree o f d issatisfaction. G iven an 
outcom e in  the  core, as m ig h t happen i f  a leg is la tu re  d is tribu tes a w in d fa ll 
by  c u ttin g  taxes, even losers are to  some degree content. Zero-sum  situa ­
tions, on the o ther hand, mean an em pty  core. A n d  in  a ll cases, zero-sum 
o r no t, invo lv ing  m ora l scarcity, losers lose badly.

A  C ondorcet w inner, even w ith o u t an absolute m a jo r ity  o f firs t- 
place votes, is in  e q u ilib r iu m  i f  voters vote sincerely. T h is  means more 
people are satisfied than not. B u t some w inners do not get th e ir firs t 
choice, and re la tive  d issa tis faction  is greater, o ther th ings being equal, 
than w ith  an absolute m a jo rity . O f  course, C ondorcet w inners also involve 
the  d issatisfaction inheren t in  m ora l scarcity. S itua tions w ith  C ondorcet 
w inners under sincere vo ting  are subject to  m an ipu la tion  th a t m ay vastly  
increase d issa tis faction . W ith  stra teg ic vo ting , fo r exam ple, an a lte rna tive  
favored on ly  by a m in o r ity  m ay be adopted. Suppose there are three
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m otions and c is the status quo. V oting  by am endm ent (a vs. b, surv ivor 
vs. c) on pro file  D

D

£>,: a c b
D2: c a b
Dy. b a c

yields a as the w inner. B u t 2 can m ake c w in  by a lte rin g  D 2 to  cba, thus 
generating a cycle. T h is  revised outcom e is, o f  course, vu lnerab le  to a ttack  
by 3, who can a lte r D } to  abc so a has an absolute m a jo r ity ; b u t i f  2 
succeeds, then a m a jo r ity  (1 and 3) is dissatisfied in  the sense th a t both o f 
them  prefer the loser a to  the  w inner c. The depth o f th e ir d issatisfaction 
varies by w hether the issue involves m ora l scarcity.

A  s im ila r s itua tion  arises when cycles exist na tu ra lly . I f  procedures 
force a decision, as in  o rd in a ry  elections and am endm ent procedures, 
then, in  the absence o f m an ipu la tion , an a lte rna tive  opposed by a m a jo r ity  
is certa in  to  be chosen, thereby m ax im iz ing  the num ber o f dissatisfied 
persons. I f  the issue also involves m ora l scarcity, the d issa tis faction  is 
m axim a l.

T h is  survey o f  the q u a lity  and q u a n tity  o f  losing leads to  these 
conclusions:

1. Even in e q u ilib riu m , substantia l though m in o r ity  d issa tis faction  is to  
be expected. B u t, fo r reasons a lready discussed, e q u ilib r iu m  is its e lf a 
ra r ity  i f  a lternatives are continuous in  m u ltid im ens iona l space. A nd  
even w ith  discrete a lternatives, im p o rta n t issues are no t lik e ly  to be in 
eq u ilib riu m . Hence, one can expect m a jo r ity  d issa tis faction  as the ty p i­
cal s itua tion  in  p o lit ica l decisions.

2. Furtherm ore , th is  d issatisfaction is ty p ic a lly  in tensified by the fa c t tha t 
p o lit ica l issues involve m atters o f  m ora l scarcity. Politics thus tru ly  
is w hat D avid  Easton described as the “ a u th o rita tive  a lloca tion  o f va l­
ues.” 6 U n fo rtu n a te ly , Easton’s fo rm u la tio n  masks the a w fu l fac t o f 
m ora l scarc ity  and fa ils  to  reveal th a t the values thus a llocated to  bene­
f it  some sim ultaneously punish others.

3. In  a w orld  o f  d ise q u ilib riu m  under m a jo r ity  ru le  where the subjects o f 
decision are m o ra lly  scarce— th a t is, in  the w o rld  o f  po litics— the m ain 
fea ture  o f  life  is con tinu ing  and intense d issatisfaction fo r a m a jo r ity  
o f partic ipants.
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8.D. The Consequences 
of Dissatisfaction:
A Model of Political Change

The various members o f  the m a jo r ity  o f  dissatisfied losers, who m ay 
have l it t le  in  com m on except th e ir distaste fo r  the  status quo, have a 
com pelling  m otive  to  upset the cu rren t outcom e. Indeed, p o lit ica l life  in  a 
dem ocracy— or indeed in  any vo ting  body— consists o f  con tinua l e fforts  to  
dislodge the tem pora ry  au tho rities  who have a u th o r ita tive ly  b u t tem po­
ra r ily  a llocated despised values. The losers do th is  in  tw o  ways: F irs t, 
w ith in  cu rre n t dimensions o f po litics , they generate new a lternatives th a t 
m ay be able to  beat the cu rre n t w inner. The existence o f  g loba l cycles 
assures us th is  is possible. Second, by inventing  new dimensions o f  po li­
tics, they create new p o lit ic a l structures in  w h ich  an o ld  e q u ilib riu m , i f  i t  
exists, is upset. In  practice, these activ ities  are probab ly  so m uch a like  
th a t they can be d istinguished on ly  by observers, no t by pa rtic ipan ts . The 
reason fo r  d is tingu ish ing  between them  is s im p ly  to note th a t losers have a 
method o f d isp lacing outcom es in  e q u ilib r iu m  as w e ll as the  m ore typ ica l 
and frequent outcomes in  d isequ ilib rium .

A l l  th is  adds up to a model fo r  p o lit ica l change w ith  three com ­
ponents: 1

1. Voters in  a vo ting  body, f r o m  com m ittee  to na tion  in  size. Each vo ter 
perceives a lte rna tives in  a lim ite d  num ber o f  dimensions— tw o  o r three, 
perhaps. In  any given s itua tion , however, the num ber o f  dimensions 
perceived by a ll voters m ay be num erous (perhaps m ore dimensions 
than  voters), and these dimensions overlap am ong voters in  m any and 
various ways. Voters do no t o rd in a r ily  create e ithe r a lternatives or 
dimensions; b u t com m only they are receptive to  leaders’ suggestions o f 
both , and they are able to accom m odate q u ick ly  to  a new space o r a 
new pa tte rn  in  an o ld space. Voters are fick le : They can accept new 
versions o f the w o rld  in  w h ich  old leaders are losers and o ld  losers are 
new leaders.

2. Leaders in  a vo ting  body. M ere  members o f a vo ting  body are trans­
fo rm ed in to  leaders by reason o f crea ting  and u rg ing  new dimensions, 
new p la tfo rm s, and new po licy  a lternatives. Success in  persuading the 
acceptance o f new a lternatives is w ha t makes a leader, and the fa ilu re  
o f a leader to  persuade voters to support his o r her a lternatives is w hat 
unmakes a leader. Assum ing th a t leaders ob ta in  special satis faction 
fro m  the a lternatives they create as w ell as fro m  the positions they 
occupy, a m otive exists fo r  constant com pe tition  fo r  leadership. T h is  
m otive  is the d riv in g  fo rce  behind p o lit ic a l change.
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3. The in te ra c tio n  between leaders and voters. Leaders in  vo ting  bodies 
m ay be likened to entrepreneurs in  a m arke t. E ntrepreneurs succeed by 
o ffe ring  new products, and so i t  is w ith  leaders. O f  course, entrepre­
neurs o ften  fa il,  o ffe ring  products no one wants. So also w ith  vo ting  
leaders: N ew  a lte rna tives, new issues, are like  new products. Each one 
is sponsored as a test o f  the  vo ting  m a rke t, in  the  hope th a t the new 
a lte rna tive  w il l  render new issues salient, o ld  issues irre levan t, and, 
above a ll, w il l  be pre ferred  by a m a jo r ity  to  w ha t w ent before. T h is  is 
the  a r t o f  po litics : to  find  some a lte rna tive  th a t beats the  cu rre n t w in ­
ner. Such an a lte rna tive  a lm ost ce rta in ly  exists, given d ise q u ilib riu m . 
B u t given th a t the  opponents o f  the cu rre n t w inne r m ay agree on n o th ­
ing  b u t th e ir  opposition, i t  is d if f ic u lt  to  find  a w ay to  p u t together a 
coa lition  th a t beats it .  Yet po litic ians  constan tly  do so.

8.E. The Natural 
Selection of Issues

The d iff ic u lt task o f  p u tt in g  together a w in n in g  co a lit io n  is the con­
stan t occupation o f  w ould-be p o lit ic a l leaders. T he  fundam en ta l dynam ic  
o f p o lit ica l life  is th e ir restless search fo r  the  issues and a lte rna tives 
around w h ich  a new w inn ing  coa lition  can coalesce. A ssum ing th a t lead­
ers and c itizens in te rac t in  the  w ay ju s t described, prospective leaders 
m ust as a m a tte r o f course raise new issues— o f a ll sorts and ju s t abou t a ll 
the  tim e . A  new issue, expressed in  term s o f  a specific a lte rna tive , m ay 
appear in it ia l ly  as a proposal to  help in  the e lection o f  a p a rtic u la r cand i­
date  o r in  the passage o r defeat o f  a p a rtic u la r b i l l .  I f  th a t a lte rna tive  
appears una ttrac tive , then i t  is dropped, p robab ly  never to  be heard o f  
again. B u t i f  i t  should a ttra c t some response, i t  is s ta rted  on a l ife  o f  its  
own. I t  no longer belongs exclusively to  the  person w ho invented it .  A n y ­
body can take i t  up, and i t  o ften  happens, especially when an a lte rna tive  
catches on, th a t opponents seize an inven to r’s a lte rna tive  and use i t  to  
fo rw a rd  th e ir  own cause. F urtherm ore , i t  can no longer be expected to  
re ta in  its  o rig in a l fo rm . I f  the  a lte rna tive  makes a new issue sa lient, then 
o ther re la ted  a lternatives exp lo iting  the  issue q u ic k ly  appear. The a rra y  o f 
a lternatives exchanges elements, thus presenting the society w ith  an in fin ­
ity  o f  new a lternatives.

N one o f th is  happens by m agic, o f course. Each step o f the  p ro life ra ­
tio n  is carried  fo rw a rd  by a p o lit ic ia n  w ith  an in terest. T h is  is w hy  a new 
issue is raised by one person, w hy  i t  is stolen by another, w hy  s t i l l  others 
ju m p  on the  band wagon, w hy  s t i l l  others com bine the  a lte rna tives in
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novel ways. In  th is  way, the  m arke t fo r  a lternatives is very m uch like  the 
m arke t fo r  products in  w h ich  p ro life ra tio n  is m otiva ted  by the desire o f  
producers to  m ake money.

In  another sense, however, the  m arke t fo r  a lternatives is qu ite  un like  
the m arke t fo r  goods. Entrepreneurs and po litic ians  are a like  in  m otive 
and m ethod, b u t consumers and voters are qu ite  d iffe ren t. G iven budget 
constra in ts, buyers choose am ong goods m a in ly  on the  basis o f  c lea rly  
defined and specific needs, on ly  secondarily  on the  basis o f  taste. One 
buys a lam p in  order to  l ig h t a room  b u t chooses the  design because o f 
aesthetic concerns. Voters, however, respond to  needs th a t are o ften  i l l  
defined. T hey know  they w an t to  be be tte r o ff. B u t, a lthough  m any p la t­
fo rm s are offered as a means to  m ake them  bette r o ff, the  ob jective con­
nection between p a rtic u la r p la tfo rm s and the  actua l so lu tion  o f  voters’ 
problem s is seldom clear. C onsequently voters’ choices have a m uch la rger 
com ponent o f  sty le  as d is tin c t fro m  need than do buyers’ choices. Even 
a ltru ism — sometimes apparent, sometimes real— may, fo r  example, p lay a 
s ign ifican t ro le  in  vo ting , though seldom in  buying.

Consequently, a lthough  the entrepreneur can be guided in  p ick ing  
products by ob jec tive ly  know n hum an needs, the  p o lit ic ia n  has less objec­
tive ly  ve rifiab le  know ledge about his o r her “ m a rke t.”  In  th is  s itua tion  the 
p o lit ic ia n  m ust try  o u t a lte rna tives m ore or less random ly. Furtherm ore , 
a lthough  a rtifa c ts  are usable in  any society, values expressed in  p o lit ica l 
a lte rna tives are a lways re la tive  to  the  cu ltu re  o f  a p a rtic u la r society. The 
content o f  cu ltu re  is m oreover a lways ra th e r vague, so, in  s ti l l  another 
way, po litic ians  as a w hole  m ust behave fa ir ly  random ly  in  generating 
a lternatives.

The w o rld  o f  p o lit ic a l issues can thus be be tte r com pared to  the 
w o rld  o f  o rgan ic na tu re  than to  m arkets. N ew  issues are produced, more 
o r less random ly, ju s t as genetic recom binations are constan tly  produced, 
m ore or less random ly. Some few  o f the  an im a l and vegetable recom bina­
tions find  a n iche in  the  environm ent and survive and flourish ; m ost o f 
the recom binations fa il.  So i t  is also w ith  issues. M o s t find  no s ign ifi­
can t audience and fa il;  b u t some are responded to  en thus iastica lly  and 
flou rish , even to  the po in t o f  com ple te ly  reshaping the  environm ent in 
w h ich  they arose.

Thus, the  rise and fa l l  o f  issues is a process o f na tu ra l selection, in 
w h ich  po litic ians , like  genes, seek to  survive and flou rish . We know very 
l it t le  about the  course and d irec tion  o f  th a t process. We can ch a rt the 
h is to ry  o f  b io log ica l evo lu tion . W e can show th a t over tim e  m ore com plex 
creatures appear (a lthough , o f  course, ve ry  s im ple creatures persist). We 
know  deta ils about the  process, such as the  fa c t th a t h ig h ly  specialized 
species stand l i t t le  chance o f  su rv iv ing  a change in  ha b ita t. S t i l l  we cannot
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see any c lear d irec tion  in  the  process, and i t  seems lik e ly  there is none. 
Indeed, i f  a b io log is t possessed o f a ll cu rre n t know ledge about the p rin c i­
ples and processes o f evo lu tion b u t no deta ils o f  evo lu tiona ry  h is to ry  were 
transported back 100 m illio n , 500 m illio n , o r 1, 2, o r 3 b ill io n  years, i t  is 
d o u b tfu l th a t at any po in t the  b io lo g is t’s pred ictions o f the fu tu re  course 
o f  o rgan ic developm ent w ou ld  be correct, a lthough  the b io log is t m ig h t 
m ake bette r guesses a t 100 m illio n  years ago than  a t 3 b ill io n . So i t  is 
w ith  the h is to ry  o f  p o lit ica l issues. N o  seers have ever existed, a lthough 
sometimes w e ll-in fo rm ed  people have made p re tty  good guesses about the 
sho rt-run  fu tu re .

I f  there is any s ign ifican t d ifference in  the  procedure o f na tu ra l 
selection among creatures in  the  b io log ica l w o rld  and na tu ra l selection 
among issues in  the p o lit ica l w o rld , i t  is th a t the past lays a heavier hand 
on the course o f  b io log ica l evo lu tion  than  on p o lit ic a l evo lu tion . A  species 
does no t disappear unless the environm ent changes m arked ly ; issues do 
not have long lives and m ay disappear even though social conditions re ­
m a in  fa ir ly  stable. In  th is  sense, the  n a tu ra l selection o f  issues is some­
w hat m ore random  than the na tu ra l selection o f species.

8.F. Structural Regularities 
iu Natural Selection

To a d m it th a t d ise q u ilib riu m  is the  cha rac te ris tic  state o f po litics  
and th a t the  rise and decline o f issues is a random  process does no t mean 
th a t i t  is im possible to  generalize about regu la rities  in  the process. B io lo ­
gists are able to  generalize about regu la rities  in  o rgan ic  evo lu tion , and 
there is no reason w hy p o lit ic a l scientists cannot generalize about s im ila r 
regu larities in  p o lit ic a l evo lu tion. Features o f  the environm ent do a ffect 
the selection o f both  creatures and issues, and, fo r issues, the most sa lient 
features o f the environm ent are in s titu tions  o r cons titu tiona l structures, 
w h ich  have always been o f g rea t concern to  p o lit ic a l scientists. W e know, 
fo r  exam ple, qu ite  a b it  about the w ay s ingle-m em ber d is tr ic t systems 
influence the developm ent o f  issues and even som ething about the way 
p ropo rtiona l representation does; and we know q u ite  a b it  also about the 
w ay h ig h ly  abstract in s titu tions  such as zero-sum elections and trans fe r­
able and nontransferab le  u t i l i t y  generate s tru c tu ra l e q u ilib r ia .7

In  less sc ien tifica lly  sa tis fy ing  ways we know a great deal about 
p o lit ica l socia liza tion and the vagaries o f  p o lit ic a l op in ion  in  governm ents 
w ith  d iffe ren t constitu tions— not ju s t the contrast between democracies 
and absolutism s, b u t even the  m ore de licate  contrast am ong d iffe re n t
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kinds o f  democracies. Furtherm ore , a ll sorts o f  new questions are subject 
to  investigation  in  l ig h t o f  the  theo ry  o f  na tu ra l selection. For exam ple, i t  
seems possible th a t d iffe re n t k inds o f  constitu tions m ake fo r d iffe ren t 
rates o f  evo lu tion  o f  issues. There  is no theo ry  on th is  subject, and com ­
mon sense is no t a ve ry  good guide. A l l  k inds o f  governm ents involve some 
am algam ation  o f  preference, and even perverse tyrann ies like  M a o ’s are 
fro m  tim e  to  tim e  required to  change d irec tion  in  accord w ith  popu lar 
values. I t  is no t obvious, however, and w ou ld  indeed be in te resting  to  
discover w hether such tyrannies, because ty ra n n ica l, tend to  slow down 
evo lu tion m ore than o ther governm ents o r w hether, because perverse and 
capric ious, tend to  speed i t  up. Thus, to  say th a t d ise q u ilib riu m  and na tu ­
ra l selection exist is no t to  say th a t science is im possible. B u t i t  is to  say 
th a t p red ic tion  o f  the  rise and decline o f  p a rtic u la r issues is p robab ly  
impossible.

9
Manipulation and tlie Natural 

Selection of Issues:
Tlie Development of tlie Issue 

of Slavery as a Prelude 
to tlie American Civil War

As an illu s tra tio n  o f  the p u b lic  im portance  o f  m a n ip u la tio n  o f  the agenda 
in  a dem ocracy and o f the w ay the n a tu ra l se lection o f  issues w orks, in  
th is  chapter I  w il l  exam ine the crea tion  o f  a new issue on a grand  scale—  
namely, the  issue o f  slavery, between 1819 and 1860. T h is  h is to ry  shows 
th a t new issues are rooted in  the vo ting  system, in  the necessary existence 
o f losers and o f the o p p o rtu n ity  they have to  co n tro l the  agenda in  such a 
w ay as to  become w inners. By extension i t  ind ica tes th a t g rea t p o lit ic a l 
events can be in te rp re ted  as p a rt o f  the  co n tinu ing  e ffo rt by  pa rtic ipan ts  
(e ithe r leaders or losers) to  m an ipu la te  outcomes to  th e ir  advantage.

The p a rticu la r event here studied involves losers in tro d u c in g  new 
issues to  generate cycles and d ise q u ilib riu m , fro m  w h ich , w ith  lu ck , they 
can emerge as w inners. In  th is  case the  losers were u ltim a te ly  successful: 
T hey  d id  produce d ise q u ilib riu m , and they d id  reshape A m e rica n  p o lit ics  
so th a t the  fundam enta l coa litions d u rin g  the  la tte r p a rt o f  the n ineteenth 
cen tu ry  were qu ite  d iffe re n t— and to  the  advantage o f  the  previous los­
ers— fro m  the coa litions in  the firs t p a rt o f  the century. I  w an t to  em pha­
size, however, th a t th is  p a rtic u la r outcom e was not e n tire ly  due to  the w it  
and persistence o f the losers. The  outcom e o f e ffo rts  a t m a n ip u la tio n  is 
also conditioned by the  externa l circum stances in  w h ich  the m an ipu la tion  
occurs, the underly ing  values, the  co n s titu tio n a l s truc tu re , and the  state o f  
technology and the economy. N um erous e ffo rts  are made a t m an ipu la ­
tion . N o t a ll succeed. The choice o f  w h ich  ones do succeed is p a rt ia lly  
determ ined by these externa l circum stances. T h is  is the significance o f the 
process o f na tu ra l se lection.1

To d e lim it the subject o f  th is  chapter, I  emphasize th a t I  do not 
inqu ire  in to  the cause o f the  C iv i l  W ar.2 R a the r I  in q u ire  in to  the reason
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fo r one necessary cond ition  o f  th a t w ar— and probab ly o f  a ll c iv il wars—  
nam ely, the  existence o f an issue th a t occasioned some degree o f  te r r ito ­
r ia l separation o f the d ispu ting  factions. M y  in te rest in  the in q u iry  is not, 
however, in  exp la in ing  the C iv il W ar as an event o r the slavery issue as a 
phenomenon, b u t ra the r m ere ly to  illu s tra te , w ith  an event o f  supreme 
p o lit ic a l im portance, how  m an ipu la tion  w orks on the grand scale o f na­
tio n a l po litics , how  d ise q u ilib riu m  is generated over a long tim e-span, and 
how the  na tu ra l selection o f  issues occurs in  the gross social w o rld  in  
rough analogy to  n a tu ra l selection in  the  gross organic w orld .

9.A. The Appearance of Slavery 
as a National Political Issue

The in it ia l status quo on slavery, incorpora ted  in  the C o n s titu tio n  
and the  in it ia l actions under it ,  was an acknow ledgm ent o f  the existence 
o f  slavery as decided by the  states in te rn a lly  and by the U n ite d  States 
w ith in  te rrito ries . T h is  status quo persisted fo r a generation w ith o u t sig­
n ifica n t challenge, and d u rin g  th a t tim e  slavery was not a salient p o lit ica l 
issue. Then p o lit ic a l losers raised it ,  p resum ably as a w ay to  generate d is­
e q u ilib r iu m  fro m  w h ich  they m ig h t im prove th e ir position by detach ing 
some o f  the w inners ’ support.

F rom  1800 to  1860, the U n ite d  States was usua lly  governed by th a t 
ha rdy  in te rsectiona l co a lition  o f  ag ra rian  expansionism: Jeffersonian Re­
pub lican ism  and Jacksonian Dem ocracy. T h a t coa lition  was b u ilt  on the 
in it ia l  status quo, w h ich  inc luded a ta c it approval o f slavery, and m ost 
o f  its  m a jo r leaders were slaveowners. Nevertheless, several essential com ­
ponents o f  the co a lition— the M id d le  A tla n tic  states and la te r the states 
o f the  N o rth w e s t T e rr ito ry  (O h io , Ind iana , I ll in o is , M ich ig a n , and W is­
consin)— were free te rr ito ry . H ence to  raise the issue o f slavery was to 
th rea ten th a t dom inan t coa lition , whose parts cou ld  agree on slavery on ly  
so long as they ignored it. There in  lay  both  the  d iff ic u lty  and the opportu ­
n ity  fo r  opponents.

The issue was d iff ic u lt to  raise because i t  threatened a w inn ing  m a­
jo r ity ,  most o f  w h ich  w ou ld  ignore  i t  fo r the  sake o f w inn ing . B u t because 
i t  was p o te n tia lly  so d iv is ive  i t  was p robab ly  the best o p p o rtu n ity  the 
con tinu ing  losers had. U lt im a te ly , they were able to  raise i t  in  a way th a t 
w h o lly  d isrupted the dom inan t coa lition , generated a cyc lica l m a jo r ity  
th a t was resolved by the C iv il W ar, and set the  scene fo r a new coa lition  
on a new them e th a t dom inated A m erican  po litics  fo r even longer than 
the Jefferson-Jackson co a lit io n  had.
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M a n ip u la tin g  the social agenda w ith  a new issue th a t generates 
d isequ ilib rium  allows old losers to become new w inners. T h is  is w hat 
happened w ith  the slavery issue. I t  was in troduced w ith  th a t purpose, 
tu rned ou t to  w ork , and was selected fro m  am ong o ther issues ju s t because 
i t  d id  w ork.

9.B. Slavery as an Issue 
from the Ratification 
of the Constitution
Through the Missouri Compromise

The in it ia l status quo in  the  R epub lic  involved recogn ition  o f  the 
le g a lity  o f  slavery, where established, w ith  a lm ost no controversy on the 
subject. The Congress o f the A rtic le s  o f C onfedera tion  never sought to 
legis late about dom estic in s titu tio n s  o f m em ber states, b u t i t  d id , o f  neces­
sity, govern the te rrito ries  and produced (appa ren tly  w ith o u t m uch d is­
pute) the N o rthw es t O rd inance o f 1787, w h ich  p roh ib ited  slavery in  th a t 
area. In  the cons titu tiona l convention slavery d id  occasion m uch discus­
sion and one im p o rta n t com prom ise, a lthough  the great com prom ise was 
between the large and sm all states. By the slavery com prom ise, on the  one 
hand the C ons titu tion  d id  no t p ro h ib it navigation  acts and on the o ther 
hand the  im p o rta tio n  o f slaves was p roh ib ited  a fte r 1808 and slaves were 
to  be counted as th ree -fifths  o f  a person fo r  purposes o f  appo rtion ing  rep­
resentatives. Th is  agreem ent im p lic it ly  recognized the le g a lity  o f  slavery 
as the  status quo. T he rea fte r slavery d id  no t enter na tiona l po litics  as an 
issue in  any s ign ifican t w ay u n til 1819.

O f  course, some people condemned slavery on m ora l grounds. Even 
in  the  cons titu tiona l convention, libe ra ls  such as G ouverneur M o rr is  and 
R ufus K in g , as d is tin c t fro m  S outhern and N o rth e rn  conservatives, con­
demned slavery on grounds o f  m o ra lity  ra th e r than expediency. A n d  qu ite  
a few N o rth e rn  po litic ians, especially Federalists, whose p a rty  was m a in ly  
confined to  the N o r th  a fte r 1800, resented the fa c t th a t nonvoting  slaves 
were counted fo r  apportionm ent. Federalist resentm ent, however, was d i­
rected not a t slavery its e lf b u t a t the advantage i t  gave to R epublican 
po litic ians. P robably most Federalists w ould  s im p ly  have pre ferred  th a t 
slaves not be counted a t a ll, w ith o u t caring  m uch w hether slavery co n tin ­
ued to  exist.

In  1819, however, a b il l  to  a d m it M issou ri occasioned a proposed 
am endm ent p ro h ib itin g  slavery in  the new state. W h a t m ay w e ll have 
been intended as no m ore than  a loca l maneuver very sw ifly  caugh t on 
na tiona lly . A n ti-M is s o u ri ra llies  were organized a ll over the  N ortheast.



216 M anipulation and the Natural Selection of Issues

S tate legislatures instructed  congressmen to  vote fo r the am endm ent. 
Newspapers ca rried  on a d ram a tic  debate. Jefferson w ro te  th a t the  issue 
te rrifie d  h im  “ like  a firebe ll in  the  n ig h t” — as i t  should, fo r h is  coa lition  
was under a ttack. Prophecies o f  w ar and secession became jo u rn a lis tic  
com m onplaces.3

W hy, one m ig h t ask, d id  slavery suddenly become a salient issue, 
200 years ' a fte r i t  was in it ia l ly  in troduced in  V irg in ia  and 30 years a fte r 
the fram ers o f  the C ons titu tion , w ith o u t serious d ispute, accepted i t  as the 
status quo? T h is  question is a ll the  m ore d iff ic u lt because the M issou ri 
ag ita tion  was a b r ie f episode, soon settled, and the issue was not seriously 
revived in na tiona l po litics  fo r another 15 years. O ne can h a rd ly  argue 
there was any economic reason. N o th in g  happened in  o r around 1819 to  
change the re la tive  economic s ignificance o f slave and free labor. Indeed, 
the very episodic fea ture  o f the event precludes an economic explanation. 
N o r  can one argue th a t there was a p ro found hum an ita rian  explanation. 
A n tis la ve ry  sentim ent had long existed, a lthough  the M issou ri ag ita tion  
provided a good vehicle fo r propagating  it. S t i l l  no great change o f  the 
A m erican  heart occurred in  1819-1820, and the concern about slavery 
was easily in h ib ite d  fo r another decade. L a ck ing  an a lte rna tive , we m ust, 
I  believe, say th a t the  p re c ip ita tin g  force was p o lit ica l; and p o lit ica l i t  
was, rooted in  an e ffo rt by  losers to  m an ipu la te  the agenda to  th e ir 
advantage.

(B y  a ttr ib u tin g  the o rig in  o f  the issue to  p o lit ica l am b ition , I  do not 
im p ly  th a t the  m otives were cyn ica l o r cheap. In  a democracy, the  func­
tion  o f  a p o lit ic ia n  is to  find  an issue on w h ich  he o r she can w in , fo r 
thereby a p o lit ic ia n  expresses some p a rt o f  the  values o f the  electorate. 
P o litica l opportun ism  is no t evil, therefore, b u t is instead the engine 
o f dem ocracy.)

The im m edia te  o rig in  o f  the  M issou ri issue can fa ir ly  be a ttr ib u te d  
to  the pettiest o f  po litics . The m otion  to  amend the M issou ri b i l l  was 
offered by James Ta llm adge o f N ew  Y ork . H e  was about to  become a 
candidate fo r  the  state senate fro m  N ew  Y o rk  C ity  as an a lly  o f  D e W itt 
C lin to n , the  m averick R epublican w ho had run  fo r  president w ith  Feder­
a lis t endorsement in  1812. C lin to n  and Ta llm adge both had previously 
denounced slavery. T h e ir opposition in  N e w  Y o rk  was the  Tam m any fac­
tio n , led by M a r tin  Van Buren, then the  ch ie f N e w  Y o rk  supporter o f  the 
R epublican in te rsectiona l a lliance and o f W ill ia m  C raw fo rd  o f Georgia 
fo r  president in 1824. Ta llm adge had a special reason fo r ra is ing  the 
slavery issue against Van Buren: In  N e w  Y o rk  C ity  there  were a s ign ifi­
can t num ber o f free b lack  voters, concentrated in  m a rg ina l wards and
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ty p ic a lly  Federalist in  lo ya lty . C on tem pora ry  w rite rs  as w e ll as recent 
h is torians have asserted th a t, as a resu lt o f  his am endm ent, Ta llm adge 
stood to  gain blacks’ votes.4

I t  is foo lish, however, to  a ttr ib u te  a huge social m ovem ent to  the  
p riva te  am b ition  and loca l m an ipu la tion  o f one m an. T he  in te res ting  fa c t 
is tha t, even i f  the  m otion  was in it ia l ly  a personal p loy, i t  aroused the  
en tire  N o rth . Events like  the  M isso u ri a g ita tio n  m ay be a ttr ib u te d  to  
some in d iv id u a l advantage (as, fo r instance, T a llm adge ’s) o r to  a conspir­
acy (here the  m ain  consp ira to r often blam ed is R u fus K in g ) ; b u t such 
a ttr ib u tio n  is se lf-de lud ing , fo r  the  movem ent was fa r g rea ter than  one 
m an o r one conspiracy. I t  reflected the  in te rest o f  a la rge  pub lic , and i t  is 
th is  in te rest th a t m ust be specified in  o rder to  exp la in  the  event.

In  1819-1820 the  Federalist p a rty  was subs tan tia lly  e lim ina ted  as a 
p o lit ica l force. O n ly  15 percent o f  the  House was then Federalist; and in 
1816 R ufus K in g , the  last Federalist candidate fo r president, ca rried  on ly  
M assachusetts, C onnecticu t, and D e law are, 34 votes ou t o f 225, o r again 
15 percent. The v ic to ry  o f  the  R epublicans was so com plete  th a t James 
M onroe  was reelected la te r in  1820 w ith  on ly  one dissenting elector.

The reasons fo r the  decline o f the  Federalist p a rty  are easy to  iden­
tify . F rom  W ash ing ton ’s tim e  onw ard, i t  had been in fused w ith  a com m er­
c ia l and somewhat a ris toc ra tic  s p ir it  a t the  ve ry  tim e  the lega l e lectorate 
was being s lig h tly  expanded to  inc lude a ll w h ite  males. (T he  states west o f 
the  A ppalach ians had a ll entered the  U n io n  w ith  w h ite  m anhood suffrage, 
and most o f  the  o rig in a l 13 states had by 1820 abolished p rope rty  q u a lif i­
cations.) M o re  s ign ifican tly , the  actua l e lectorate  was being enorm ously 
expanded by the  Jeffersonian enthusiasm  to  use governm ent fo r d is tr ib u ­
tive  advantages fo r  farm ers. Hence, Federalism  was ideo log ica lly  ou t o f  
touch, w h ile  expansionist ag ra rian  R epublican ism  captured the  im ag ina ­
tio n  o f  a society s ti l l  over 90 percent ru ra l. F u rthe rm ore , Federalism  had 
been iden tified  w ith  treason because p rom inen t Federalists (and o n ly  Fed­
era lis ts) were a t the H a rtfo rd  C onvention  o f  1814. T h is  convention was 
popu la rly  in te rpre ted  as a step tow ard  a separate peace and secession fo r 
N ew  England. So, as the  p a rty  w ith  an o ld-fash ioned ideo logy and a 
recent h is to ry  in te rp re tab le  as treason, Federalism  was dy in g  ou t. A s  i t  
died, careerist po litic ians  deserted it ,  even when they  believed its  ideology. 
By 1819 i t  was a lm ost de funct.

D iscred ited  the p a rty  m ig h t be, b u t its m a in  econom ic content s t i l l  
had appeal. T he  desire fo r  ta r iffs , in te rn a l im provem ents, and com m erc ia l 
developm ent d id  no t go aw ay s im p ly  because its  spokesmen were m ute. 
A nd  i t  was not ju s t Federalists w ho w anted these th ings. M a n y  w ho had
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d rifte d  in to  the  R epub lican  camp— such as John Q u in cy  A dam s and 
H e n ry  C lay— were eager fo r  com m erc ia l developm ent even though Re­
pub lican  o rthodoxy frow ned on it.

Consequently, there was a substantia l class o f  losers on an issue o f 
p o lit ic a l and m ora l scarcity. H ig h ly  s im p lified , the issue was th is : Should 
governm ent encourage ag ra rian  expansion or com m ercia l development? 
To encourage the fo rm e r m eant, fo r  example, th a t there w ould  be no 
subsidies fo r  the la tte r. (C h a rac te ris tica lly , P resident M onroe  in  1817 had 
refused na tiona l assistance fo r  the  E rie  C ana l.) To encourage commerce, 
on the  o ther hand, m eant th a t there w ou ld  be policies such as ta r iffs , 
w h ich  w ould  be costly to  farm ers. (A g a in  cha rac te ris tica lly , i t  was John 
Q u incy  A dam s’ T a r if f  o f  A bom ina tions  in  1828 th a t occasioned n u llif ic a ­
tion  in  S outh C a ro lin a .) So tru ly  the  g reat issue o f the era was p o lit ic a lly  
and m o ra lly  scarce: To  favo r one side was to  h u rt the other. Furtherm ore , 
as Federalism  declined, one side o f th a t issue was losing badly. The tr iu m ­
phan t V irg in ia  dynasty, insp ired  as i t  was by Jefferson’s v is ion o f a repub­
lic  o f yeomen fa rm ers, m ore or less consistently ignored com m ercia l needs 
and interests.

There  was a chance, consequently, fo r  new leadership to  p u t the case 
fo r  com m ercia l developm ent, provided add itiona l issues could be in tro ­
duced th a t w ou ld  slice up  po litics  in  d iffe re n t coa litions. One such issue 
was slavery, especially when expressed in  the  conventional free soil terms 
o f  the N o rth w e s t O rd inance. A n d  so the  a n ti-M isso u ri movem ent, once 
launched, a ttrac ted  bo th  o ld  Federalists, like  R u fus K in g , w ho led in  the 
Senate, and R epublicans d is illus ioned w ith  the  V irg in ia  dynasty, lik e  John 
T a y lo r o f N ew  Y ork , w ho led in  the  House. These people, the losers o f the 
m om ent, were try in g  ou t a new issue. As one recent student o f  the  ag ita ­
tion  rem arked, “ I t  is no tew orthy  th a t a lm ost every p rom inen t leader o f 
the M issou ri ag ita tio n  was found  in  the A dam s cam p soon afte rw ards. . .  . 
[T ]h e  M issou ri question p layed an im p o rta n t p a rt in  c rys ta lliz in g  w hat 
w ou ld  be know n as the N a tio n a l R epublican p a rty .” 5 G enera liz ing , th is is 
to  say th a t the m otive  fo r  the  a g ita tio n  was to  find  a new and d isequ ili- 
b ra tin g  p rogram , a new agenda whereon d issident R epublicans and o ld 
Federalists cou ld  com bine to  w in .

So in te rpre ted , there is no th ing  surpris ing  about the sudden popu la r­
ity  o f  the slavery issue. Even w ith  a huge R epublican m a jo rity , there were 
s t i l l  losers: O ne cannot have, fo r  example, a po licy  against in te rn a l im ­
provements w ith o u t dep riv ing  those who w an t them . These losers needed 
new com binations o f  issues to  w in , and the M issou ri a g ita tio n  was a ten ta ­
tive  step tow ard  the m an ip u la tio n  o f  the agenda fo r  ju s t th is  purpose.

T he  log ic  o f th is  m an ip u la tio n  is pe rfectly  s tra igh tfo rw a rd . I f  the 
dissidents could no t beat M on roe  on conventiona l ag ra rian  issues, then
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they could in troduce  a new issue to  s p lit the in te rsectiona l a lliance. The 
puzzlem ent expressed both  then and now about the m e teo r-like  develop­
m ent o f the M issou ri ag ita tio n  can be erased w ith  the understanding th a t 
th is  ag ita tion  was m ere ly a norm al inc iden t in  the search by losers fo r  a 
p la tfo rm  fro m  w hich  to  beat previous w inners. I t  is com parable  to  the 
an ti-M ason ic  movem ent a decade la te r and the  n a tiv is t m ovem ent a gen­
e ra tion  later. S ince the slavery issue prom ised to s p lit the in te rsectiona l 
w inn ing  coa lition , i t  was embraced w ith  enthusiasm  in 1819 and repeat­
ed ly the rea fte r u n til i t  generated cyc lica l m a jo ritie s  and c iv il war.

T he  a n ti-M isso u ri ag ita to rs  were, however, losers in  the na tion  as a 
whole, and they could no t ca rry  o ff v ic to ry  the firs t tim e  they tr ied . The 
leaders o f the enduring  Jeffersonian a lliance, recogn iz ing  the  s tra ins the 
slavery issue w ou ld  subject i t  to , produced a com prom ise: M a in e  and 
M issou ri were to  come in  together; slavery was to  be pe rm itted  in  M is ­
souri b u t p roh ib ited  n o rth  o f the M issou ri line  in  a ll the  Lou is iana P u r­
chase. A  good m any N o rth e rn  Jeffersonians— “ doughfaces”  as they were 
la te r called, m eaning N o rth e rn  apologists fo r slavery— voted fo r  th is  com ­
prom ise, and a lm ost a ll o f  them  were im m ed ia te ly  defeated fo r reelection. 
T h e ir  defeat was a harb inger o f w ha t the slavery issue m ig h t become. B u t 
the  com prom ise e ffective ly  bu ried  the issue fo r the tim e  being because the 
R epublican establishm ent won and the a n ti-M isso u ri ag ita to rs  lost.

9.C. From the Missouri 
Compromise to the Gag Rule

In  the theory o f m an ipu la tion , losers b rin g  fo r th  new issues to  gen­
erate d ise q u ilib riu m  in  hope o f  exp lo iting  i t  to  th e ir advantage. B u t the 
losers on the M issou ri C om prom ise had no m otive  to  raise the slavery 
issue again fo r nearly  a decade. Between 1820 and 1829, they sought the 
e lection and reelection o f  John Q u incy  Adam s, w ho had won in  1824 by 
reason o f a sp lit am ong the Jeffersonians. H is  supporters, the  com m ercia l 
p a rty  generally, there fore  had no m otive  to  d rive  aw ay any Southern 
votes. S im ila r ly , the o ld Jeffersonians— turned Jacksonians a fte r 1824—  
were dependent on the in te rsectiona l a lliance  and, even though tem pora r­
i ly  losers, had no m otive  to  discuss slavery. So the  issue was not broached 
fro m  1820 to  1829.

N o r  was i t  broached d u rin g  most o f  A nd rew  Jackson’s adm in is­
tra tio n . N o rth e rn  opponents o f Jackson again had a m otive  to  raise the 
question, b u t they were d is tracted  by tw o developments. F irs t, in  the 
N o r th  a n ti-M asonry  was an a lte rna tive  issue to slavery. I t  d ra ined  the
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p o lit ica l energies o f  exactly  those po litic ians  in  N ew  England and N ew  
Y o rk  who la te r prom oted the slavery issue. A n ti-M a s o n ry  fa iled  and was 
discarded, ju s t as na tiv ism  (the  K now -N o th in g s ) also fa iled  as an a lte rna ­
tive  to  the slavery issue in  the m id-1850s. B u t w h ile  the na tu ra l selection 
o f issues was selecting against an ti-M asonry , the slavery issue cou ld  not 
be broached. Second, in  the S outh  the  opponents o f  the Jackson a lliance 
had fo r 'th e  firs t tim e  since early  in  the cen tu ry  a strong o rgan iza tion  
based on economic issues. T h is  was the  beginning o f Southern W higgery, 
and i t  infused a ll o f  Jackson’s opponents w ith  the hope o f  an in tersectiona l 
a lliance o f  th e ir own. Thus, the rise o f the  N a tio n a l Republicans, la te r the 
W higs, tu rned po litic ians  away fro m  the  slavery issue to  conventional 
economic issues like  the B ank o f the U n ite d  States.

O n the o ther hand, a lthough  slavery was, fo r  these reasons, not an 
issue d u ring  most o f  Jackson’s adm in is tra tion , tw o  th ings happened th a t 
prepared fo r  its  reviva l. One was th a t Jackson’s opponents lost on both 
a n ti-M a so n ry  and economic issues. The o ther was th a t Jackson m ore or 
less fo rtu ito u s ly  isolated South C aro lina , w h ich  then became a te r r ito r ia l 
center o f slaveholding im peria lism . A p p a re n tly  decid ing th a t he d id  not 
need South C aro lina  to  w in , Jackson e ffective ly  expelled John C alhoun 
and his coterie  over the  n u llifica tio n  issue.6 In  the next tw o  elections 
South C aro lina  had its  anti-Jackson p o lit ic a l pa rty , never incorporated 
in to  W higgery. W hen S outh C aro lina  was welcomed back in to  the  D e­
m ocracy, i t  was as the center o f  proslavery fana tic ism , w h ich  g radua lly  
took over most o f  the Southern w ing . I f ,  as some argue, the  C iv il W a r was 
a revo lu tion  by slaveholders, then a c ru c ia l step tow ard  th a t outcom e was 
the p o lit ica l iso la tion  o f  South C aro lina  so i t  could develop the ideology o f 
th a t revo lu tion .7

The iso la tion  was c ruc ia l to  the  developm ent o f  the slavery issue 
also, fo r  i t  gave abo lition is ts  and Free-Soilers a concrete ta rge t. H ad  
S outh C aro lina  been contained in  the Jacksonian a lliance, perhaps the 
N o rth e rn  populists in  th a t a lliance w ou ld  have been able to  ignore  the 
slavery issue. B u t a fte r South C aro lina  in  the 1840s e ffective ly  forced the 
com m itm en t o f  the Southern D em ocracy to  the  defense o f  slavery. N o r th ­
ern Jacksonians were also forced to  reconsider th e ir loyalties.

Tow ard the end o f  Jackson’s adm in is tra tion , therefore, the scene 
was set fo r a rev iva l o f the slavery issue. H is  opponents had fa iled  on a n ti- 
M asonry and econom ic na tiona lism ; so they began to  test ou t the slavery 
issue again. I t  w orked; and, fro m  the  m id-1830s u n til the  end o f  the  C iv il 
W ar, i t  was never fa r fro m  the center o f  A m erican  po litics.

I t  has long been assumed th a t the spread o f  an tis lavery ag ita tion  in  
the 1830s resulted fro m  secu lariz ing  re lig ious enthusiasm . B u t m any re­
fo rm  movements— tem perance, penal re fo rm , free education, w om en’s
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righ ts— vied w ith  an tis lavery  as p ro to -p o litica l issues. O n ly  one, however, 
was fu l ly  absorbed in to  po litics . W hy?  O ne answer is th a t the  evil o f  
slavery was worse than the others and so q u ite  p rope rly  received the a tten ­
tion  i t  deserved. A n o th e r answer, less m o ra lis tic , is th a t a b o lit io n  was in  
the a ir: B r ita in  em ancipated in  1833. B o th  answers im p ly  th a t the issue 
was pushed in to  po litics  by social forces outside the p o lit ic a l system, 
forces th a t w ou ld  have made slavery an issue regardless o f  the  s truc tu re  
o f po litics.

I t  has also been o ften  argued th a t the an tis lavery  a g ita tio n  o f  the 
1830s was an econom ic response to  the s w ift increase in  co tton  p la n tin g  in  
the 1820s and 1830s. T he  assertion is th a t, since co tton  was especially 
adapted to  and p ro fitab le  w ith  slave c u ltiv a tio n , th is  new a g ricu ltu re  
threatened free labor and provided an econom ic m otive  fo r  the an tis lavery  
movem ent. T h is  exp lanation  also locates the  s lavery issue outside o f po li­
tics in  a k in d  o f  econom ic o r techno log ica l de te rm in ism .

B oth  these n o n po litica l theories are suspect, however, because they 
e n tire ly  fa i l  to  exp la in  the M isso u ri a g ita tio n . In  1819-1820  secu lariza­
tio n  o f  re lig ion  had h a rd ly  begun, and the  co tton  c u ltu re  was s t i l l  eco­
nom ica lly  modest. Yet to  exp la in  the  an tis lavery  m ovem ent adequately 
one needs a theory  th a t ties together bo th  the  a g ita tio n  over M isso u ri and 
the  ag ita tion  over the gag ru le , w h ich  was the occasion fo r the ra lly  o f  free 
soil and abo lition .

Such is the  argum ent o ffered here. In  bo th  eras the issue o f slavery 
was a ttra c tive  as a w ay to  w in  office. I t  was p e cu lia rly  a ttra c tive  p o lit i­
ca lly  to  N o rth e rn  W h igs in  the  1830s because i t  played on the geographic 
stra ins in  the  Jacksonian coa lition . I  do no t, o f  course, deny the  genuine 
m ora l fe rvo r o f  an tis lavery propagandists lik e  W ill ia m  L lo y d  G a rrison  o r 
la te r H a rr ie t Beecher Stowe. N o r  do I  mean to  suggest th a t men like  John 
Q u incy  A dam s and Joshua G idd ings, tw o  leaders against the  gag ru le , 
were insincere opportun ists. I t  is true , however, th a t A dam s never m en­
tioned slavery w h ile  he was president. A n d  as la te  as 1858, G idd ings  
refused to  support suffrage fo r  blacks in  O h io .8 These facts suggest th a t 
these men were W higs firs t and abo lition is ts  second. T h e ir  m o ra l concern 
was surely genuine, b u t idea lism  and p o lit ic a l in te rest ran  hand in  hand. 
G iven the large Jacksonian m a jo rity , o n ly  a new issue cou ld  s p lit th a t 
m a jo rity . S lavery was such an issue, and fo rtu n a te ly  the  N o rth e rn  W h ig  
leaders w ho fo u g h t the  gag cou ld  s im u ltaneous ly  p rom ote  C h ris tia n  p r in ­
ciples and p a rty  advantage.

S lavery was a lways an ev il b u t no t always a p o lit ic a l issue. W h a t 
made i t  a p o lit ic a l issue was th a t, by  reason o f  the  s tru c tu re  o f  po lit ics  in  
the m id-1830s, i t  was to  some people’s advantage to place a b o lit io n  on the 
p o lit ic a l agenda.
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The issue was in troduced by a p e titio n  cam paign launched by a n ti- 
s lavery societies and propagandists, m ost o f w hom  probab ly  had no deep 
partisan attachm ent. The petitions took the  fo rm  o f prayers fo r abo lition  
o f the  slave trade or slavery in  the D is tr ic t o f C o lum b ia . W h ig  congress­
men received them , encouraged more, and overwhelm ed the House.9 
W ith o u t the concerted and de libera te  encouragem ent and ins tiga tion  o f 
W h ig  congressmen the pe tition  cam paign w ould  have come to  nought. 
B u t they d id  encourage and ins tiga te  and th e ir m otive  was, o f  course, 
obs truc tion .10

D em ocrats had tw o  motives to  refuse to  receive and discuss the 
pe titions, th a t is, to  gag the  pe titioners  and the congressional presenters. 
F rom  the  po in t o f  v iew  o f  governing, N o rth e rn  and Southern D em ocrats 
a like  wanted to  get on w ith  “ rea l”  issues ra the r than waste tim e  on slav­
ery, w h ich  they regarded as a partisan  d is trac tion . F rom  the po in t o f  view  
o f S outhern  proslavery fanatics, the  gag was necessary to  silence abo li­
t io n is t ag ita tion , w h ich  obta ined a ce rta in  leg itim acy  by focusing on a 
le g itim a te  subject fo r  na tiona l leg is la tion— slavery in  the  D is tr ic t o f  C o­
lum b ia . So they passed gag rules (ru les p ro h ib it in g  the  acceptance o f 
pe titions fo r the abo lition  o f the slave trade— or, la ter, s lavery— in  the 
D is tr ic t, a p roper subject fo r  federa l leg is la tion ). These rules were then 
the  focus o f  an tis lavery ag ita tion  fro m  1835 to  1842. The leader o f  the 
opposition to  the gags was John Q u in cy  A dam s, who may, therefore, be 
judged  to  be the  ch ie f generator o f  the  slavery issue th a t u ltim a te ly  de­
stroyed the  Jackson coa lition .

The issue was uncom plica ted  so long as D em ocrats ru led: W higs 
s im p ly  secured and presented a con tinu ing  flood o f petitions. B u t when in  
1841 they took office, themselves an in te rsectiona l coa lition— re a lly  a 
somewhat m ore com m erc ia l version o f  the  Jacksonian coa lition— W higs 
d id  no t know how to  deal w ith  the  pe titions. Those who were fu l ly  com ­
m itte d  to  b reaking up the D em ocracy w ith  the slavery issue s im p ly  con tin ­
ued th e ir  cam paign. B u t those who w ished to  govern passed a gag ru le  
(w ith  D em ocra tic  he lp ). The W h ig  gag produced a cris is, com m on enough 
in  rad ica l movements, in  w h ich  i t  is necessary to  d isc ip line  na tu ra l a llies 
the be tte r to  a tta ck  the  enemy.

There  were th ree  m ain events in  the  course o f  the  d iscip line: A dam s’ 
censure, G idd ings ’ reelection, and the  L ib e rty  p a rty  o f  1844.

John Q u incy  A dam s, bo lder and bo lder in  denouncing slavery, even­
tu a lly  attacked the  behavior and character o f members o f Congress. The 
W h ig  m a jo rity , seeing th e ir na tiona l co a lition  subjected to  the  same 
stra ins the  slavery issue had imposed on D em ocrats, sought in  1842 
to  censure h im . H is  defense, the  d ra m a tic  c la im  o f cons titu tiona l righ ts  
by an o ld  and great man, won the  sym pathy o f the coun try  and o f Con-
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gress. The m otion  to censure was tab led. A lso  in  1842, however, Joshua 
G idd ings o f O h io  was censured fo r  an tis lavery resolutions. H e im m ed i­
a te ly  resigned and was tr iu m p h a n tly  reelected. H e  was q u ic k ly  readm itted  
to  W h ig  councils, probably, as G ilb e r t Barnes rem arks, because his vote 
and the votes o f o ther an tis lavery W higs were needed on p a rty  issues.11 
From  th a t p o in t on, constant discussion o f  slavery cou ld  no t be kept o u t o f 
Congress. F in a lly  in  1844, the L ib e r ty  p a rty  offered James G . B irney  fo r 
president, and he got enough votes (d raw ing  m a in ly  fro m  W h igs) to  elect 
James Polk. ( In  N ew  Y o rk  Polk beat C lay  by 6,000 votes w h ile  B irney 
had 16,000. W ith  B irn e y ’s votes C la y  cou ld  have obta ined N ew  Y o rk ’s 36 
electors and beaten Polk by 141 to 136.) Th is  was a sa lu ta ry  lesson to  a ll 
N o rth e rn  po litic ians, D em ocrats as w e ll as W higs. From  then on, a large 
contingent in  both  parties w ou ld  be prepared to  adopt an tis lavery posi­
tions. Th is  was the beginn ing o f the end fo r  bo th  W h ig  and D em ocra tic  
in tersectiona l alliances.

9.D. The Wilmot Proviso

The po in t a t w h ich  N o rth e rn  D em ocrats c lea rly  adopted an a n ti­
slavery stance was at the o ffe ring  o f the W ilm o t Proviso in  1846. The 
p o lit ica l background fo r th is  m otion  was N o rth e rn  D em ocra tic  resent­
m ent th a t the N o rth -S o u th  balance in  the in te rsectiona l D em ocra tic  co­
a lit io n  had been tipped in  favor o f  the South. Polk ran in  1844 on a 
p la tfo rm  o f m a in ta in in g  the balance by a d m itt in g  bo th  Texas and 
Oregon. B u t Texas came in  before Polk took office, and Polk then com ­
prom ised on Oregon, g iv ing  up w ha t is now B ritis h  C o lum b ia . So, when 
the M ex ican  W ar began, w ith  the prospect o f  even m ore slave te r r ito ry  in  
the  Southwest, D avid  W ilm o t, a Pennsylvania Jacksonian, moved to  p ro ­
h ib it  slavery in  land acquired fro m  M exico .

The W ilm o t Proviso was offered firs t in  A ugust 1846 and then nu­
merous times in  1847 and 1848. I t  always fa iled ; b u t i t  la id  the basis fo r 
the Free S o il p a rty  o f  1848, w h ich  nom inated, o f a ll people, M a r t in  Van 
Buren, who, fro m  the M issou ri C om prom ise u n til the end o f  his own 
presidency, had been the archetypa l doughface, the N o rth e rn  voice o f 
proslavery Jacksonian populism . B u t as a F rec-Soilcr, in  1848, Van Buren 
drew  enough N o rth e rn  D em ocra tic  an tis lavery votes to  give the election 
to the  W higs.

The people involved in  the proviso controversy ty p ify  the stra ins in  
the D em ocra tic  party. Polk represented the old Jacksonian agra rian , pop­
u lis t im peria lism  and was a slaveholder, though not a fa n a tic  defender o f
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slavery. H e  believed th a t the  slavery issue was not genuine and th a t both 
sides were s im p ly  opportunists. Fortunate ly , we have a candid statem ent 
o f  these opinions in  a d ia ry  kept as a p o lit ica l rem inder and never in ­
tended fo r p u b lic a tio n .'2 I w il l  quote several passages as evidence th a t one 
rem arkab ly  astute observer, in tim a te ly  acquainted w ith  events and per­
sonalities, honestly assessed the slavery issue as p o lit ica l opportun ism  on 
both sides'! Polk m ay have been excessively cyn ica l, bu t his rem arks ring  
true , given th a t very few Free-Soilers were abo lition is ts  o r even very much 
interested in blacks. L e t Polk speak fo r  h im self:

M r . H a m lin  [H a n n ib a l H a m lin  o f  M a ine , la te r  R epub lican  vice p re s i­
dent, 1861 -1865 ] professes to  be a [D ]e m o c ra t, b u t . . .  is  p ressing  a 
m ischievous course . . .  on the s lavery  question. . . . The s lavery  question 
is  assum ing a fe a r fu l  and m ost im p o rta n t aspect. The movement o f  M r. 
K in g  [P reston  K ing , N ew  York D em ocrat, m anag ing  the  W ilm o t P ro­
v iso ], i f  persevered in, w i l l  be a ttended w ith  te rr ib le  consequences to  the 
country, and cannot f a i l  to  destroy the D em ocra tic  p a rty , i f  i t  does not 
u lt im a te ly  destroy the U nion itse lf. S lave ry  was one o f  the questions 
ad jus ted  in  the com prom ises o f  the C ons titu tion . I t  has, and co u ld  have 
no le g itim a te  connection w ith  the w a r w ith  M e x ic o .. . .  I t  is  a dom estic  
and not a fo re ig n  question. . . .  O f  course. Federa lis ts  [P o lk ’s p e jo ra tive  
name f o r  W h igs] are d e lig h te d  to  see such a question ag ita ted  by N o r th ­
ern D em ocrats because i t  d iv ides and d is tra c ts  the D em ocra tic  p a r ty  and 
increases th e ir  [i.e . W h ig s '] prospects o f  com ing to  power. Such an a g ita ­
tio n  is not o n ly  unwise b u t w icked  [January 4, 1847, Vol. 2, p. 305],

O r the  next year:

The a g ita tio n  o f  the s lavery  question is  m ischievous and w icked, and 
proceeds f r o m  no p a tr io t ic  m otive  by its  au thors . I t  is  a mere p o lit ic a l 
question on w hich demagogues and a m b itio u s  p o lit ic ia n s  hope to  p ro ­
mote th e ir  own prospects f o r  p o l it ic a l p ro m o tio n . A n d  th is  they seem 
w il l in g  to  do  even a t d is tu rb in g  the harm ony i f  no t d isso lv ing  the U nion 
i ts e l f  [ Decem ber 22, 1848, Vol. 4, p. 251],

Polk was ju s t as cyn ica l about the motives o f the o ther te r r ito r ia l w ing  
breaking  o ff  fro m  the D em ocra tic  coa lition : I

I  rem arked  to M r. M ason  th a t M r . C a lhoun  had  become p e rfe c tly  des­
pe ra te  in  h is  a sp ira tio n  to  the Presidency, and had  seized upon th is  sec­
t io n a l question as the o n ly  means o f  sus ta in ing  h im s e lf in  h is  present 
fa l le n  cond ition , and th a t such an a g ita tio n  o f  the s lavery  question was 
not o n ly  u n p a tr io tic  and m ischievous, b u t w icked  [A p r i l  6, 1847, Vol. 3, 
p. 458].
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Polk resented the W h ig  de ligh t a t D em ocra tic  d iscom fo rt, b u t i t  was 
N o rth e rn  Dem ocrats, P o lk ’s own p o lit ic a l friends, w ho were causing h im  
troub le . These D em ocra tic  Free-Soilers were not abo lition is ts . W ilm o t 
h im self, fo r exam ple, was a conventiona l Jacksonian popu lis t fro m  a 
w h o lly  ru ra l Pennsylvania d is tr ic t.13 H e was against s lavery in  the te r r i­
tories because he was fe a rfu l o f  slave com pe tition  w ith  free labo r.14 H is  
concern was fo r w hites, no t fo r  b lacks. H e  was a fra id  th a t P o lk ’s fa ilu re  to 
m a in ta in  the N o rth -S o u th  balance by losing p a rt o f  O regon w ou ld  render 
the N o rth e rn  D em ocrats vu lnerab le  to  W h ig  a g ita tion . The W ilm o t P ro­
viso was the D em ocra tic  defense against the  W h ig  an tis lavery  a g ita tio n  o f 
the previous decade.

A s Polk in tu it iv e ly  understood, the  proviso generated d isequ ilib ­
riu m . E a rly  in  A ugust 1846, Polk conceived the  M a ch ia ve llia n  p lan fo r  a 
qu ick  v ic to ry  over M ex ico  by buy ing  o ff  whoever m ig h t be in  con tro l o f  its  
arm y. H e  asked Congress fo r  $2 m illio n  fo r  th a t purpose.15 To th is  appro­
p ria tio n  W ilm o t moved as an am endm ent the proviso p ro h ib it in g  slavery 
in  any te r r ito ry  acquired. The proviso was voted on e igh t tim es on A ugust 
8, 1846, bu t the  largest and c ru c ia l vote was on a m o tion  to  lay  on the 
tab le  the m otion  to  engross ( th a t is, to  m ake a fa ir  copy), w h ich  was 
defeated by 79 to  9 3 .16 The deta ils are in  D isp lay  9-1, where a vote nay is 
a vote in  favor o f  the proviso.

A l l  Southerners voted against the proviso; a lm ost a ll N o rthe rners , 
W h igs and D em ocrats a like , voted fo r  i t .  In  tw o  ways th is  outcom e in ­
volved d isequ ilib rium . L e t us id e n tify  the  possible outcom es thus:

a. A p p ro p ria tio n  w ith o u t the proviso

b. A p p ro p ria tio n  w ith  the proviso

c. N o  action

Polk a lm ost ce rta in ly  ordered a b c. T he  Senate had a lready in  secret 
session agreed w ith  h im .17 So as a body i t  held e ith e r a b c o r a c b. The 
House action  showed a preference fo r  b. P robably, W ilm o t and N o rth e rn  
D em ocrats held b a c and S outhern D em ocrats a c b. N o rth e rn  W higs, 
ce rta in ly  a m in o rity , were p robab ly  the  o n ly  ones w ho placed c firs t: c b a. 
B u t c won. The House a ttached the  proviso to  the a p p rop ria tion  and sent 
i t  to  the Senate several hours before ad journm ent. Senator John D avis, a 
Massachusetts W h ig  w ho favored c and w ho had voted against an e a rlie r 
reso lu tion  on the app rop ria tion  (w h ich  passed by 33 to 19), then filib u s ­
tered u n til the c lock ran ou t. So c, p robab ly  the  least-desired a lte rna tive , 
won— clea rly  an outcom e in  d ise q u ilib riu m  and, in c iden ta lly , one th a t 
probab ly prolonged the  w a r th a t D avis opposed.18
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Furtherm ore , there was a lm ost ce rta in ly  d ise q u ilib riu m  in  the 
House its e lf on th is  m otion . T here  were no t enough votes to  ascertain 
preference orders, bu t i t  is easy to  guess w ha t they were:

7 N o rth e rn  adm in is tra tio n  D em ocrats a b c
51 N o rth e rn  Free S o il D em ocrats (W ilm o t) b a c

8 B order D em ocrats a b c o r a c b
46 S outhern D em ocrats a c b

2 N o rth e rn  p row ar W higs c a b
39 N o rth e rn  a n tiw a r W higs c b a

3 B order W higs b a c o r b c a
16 Southern and border W higs a c b

I f  th is  guess is even app rox im a te ly  co rrect, b beats a (as happened), a 
beats c (w h ich  is reasonable because a ll D em ocrats, 60 percent o f  the 
House, supported the ad m in is tra tio n  on the  w a r), and c beats b (w h ich  is 
reasonable because favo ring  c is a m a jo r ity  consisting o f a ll S ou thern ­
ers— D em ocra t o r W h ig — who despised the proviso and N o rth e rn  W higs 
w ho wished to  impede the  adm in is tra tio n  on the w a r). So there  is a clear- 
cu t cyc lica l m a jo rity , w hich is o f  course com plete d ise q u ilib riu m .

Thus, the issue o f slavery, firs t broached in  1819 as a means to 
break up the Jeffersonian in te rsectiona l coa lition , a c tu a lly  d id  so in  1846. 
A lth o u g h  the  W higs bo th  generated the  issue when o u t o f  office and tr ie d  
to  suppress i t  when in  office, they cou ld  not re a lly  succeed u n til N o rth e rn  
D em ocrats were so a fra id  o f  losing on Free S o il issues th a t they w ould  
also raise the issue th a t threatened th e ir own coa lition . T h is  is w ha t they 
d id , however, in  the W ilm o t Proviso, w h ich  m ay thus be regarded as the 
fin a l act in  the  construction  o f the  slavery issue. F rom  then on the  issue 
w ou ld  have a life  o f  its  own. The  Kansas-N ebraska A c t o f  1854 and the 
D red S co tt case in  1857 w ould pu t slavery in  the very center o f  po litics . 
A n d  in  1861 w ou ld  come c iv il war, sure ly the product o f  th is  issue.

9.E. From tlie Wilmot Proviso 
to tlie Civil War

A lth o u g h  the issue was fu l ly  developed by 1846, m uch had to  hap­
pen before the Jeffersonian-Jacksonian coa lition  could be fin a lly  sp lit.



228 M anipulation and the Natural Selection of Issues

Some N o rth e rn  D em ocrats broke o ff  fro m  the p a rty  in  1848, and Van 
Buren ran on the  Free S o il ticke t, thereby e lecting W higs. As always, 
W h igs in office played down the slavery issue and produced the C om pro­
mise o f 1850, w h ile  Dem ocrats, chastened by defeat in  1848, closed ranks 
in 1852 to w in  w ith  a huge m a jo rity . T h is  election revealed to  W h igs  th a t 
they could not w in  as an in te rsectiona l a lliance on conventional economic 
issues. In it ia l ly  they tr ie d  na tiv ism  again— a k in d  o f rep lay in  1854 w ith  
the  A m erican  o r K n o w -N o th in g  pa rty  o f  the  a n ti-M ason ic  m ovem ent o f 
1831-1832. B u t they soon found th a t na tiv ism  had a lim ite d  appeal. So, in  
1856, ca p ita liz in g  on the D em ocra tic  e rro r w ith  the  Kansas-Nebraska 
A c t, they w ent back to  the slavery issue. The N o rth e rn  W h igs, the  b u lk  o f 
the party , d iscarded th e ir Southern branch and drew  in  the Free S o il 
Dem ocrats ( like  W ilm o t) . T h a t coa lition , now  called Republicans, was 
able to  get office in  1860 and to  get a m a jo r ity  in  the  w hole coun try  by 
1868, a m a jo r ity  th a t won m uch m ore than h a lf o f the tim e  from  1868 
to  1930.

The R epublican success in  1860 was in  a sense a rep lay o f the 
d isequ ilib rium  o f the W ilm o t Proviso. A b raham  L in co ln  won by a p lu ra l­
i ty  o f about 40 percent. S ince i t  seems lik e ly  th a t he stood second in  ve ry  
few voters’ preference orders, one suspects th a t there m ay w e ll have been 
a cycle in  th is  case also. K now ing  on ly  firs t-p lace  votes, I  have tr ie d  to  
guess a t the  fu l l  preference orders o f voters in  each region who cast firs t- 
place votes fo r each o f the fo u r candidates— A braham  L in co ln , Stephen
A . Douglas, John C . B reck in ridge , and John B e ll. In  D isp lay  9-2 are listed 
15 o f the  24 possible preference orders fo r fo u r candidates, w ith  estimates 
by pa rty  and section o f the  num ber o f voters w ho held these orders. In  the 
D isp lay, each row  contains a preference order fo llow ed by m y estim ate o f 
the num ber o f voters who held it .  In  the last co lum n o f each row  is an 
exp lanation o f how m y guess was a rrived  a t. Thus in  row  1, the num ber 
450,000 consists o f  one -fou rth  o f the  num ber o f voters fo r L in co ln  in  N ew  
England, the  M id d le  A tla n tic  states, and the  M idw est, plus a ll o f the 
voters fo r  L in co ln  in  the South.

I f  m y guesses are even rough ly  like  the true  s itua tion , then L in co ln , 
Douglas, and B e ll were in  a cycle, and a ll three c learly  defeated B reck in ­
ridge. So by m a jo rita r ia n  vo ting , we get:

Douglas P  L in co ln  P  B e ll P  Douglas P  B reck in ridge

U sing  the  Borda count o r using approval vo ting  w ith  each vo ter casting 
three approval votes (h ig h ly  u n like ly  in  the circum stances), Douglas w ins:
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Douglas P  B e ll P  L in co ln  P  B reck in ridge

B u t using approval vo ting  w ith  each vo te r casting tw o  approva l votes, 
B e ll wins:

B e ll P  L in co ln  P  Douglas P  B reck in ridge

Thus, w ith  five methods o f  vo ting , D ouglas w ins tw ice , B e ll once, L in co ln  
once (the  m ethod a c tu a lly  used), and they  are in  a cyc le  and hence tie  
once. C learly , i f  m y guesses are even ro u g h ly  r ig h t, there was com plete 
d isequ ilib rium  in  1860, w h ich  is how the  slavery issue destroyed the 
Jeffersonian-Jacksonian coa lition .

*  *  *

In  th is  chapter I  have tr ie d  to  i llu s tra te  how losers m an ipu la te  the  agenda 
by in troduc ing  new issues. T he  new issue breaks up  the  o ld  m a jo r ity  and 
in  the  resu ltan t d ise q u ilib riu m  the  o rig in a l losers have a chance to  w in . 
T h is  is w ha t happened w ith  the  slavery issue. I t  was raised by Federalists 
and d issident R epublicans (th e  group th a t la te r became N a tio n a l R epub­
licans and then W h igs ) in  1819 and again in  1835 and a fte r to  p u t s tra in  
on the Jeffersonian-Jacksonian co a litio n . N a tio n a l R epublicans and W higs 
were not eager to  raise i t ,  however, when they held office or had a good 
chance fo r i t  (between 1820 and 1828, 1841 and 1845, 1849 and 1852). 
The issue m atured when W higs had su ffic ien tly  fr igh tened  N o rth e rn  
D em ocrats th a t they  too became, defensively, enthusiastic  Free-Soilers, as 
in  the W ilm o t Proviso episode, the Free S o il pa rty , and u ltim a te ly  the 
R epublican party.

Nevertheless, there  was no s tra ig h t- lin e  progression in  the  Fed­
e ra lis t-W h ig  developm ent o f  th is  issue. N o t on ly  d id  they  ignore i t  when 
they too  held na tiona l office on the basis o f  an in te rsectiona l co a lit io n ; b u t 
also they ignored i t  when the tr ie d  o u t o the r issues— a n ti-M a so n ry  in  
1830-1832, na tiv ism  in  1855-1856, and econom ic issues fo r an intersec­
tio n a l coa lition  in  1832-1835— and when they held office. T he  slavery 
issue g radua lly  displaced these others by  a k in d  o f n a tu ra l selection. I t  
w orked and the  others d id  no t. A n ti-M a s o n ry  and na tiv ism  had ra th e r 
too-loca l appeals to  serve as the  basis o f  a n a tio n a lly  successful pa rty . A n d  
the  F edera lis t-N a tiona l R ep u b lica n -W h ig  econom ic position  o f  com m er­
c ia l developm ent was based on a na tiona l co a lit io n  th a t was repeatedly 
dem onstrated to  be s m a lle r than  the  Jeffersonian-Jacksonian co a lit io n  o f 
ag ra rian  populism . F a ilin g  a ll else, the  s lavery issue came to  be chosen
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12. Bl Bk D L 146,000 One-third Southern Bell voters 
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0
o

Note. L  =  Lincoln. D =  Douglas. Bl =  Bell. Bk =  Breckinridge.

*
H



232 M anipula tion and the Natural Selection of Issues

because i t  alone proved able to  sp lit the  persistent, w in n in g  Jeffersonian- 
Jacksonian coa lition  and thereby generate cycles in  w h ich  anti-Jackso- 
nians had a chance to  w in . T he  slavery issue thus survived by a na tu ra l 
selection th a t is always m otiva ted  by the d rive  fo r losers to  w in . A  fo r tu ­
nate by-p roduct o f th a t process was the  abo lition  o f slavery, even though 
c iv il w a r was needed to  achieve it.

10
Liberalism, Populism, and tbe 

Theory of Social Choice

In  C hap te r 9 , 1 showed how a very large, apparent, popu la r m a jo r ity  was 
frac tiona ted  and replaced w ith  a p a rt ia lly  overlapp ing , p a rt ia lly  con tra ­
d ic to ry  one— an illu s tra tio n  o f  the  fra g il ity  o f  even the  strongest m a jo rity . 
T h is  is a concrete instance o f w ha t I  have previously shown by abstract 
argum ent— nam ely, th a t the  outcomes o f  vo ting  are no t necessarily fa ir  
and tru e  am algam ations o f voters’ values, th a t these outcom es m ay be 
meaningless, and th a t the m a jo ritie s  th a t m ake outcom es are themselves 
in  flu x . H a v in g  thus raised a va rie ty  o f  issues abou t the  in te rp re ta tio n  o f 
vo ting , I  w il l  now  re tu rn  to  the  m a in  prob lem  raised in  C hap te r 1, the  
significance o f the  theory o f social choice fo r  the  theory  o f  democracy.

10.A. The Adequacy of Voting

In  the  dem ocratic  tra d it io n , theorists have seldom raised questions 
about the re lia b ility  o f  the vo ting  m echanism  in  am a lgam ating  in d iv id u a l 
values in to  a social decision. M a n y  w rite rs  have indeed feared ty ra n n y  by 
the m a jo rity . B u t th e ir  fea r has ra re ly , so fa r  as I  can discover, led them  to  
question the adequacy o f the  w ay m a jo ritie s  are made.

Fear o f  m a jo r ity  ty ra n n y  is a fea r th a t the  values o f the  “ m a jo r ity ”  
m ay be m o ra lly  scarce and th a t enforcem ent o f  them  w il l  deprive the 
“ m in o r ity ”  o f  its  values. T h is  fea r has led some w rite rs  (fro m  gentle  
C hris tians lik e  T. S. E lio t to  m odern ty ra n ts  like  L e n in  o r M a o ) to  re ject 
dem ocracy altogether. O thers have argued th a t, to  m in im ize  the  danger, 
on the m ore im p o rta n t p o lit ic a l issues an e x tra o rd ina ry  m a jo r ity  ough t to  
be required. A n d  s till others ( fo llo w in g  the  lead o f  M ad ison ) have de­
fended dem ocracy by show ing th a t m a jo ritie s  are tem porary, a rgu ing  th a t
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the m a jo r ity  is no t l ik e ly  to  ty rann ize  over people who m ay themselves be 
on top  a fte r the  next election.

G iven the  last a rgum ent, the  m ost frequen tly  u tte red  defense o f de­
m ocracy against the charge o f  m a jo r ity  ty ranny, one w ould  expect tra d i­
tio n a l theorists to  recognize th a t m a jo rities  are a t best tem porary  a rtifa c ts  
and there fore  to  wonder w hether these a rtifa c ts  are w e ll o r poo rly  made. 
U n fo rtu n a te ly , very l it t le  such speculation has occurred, except on the 
p a rt o f  those, fro m  A . V. D icey  to  A n th o n y  Downs, w ho have recognized 
th a t a ll m a jo rities  are themselves coa litions o f m ino rities . A n d  even those 
theorists have not system atica lly  inqu ired  in to  how such coa litions w ork.

T h a t, however, is precisely the question o f  social choice theory. 
Its  m a in  in te rp re ta tio n  is th a t the process o f  com pounding ind iv idua l 
choices in to  a social choice does no t insp ire  confidence in  the q u a lity  o f  
m a jo rities  o r s im ila r am algam ations fo r decision. I  w il l  now sum m arize 
the conclusions o f  the previous chapters, se tting  fo r th  the d ifficu ltie s  w ith  
am algam ation .

C onclus ion  1. I f  there are m ore than tw o  a lternatives on any issue—  
as is a lm ost a lways the case fo r  any reasonably free, open, and fa ir  p o lit i­
ca l system— then there exist a w ide va rie ty  o f  methods by w h ich  the 
values o f  members m ay be incorpora ted  in to  the social decision. For 
convenience, I  have grouped these methods in to  three categories— m a jo ri- 
ta r ia n , positiona l, and u t i l ita r ia n — although  methods in  the  same cate­
go ry  are o ften  qu ite  d iffe ren t. U n fo rtu n a te ly , the  numerous methods do 
not necessarily lead to  the same social outcom e w ith  the  same set o f  
in d iv id u a l values. N o t o n ly  do  m a jo rita r ia n  methods, fo r exam ple, ty p i­
ca lly  lead to  d iffe re n t social choices fro m  positiona l and u t il ita r ia n  m eth­
ods, b u t also the methods in  any one category do not ty p ic a lly  lead to  
iden tica l outcomes.

The d ifference in  methods w ou ld  no t occasion m uch d iff ic u lty  fo r 
dem ocra tic  theo ry  i f  one m ethod were c lea rly  techn ica lly  o r m o ra lly  supe­
r io r  to  others. Yet th is  is no t the  case. A  good argum ent can be made fo r 
the  fairness o r effic iency o r bo th  o f most o f the m a jo rita r ia n  o r positional 
methods and even o f the u t i l ita r ia n  methods— w hich  is indeed w hy m eth­
ods in  each category have been invented and recommended. T he  d iffe r­
ence am ong the methods is s im p ly  th a t they are fa ir  o r e ffic ien t in  d iffe r­
ent ways because they em body d iffe re n t e th ica l p rinc ip les. U n fo rtuna te ly , 
there seems to  be no w ay to  show th a t one such e th ica l p rin c ip le  is m o ra lly  
superior to  another. Consequently, there is no fundam enta l reason o f 
prudence o r m o ra lity  fo r  p re fe rrin g  the  am algam ation  produced by one 
m ethod to  the  am a lgam ation  produced by another.
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The m ora l and p ruden tia l s tando ff am ong methods w ou ld  no t in  
its e lf occasion d iff ic u lty  fo r dem ocra tic  theory i f  “ most o f the tim e ”  most 
methods led to  the same social choice fro m  a given p ro file  o f  in d iv id u a l 
values. B u t th is  is no t the case. Between any p a ir o f  methods there m ay be 
agreem ent on the choice fro m  a large p ropo rtion  o f  possible p ro files .1 B u t 
i t  is no t enough to  consider agreem ent between pa irs o f  methods. One 
ought instead to  com pare outcomes among a ll com m only used and fre ­
quen tly  proposed methods. So fa r  as I  know, no one has a ttem pted such a 
com parison. B u t i t  seems a safe con jecture  th a t, i f  such a com parison were 
made, the p roportion  o f  social profiles fro m  w h ich  a ll the  com pared m eth­
ods produced iden tica l results w ou ld  indeed be tin y . H ow , then, can i t  
be said th a t any p a rticu la r m ethod tru ly  amalgam ates in d iv id u a l values 
when d iffe re n t methods— a ll w ith  d is tingu ishab le  b u t nevertheless ju s t i f i ­
able cla im s to  fairness— am algam ate qu ite  d iffe ren tly?

D iffe re n t methods produce d iffe re n t results, and usua lly  we are ig ­
norant o f  ju s t how  d iffe re n t the results are. For m ost o f  the  methods in  
w ide use, no t enough in fo rm a tio n  on preference orders is collected to  
reveal how the actua l outcom e d iffe rs  fro m  outcomes th a t m ig h t have 
been selected by another m ethod. T h is  means th a t, even i f  som e m ethod 
produces a reasonab ly ju s tifia b le  am a lgam a tion , we do no t know  it .  Sup­
pose, fo r exam ple, th a t a p ro file  contains one k ind  o f  “ reasonably ju s t i f i ­
able outcom e,”  namely, a C ondorcet w inner, and th a t m any methods o f 
am algam ation  w ould  produce th a t a lte rna tive  as the actua l outcome. 
S ince we lack .fu ll de ta il on profiles, however, we do no t know w hether 
th a t a lte rna tive  has a c tu a lly  been chosen by some given m ethod. F u rth e r­
m ore, we do not even know w hether the actua l choice is “ close”  to  being a 
C ondorcet w inner, o r w hether i t  is, by  th is  standard, a very bad choice 
indeed.

In  section 9.E , in  m y reconstruction  o f  the e lection o f  1860, i t  ap­
pears th a t methods o ther than p lu ra lity  vo ting  w ou ld  have produced w in ­
ners o ther than  the  actua l choice. B u t o f  course we do not know  i f  m y re­
construction  is r ig h t or, i f  w rong, how or where i t  is w rong. In  the absence 
o f  the co llection  o f  com plete preference orders fro m  a ll voters— an im pos­
sible task— we w il l  always be in  doub t about w hether a p a rtic u la r m ethod 
has produced an outcom e regarded as fa ir  by some a p r io r i standard o f  
fairness, even i f  a ll usable m ethods w o u ld  in  fa c t have p roduced  the  sam e 
w inner.

A n y  p a rticu la r outcom e fro m  vo ting  m ay be regarded as p a rt ia lly  
the  outcom e o f a previous h is to rica l event, the selection o f  a cons titu tion . 
S ince the  am algam ation  o ften  depends as m uch on th is  antecedent choice
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as on the in d iv id u a l values, today’s social decisions on substance re flect in  
p a rt yesterday’s social decisions on procedures. I t  is ha rd  to  believe th a t a 
social choice th a t depends in  some unknown degree on the  constitu tion  
th a t happens to  exist and in  some equa lly  unknown degree on voters’ 
values is a fa ir  am algam ation  o f those values.

I t  is not th a t any p a rtic u la r m ethod o f vo ting  is u n fa ir, because 
every m ethod is in  some sense fa ir. R a the r i t  is th a t the  ve ry  idea o f  t ru ly  
and accura te ly  am algam ating  values by  vo ting  is u n fa ir  because one does 
not know the effect o f  d iffe re n t methods on (usua lly ) incom ple te ly  known 
profiles. The c la im  th a t vo ting  produces a fa ir  and accurate outcom e 
s im p ly  cannot be sustained when the m ethod o f  coun ting  p a rt ia lly  deter­
mines the outcom e o f counting.

T h is  is, then, the firs t conclusion: Outcom es o f  vo ting  cannot, in  
general, be regarded as accurate am algam ations o f  voters’ values. Some­
tim es they m ay be accurate, sometimes not; bu t since we seldom know 
w h ich  s itua tion  exists, we cannot, in  general, expect accuracy. Hence we 
cannot expect fairness either.

C onclusion  2. Suppose, however, th a t the people in  a society have 
decided to  use a p a rtic u la r m ethod o f vo ting  and to  define as fa ir  the 
outcomes produced by th a t m ethod. Because o f the  revelations fro m  
A rro w ’s theorem , fro m  G ib b a rd ’s and S a tte rth w a ite ’s theorems, and from  
B lack and N e w in g ’s and P lo tt’s and M cK e lve y ’s and Schofie ld ’s notions 
o f  e q u ilib riu m  and re lated developments, there is no reason to suppose 
th a t one pro file  o f in d iv id u a l values w il l  a lways produce the same outcom e 
w ith  th a t m ethod. Consequently, the a lte rna tive  outcomes by a p a rticu la r 
m ethod on a p a rticu la r p ro file  cannot be said to  be a fa ir  o r true  am alga­
m a tion , even though the m ethod its e lf is assumed to  be fa ir. In  th a t sense, 
we never know  w ha t an outcom e means, w hether i t  is a tru e  expression o f  
p ub lic  op in ion  o r not. E ve ry  reasonably fa ir  m ethod o f  vo ting  can be m a­
n ipu la ted  in  several ways. Since we cannot know  w hether m an ipu la tion  
has occurred, the tru th  and m eaning o f a ll outcomes is thereby rendered 
dubious.

One m ethod o f  m an ipu la tion  is s tra teg ic  vo ting , w herein voters vote 
co n tra ry  to  th e ir  true  tastes in  order to  b rin g  about an outcom e m ore 
desirable than the  outcom e fro m  vo ting  tru th fu lly . We know  fro m  G ib ­
ba rd ’s theorem  th a t a ll methods o f  vo ting  are m an ipu lab le  in  th is  way. 
Since we can never be ce rta in  w ha t “ true  tastes”  are— a ll we ever know 
are revealed tastes— we can never be ce rta in  when vo ting  is stra teg ic. 
(W itness the d iff ic u lty  in  section 6.C  o f in te rp re ting  votes on the Powell 
am endm ent.) Yet i f  s tra teg ic  vo ting  occurs, i t  is hard  to  say th a t the 
outcom e is a fa ir  o r tru e  am algam ation  o f voters’ values, especially when 
the successful m an ipu la to rs  are a sm a ll m in o rity . I t  is possible, even prob-
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able, th a t s tra teg ic  vo ting  is com m onplace in  the rea l w o rld , as evidenced 
by the  frequency o f a llegations o f, fo r  exam ple, vo te -trad ing . I f  so, then 
a ll vo ting  is rendered un in te rp re tab le  and meaningless. M a n ip u la te d  ou t­
comes are meaningless because th e y  are m an ipu la ted , and unm an ipu la ted  
outcomes are meaningless because they  cannot be d is tingu ished  fro m  m a­
n ipu la ted  ones.

A n o th e r m ethod o f  m an ip u la tio n  is by  con tro l o f  the  agenda to  
change the  outcom e fro m  w ha t i t  w ou ld  be in  the  absence o f  such con tro l. 
W e know  fro m  the  theorem s about pa th  independence th a t a ll nono liga r- 
ch ic  methods o f  vo ting  are susceptible to  changing outcom es by  rea r­
rang ing  the  agenda. Indeed, fro m  M cK e lve y ’s and S chofie ld ’s theorem s 
we know  th a t, except in  the  ra re  and fra g ile  instances o f  e q u ilib r iu m , 
s im p le  m a jo r ity  vo ting  can, when the  agenda is a p p rop ria te ly  m an ipu­
la ted, lead to  any possible outcom e. S ince we also know  fro m  a vast 
am ount o f  conventional analysis o f  p o lit ic a l in s titu tio n s  th a t m uch p o lit i­
ca l d ispute concerns con tro l (and, presum ably, m a n ip u la tio n ) o f  the  
agenda, we can be fa ir ly  ce rta in  th a t th is  k in d  o f  m an ipu la tion  is u tte r ly  
com m onplace. B u t o f  course we never know  precisely when and how such 
m an ipu la tion  occurs o r succeeds. S ince th is  m an ip u la tio n  is frequen t b u t 
un iden tified , again a ll outcomes o f  vo tin g  are rendered meaningless and 
un in te rp re tab le .

A  dynam ic  m ethod o f  co n tro llin g  the  agenda is the  in tro d u c tio n  o f 
new dim ensions and issues in  o rde r to  generate d ise q u ilib r iu m  in  w h ich  
the  previous k inds o f  m an ipu la tion  are possible. Suppose th a t, by  p ro ­
cesses no in d iv id u a l person o r o lig a rch y  contro ls , the  set o f  a lte rna tives 
has been reduced to  precisely tw o  and th a t one o f these always w ins by  a 
s im ple m a jo r ity  vote. Th is  seems to  be a stable e q u ilib r iu m ; ye t i t  can be 
upset, dynam ica lly , by the in tro d u c tio n  o f  new dim ensions and issues. I f  
new issues resu lt in  s itua tions vu lnerab le  to  s tra teg ic  vo tin g  and m an ipu la ­
tion  o f  the  agenda, then even stable e q u ilib r ia  are d yn a m ica lly  unstable. 
A ga in  the  m eaning o f outcom es is ha rd  to  in te rp re t.

For m ost o f  the  60 years a fte r 1800, Jeffersonian-Jacksonian ag ra r­
ian  expansionism w ith  its  im p lic it  concom itan ts o f  slavery usu a lly  seemed 
to  be a stable e q u ilib r iu m . B u t i t  was upset and indeed repud ia ted  in  1856 
and 1860 over the issue o f  free soil. In  1860 i t  seems lik e ly  the re  was no 
C ondorcet w inner; bu t, i f  there  were, i t  was a lm ost ce rta in ly  D ouglas or 
B e ll, no t L in co ln . I t  is hard  to  say, then, th a t the  m ost m om entous e lection 
o f A m erican  h is to ry  was a fa ir  o r tru e  am a lgam ation  o f  in d iv id u a l values, 
m a in ly  because the  decision was tho ro u g h ly— and, as I  showed in  C hap te r 
9, de libe ra te ly— confused by  the  inc lus ion  o f  several issues. T he  outcom e 
p robab ly  was m o ra lly  desirable, even though  i t  invo lved a b loody c iv il 
w ar; b u t i t  is d if f ic u lt  to  say th a t i t  was soc ia lly  p re ferred . S lavery  was no t
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a false issue, as Polk believed. (M e n  in  office a lways believe th a t new 
issues th rea ten ing  them  are “ m ischievous.” ) R ather, as a new issue i t  
generated d ise q u ilib riu m , the  outcom e o f w h ich  cou ld  no t be said to be a 
c lear social choice. In  th is  sense, a ll social decisions obta ined by d is ru p t­
ing  e q u ilib ria  w ith  new issues are no t fa ir  o r true  am algam ations o f  pub lic  
op in ion , even though the d is rup tion  m ay be socia lly  and m o ra lly  necessary 
and desirable.

T h is , then, is the second conclusion: Outcom es o f any p a rticu la r 
m ethod o f vo ting  lack m eaning because o ften  they are m an ipu la ted  am al­
gam ations ra the r than fa ir  and tru e  am algam ations o f voters’ judgm ents 
and because we can never know  fo r  ce rta in  w hether an am algam ation  has 
in  fa c t been m anipu la ted.

10.B. The Refection of Populism

The social am algam ations o f  in d iv id u a l values are, fo r  reasons ju s t 
sum m arized, o ften  inadequate— indeed meaningless— in te rp re ta tions o f 
p u b lic  op in ion . F urtherm ore , we seldom know  w hether to  assign any par­
t ic u la r social choice to the  inadequate category. H ence a ll choices can be 
suspected o f inadequacy. W h a t does th is  conclusion im p ly  fo r the tw o 
views o f vo tin g  in  dem ocracy set fo r th  in  C hap te r 1 ? C an e ithe r populism  
o r libe ra lism  stand up?

C le a rly  populism  cannot survive. T he  essence o f populism  is th is 
p a ir o f  propositions:

1. W h a t the  people, as a corpora te  en tity , w an t ough t to  be social policy.

2. T he  people are free when th e ir  wishes are law.

Since social choice theory is a device to  analyze m ora l (and descriptive) 
propositions, n o t an e th ica l theory to  choose am ong them , social choice 
theory  cannot illu m in a te  the  question, im p lied  in  p roposition 1, o f  w ha t 
o u g h t to  be p u b lic  policy. B u t, i f  the  no tion  o f the  popu lar w il l  is its e lf 
unclear, then w ha t the people w an t cannot be social po licy  s im p ly  because 
we do not and cannot know  w ha t the people w ant. A n  election te lls us at 
m ost w h ich  a lte rna tive  w ins; i t  does not te ll us th a t the  w inne r w ou ld  also 
have been chosen over another feasible a lte rna tive  th a t m ig h t its e lf have a 
be tte r c la im  to  be the social choice. Hence fa lls  proposition  1. A n d  i f  we 
do no t know  the people’s wishes, then we cannot m ake them  free by enact­
ing  th e ir  wishes. Thus fa lls  proposition  2.
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Populism  as a m ora l im pera tive  depends on the existence o f  a popu­
la r w il l  discovered by vo ting . B u t i f  vo ting  does not discover o r reveal a 
w ill,  then the  m ora l im pera tive  evaporates because there is no th ing  to  be 
comm anded. I f  the people speak in meaningless tongues, they cannot u tte r 
the  law  th a t makes them  free. Populism  fa ils , therefore, no t because i t  is 
m o ra lly  w rong, b u t m ere ly because i t  is empty.

In  the  h is to ry  o f  p o lit ica l ideas, a s im ila r re jection  o f a m ora l im ­
perative on the  ground th a t i t  was un in te rp re tab le  occurred in  the s ix ­
teenth and seventeenth centuries when re lig ious d irectives on po litics  lost 
th e ir presumed c la rity . So long as the  sp ir itu a l a u th o r ity  o f the pope was 
unquestioned, he could state the p o lit ica l content o f  m ora l and d iv ine  law. 
W ith  the  success o f the R e fo rm a tion , however, there were m any co n flic t­
ing  voices speaking fo r  God, no one o f  w h ich  was m ore c lea rly  vested w ith  
d iv ine q u a lity  than  another. Thus, even though no one seriously ques­
tioned the  existence o f the D iv in ity  o r the a u th o r ity  o f  d iv ine  d ire c tio n  o f 
hum an po litics, the d irec tion  nevertheless fa iled  s im p ly  because no one 
could be sure w ha t the  D iv in ity  said. M odern  secular p o lit ic a l th ough t 
begins w ith  th a t uncerta in ty . S im ila r ly  I  believe th a t in  the next genera­
tio n  popu lis t c la im s w il l  be rejected s im p ly  because i t  w il l  be realized tha t, 
however desirable they m ig h t be, they are based on a flawed technique 
th a t renders populism  unw orkable .

Perhaps i t  w il l  be said in  defense o f populism  tha t, a lthough there  is 
always doubt about the  m eaning o f  any p a rtic u la r e lectora l outcom e, a 
series o f elections over tim e  establishes a rough guide to  policy. Yet even 
th a t defense cannot be sustained. I t  is possible th a t a lte rna tive  x  (say, 
some p o lit ica l p la tfo rm ) repeatedly beats a lte rna tive  y  (ano the r p la tfo rm ) 
so th a t one is fa ir ly  ce rta in  th a t x  has a good m a jo r ity  over y . B u t suppose 
x  w ins on ly  because z was e lim ina ted  e a rlie r o r was suppressed by the 
C ons titu tion  or by the  m ethod o f  coun ting  o r by m an ipu la tion . W h a t then 
is the status o f x? I f  x  is as precise as a m otion , then one can s t i l l  be fa ir ly  
sure th a t x  a t least beats y . B u t i f  x  is as vague as an ideology, i t  is fa r 
fro m  certa in  th a t a c lear decision is ever made.

In  the  h is to ry  o f  A m erican  presidentia l elections, three long- 
enduring  clusters o f ideas have repeatedly been m ore o r less endorsed by 
the  voters. F rom  1800 to  1856, the  ag ra rian  expansionism  o f Jefferson 
and Jackson won m ost o f  the tim e ; indeed i t  was c lea rly  beaten on ly  in  
1840. F rom  1860 to  1928, the R epublican p rogram  o f com m erc ia l devel­
opm ent won most o f  the tim e ; i t  was c lea rly  beaten ( in  popu la r vote, b u t 
not in  the  election itse lf) on ly  in  1876. From  1932 to the present, D em o­
c ra tic  w e lfa re  sta tism  won most o f the tim e; i t  was c le a rly  beaten on ly  in  
1952, 1956, 1972, and 1980. Can i t  not be said th a t these repeatedly 
endorsed clusters o f ideas have been, though ra th e r vague, the  true  and



240 Liberalism, Populism, and Theory of Social Choice

revealed popu lar w ill?  In  a very narrow  sense they have indeed been 
approved because x  (one o f these three clusters) has beaten some y  (no t 
always the same y ) a num ber o f  tim es, frequen tly  in  tw o -p a rty  contests. 
B u t x  has never won over a ll re levant a lternatives. N o  pa rty  p rogram  has 
ever been approved in  genera l.

The Jefferson-Jackson p rogram  o f  agra rian  expansion was approved 
tw o -th irds  o f the tim e from  1800 to  1856; b u t i t  fa iled  to  ob ta in  a m a jo r­
ity  whenever i t  was e ffective ly  shown th a t agra rian  expansion enta iled 
approval o f  slavery; in  1840, 1844, 1848, 1856, and 1860. The e lection o f 
1852 and its  a fte rm a th  are ins truc tive . In  1852, W higs, themselves in  
office, d id  no t raise the slavery issue; the Free S o il pa rty  was weak; and 
the D em ocra tic  party , again un ited  on its tra d it io n a l econom ic p la tfo rm , 
won by a clear m a jo rity . D em ocra tic  leaders, assum ing they had a m an­
date, then produced the Kansas-N ebraska A c t (1854), w h ich , though os­
tens ib ly  mere ag ra rian  expansion and free soil a t tha t, ac tua lly  prom oted 
the expansion and approval o f  slavery. Thereafte r, and d ire c tly  as a conse­
quence, the D em ocra tic  p a rty  d id  not get a na tiona l m a jo r ity  fo r  more 
than 20 years. Though  th is  p a rty  w ith  its po licy  o f approva l o f  slavery fo r 
the sake o f expansion was apparen tly  endorsed overw he lm ing ly  in  1852, 
on ly  a s ligh t va ria tio n  in  its  p rogram  resulted in  savage repud ia tion  in  the 
next five elections. The po in t is clear: x  (ag ra rian  expansion and slavery) 
was approved against y  (com m erc ia l developm ent o f  Federalism  and 
W h ig g e ry ) b u t lost by a huge m arg in  to  z (com m ercia l developm ent and 
free soil, u ltim a te ly  the R epub lican  com b ina tion ).

In  the next period, between 1860 and 1928, the R epublican p la tfo rm  
o f com m ercia l developm ent usua lly  tr ium phed  against a dy ing  ag ra rian ­
ism . B u t again, there was no general m andate fo r com m ercia lism  alone. 
In it ia l ly  i t  succeeded (except in  1876, when, however, techn ica lly  i t  d id  
w in ) because i t  was associated w ith  free soil; in  its heyday i t  succeeded 
because, I  believe, its com m erc ia l ideal was c lea rly  lin ked  to  social w el­
fare . W hen the w e lfa re  aspects were fo rgo tten  in  an excess o f com m erc ia l­
ism  (especia lly around the 1880s, when the o ld  D em ocra tic  com bination 
o f  agrarian ism  and repression o f blacks was not yet fu l ly  re jected), the 
R epublican p a rty  fa iled  to  m a in ta in  its m a jo rity : in  1876, 1880, 1884, 
1888, 1892, 1912, and 1916. N o tice  th a t even the in te rlude  o f  W ilso n ’s 
presidency was occasioned by an in te rna l R epublican sp lit th a t presum­
ably reflected Theodore Roosevelt’s d istaste fo r T a ft ’s pure emphasis on 
commerce. Thus the m andate o ften  though t to be overw he lm ing was at 
best cond itiona l on an appeal to  in terest w ide r than comm erce alone.

F ina lly , in  the th ird  period, fro m  1932 to  the present, w e lfa re  stat- 
ism  appeared to  receive a huge m andate under F ra n k lin  Roosevelt and 
the rea fte r as long as w e lfa re  ra th e r than s ta tism  was emphasized. B ut
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whenever statism  dom inated, as in  the wars undertaken by T rum an  and 
Johnson— wars invo lv ing  huge s ta tis t com pulsion o f c itizens in  unpopu la r 
causes— then w e lfa re  s ta tism  lost to  a com b ina tion  o f  com m erce and c iv il 
liberties as expressed in  E isenhow er’s m itig a tio n  o f  the m ilita ry  d ra ft  and 
N ix o n ’s e lim in a tio n  o f  it .  As the s ta tis t com ponent o f  w e lfa re  sta tism  
becomes increasing ly apparent in  o the r ways besides m ili ta ry  adventures, 
i t  m ay w e ll be th a t w e lfa re  sta tism  as a w hole w il l  be re jected. The  v ic to ry  
o f  R ona ld  Reagan in  1980 m ay w e ll be the  beginn ing  o f a m ore general 
re jection  o f  w e lfa re  statism .

In  a ll three periods, then, a dom inan t p rog ram  has been dom inan t 
on ly when i t  has been tested in  one d im ension. W hen m ore than one 
d im ension has been sa lient to voters, m a jo ritie s  have disappeared, even 
when the second dim ension is closely re la ted to  the firs t. Voters re jected 
agra rian  expansion when its  slavery com ponent was emphasized. T hey 
rejected com m ercia l developm ent when m ere com m erce was emphasized 
a t the expense o f  developm ent, and they re jected w e lfa re  s ta tism  when the  
s ta tis t fea ture  o f  m ilita r is m  exceeded the  w e lfa re  com ponent o f  redis­
tr ib u tio n . T h roughou t a ll th ree  periods, one c lus te r o f ideas was repeat­
edly endorsed; b u t there was no c lear C ondorce t w inner, and indeed there 
were probab ly always covert, unrevealed cycles o f  popu la r values. The 
inference is clear: The  popu la r w il l  is defined on ly  as long as the  issue 
dimensions are restric ted . Once issue d im ensions m u ltip ly , the popu la r 
w il l  is irreso lu te . S lig h t changes in  d im ensions induce d ise q u ilib riu m . 
Thus i t  is indeed d iff ic u lt to  speak o f a popu la r w il l  so n a rro w ly  construed, 
and th a t is w hy populism  is an em pty  in te rp re ta tio n  o f  vo ting  and w hy  the 
popu lis t ideal is l ite ra lly  una tta inab le .2

10.C. The Survival of Liberalism 
and Democracy-

G iven th a t social choice theo ry  reveals populism  to  be inconsistent 
and absurd, how does the lib e ra l in te rp re ta tio n  o f vo ting  fa re?  For democ­
racy, th is is a c ruc ia l question. Since populism  and lib e ra lism , as I  have 
defined them , exhaust the possib ilities and since popu lism  m ust be re ­
jected, then, i f  libe ra lism  cannot survive, dem ocracy is indefensib le. For­
tunate ly , libe ra lism  survives, a lthough  in  a curious and convoluted way. 
L ibe ra lism  does not dem and m uch fro m  vo ting , and hence the  res tric tions 
placed on the ju s tifica tio n  o f  vo ting  by social choice theory  do no t q u ite  
render the  lib e ra l ideal unatta inab le .
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T he  essence o f  the lib e ra l in te rp re ta tio n  o f vo ting  is the  no tion  th a t 
vo ting  perm its the  re jection  o f  candidates or o ffic ia ls w ho have offended 
so m any voters th a t they cannot w in  an election. T h is  is, o f course, a nega­
tive  ideal. I t  does n o t requ ire  th a t vo ting  produce a clear, consistent, 
m ean ing fu l s tatem ent o f the popu la r w il l.  I t  requires on ly  th a t vo ting  
produce a decisive resu lt: th a t th is  o ffic ia l o r th is  p a rty  is re ta ined in  
office o r rejected. T h is  ve ry  restric ted  expectation about vo ting  can, I  
believe, easily coexist w ith  a ll the  defects we have observed in  the vo ting  
mechanism . I f  so, then libe ra lism  survives.

L e t us investigate  system atica lly  the re la tion  between libe ra lism  and 
the  discoveries o f social choice theory. To do so, I  w il l  begin by assuming 
the existence o f w ha t we a lready know does not exist— namely, a fa ir  and 
accurate  am a lgam ation  o f  voters' values. T h a t th is  assum ption is unrea lis­
t ic  does no t ta in t the  analysis because I  w il l  use i t  on ly  as an in it ia l 
standard, not as an ins trum en t o f in te rp re ta tion . W ith  th is  in it ia l assump­
tion , le t us then consider the  fo llo w in g  cases:

1. Suppose an o ffic ia l o r candidate has no t offended enough voters fo r 
them  to  re ject h im  o r her in  a fa ir  and true  am algam ation  o f th e ir 
values. I f ,  in  the  actua l vo ting  under any p a rticu la r m ethod, the o ffic ia l 
o r candidate is no t re jected, then the  m ethod is w o rk in g  adequately in  
th is  case. 2

2. Suppose, however, th a t the actua l vo ting  does lead to  the re jection  o f 
an unoffend ing  o ffic ia l o r candidate. Such re jection  m ig h t occur in 
m any ways. A  C ondorcet w inne r (assume h im  o r her to  be a “ true  
w inne r” ) m ig h t lose in  a p lu ra lity  o r approval o r Borda election, or 
clever opponents m ig h t beat h im  o r her by stra teg ic  vo ting  o r by ma­
n ip u la tio n  o f  the  agenda o r by  the in tro d u c tio n  o f add itiona l, d iv is ive 
candidates. I f  th is  happens, has the  ideal o f  libe ra lism  been vio lated? 
In  ou r popu lis tic  era, even m any libe ra ls  m ig h t say yes. M ad ison  h im ­
se lf w ou ld  have been troub led  by th is  case. B u t i f  the  lib e ra l ideal is 
s tr ic t ly  in te rp re ted , i t  has no t been v io la ted. F irs t and forem ost lib e ra l­
ism  requires the re jection  o f the o ffend ing , no t the  re ten tion  o f the 
unoffend ing. I f  a system adm its  re jection  a t a ll, then there  is no a 
p r io r i reason w hy i t  m ay no t sometimes w o rk  im perfec tly . One should 
expect, there fore , th a t some tim es an o ffic ia l o r candidate w il l  be re­
jec ted  “ w rong ly .”

T h is  means th a t we m ust m o d ify  to  some degree our expectations 
fro m  libe ra lism . A s o rig in a lly  stated in  section l .D ,  libe ra lism  was said 
to  m itig a te  the oppression caused by the fa ilu re  o f o ffic ia ls  to  act as 
agents o f voters’ p a rtic ip a tio n . I t  is c lear now, however, th a t the expec-
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ta tio n  o f  such an agency is a popu lis t fantasy, not a tenet o f  libe ra lism  
(w h ich  is a w h o lly  negative k in d  o f  co n tro l). T h is  means th a t an o ffi­
c ia l in  a lib e ra l reg im e m ay indeed abandon any e ffo rt to  ensure voters’ 
p a rtic ipa tion  th rough  reading the voters’ w il l,  not because the  o ffic ia l 
is sophisticated enough to  know th a t there is no th ing  there to  read, bu t 
m ere ly because he o r she knows by experience th a t voters’ re jec tion  
m ay be random . Such randomness, however, does not re a lly  m a tte r fo r 
the libe ra l hope o f preventing an o ff ic ia l’s abuse o f office and a u tho r­
ity . The th rea t o f  the next e lection re ta ins its force. Indeed, an o ffic ia l 
w ho faces an e lectorate know ing th a t i t  sometimes w orks random ly  and 
m ay “ u n fa ir ly ”  re ject h im  o r her has a pow erfu l m otive  to  tr y  even 
harder to  avoid o ffend ing  voters.

3. Suppose, on the  o the r hand, th a t an o ffic ia l or cand ida te  has— in  our 
im ag ina ry  true  and fa ir  am algam ation— offended enough voters to  be 
rejected. I f  he or she is in  fa c t re jected, then, c learly , the vo ting  
method is w o rk ing  adequately.

4. B u t w ha t i f  the  o ffend ing o ffic ia l o r candidate w ins? T h is  m ig h t hap­
pen because he o r she successfully m anipu la tes the  agenda o r invents 
add itiona l issues o r sets up spurious opponents. Has the ideal o f  lib e ra l­
ism then been v io la ted? A ga in , m ost libera ls  in  th is  popu lis t era w ou ld  
say yes. I  im agine th a t M ad ison  w ou ld  have believed th is  case im possi­
ble. B u t s til l,  i f  the libe ra l ideal is s tr ic t ly  in te rp re ted , there is no 
v io la tion . L ib e ra lism  requires on ly  th a t i t  be p oss ib le  to  re ject a p u ta ­
tive ly  o ffend ing o ffic ia l, no t th a t the re jec tion  a c tu a lly  occur. We know 
fro m  social choice theory  th a t those w ho should be w inners in  our 
im ag ina ry  tru e  and fa ir  am algam ation  can be defeated. We also know 
th a t those who should be losers can also be defeated, as, o f  course, they 
should be. Consequently, the vo ting  system does not prevent the re jec­
tio n  o f offenders— and th a t is precisely the  cond ition  lib e ra lism  re­
quires. O f  course, i t  m ay happen th a t an un in fo rm ed  o r unsophisti­
cated o r w e ll-m an ipu la ted  electorate fa ils  to  operate the  vo ting  system 
as its members w ould  w ish. B u t the fa c t th a t in  p a rtic u la r instances 
people fa il to  m ake the system w o rk  w e ll does not a lte r the  fa c t th a t 
they can make i t  w ork . A n d  i f  success is even sometimes possible, then 
the libe ra l in te rp re ta tio n  can be sustained.3

I t  seems w o rth w h ile  to po in t o u t ju s t how  l i t t le  is conta ined in  the 
lib e ra l in te rp re ta tion  o f  vo ting . In  some sense i t  is very close to  the cyn ica l 
view  th a t coun ting  heads is be tte r than breaking  heads to  solve the p rob­
lem  o f succession. L e t me p o in t ou t some o f the th ings th a t the lib e ra l 
in te rp re ta tio n  is not, s im p ly  to  show how easy i t  is fo r libe ra lism  to  survive
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the c ritic ism s o f  social choice theory. For one th ing , libe ra lism  does not 
requ ire  th a t society its e lf act. In  the lib e ra l in te rp re ta tio n , society is an 
an thropom orph ized e n tity  th a t cannot o rder o r choose any th ing  e ithe r 
consistently o r inconsistently. R a the r i t  is though t th a t in d iv id u a l people 
in  the society choose, and w ha t they in d iv id u a lly  choose is w hether to 
support o r oppose candidates. T he  social am algam ation  o f these choices 
need not be fa ir  o r ju s t. I t  m ay even be p a rt o f  a social cycle. B u t i f  i t  
results in  a decision on candidates, i t  is, fro m  the lib e ra l po in t o f  view, 
adequate.

Since social decisions are not, in  lib e ra l theory, requ ired  to  mean 
any th ing , libe ra ls  can chee rfu lly  acknow ledge th a t elections do not neces­
sa rily  o r even usua lly  reveal popu la r w ill.  A l l  elections do o r have to  do 
is to  p e rm it people to  get r id  o f  ru lers. The people w ho do th is  do no t 
themselves need to  have a coherent w il l.  T hey can be— and o ften  are—  
strange bedfellows. Voters on the fa r  r ig h t and the fa r  le ft, fo r  example, 
can com bine to  th row  o u t a ru le r in  the center. The libe ra l purpose is then 
accomplished, even though one cou ld  no t m ake a coherent ideo log ica l 
s tatem ent about w ha t these voters d id  and even though th e ir  m a jo rity  
m ig h t be cyc lica l. The In d ia n  re jection  o f  In d ira  G andh i in  1977 was 
accomplished by ju s t such a coa lition , the Janata party , w h ich  was, how­
ever, so incoherent in  its com b ina tion  o f  r ig h t and le ft th a t M rs . G andh i 
was able to  w in  again in  1979.

The libe ra l in te rp re ta tion  o f vo ting  thus allows elections to  be useful 
and s ign ifican t even in  the presence o f  cycles, m an ipu la tion , and o ther 
k inds o f “ e rro rs”  in  vo ting . S ince i t  is precisely cycles, m an ipu la tion , and 
“ e rro r”  th a t render populism  meaningless, the  fac t th a t libe ra lism  can 
to le ra te  them  dem onstrates th a t libe ra lism  can survive the revelations o f  
social choice theory, w h ile  populism  cannot.

The k in d  o f  dem ocracy th a t thus survives is no t, however, popu lar 
ru le , b u t ra the r an in te rm itte n t, sometimes random , even perverse, popu­
la r  veto. Socia l choice theory  forces us to  recognize th a t the  people cannot 
ru le  as a corporate  body in  the  way th a t populists suppose. Instead, o ffi­
cials ru le , and they do not represent some indefinab le  popu lar w ill.  Hence 
they can easily be ty ran ts , e ithe r in  th e ir  own names o r in  the name o f 
some pu ta tive  im ag ina ry  m a jo rity . L ib e ra l dem ocracy is s im p ly  the  veto 
by w h ich  i t  is sometimes possible to  restra in  o ffic ia l ty ranny.

T h is  m ay seem a m in im a l sort o f  democracy, especially in  com pari­
son w ith  the grandiose (though  in te lle c tua lly  absurd) c la im s o f populism . 
S ti ll ,  modest though lib e ra l dem ocracy m ay be, i t  fu l ly  satisfies the de fin i­
tio n  o f dem ocracy offered in  C hap te r 1. To begin w ith , i t  necessarily 
involves popu lar p a rtic ip a tio n . Though  the  p a rtic ip a tio n  is no t the ab-
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s trac t se lf-d irec tion  o f  a corpora te  people, i t  is th?  concrete se lf-d irec tion  
o f  ind iv idua ls  w ho  vote and organize vo ting  to  m ake the dem ocra tic  veto 
w ork . Furtherm ore , since the  veto does exist— even w hen m an ipu la ted  or 
cyc lica l— i t  has a t least the  po te n tia l o f  preventing  ty ra n n y  and rendering  
o ffic ia ls  responsive.

S ince o ffic ia ls are not responsive to  some im a g in a ry  popu la r w il l,  
th is  popu lar p a rtic ip a tio n  is no t the act o f  m aking  policy. A t  best o ffic ia ls  
are responsive to  a (possib ly random ) th re a t o f  expuls ion fro m  office. B u t 
th is  m ay lead them  to  avoid gross offense to  groups o f  c itizens w ho can 
eject them  fro m  office. P a rtic ip a tion  in  th is  sense is then the  ac t o f  p lac ing  
a cu rb  on policy, a veto a t the m arg in . Nevertheless i t  is p a rtic ip a tio n . 
Furtherm ore , i t  can engender th a t se lf-d irec tion  and self-respect th a t de­
m ocracy is supposed to  p rovide because candidates, try in g  to  construct 
w in n in g  p la tfo rm s  in  the  face o f th a t po ten tia l veto, also t r y  to  generate 
m a jo rities , a t least m om enta ry  ones.

Furtherm ore , the  lib e ra l veto generates freedom  because o f  the  ve ry  
fa c t th a t i t  is a cu rb  on ty ranny. W he th e r one th in ks  o f  freedom  as the 
absence o f  res tra in t ( “ negative lib e r ty ”  in  Isa iah  B e rlin ’s te rm s) o r as the 
a b ility  to  d irec t one’s ow n life  ( “ positive lib e r ty ” ) ,  i t  is apparent th a t 
oppression by ru le rs  e lim ina tes e ithe r k in d  o f  freedom . Suppose freedom  
is s im p ly  the  absence o f governm enta l re s tra in t on in d iv id u a l action . Then  
the  chance to  engage in  veto ing  by re jec ting  o ffic ia ls  and the  chance th a t 
the re jection  a c tu a lly  occur are the  very essence o f  th is  freedom , w h ich  is 
subs tan tia lly  equ iva len t to  lib e ra l democracy. Suppose, however, freedom  
is defined as the a b ili ty  to  use governm ent to  w o rk  one’s w il l— the popu lis t 
expectation. The agent o f  th is  ( im a g in a ry ) w il l  is governm ent— th a t is, 
ru lers w ho can oppress bo th  the  m in o r ity  and th e  very  m a jo r ity  whose w il l  
they are supposed to  w ork. A n  extrem e exam ple is socia list ru le rs  who, in  
o rder to  free w orkers fro m  the  supposed bondage to  owners, sub ject them  
to  the  ow nership o f  the state and the  te rro rism  o f  the  police. B u t conven­
tio n a l populists tu rned  d ic ta to r ( fo r  exam ple, Vargas, G andh i, and Perdn) 
are o ften  ju s t as oppressive. L ib e ra l dem ocracy, inso fa r as i t  a llow s people 
to  restra in  and re ject, is the  m a in  sanction against th is  m a jo r ita r ia n  op­
pression also.

Sometimes populists argue th a t the  tru e  m eaning o f  dem ocracy is 
no t to  be found in  vo ting , p a rty  o rgan iza tion , and the  like , b u t ra th e r in  
the  dem ocra tic  ideals o f  c iv il libe rties , to lerance, and hum ane concern fo r  
popu la r righ ts . A s I  emphasized in  C hap te r 1, no one doubts th a t these 
ideals are indeed tru ly  cen tra l in  dem ocra tic  th o u g h t (a lthough  I  suspect 
th a t e ffo rts  to  d is tingu ish  them  fro m  vo ting  are o ften  the  firs t step— & la  
M a rx — to  some k in d  o f  coercive en terprise). S t i l l ,  these dem ocra tic  ideals
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depend on a v ig ila n t c itizen ry . W h a t perm its a c itize n ry  to  be v ig ila n t is 
the  lib e ra l m ethod o f  regu la r elections. In  th a t sense lib e ra l dem ocracy is 
a necessary p a rt o f w ha t populists c la im  to  w ant.

In  the  same way, lib e ra l dem ocracy prom otes a k ind  o f equality. 
E qua l chances to  restra in , to  re ject, and to veto inhere in  the  very idea o f 
using votes to  con tro l o ffic ia ls. T h is  is the  no tion  o f the  equa lity  o f the 
r ig h t o f  dem ocra tic  p a rtic ip a tio n , w h ich  is the  essence o f the  idea o f ju r is ­
t ic  equa lity . E q u a lity  has m any o ther derived meanings, inc lud ing  notions 
such as equal shares o f  the  na tiona l treasure and eq u a lity  before the law 
( th a t is, in  the  co u rtroom ). B u t eq u a lity  in  these derived senses cannot 
occur unless ju r is t ic  eq u a lity  exists. In  th a t way, ju r is t ic  equa lity  is p r i­
m ary, and th a t is w ha t lib e ra l dem ocracy provides.

So the  lib e ra l in te rp re ta tio n  o f vo ting , however m uch i t  adm its o f 
“ u n fa ir ”  vo ting  methods, m an ipu la tion , cycles, and the  like , s t i l l  contains 
the  essential elements o f democracy. I t  may, fro m  the  popu lis t view, be a 
m in im a l k in d  o f  dem ocracy; bu t th is  is the on ly  k in d  o f dem ocracy ac tu ­
a lly  a tta inab le . I t  is the k in d  o f  dem ocracy we s ti l l  have in  the U n ited  
States; and i t  is the  k in d  o f  dem ocracy so m uch adm ired  by those who live 
in  closed societies.

10.D. Are Liberal and Populist 
Interpretations Compatible?

To say th a t the  popu lis t in te rp re ta tio n  o f vo ting  cannot survive c r i t i ­
cism , b u t the  lib e ra l in te rp re ta tio n  can, does no t necessarily im p ly  th a t 
the  tw o  in te rp re ta tions  are incom patib le . I t  m ay be th a t i f  vo ting  perm its 
the  re jec tion  o f o ffic ia ls (the  lib e ra l goa l), then fro m  the libe ra l po in t o f 
v iew  i t  makes no d ifference w hether people a ttem p t, however fru itless ly , 
to  use vo ting  to  em body the supposed popu la r w il l  in  law  (the  popu lis t 
goa l). S ince the popu lis t m ethod is not va lid , i t  w il l  usua lly  fa il.  B u t i t  
m ay sometimes succeed. A n d  i f  its  fa ilu re  or success are irre levan t by 
lib e ra l standards, then there  is no necessary in co m p a tib ility  between lib e r­
a lism  and populism .

The case can be p u t thus: L e t lib e ra l re je c ta b ility  o r L R  stand fo r 
“ citizens are able to  re ject some ru le rs ,”  and le t popu lis t in co rp o ra b ility  or 
P I stand fo r  “ c itizens are able to  embody popu lar w il l  in  law .”  Then, i f  we 
guarantee a t least L R  and sometimes also get P I, we have perhaps ob­
ta ined an extra  benefit. T h is  happy resu lt can occur, however, on ly  i f  L R  
and P I are com plem entary. I f  they are inconsistent, if, fo r example, P I is 
equ ivalent to  the negative o f LR , then populism  is ce rta in ly  incom patib le

10.D. Liberal and Populist In terpreta tions 247

w ith  libe ra lism . I t  is im p o rta n t to  discover, then, w hether L R  and P I can 
be sim ultaneously a ffirm ed.

In  the view  o f  libe ra lism  set fo r th  by B e rlin  (see section l .F )  popu­
lism  transform s libe ra lism  in to  ty ra n n y  when a coercive o lig a rch y  cla im s 
to  enforce an im ag ina ry  popu la r w ill.  B u t th a t trans fo rm a tion  assumes an 
o liga rchy th a t refuses to subm it to  the  lib e ra l d isc ip line  o f  the  next elec­
tion . Suppose, however, th a t free and regu la r elections are preserved. 
Then, even though the popu lis t ideal m ay be una tta inab le , populism  need 
no t destroy freedom . So the question re a lly  is: C an lib e ra l in s titu tions  
(th a t is, the  a b ility  to  re ject ru le rs) be m a in ta ined  when the popu lis t 
in te rp re ta tion  o f vo ting  and popu lis t in s titu tio n s  are adopted?

To answer, I  w il l  f irs t define b rie fly  the in s titu tio n s  appropria te  fo r 
each in te rp re ta tion  o f vo ting .

P o p u lis t in s titu tio n s . The popu lis t ideal requires th a t ru le rs  move 
s w iftly  and sure ly to  em body in  law  the popu la r decision on an e lectora l 
p la tfo rm . C ons titu tiona l restra in ts th a t re ta rd  th is  process are populis- 
tic a lly  in to le rab le . The appropria te  in s titu tions  are those th a t fa c ilita te  
speedy em bodim ent, and the  sim plest such in s titu tions  are so-called con­
s titu tio n a l d ic ta torsh ips, by w h ich  I  mean d ic ta to r ia l executives w ho sub­
m it to  real elections o r plebiscites b u t ru le  by decree o r th rough  a com ­
p la isant leg is la ture. L a tin  A m erican  governm ents o ften  have th is  fo rm . 
M ex ico  is perhaps an exam ple, though, since M ex ican  presidents never 
stand fo r reelection, the  one-party  plebiscites m ay not be real elections.

M o re  com plex popu lis t in s titu tio n s  are those th a t develop o u t o f 
pa rliam en ta ry  governm ents when they degenerate in to  a sovereign se lf­
regenerating leg is la tu re  run  by a leader (w ho is also the executive) o f  a 
d iscip lined m a jo rity  party . For the leg is la tu re  to  be sovereign, there  can­
not be externa l restra in ts like  an ex te rna lly  selected executive and inde­
pendent courts; nor can there  be in te rn a l restra in ts  such as m u ltip le  
houses w ith  d iffe re n t constituencies. For the leg is la tu re  to be d isc ip lined, 
members o f the m a jo r ity  p a rty  dare not de fy  the p a rty  leader. F u rth e r­
more, a t least one p a rty  m ust be a m a jo r ity  alone. W ith  such a rrange­
ments the p a rty  leader can then ensure th a t p a rty  p la tfo rm s  are q u ick ly  
adopted in  true  popu lis t fashion. F in a lly , since the leg is la tu re  is se lf­
regenerating, th is  leader can m an ipu la te  the tim e  and cond itions o f  elec­
tions to  fa c ilita te  his o r her own continuance in  office.

T he  closest cu rre n t app rox im a tion  to  th is  ideal is G rea t B r ita in  as 
i t  has developed over the last generation. E xte rna l checks on the House 
o f Commons have been removed. The House o f Lo rds was e ffec tive ly  
countered by the  P arliam ent A c t o f  1911, and the last a ttem p t a t even 
personal freedom  in  the C row n was repulsed at the abd ica tion  o f E dw ard  
V I I I  in  1937. S trong th ird  parties, a cha rac te ris tic  fea tu re  o f n ineteenth-
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cen tu ry  Parliam ents ( fo r  exam ple, the R adicals, Ir is h , and L a b o u r), were 
e lim ina ted  w ith  the decline o f L ib e ra lism  a fte r the 1920s, though they 
m ay be reappearing in the  new L ib e ra lism  or Social Dem ocracy. The 
na tiona l leaders o f  the tw o m ain  parties acquired con tro l o f  nom inations 
so th a t the members became d isc ip lined. A n d  fin a lly  the na tiona l leader­
ship o f  the m a jo r ity  p a rty  was lodged in  the  p rim e  m in is te r, who, once in 
office, could usua lly  con tro l a ll factions o f  his o r her p a rty  and, w ith in  
w ide  lim its , ensure his o r her continuance in office. W h a t has so fa r  saved 
the B ritis h  system fro m  constitu tiona l d ic ta to rsh ip  is, I  believe, a three- 
cen tu ry-o ld  libe ra l tra d it io n  o f free and regu la r elections. B u t even th a t 
tra d it io n  now seems threatened. T he  ideal o f  new elections when the gov­
ernm ent loses in the House o f Com m ons has degenerated in to  the govern­
m en t’s selection o f a p rop itious tim e  w ith in  the  lim its  o f  a five-year te rm . 
(A n d  th a t te rm  has tw ice  been doubled w ith  the excuse o f  w ar.) M o re  
s ign ifican t evidence o f the popu lis t e lim in a tio n  o f  e lectora l res tra in t, how ­
ever, is the  confiscatory and tru ly  oppressive taxa tion  and in fla tio n  by 
w h ich  ru le rs have financed th e ir  reelection, thereby acting  against the 
society th a t they are supposed to  serve.

L ib e ra l in s titu tio n s . L ib e ra lism , as here defined, s im p ly  requires 
regu la r elections th a t sometimes lead to  the re jection  o f  ru lers. I t  is often 
though t th a t libe ra lism  also involves ad d ition a l cons titu tiona l restra ints, 
and i t  is indeed h is to rica lly  true  th a t lib e ra l regimes have a lways had 
them . T h is  association, however, m ay be no m ore than a h is to rica l acci­
dent, ow ing to  the fac t th a t lib e ra l dem ocracy developed ou t o f  the im po­
s ition  o f  cons titu tiona l restra in ts on m onarchies. Perhaps, in  the abstract, 
lib e ra l methods do not need to be supplem ented w ith  these restra in ts 
because libe ra lism  has on ly  one s tipu la ted  sanction on ru le rs— namely, 
the  th rea t o f  the next e lection. Nevertheless, in  p ractice, lib e ra l democ­
racy p robab ly  does not w o rk  w ith o u t the add itiona l restra in ts always 
here to fore  associated w ith  i t— m u ltica m e ra l legislatures, decentralized 
parties, and so on.

H a v in g  defined popu lis t and lib e ra l in s titu tions , i t  is now possible to 
investigate  the m ain  question: Is the lib e ra l in te rp re ta tio n  o f  vo ting  com ­
pa tib le  w ith  popu lis t ins titu tions?  The answer depends on w hether ru lers 
in  a popu lis t system can be expected to  m a in ta in  the e lectora l arrange­
ments essential fo r  lib e ra l democracy.

I t  is d iff ic u lt, I  believe, fo r  ru le rs o f  any k in d  to  m a in ta in  free elec­
tions. The fu nc tion  o f  an e lection is to  p u t a t stake the  ru le rs ’ jobs, even 
th e ir lives. In  nations where the  dem ocra tic  tra d it io n  is fra g ile  o r exter­
n a lly  imposed, i t  is com m on fo r ru le rs w ho have won office in  elections to 
p ro h ib it elections they  m ig h t lose. Even adherents o f the  dem ocra tic  ideal 
hesitate to  ho ld  elections when they fear the electorate m ay do som ething
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“ foo lish ”  o r “ w rong .”  D ic ta to rs  fro m  C rom w e ll to  Fer6n, w ho have possi­
ble genuinely regarded themselves as caretakers u n t i l  dem ocracy can be 
resumed, have always been re lu c ta n t to  tru s t an e lectorate  th a t m ig h t 
in s ta ll an a lte rna tive  demagogue.

In  general, therefore, the  e lectora l system is o n ly  p recarious ly  m a in ­
ta ined. B u t in  popu lis t systems both the tem p ta tio n  and the a b il i ty  to  
weaken the  e lectora l sanction are especially s trong. For one th in g , w ith  a 
popu lis t in te rp re ta tio n  o f vo ting  i t  is easy fo r  ru le rs  to  believe th e ir  p ro ­
gram s are the  “ tru e ”  w il l  o f  the people and hence m ore precious than  the 
cons titu tion  and free elections. Populism  re in forces the  no rm a l arrogance 
o f  ru le rs w ith  a b u ilt - in  ju s tif ic a tio n  fo r  ty ranny, the  con tem porary  ver­
sion o f  the  d iv ine  r ig h t o f  ru lers.

The m ain th re a t to  dem ocracy fro m  populism  is no t, however, the 
exceptional tem p ta tion  to  subvert elections b u t the exceptiona l a b ili ty  to  
do so. Populist in s titu tio n s  depend on the e lim in a tio n  o f cons titu tiona l 
restra in ts, and the popu lis t in te rp re ta tio n  o f vo ting  ju s tifie s  th is  e lim in a ­
tion . W ith  the  restra in ts removed, i t  is easy to  change e lectora l arrange­
ments, w h ich  is w hy popu lis t democracies so o ften  reve rt to  autocracies. 
Perhaps the leaders o f some fu tu re  populism  w il l  be so th o ro u g h ly  im bued 
w ith  lib e ra l ideals th a t they w il l  never m eddle w ith  free elections. B u t 
since even in  B r ita in , where lib e ra l ideals o rig ina ted , the  popu lis t e lim in a ­
tion  o f  cons titu tiona l lim ita tio n s  has begun to  produce a ttacks on the 
in te g r ity  o f e lections, i t  seems u n lik e ly  th a t the  lib e ra l sanction can sur­
vive popu lis t in s titu tions . Indeed th is  em p irica l re g u la r ity  suggests to  me 
th a t there  is a p ro found  theo re tica l reason th a t popu lism  induces ru le rs  to  
ensconce themselves in  office. A t  any ra te , on the  p ra c tica l level a t least, 
the  answer is c le a rly  negative to  the  m a in  question o f  th is  section: Is 
lib e ra l re je c ta b ility  com patib le  w ith  popu lis t in co rp o ra b ility?  N o : because 
the cons titu tiona l restra in ts p ra c tic a lly  associated w ith  lib e ra lism  m ust be 
destroyed to  achieve populism .

10.E. The Preservation 
of Liberal Democracy

I t  seems c lear to  me th a t dem ocracy cannot be preserved s im p ly  
w ith  the  lib e ra l in te rp re ta tio n  o f  vo ting . Suppose one had a lib e ra l regim e 
w ith o u t the cons titu tiona l lim ita tio n s  ty p ic a lly  associated w ith  libe ra lism . 
W ould  the regim e long rem ain  libe ra l?  W ou ld  i t  no t operate fo r  a ll the  
w o rld  as i f  i t  were populis t?  W ou ld  i t  no t move ce rta in ly  tow a rd  some 
k in d  o f  oppression by ru lers? I  th in k  the  answers to  these questions are yes
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and so d id  M ad ison . A lth o u g h  he argued th a t the  necessary and suffic ient 
cond ition  fo r  repub lican ism  ( th a t is, dem ocracy) to  e x is t was s im p ly  regu­
la r, popu la r elections, i t  is s t i l l  tru e  th a t he d id  not th in k  th is  cond ition  
was su ffic ien t to  preserve the  lib e ra l system. Instead he argued the neces­
s ity  o f  cons titu tiona l lim ita tio n s . A n d  the  cons titu tion  he was ju s tify in g  in  
The F e d e ra lis t conta ined a va rie ty  o f  ve ry  rea l restra in ts th a t together 
have successfully kept ru le rs  fro m  subverting regular, popu la r elections 
fo r 200 years. These restra in ts have the effect o f  preventing any single 
ru le r o r any s ingle p a rty  fro m  g e tting  enough power to  subvert:

1. A  m u ltic a m e ra l le g is la tu re  (re a lly  three “ houses” : the president, Sen­
ate, and House o f Representatives) based on d iffe re n t divisions o f the 
people in to  constituencies. The  d iffe re n t constituencies have typ ica lly  
kept the  interests o f ru le rs separate and thus fo resta lled  the fusion o f 
th e ir  a b ility  to  ru le  in to  a tyranny.

2. A  d iv is io n  between le g is la tiv e  and  executive a u th o rity . T hough  consti­
tu tio n a l in te rp re te rs  fro m  M ontesqu ieu  on have believed th is  a funda­
m enta l lim ita t io n , in  the A m erican  system i t  is no m ore than  an exten­
sion o f the d iffe r in g  constituencies o f the  m u ltica m e ra l leg islature.

3. A  d iv is io n  o f  a u th o r ity  between n a tio n a l and  lo c a l governm ents. Th is  
is the  fam ous A m erican  federa lism , copied over h a lf  o f  the  w orld . The 
cons titu tiona l re s tra in t is no t, however, the legal d iv is ion  o f duties be­
tween cen tra l and loca l governm ents b u t ra the r the  resu ltan t loca l­
iza tion  o f  p o lit ic a l parties th a t renders na tiona l leadership o f them  
impossible.

4. A n  independent ju d ic ia ry . A m erican  lawyers have ty p ica lly  believed 
th is  to  be the m a in  lim ita t io n . Indeed, the separation o f the ju d ic ia ry  
fro m  the rest o f  governm ent does render b locking  possible. B u t the 
ju d ic ia ry  has no independent constituency and so always loses in  a 
crisis. Hence, th is  l im ita t io n  is m uch less im p o rta n t than the m u lt i­
cam eral leg is la tu re  or the decentra lized parties.

5. L im ite d  tenure  and  re g u la r e lections. T h is  is the fundam enta l re­
s tra in t, b u t i t  is no t a se lf-en fo rc ing  lim ita t io n . I t  depends ra the r on the 
force o f tra d it io n  and on the other restra in ts previously listed.

A b o u t the on ly  im p o rta n t re s tra in t com m only found in  o ther constitu ­
tiona l democracies and no t inc luded in  th is  one is a system o f  m ore than 
tw o  p o lit ica l parties so th a t no single p a rty  is ever a m a jo r ity  by itse lf. 
S om eth ing o f  th a t res tra in t, however, is provided in  the A m erican  system 
by decentra lized parties.
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M adison was correct, I  believe, in  his assertion th a t cons titu tiona l 
lim its  preserve lib e ra l democracy. F o rtuna te ly  the lim its  he helped p ro ­
v ide re ta in  most o f th e ir o rig in a l force. Yet in the A m erican  p o lit ica l tra ­
d itio n  there has always been a strong s trand o f populism , usua lly  ex­
pressed as the no tion  th a t the w inners o f  an election ough t to  be able 
im m ed ia te ly  to  em body th e ir  p la tfo rm  in  law  and policy. T h is  was, fo r 
exam ple, the basis fo r the a ttack  by Jacksonians on bu reaucra tic  tenure, 
fo r the a ttack  by popu lis t p o lit ic a l philosophers (such as C harles Beard 
and J. A lle n  S m ith ) on cons titu tiona l lim ita tio n s  o f  a ll sorts, fo r the per­
sistent advocacy (described in  section 3 .G ) o f a r ig id  system o f tw o d isc i­
p lined p o lit ic a l parties (thus a llow ing  a “ m a jo r ity ”  im m ed ia te ly  to  enact 
its p rog ram ), and f in a lly  in  recent decades fo r  the idea liza tion  o f  “ presi­
den tia l leadership” —  a euphem ism  fo r  transcending cons titu tiona l l im ita ­
tions by the dom ina tion  o f  a popu lis tica lly  endorsed, quasi-m onarch ica l 
president.

A lo n g  w ith  the popu lis t notion o f  an un fe tte red  agent (w hether 
p a rty  o r president) o f the popu la r w ill,  there is also the notion th a t the 
popular w il l  can express its e lf d irec tly , as in  leg is la tion  by referenda and 
even by p ub lic  op in ion  polls. The device o f re fe rendum  was developed in  
the  progressive era— an epoch o f  the popu lis t s p ir it— to provide a “ tru e r”  
expression o f the  popu lar w il l  than statutes produced by legislatures, 
w h ich  were, i t  was argued, m ere ly  d is to rtin g  in te rm ed ia ries  o f  the popu lar 
w ill.  Since th a t tim e  there has been considerable d is illus ionm en t w ith  
referenda because they have produced both inconsistent and b iza rre  legis­
la tion . S till,  the populist b e lie f in  d ire c t dem ocracy dies hard, even though 
i t  can in  no wise escape the defects o f m an ipu la tion . So now there is con­
siderable enthusiasm  fo r using cable te levision to  conduct elections on the 
content o f statutes and even o f adm in is tra tive  policy. Presum ably citizens 
w il l  listen to  debate and then vote by push bu tton , supp lan ting  thereby the 
need fo r any k in d  o f leg is la tu re .

M a n y  cu rren t proposals fo r  in s titu tio n a l re fo rm  are popu lis tica lly  
in tended to  n u lli fy  cons titu tiona l lim ita tio n s . In  spite o f disasters w ith  the 
“ im p e ria l”  presidencies o f Johnson and N ix o n , people continue to  search 
fo r ways to  enhance presidentia l leadership— by tigh ten ing  pres identia l 
con tro l o f the  bureaucracy and by e labora ting  pres identia l in fluence in  the 
party. T he  decentra liza tion  o f p o lit ic a l parties, the fundam en ta l res tra in t 
in  federalism , is under constant a ttack  w ith  proposals fo r frequen t po licy ­
m aking  conventions to  be dom inated by na tiona l leaders and proposals fo r 
centra lized na tiona l financ ing  o f campaigns. W h ile  a t the m om ent p ro ­
posals to  e lim ina te  legislatures w ith  d ire c t law -m ak ing  over cable te lev i­
sion or to  substitu te  (£ la M arcus  R askin , as c ited in section l .G )  in s truc ­
tions fro m  grand ju rie s  fo r leg is la tive  ju d g m e n t seem b izarre , I  have no
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doubt th a t, as technology and o p p o rtu n ity  com bine, such popu lis t propos­
als w il l  be taken seriously.

The present s itua tion  in  the U n ite d  States is, therefore, th a t, a l­
though the  fundam enta l cons titu tiona l lim ita tio n s  rem ain , populists per­
s is ten tly  seek to  underm ine them . S ince the tw en tie th  cen tu ry  is a popu lis t 
era w orldw ide , our hom egrown populists m ay w e ll succeed.

Populism  puts dem ocracy a t risk . D em ocracy requires con tro l o f 
ru lers by e lectora l santions; the  s p ir it  o f  populism  and popu lis t ins titu tions  
allows ru le rs to  tam per w ith  th is  sanction, thereby rendering i t  a weak 
defense against the ty ra n n y  o f offic ia ls. T he  m aintenance o f dem ocracy 
requires there fore  the m in im iza tio n  o f  the ris k  in  populism .

H ow  can we m in im ize  the  risk? T h is  is the  g reat question o f  p o lit i­
cal prudence forced on us by the revelations o f  social choice theory. I  w il l 
conclude th is  survey w ith  some rem arks on th is  p rac tica l problem .

The m ain defense against popu lis t excesses is the m aintenance o f the 
cons titu tiona l lim ita tio n s  inherited  fro m  e igh teenth-century W higgery. 
I t  w ould  probab ly  help also to  have a c itize n ry  aware o f  the emptiness o f  
the popu lis t in te rp re ta tio n  o f  vo ting . A n d  surely a w ide dissem ination o f 
the discoveries o f social choice theory  is a desirable add itiona l defense. 
B u t the d issem ination o f a ra th e r arcane theory  is a task fo r  generations. 
( I t  took me a score o f  years o f  re flection on B la ck ’s and A rro w ’s discover­
ies to  re ject the populism  I  had in it ia l ly  espoused.) Consequently, the 
fundam enta l m ethod to  preserve lib e rty  is to  preserve a rden tly  our tra d i­
tio n a l cons titu tiona l restra in ts— decentra lized parties and m u lticam era l 
governm ent.

A lm o s t everyone who has w ritte n  about A m erican  po litics  has em­
phasized its pecu lia r style. Except fo r  the  one g reat disaster o f  the  C iv il 
W ar, the nastiest features o f  p o lit ic a l scarc ity  have seldom flourished. 
One group  has no t persistently tr ie d  to  do in  another, p robab ly because 
p o lit ica l coa litions are a lways sh iftin g  and cons titu tiona l restra in ts make 
i t  d iff ic u lt to  organize zero-sum situations. Consequently, there are no 
e labora te ly  ra tiona lized  ideologies th a t ca rry  w ith  them  a lo g ica lly  clear 
and in tr ic a te ly  arranged set o f  pub lic  policies. Instead, p o lit ica l leaders 
are a lm ost always engaged in  constructing  pe tty  and p ragm atic  com pro­
mises fo r m a rg ina l adjustm ents in  policy. O n ly  in  a few g reat crises have 
great leaders emerged, and great leaders have a lways disappeared as the 
crises have subsided.

T he  reason fo r th is  s ty le  is, I  believe, the existence o f cons titu tiona l 
lim ita tio n s . In  his fam ous defense in  The F e d e ra lis t, N o . 51, o f  the  notion 
o f the  separation o f powers, M ad ison  rem arked:
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A  dependence on the  peop le  [b y  w h ich  he m eant dem ocracy, o r re g u la r 
e lections and  lim ite d  tenure  o f  o ffic e ] is , no d o u b t, the  p rim a ry  c o n tro l 
on the  governm ent; b u t experience has ta u g h t m a n k in d  the  necessity o f  
a u x illia ry  p re ca u tio n s  [b y  w h ich  he m eant p re c ise ly  the  c o n s titu tio n a l 
re s tra in ts  here e num era ted ].

The experience o f  the  subsequent tw o  centuries has re in fo rced  the  teach­
ing  to  w h ich  M ad ison re ferred . A n d  the  reason is th is : L ib e ra l dem ocracy 
a lm ost guarantees some c ircu la tio n  o f  leadership so th a t g rea t pow er is 
usua lly  flee ting  and no vested in te rest lasts forever. T he  cons titu tiona l 
restra in ts have a lways re in fo rced  th is  sty le. M u ltic a m e ra lis m  and federa l­
ism  have enforced loca lism  in  parties, and th is  in  tu rn  has forced ru le rs  to  
persuade ra th e r than  to  co n tro l. T he  to ta l e ffect is th a t po licy  does not 
change e ithe r ra p id ly  o r sharp ly  enough to  h u rt anyone ve ry  badly, w h ich  
is w hy we have usua lly— except in  the  C iv il W a r— avoided the  w orst fea­
tures o f p o lit ic a l scarcity. T h a t the  system has w orked in  th is  m oderate 
w ay is due p a rtly  to  luck ; b u t i t  also is due to  th a t happy m ix tu re  o f  lib e ra l 
dem ocracy and co n s titu tio n a l res tra in ts  th a t has so fa r  preserved us fro m  
the  hatreds and oppression im p lic it  in  populism .
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' “M ad ison, The F e d e ra lis t, N o . 51. See also N o . 10.

"D a h l, in  A  P reface to  D em ocra tic  Theory, so in te rp re ts  it .  In  m y term s, 
D ah l tu rns ou t to be a libe ra l and M ad ison ian ; his “ po lya rcha l”  democ­
racy is very s im ila r to  m y in te rp re ta tio n  o f  M adison.

l2Jean Jacques Rousseau, S o c ia l C on trac t, Bk. I ,  chap. 8.

" Is a ia h  B e rlin , Tw o Concepts o f  L ib e rty  (O x fo rd , England: O x fo rd  U n i­
ve rs ity  Press, 1958), la te r revised in  F o u r Essays on L ib e rty  (O x fo rd , 
England: O x fo rd  U n ive rs ity  Press, 1969).

I4C. B. M acPherson, D em ocra tic  T heo ry  (O x fo rd , England: O x fo rd  U n i­
ve rs ity  Press, 1973), pp. 108—109. I  have added the words in  brackets.

"W illm o o re  K enda ll, John Locke and the D o c trin e  o f  M a jo r ity  R u le  
(U rbana : U n ive rs ity  o f  I ll in o is  Press, 1941).

,6Ib id „  p. 135.

"T h e  d is tinc tion  I  have draw n between libe ra lism  and populism  can also 
be found under the names “ lib e ra lism ”  and “ rad ica lism ”  in  Sam uel H . 
Beer, “ N ew  S tructures o f D em ocracy,”  in D em ocracy in  the M id - 
T w entie th  C entury, ed. W ill ia m  N . Cham bers and R obert H . Sa lisbury 
(S t. Lou is: W ashington U n ive rs ity  Press, 1960), pp. 32—33. In  discussing 
the rise o f popu la r governm ent o u t o f  the medieval co rpo ra tiv ism  o f  “ es­
tates”  and “ orders,”  Beer points o u t th a t libera ls  such as M acau ley and 
M adison “ rem ained com m itted  to  pa rliam en ta rian ism ,”  b u t the ob ject
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represented ceased to  be corporate  bodies and became ind iv idua ls , “ based 
on the ra tiona l, independent m an.”  O n the o ther hand, rad ica ls  such as 
Bentham  “ w ou ld  make governm ent the ins trum en t o f  the  ‘w il l  o f  the peo­
ple,’ a un ified  and a u th o rita tive  fo rce  in  w h ich  he found  the  on ly  sovereign 
o f the p o lity  and fo r  w h ich  the m a jo r ity  spoke.”  Beer goes on to  show th a t 
the rad ica l tra d it io n , supe rfic ia lly  in d iv id u a lis tic , w ent fu l l  c irc le  to  the  
co llec tiv is t and co rpo ra tiv is t notions o f, especially, the L a b o u r party , 
w h ich  is o f  course precisely B e rlin ’s developm ent o f  coercion o u t o f  posi­
tive  lib e rty  o r the necessity, as I  have shown, o f  se lf-m astery becom ing 
coercion in  the presence o f  popu lis t vo ting .

" W il l ia m  A . Rusher, The M a k in g  o f  the  N ew  M a jo r ity  P a rty  (N ew  
Y ork: Sheed and W ard , 1975); M a rcus  R askin , N o tes on the  O ld  S ystem : 
To T ransfo rm  A m erican  P o litic s  (N e w  Y o rk : M cK a y , 1974). S ince 
Rusher describes h im se lf as a conservative and o ften  denounces lib e ra l­
ism , I  should, in  fa irness to  h im  and the reader, exp la in  w hy  I  ca ll h im  a 
libe ra l. O r ig in a lly  “ lib e ra l”  described independence fro m  governm ent 
(negative lib e rty , fo llo w in g  B e rlin ). In  th is  cen tu ry  i t  came to  mean firs t 
positive lib e rty  and then, by the tra n s fo rm a tio n  B e rlin  described, coer­
cion, s ta tism , and dependence on governm ent, in  effect exactly  the  reverse 
o f  the ea rlie r m eaning. M y  usage preserves the o r ig in a l sense, w h ile  
Rusher as an a n tis ta tis t has used the  w ord  “ conservative”  as a new name 
fo r an tis ta tism . ( I t  is p robab ly not a good choice because the T o ry  is also 
a s ta tis t.) Nevertheless, Rusher seems to  me to  represent one extrem e 
version o f  the M ad ison ian  tra d it io n , so I  w il l  continue to  ca ll h im  a l ib ­
era l. R askin , on the o ther hand, condemns a ll brands o f libe ra lism . A s a 
co llec tiv is t he is against M ad ison ian  lib e ra lism , and as a ra d ica l he is 
against the sta tism  o f  positive libe ra lism . So I  th in k  i t  fa ir  to  ca ll h im  
a populist.

’ ’ R askin , p. 153, quo ting  fro m  M a r t in  Buber, “ The Gods o f the  N a tio n s  
and G od,”  in  Is ra e l and  the  W orld  (N e w  Y ork : Schocken Books, 1948),
p. 210.

Chapter 2

'To  define p ropo rtiona l representation fo rm a lly : For 1, 2 , ___ , m  parties,
le t vf be the num ber o f  votes fo r p a rty  i,  and s, be the num ber o f  seats fo r 
pa rty  i.  Then the  to ta l vote is V  =  2 J l , v „  and the num ber o f seats is
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S  =  S/”L |J /, where V  and S  re fe r to  the d is tr ic t o r the na tion  as the case 
m ay be. Then p ropo rtiona l representation is the s itua tion  in  w h ich

§ / - - ! .  a ll /

2See Douglas Rae, The P o litic a l Consequences o f  E le c to ra l Law s (N ew  
H aven: Yale U n ive rs ity  Press, 1971), pp. 28—39, fo r de ta il on the effects 
o f  the  tw o  methods. B rie fly , the  effects can be explained in  th is  way: In  
the highest-average m ethod, an average, ah is ca lcu la ted fo r  each party, 

thus:

a, = v ,/(s , + 1)

where v, and s, are defined as in  note 1. ( In it ia l ly , s, =  0; so a, =  v(.) The 
p a rty  w ith  the highest a, is assigned the firs t seat; a, is reca lcu la ted fo r 
th a t pa rty ; again the  p a rty  w ith  the  highest a, is assigned a seat; a, is re­
ca lcu la ted  fo r  th a t pa rty ; and so fo r th  u n til a ll seats are assigned.

In  the  la rgest-rem ainder m ethod, a quota, q , o r the “ p rice”  o f a seat, 
is ca lcu la ted  thus, using V  and S  as defined in  note 1: q =  V /S , o r q =  
V /(S  +  1), depending on the m ethod used in  various countries. Each 
party , /, is in it ia l ly  assigned s, seats, where

=  b>t/q]

and where [v ,/q ] is the largest in teger conta ined in  the num ber v ,/q . (O f 
course, i f  the  largest in teger is zero, the p a rty  is in it ia l ly  assigned zero 
seats.) A fte r  the  in it ia l a lloca tion , a rem ainder, r „  is ca lcu la ted  fo r each 
party , i,

r, =  vt -  Cs,q)

The next seat is assigned to  the  pa rty  w ith  the  largest r „  and the process is 
repeated u n til a ll the  seats are assigned.

I t  is p robab ly no t re ad ily  apparent to  o rd in a ry  citizens, b u t i t  is 
im m ed ia te ly  obvious to  co n tr iv in g  po litic ians , th a t the  highest-average 
m ethod varies fro m  tru e  p ro p o rtio n a lity  in  favo r o f the  la rge r parties and 
the largest-rem ainder method varies fro m  true  p ro p o rtio n a lity  in  ways 
th a t do not system atica lly  favo r e ithe r la rge  o r sm all parties. C onsider a 
stage in  an e lection a t w h ich  some seats have been assigned, others not. In  
the highest-average m ethod, the  size o f the o rig in a l vote (v,) is ju s t as
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re levant a t th is  stage as in it ia lly . Hence large parties are m ore lik e ly  than 
sm a ll ones to  get the  next seat. B u t in  the la rgest-rem a inder m ethod, the 
size o f the o rig in a l vote ceases to  be re levant a fte r the  in it ia l assignment 
o f  seats. Hence a t th is  stage the  next seat is equa lly  lik e ly  to  go to  a large 
o r to  a sm all party.

As can be seen in  D isp lay  N 2 -1 , the G au llis ts  (w ith  most votes) get 
the firs t, th ird , f if th , and ten th  seats by the highest-average fo rm u la , bu t 
on ly  the  firs t, th ird , and seventh seats by the la rgest-rem a inder fo rm u la . 
N o tice  th a t the  tw o  parties w ith  the m ost votes get the  firs t fo u r seats by 
both methods, b u t the h ighest average allocates the f i f th  seat to  the  pa rty  
w ith  the most votes (because the  in it ia l num ber o f votes dom inates the 
ca lcu la tion ) w h ile  the largest rem ainder allocates th a t same seat to  a 
sm all pa rty  (because the  in it ia l num ber o f votes is no longer re levant).

L e t us define the p ro p o rtion a lity , p , o f  a party , i,  as

T h is  fo rm u la  was used in  note 1 to  define the ob jective o f p ropo rtiona l 
representation as a system as one in  w h ich  p, =  1 fo r  a ll i.  The degree to 
w h ich  p , <  1 represents the advantage o f pa rty  i. I t  is apparent th a t, since 
the  highest-average m ethod tends to give m ore seats to  large parties, the 
P i s fo r la rge parties w il l  be s ig n ifican tly  sm a lle r (and s ig n ifica n tly  m ore 
advantageous) than fo r  sm all parties. S ince the la rgest-rem ainder method 
is in d iffe re n t am ong parties o f various sizes, p,'s under th is  m ethod w il l  
not be related to pa rty  size.

3James S. D ye r and R a lph  E. M iles , Jr., “ A n  A c tu a l A p p lica tio n  o f  C o l­
lective C hoice Theory  to the Selection o f T ra jecto ries  fo r the M a r in e r 
J u p ite r/S a tu rn  1977 P ro ject,”  O pera tions R esearch, Vol. 24 (M a rc h  
1976), pp. 220-244.

"Th is method was the Von N eum a n n -M o rg e n s te rn  experim ent described 
in  section 4.F.

3D yer and M iles , p. 228.

6M y  colleague R icha rd  N ie m i, however, has exam ined the actua l ba llo ts 
fo r  22 elections, m ostly by p ropo rtiona l representation, a t the U n ive rs ity  
o f  Rochester. H e  found th a t in  11 elections, some o f  the elected cand i­
dates could not beat a ll the  losers in  a head-to-head vote and thus w ould
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not have been elected by the  C ondorcet m ethod. See R ich a rd  N ie m i, “ T he  
O ccurrence o f  the  Paradox o f V o ting  in  U n ive rs ity  E lections," P u b lic  
C hoice, Vol. 7 (S p rin g  1970), pp. 9 1 -100 .

Chapter 3

‘H e re  and in  subsequent sections, I  re ly  heav ily  on th a t e legant presenta­
tio n  o f the w hole fie ld , Peter C . F ishburn , The T heory o f  S o c ia l C hoice 
(P rinceton: P rinceton U n ive rs ity  Press, 1973).

2T h a t is, o f the  th ree  possible re la tions, x  P ,y , x  I ,  y , and y  P ,x , the re la ­
tio n , R „  includes the tw o  fo rm e r and excludes the  la tte r.

MJsing the sym bolism  2 "_ , D , to  mean “ the  sum  o f  D , where i  =  
1, 2 , . . . .  n”  ( th a t is, Z), +  Z)2 +  . . .  +  D „), then F  is a s im p le  m a jo rity  
decis ion  ru le  i f  and on ly  i f

>  0 means F (D ) =  1 ( x  w ins)
=  0 means F {D ) = 0  ( x  and y  tie ) 

. <  0 means F {D ) = — !(>» w ins)
(N 3 -1 )

4Kenneth  O . M ay , “ A  Set o f  Independent Necessary and S u ffic ien t C on­
d itions  fo r  S im ple  M a jo r ity  D ecis ion,”  E conom e trica , Vol. 20 (O ctobe r 
1952), pp. 680 -684 .

5Form a lly , an F  is m ono ton ic  (o r non -nega tive ly  responsive) i f  and o n ly  if .

fo r a ll D  and D ' in  D , i t  is tru e  th a t, fo r  a ll i,  D , >  D \
im p lies F {D ) >  F {D ')  (N 3 -2 )

6F  is the  ju r y  fu n c tio n  i f  and o n ly  if.

fo r  D , =  t,
/M j

t  — n means F (D ) =  1 
where —n C t C n  means F (D ) =  0

(conv ic tion ) 
(a  hung ju ry ) (N 3 -3 )

t  =  —n means F (D ) =  — 1 (a c q u itta l)  .

7A n  F  is s tro n g ly  m ono ton ic  (o r p o s itiv e ly  responsive) i f  and on ly  i f  F  is 
m onoton ic and, fo r a ll D  and D ' in  D , and if,  fo r  a ll i ,  D , >  D '„
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i f  F {D ') =  0 and if, fo r some i,  D , >  D '„ then F (D ) =  1 

i f  F {D ) =  0 and if, fo r some /, D { >  D \, then F (D ') =  — 1
(N 3 -4 )

'A n  F  is unan im ous i f  and o n ly  if,  when Z > = ( 1 , 1 , . . . , 1 ) ,

F (D ) -  1, and, when D  =  ( - 1 ,  - 1 ..........- 1 ) ,  F ( D ) -------- 1
(N 3 -5 )

A n  F  is w e a k ly  unan im ous i f  and on ly  if, when Z ) = ( l , l , . . . , l ) ,

F (D ) #  — 1, and, when D  =  ( — 1, — 1 , . . . ,  — 1), F (D ) ¥= 1
(N 3 -6 )

’ Th is  fu n c tio n  was b rough t to  m y a tten tion  by R obe rt Freeman, dean o f 
the  Eastm an School o f  M u s ic  o f  the U n ive rs ity  o f  Rochester. Its  pecu liar 
properties were discovered and analyzed by B rad fo rd  Chaney. O f  course, 
D , m ust be redefined in  term s o f points and F (D ) in  term s o f po in t to ta ls 
( lik e  w eighted vo ting  in  equation [N 3 -7 ] in  note 13).

'“John H . S m ith , “ A gg rega tion  o f Preferences w ith  V ariab le  E lecto ra te ,”  
E conom etrica , Vol. 51 (N ovem ber 1973), pp. 1027-1041.

"T h is  is the so-called H a re  system, w h ich  John S tu a rt M i l l  praised so 
h ig h ly  in  C onside ra tions on R epresen ta tive  G overnm ent (1862).

l2G ideon D oron  and R ich a rd  K ro n ic k , “ S ing le  T ransferab le  Vote: A n  E x­
am ple o f a Perverse Socia l C hoice Function ,”  A m erican  J o u rn a l o f  P o liti­
ca l Science, Vol. 21 (M a y  1977), pp. 303-311.

13A n  F  is w e ighted  m a jo rity  vo tin g  i f  and on ly  if, fo r , w, =  W\

n >  0 means F (D ) - 1
= 0 means F (D ) =  0 

i-1 . < 0  means F (D ) =  — 1.
(N 3 -7 )

HL lo yd  Shapley and M a r t in  S hub ik , “ A  M e thod  o f E va lua ting  Power in  a 
C om m ittee  System ,”  A m e rica n  P o litic a l Science Review , Vol. 48 (Sep­
tem ber 1954), pp. 787 -792 ; John F. B anzha f I I I ,  “ W eighted Voting 
Doesn’t  W ork : A  M a th e m a tica l A na lys is ,”  R u tg e rs  Law  Review , Vol. 19 
(W in te r 1965), pp. 317 -343 ; John Deegan and E. W . Packel, “ A  N ew
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Index o f Power fo r S im ple  n-Person Gam es,”  In te rn a tio n a l J o u rn a l o f  
Gam e Theory, Vol. 7, N o . 2 (1978), pp. 113-123; H . P. Young, L obby ing  
and C am pa ign ing  w ith  A p p lic a tio n  to  the  M easure  o f  Power (Laxenburg , 
A us tria : In te rn a tio n a l In s titu te  fo r A p p lie d  Systems A na lys is , 1977).

15See P h ilip  S tra ffin , “ H om ogeneity, Independence, and Power Ind ices,”  
P u b lic  C hoice, Vol. 30 (S um m er 1977), pp. 107-118, w here in  i t  is shown 
th a t the  S hap ley-S hub ik  and B anzha f indices give qu ite  d iffe re n t in te r­
pretations o f a proposed C anadian cons titu tion  because the fo rm e r as­
sume voters have homogeneous standards o f ju d g m e n t and the  la tte r 
assumes th a t each vo te r’s ju d g m e n t is independent o f each o the r vo te r’s 
judgm ent. Since one does not know  ahead o f tim e  w h ich  assum ption is 
appropria te , i t  tu rns ou t to  be im possible to  trans la te  fa ir ly  and accurate ly 
rules d is tingu ish ing  voters in to  a w eighted vo ting  scheme.

16A n  F  is u n d iffe re n tia te d  i f  and on ly  if, fo r a ll D  in  D , and fo r  a ll 
perm utations,

F ( D „  D 2, . . . ,  Dn) =  F ( A („ ,  A d ) ..........A w )  (N 3 -8 )

I7T. N icho laus T idem an and G ordon T u llock , “ A  N ew  and S uperio r Pro­
cess fo r M a k in g  Socia l Choices,”  J o u rn a l o f  P o litic a l Econom y, Vol. 84 
(Decem ber 1976), pp. 1145-1159. A  special issue o f  P u b lic  C hoice, Vol. 
22, (Supplem ent to  S p ring  1977) is devoted to papers on the dem and- 
revealing process, a lthough  on ly  the papers by T idem an and T u llo ck  
seriously suggest its use in  popu la r elections. T idem an  in c id e n ta lly  re­
m arks, in  “ E th ica l Foundations o f the D em and R evealing Process”  (p. 
73 ), th a t i t  “ contributes p ra c tica lly  no th ing  to e q u a lity ”  and “ has a poten­
t ia l fo r increasing inequa lity .”  D ifficu ltie s  aris ing  fro m  the absence o f un- 
differentiatedness are discussed in W ill ia m  H . R ike r, “ Is ‘A  N ew  and 
Superior Process’ R ea lly  S uperio r? ”  J o u rn a l o f  P o litic a l Econom y, Vol. 
87 (A ugust 1979), pp. 875-890.

18T he  a le rt reader doubtless observes tha t, i f  there is m ore than one voter 
on each side and i f  the voters favoring  the loser, y , know  Sx, then they can 
m ake y  w in  tax-free  by o ffe ring  m , >  Sx fo r  a ll /' who p re fe r y  to  x . Then 
the fo rm u la  fo r  the tax  is [Sx — (Sy — m ,)], because y  is now the  w inner; 
and the tax fo rm u la  is negative fo r a ll such In  the exam ple in  the tex t, i f  
persons 1 and 4 each o ffe r $16 fo r  y  and persons 2 and 3 do not change 
th e ir offers, then w ins tax-free  (i.e ., 15 — (32 — 16) =  — 1). G enerally, 
i f  Sx >  Sy and if, fo r a ll / such th a t x  P ,y , the num ber o f i  is > 2 ,  and 
i f  m, >  Sy, then [5^, — (Sx — m ,)] is negative, and so x  w ins tax-free .
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” To  express a ll th is  precisely, le t each person reverse his o r her 
judgm ents:

I f  D , =  1 (i.e ., x  P, y ) , then —D , =  - 1  (i.e ., y  P, x ) .

I f  D , =  0 (i.e ., x  I , y ) ,  then - D , =  0 (i.e ., y  I , x ) .

I f  =  - 1  (i.e., y  P, x ) ,  then -£ > , =  1 (i-e., *  P, y )-

For D  =  (£>,, D 2, . . .  , D „), the  reverse o r o f  D  is — D  —
( — £>„ —Z)2............— £>„). N e u tra lity  is the  cond ition  th a t a reversed pro file
o f preferences leads to  reversed results. T h is  means tha t, i f  F (D ) =  1 
(o r -  1), then F ( - D )  =  -  1 (o r 1), and, i f  F(Z>) =  0, then F ( - D )  =  0. 
A n  F  is d u a l (o r n e u tra l) i f  and on ly  if,

fo r a ll D  in  D , F ( - D )  =  - F ( D ) .  (N 3 -9 )

“ V ocabulary necessary to  state the  cond ition  fo rm a lly  is: D , is an o rdering  
by person i ,  i  =  1, 2 , . . . .  n , o f  the m  a lternatives in X  =  ( x „  x 2, , x m). 
So £>, =  {x hR ix j R ,. . .  R ,x k) or, b rie fly , x hX j . . .  x k, w h ich  is a perm uta ­
tio n  o f  X  where each o f h , j , . . . ,  k  is a d iffe ren t elem ent o f  { l ,  2 , . . . ,  m }. 
A s before, the  social p ro file  is D  =  ( D „  D 2, . . . ,  D „), D  is the  set o f  a ll 
possible D , and Fg(D , X )  is the  social choice fro m  X , given some ru le  g  and 
some p a rtic u la r p ro file  D . I f  X  is perm uted, we get [< r(x,), <r(x2) , . . . ,  
< r ( x j] ,  where <x(x,) is the replacem ent fo r x,. T he  associated orders, p ro ­
file , and social choice are DJ, D ", and Fg(D °, X ) . F ina lly , a pe rm uta tion  o f 
Ft (D , X )  is a [F g(D , X ) ] .

H e re  is an example, w ith  three voters, th ree  a lternatives ( x „  x 2, x 3), 
the  C ondorcet ru le  th a t the  w inn ing  a lte rna tive  is th a t w h ich  can beat 
a ll others in a head-to-head vote, and the pe rm u ta tion  [<r(x,) =  x „  
ct( x 2) =  x 3, <r(x3) =  x 2]:

D

D \ : x , x 2 x }
D 2: x 2 x , x ,

D 2: x 3 x 2 x ,

D °

D ’ : x , x 3x 2
D '2: x 3 x , x 2

D \-  x 2x 3x,

FC(D , X )  =  x 2 (because in  D , x 2 beats x , and x 3) 

FC(D °, X )  =  x 3 (because in  D \  x 3 beats x , and x 2) 

o [F c(D , X ) ]  =  x 3 (because <r(x2) =  x 3)
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D e fin itio n : A n  F  is n e u tra l if ,  fo r  a ll D  in  D ,

F (D C, X )  =  < r[F (D , X ) ] .  (N 3 -1 0 )

Since Fc satisfies n e u tra lity ,

F (D C, X )  =  x ,  =  c [F X D ,X )\

w h ich  means th a t the  choice fro m  a perm uted X  is equ iva len t to  the  same 
pe rm u ta tion  o f  the  choice set.

21The h is to ry  o f  th is  tra d it io n  is w e ll to ld  in  A us tin  Ranney, The D o c trin e  
o f  R esponsib le P a rty  G overnm ent (U rbana : U n ive rs ity  o f  I ll in o is  Press, 
1954). The firs t book in the  tra d it io n  is W oodrow  W ilson , C ongressiona l 
G overnm ent (Boston: H ough ton  M if f l in ,  1885); the  re p o rt o f  the  A m e ri­
can P o litica l Science A ssocia tion ’s C om m ittee  on P o litica l Parties is To­
w a rd  a M o re  R esponsib le  T w o -P a rty  S ystem  (N e w  Y o rk : H o lt ,  R in e h a rt 
and W inston , 1950).

22W ilson , p. 93.

23A . Law rence Lo w e ll, “ T he  In fluence o f P a rty  upon L e g is la tio n ,”  A n n u a l 
R epo rt o f  the  A m e rica n  H is to ric a l A sso c ia tio n  f o r  the  Year 1901, Vo l. 1 
(1901), pp. 321-542.

24Pendleton H e rr in g , The P o litic s  o f  D em ocracy (N e w  Y ork : H o lt , R ine­
h a rt and W inston , 1940); D av id  T rum an , The G overnm enta l Process 
(N e w  Y ork: K nop f, 1951); A r th u r  F. Bentley, The Process o f  G overn­
m ent (C hicago: U n ive rs ity  o f  C hicago Press, 1908).

“ R obert D ah l, A  P reface to  D e m o cra tic  T heo ry  (C h icago : U n ive rs ity  o f  
Chicago Press, 1956), p. 146.

“ A n th o n y  Downs, A n  E conom ic T heory o f  D em ocracy (N e w  York: 
H a rpe r and Row, 1956).

27Peter C . O rdeshook, “ Extensions o f  a M o d e l o f  the  E le c to ra l Process 
and Im p lica tions  fo r the  T heo ry  o f Responsible Parties,”  M id w e s t J o u r­
n a l o f  P o litic a l Science, Vol. 14 (F eb rua ry  1970), pp. 43—70.

“ R icha rd  D . M cK e lvey, “ P o licy R e la ted  V o ting  and E lec to ra l E q u ilib ­
r iu m ,”  E conom etrica , Vol. 43 (Septem ber 1975), pp. 815 -843 , a t p. 835.
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Chapter 4

‘T he  m ain  argum ent against tra n s it iv ity  is th a t, in  m any labo ra to ry  ex­
perim ents, some subjects (o ften  re g u la rly ) reveal in tra n s itive  preferences. 
See Am os Tversky, “ In tra n s it iv ity  o f  Preferences,”  P sych o lo g ica l Review , 
Vol. 76 (January  1969), pp. 3 1 -48 , where in tra n s it iv ity  is induced by 
fo rc ing 'sub jec ts  to  judge  by tw o  o r m ore standards. The  m ain  argum ent 
fo r  tra n s it iv ity  is th a t i t  is a fundam en ta l cond ition  o f consistency and th a t 
people pre fer to  be consistent. T he  revealed in tra n s itiv it ie s  fro m  experi­
ments are expla ined aw ay as the resu lt o f  confusion on the p a rt o f  subjects 
and tr ic k e ry  on the  p a rt o f  experim enters. (P resum ably most people w ill 
re jec t inconsistency i f  i t  is po in ted out, especially w ith  som ething lik e  the 
extrem e exam ple o f  the  M oney Pum p: Person 1 arranges his judgm ents 
in tra n s itive ly : x y , y z , zx . To begin, person 1 possesses z; b u t since he likes 
y  be tte r than z, he is w illin g  to  trade, g iv ing  z and some money— say, one 
d o lla r— fo r  y . N o w  person 1 has y , b u t since he likes x  be tte r than y , he 
trades y  and one d o lla r fo r  x . N o w  person 1 has x , bu t since he likes z 
be tte r than x , he trades x  and one d o lla r fo r  z. N o w  person 1 is back 
where he sta rted— w ith  z— b u t he has lost three do llars. Presumably, th is  
process cou ld  be repeated u n t i l  person l ’s money is exhausted.) O n  the 
o the r hand, there are good examples suggesting th a t ind iffe rence need not 
be trans itive : I f  x 0, x lt x 2, . . .  , x m are gra ins o f  salt, then some person, i,  
m ig h t be in d iffe re n t between X j and x J -t gra ins on potatoes, b u t p re fe r x 0 
gra ins to  x m grains: x m I ,  x m _ „  x m _ , I ,  x m _ ........... x , I ,  x 0, and x 0 P, x m. 2

2U s ing  |i: x  Pt y \ to  mean “ the  num ber o f persons, /, w ho p re fer x  to  y "  
then

x  M y  means |/: x  Pt y \ >  |/: y  P ,x I (N 4 -1 )

S im ila r de fin itions, com parable  to  the  in d iv id u a l re la tions o f I  and R  are

x  T y  means |/‘: x  P(-y| =  |/: y  P: x \ (N 4 -2 )

x  M T y  means |/: x  > : |/: y  R t x | (N 4 -3 )

3 A c tu a lly , typ ica l A m erican  procedure provides fo r  th is  fina l step on ly  in  
the  most attenuated fo rm  because o ften  several sets X  are collected to ­
gether (as a repo rt fro m  the  com m ittee  o f  the w hole) and step 5 fo r a ll 
these sets is conta ined in  the m o tion  to  adopt the report. A m erican  proce­
dure is therefore lo g ica lly  less adequate than the  procedure ou tlined  
(w h ich  is equ ivalent to  D uncan B lack ’s procedure a ; see his The T heory
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o f  C om m ittees and  E le c tio n s  [C am bridge , England: C am bridge  U n ive r­
s ity  Press, 1958], p. 21). See W ill ia m  H . R ike r, “ The Paradox o f V o ting  
and Congressional Rules fo r  V oting  on A m endm ents,”  A m erican  P o litic a l 
Science Review , Vol. 52 (June 1958), pp. 349-366 .

“T h is  exam ple is based on the dom inated w inne r paradox in  Peter C . 
F ishburn , “ Paradoxes o f V o ting ,”  A m erican  P o litic a l Science Review, 
Vol. 68 (June 1974), pp. 537 -546 . One can easily ob ta in  examples o f a 
substantive w inne r th a t loses to  a rejected m o tion  w ith  ju s t fo u r a lte rna­
tives; bu t, since s is fixed as the  last a lte rna tive , i t  takes five  a lte rna tives to  
create an exam ple in w hich a rejected m otion  is una n im o u s ly  p re fe rred  to  
the w inner.

S p e c if ica lly : c (x ) =  \y in  X : x  M  y \ — \y in  X : y  M  x \.

“Peter C . F ishburn , The T heory o f  S o c ia l C hoice (P rince ton: P rinceton 
U n ive rs ity  Press, 1973), p. 170.

’Thom as S chw artz, “ R a tio n a lity  and the M y th  o f  the M a x im u m ,”  N o tts , 
Vol. 6 (M a y  1972), pp. 97 -117 .

8John Kemeny, “ M a them atics  W ith o u t N um bers ,”  D aedalus, Vol. 88 
(F a ll 1959), pp. 577-591 . See also A r th u r  Leveng lick , “ F a ir and Reason­
able E lection  Systems,”  B e h a v io ra l Science, Vol. 20 (January  1975), pp. 
34—46. T h a t the Copeland, S chw artz, and Kem eny rules produce d iffe re n t 
results m ay be seen in  th is  example:

D

D \- y  a b c d  e x FcopcInndC- î D ) — X
D 2: b x  y  c d  e a
D 3: x  c d  e a b y ^schw,mZ( * .  D ) = x y a b c d e
Dj . x  d  e a b c y
D s: y  e a b c d  x F Kcmz„ fX ,D )  = 6

A  num ber o f o ther in te resting  b u t unused rules have been devised. These 
are reviewed in  Peter C . F ishburn , “ C ondorcet Socia l C hoice Functions,”  
S IA M  J o u rn a l o f  A p p lie d  M a th e m a tics , Vol. 33 (N ovem ber 1977), pp. 
469—489. A  p a rtic u la rly  d if f ic u lt  C ondorcet extension was devised by 
Charles Dodgson (Lew is  C a rro ll) , fo r w h ich  see B lack, pp. 224—230; fo r
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B la ck ’s own proposal sec p. 66; fo r a proposal by C ondorcet see pp. 
175-176; and fo r one by N anson see p. 187.

’ N o tice  th a t in  the D ye r and M ile s  study, described in  section 2.B , the 
Borda method was, fo r  convenience, operated in  reverse: one po in t fo r 
firs t place . . .  m  points fo r last place, w ith  the a lte rna tive  w ith  the lowest 
po in ts the w inner.

' “ F ishburn , The T heory o f  S o c ia l C hoice, p. 147.

"See B lack, pp. 176-177.

12For an a lte rna tive , i f  r ( x ,  y ,  D ) is the  num ber o f orders D, in  D  in  w h ich  
x  precedes y,  then

s (x ) =  ^  K * .  y, D ) -  r ( y ,  x,  D ) ]  (N 4 -4 )

y in  x
y *  x

13To illu s tra te  the ca lcu la tion  w ith  •y(.y):

For y  and x , 2 y x  (in  D 2, Z>5) — 3 x y  (in  D „  D 3, D t ) =  — 1

For y  and a, 5 y a  (in  Z>„ D 2, D 3, D 4, D 5) — 0 ay =  5

For y  and b, 5 yb  ( in  Z )„ D 2, D 3, D t , D 5) — 0 by =  5

For y  and c, 4 y c  ( in  Z )„ D 2, D A, Z)5) — 1 cy ( in  D 3) =  ____ 3

s (y ) =  12

‘“See B lack, p. 216; F ishburn , The T heory o f  S o c ia l C hoice, p. 150.

,5The log ic o f  th is  dynam ic effect o f  the p lu ra lity  system is exam ined in  
W ill ia m  H . R ike r, “ The N u m b e r o f  P o litica l Parties: A  R e-exam ination 
o f  D uverger’s Law ,”  Vol. 9, C om para tive  P o litic s  (O ctober 1976), pp. 
93 -106 .

"S teven J. Bram s and Peter C. F ishburn , “ A pp rova l V o ting ,”  A m erican  
P o litic a l Science Review , Vol. 72 (Septem ber 1978), pp. 831-847.

"B la c k , pp. 65 -66 .

"F ish b u rn , “ Paradoxes o f V o ting .”
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’ See, fo r exam ple, R obe rt D a h l, A  P reface to  D em ocra tic  T heo ry  (C h i­
sago: U n ive rs ity  o f  C h icago Press, 1956); and James Buchanan and 
Jordon T u llo ck , The C a lcu lu s  o f  C onsent (A n n  A rb o r: U n ive rs ity  o f  
M ichigan Press, 1962).

■See John Von N eum ann and O skar M orgenste rn , The T heo ry  o f  Gam es 
nd E conom ic B ehavio r, 3 rd  ed. (P rince ton : P rince ton U n ive rs ity  Press, 
953). A  s im p le r in tro d u c tio n  is to  be found  in  W ill ia m  H . R ik e r and 
>eter C . Ordeshook, A n  In tro d u c tio n  to  P os itive  P o litic a l T h e o ry  (E ng le ­
wood C liffs , N .J .: P re n tice -H a ll, 1973), chap. 2.

'B e n th a m ’s P o litic a l T hough t, ed. B h ikh u  Parekh (London : C room  
■Jelm, 1973), pp. 114-127, 40, 16 -17 , 309 -310 .

'2A n  in te resting  app lica tion  o f th is  ru le  involves loca ting  voters in  a space 
ay m easuring th e ir  judgm en ts  on several scales and then choosing the 
candidate whose loca tion  m in im izes the  sum o f  the  distances fro m  the 
voters’ judgm ents. See I .  J. Good and T. N icho laus  T idem an , “ F rom  In ­
d iv idua l to  C o llec tive  O rd e rin g  T h rough  M u ltid im e n s io n a l A tt r ib u te  
Space,”  P roceedings o f  the  R o y a l S ocie ty, Vo l. A -3 4 7  (1976 ), pp. 3 7 1 - 
385. S ince th is  m ethod u ltim a te ly  rests on some k in d  o f u t i l i t y  measure­
m ent, i t  is essentia lly a sum m ation  technique.

23T. N icho laus  T idem an and G ordon T u llo ck , “ A  N ew  and S uperio r Pro­
cess fo r  M a k in g  Socia l Choices,”  J o u rn a l o f  P o litic a l E conom y, Vol. 84 
(D ecem ber 1976), pp. 1145-1159.

24J. F. N ash, “ T he  B a rga in ing  P rob lem ,”  E conom e trica , Vo l. 18 (A p r i l  
1950), pp. 155-162.

25A n  F  is u n d iffe re n tia te d  i f  and o n ly  if ,  fo r  a ll D  in  D , and fo r  any 
pe rm uta tion  o f  N ,

F [X , (D „  D 2..........A t) ]  =  F [X , (A m , A t f „  . . . .  A (n))] (N 4 -5 )

26A n  F  is n e u tra l i f  and on ly  if ,  fo r a ll D  in  D , and fo r any p e rm u ta tion  o f  
X  such th a t x s is replaced by ff(X j), fo r  xs be longing to  X ,

F {X , D ”) =  a F (X , D ) (N 4 -6 )

where these term s are defined as in  C hap te r 3, note 20.
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27A n  F  is m onoton ic i f  and on ly  if,  fo r  a ll i in  N  and a ll D , D ' in  D , 

where D ’j  — DJt fo r a ll j  ^  i

where D \ on (X  — {x}) =  Z), on (X  — {at}) (N 4 -7 )

and where, i f  x  P /y  im p lies  x P ,y  and x l j y  im plies x R , y ,  fo r  a ll y  in  
(X  — {x }), then, i f  x  is in  F (X , £>’), x  is in  F (X , D ); and i f  y  P / x  im plies 

y  P, x  and y  / /  x  im plies y  R , x , fo r a ll y  in  (X  — {x }), then, i f  x  is no t in 
F (X , £>'), x  is not in  F (X , D ).

28A n  F  is unan im ous i f  and on ly  if, fo r y  such tha t

( x  : x  in  X , x  P ,y , fo r a ll i  in  N ) , y  is no t in  F (X , D ) (N 4 -8 )

T h is  k in d  o f u n a n im ity  is o ften  called P are to  o p tim a lity . O r ig in a lly  th is 
sense o f  o p tim a lity  m eant th a t an outcom e was socia lly  op tim a l i f  any 
change fro m  i t  made someone worse o ff. C lea rly , i f  everybody d islikes y  
and y  is no t the social choice, then to  inc lude y  in  the social choice w ould 
surely m ake some people worse o ff.

29A n  F  is C ondorcet i f  and on ly  i f  F (X , D ) includes the set

{x  : x  M T y , fo r a ll y  in  X }. (N 4 -9 )

30A n  F  is consisten t i f  and on ly  if,  when N  is d iv ided in to  d is jo in t sets N ' 
and N 2 and D ' is a p ro file  on N ' and D 2 is a p ro file  on N 2,

i f  F (X , D ')  D  F (X , D 2) *  0 ,

then F (X , D ' +  D 2) C  F (X , D ')  n  F (X , D 2) (N 4 -1 0 )

(N o te : The sym bol Pi is to  be read “ the  intersection o f sets S' and T "  and 
means those elements th a t are in  both  S  and T ; the sym bol 0  means “ the 
em pty se t"; and the  sym bol C  means “ the  set on the  le ft contains or 
equals the  set on the r ig h t.”

31A n  F  is independent fro m  irre le v a n t a lte rn a tive s  i f  and on ly  if,

fo r S  inc luded in  X , D  =  D ' on S, then F (S , D ) =  F (S , D ')
(N 4 -1 1 )
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32The m ain reason fo r the d ispute is, I  believe, the fa c t th a t, when i t  was 
firs t presented in  Kenneth A rro w , S o c ia l C hoice and  In d iv id u a l Values, 
2nd ed. (N ew  H aven: Yale  U n ive rs ity  Press, 1963), i t  was discussed (b u t 
no t used) as i f  i t  fo rbade varia tions in  orderings o f a lternatives outside the 
set o f  a lternatives being considered. Thereby i t  was made in to  a consis­
tency cond ition  on the w ay choices fro m  various subsets o f  a lternatives 
were nested inside each other, a cond ition  th a t w il l  be discussed in  C hap­
te r 5. I t  is, however, not a consistency cond ition  on choices fro m  sets o f 
d iffe ren t sizes, bu t s im p ly  a consistency cond ition  on the ru le , F , o f  choice. 
In  th a t sense i t  is also a cond ition  o f  equity, as noted in  sections 4.1 
and 5.D .

33A  sim ple example, due to  F ishburn , The T heory o f  S o c ia l C hoice, 
p. 89, is:

D  (w here y M x M w M z M y )

Z>,: x w z y
D 2. y  x  w z 

Dy. z y x w

s0 ^ S c h w a r tz C *. D ) =  w, x , y , z, a lthough, fo r a ll /, x  Pt w.

34H . P. Young, “ A n  A x io m a tiza tio n  o f B orda ’s R u le ,”  J o u rn a l o f  E co­
nom ic Theory, Vol. 9 (Septem ber 1974), pp. 4 3 -5 2 ; H . P. Young, “ Socia l 
Choice Scoring Functions,”  S IA M  J o u rn a l o f  A p p lie d  M a th e m a tics , Vol. 
28 (June 1975), pp. 824—838. Leveng lick  asserts th a t K enem y’s fu nc tion  
satisfies consistency, b u t F ishburn , in  “ C ondorcet Socia l C hoice Func­
tions,”  provides a counterexam ple. A pp rova l vo ting , no t considered by 
Young, c lea rly  satisfies the c r ite r io n : I f  N ' has 1 . . .  k  voters and N 2 has 
k  +  1 . .  . n voters, i f  x  has j  <  k  votes and y  has g  <  j  votes in  N \  and 
i f  x  has / <  (n  — k ) votes and y  has h < /  votes in  N 2, then 
in  N  =  N ' U  N 2, g  +  h <  _/' +  / .  So i f  x  w ith  j  +  f  votes is in  
^ a p p ro v a l ( ^ .  & ')  H  F (X , D 2), then x  is in  F approva, (X , D ' +  D 2).

35G ideon D oron, “ The H a re  V o ting  System is Inconsisten t,”  P o litic a l 
S tud ies, Vol. 27 (June 1979), pp. 283-286 . In  th is  paper D oron  offers an 
example in w h ich , w ith  the s ingle transferab le  vote, as used in the  govern­
m ent o f  Ire land  and in m any p riva te  societies, one a lte rna tive  m ay w in  in  
tw o d is tric ts  separately and another m ay w in  in  these d is tr ic ts  together 
(see section 3.C  fo r the rules o f th is  vo ting  m ethod). D o ro n ’s exam ple is 
set fo r th  in  D isp lay N 4 -1 .
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Display N4-1

Violation of Consistency 
Under the Hare System

One candidate is to  be elected in  TV1, in  TV2, and in  TV1 +  TV2.

D ' ( fo r  TV1)

/>,—■D a: w x y z
D 9- D i2: x  y  z w
D » -D ]5: y w z x
D i6—D 2]’ z y  x w

N o te  TV' = 21;
quota =  11.

D 2 ( fo r  TV2)

D 2:~ D 29: w x y z
D 30—D 33: x  y  z w
D 3A—D 39: y w z x
D A0—D a2: z w x  y

N ote  TV2 = 21;
quota =  11.

For TV1, no candidate has the quota; so the  candidate, y , w ith  fewest 
firs t-p lace  votes is e lim ina ted , and the votes are transfe rred  to  w, w ho then 
w ins. For TV2, where again no candidate has the  quota, candidate z is 
e lim ina ted , and the  votes are again  transfe rred  to  w , w ho then w ins. So w 
w ins in  TV1 and in  TV2, bu t in  TV1 +  TV2, as fo llow s, w loses:

D ' +  D 2 ( fo r  TV1 +  TV2)

D \—D s, D 22—D 29: 
D 9—D i2, D 30- D 33: 
D \3—D 3i, D 3a—D 39: 
D\(,—D 23.

w x y z  (16 voters) 
x  y  z w (8 voters) 
y w z x  (9 voters) 
z y  x w  (6  voters) 
z w x  y  (3 voters)

N o te  N ' +  N 2 =  42; quota =  22

For TV1 +  TV2, again no candidate has the quota; so firs t x  is e lim i­
nated w ith  the  votes transfe rred  to  y  (w ho then has 17 votes); then z is 
e lim ina ted  w ith  the  9 votes transfe rred , 6 to  y  and 3 to  w.  Hence y  has 23 
votes and is elected— in c lear v io la tio n  o f consistency, w h ich  requires th a t 
the  w inne r (here w) in  TV1 and TV2 also w in  in  TV1 +  TV2.
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37To exem pt approval vo ting  fro m  th is  defect, i t  is sometimes said th a t 
ba llo ts  ra the r than  preference orders are perm uted. A l l  de fin itions  o f  ano­
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quires ( in  the sentence “ I f  x 1 P  x 2 and i f  x 2 P  x 3, then x , P  x v ” ) th a t the 
consequent be x , P  x 3 only. So a cyc lic ity  adm its a m ore general conse­
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Display N5-1

A Cyclic Set with Acyclic Triples

D

£>,: w x  y  z
D 2: x  y  z w
D 3: y  z w x
D 4: z w x  y

Number of Votes for the Alternative 
in the Row When Placed in Contest 

Against the Alternative in the Column

w X y Z

w — 3 2 l
X 1 — 3 2
y 2 1 — 3
Z 3 2 1 —

N otice that each alternative beats one other, ties w ith  one other, and 
loses to one other.

A ll triples are acyclic:

w  x  y : w P x , x  P y , w I  y
w x  z: z P w , W P  X, z l x
w y  z: y  P z , z P w , w l y
x  y  z: X P y , y P z , x  I z

Yet the entire set, X ,  is in  a cycle: w P  x ,  x  P y ,  y  P  z, and z P w .
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An oligarchy, which may be any subset o f the set N  o f choosers, including 
N  itself, is a subset, O, such that, i f  everyone in  O prefers x  to y , then the 
social choice is x  and i f  any person in O prefers x  to y , then the social 
choice is not y . Thus, i f  the oligarchy agrees, it  can impose a choice; and 
every member o f the oligarchy has a veto.
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22Since F  is “ irrelevant”  to the choice between B  and C, property a  or the 
Weak Axiom  o f Revealed Preference (W ARP) is sometimes called “ inde­
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cation o f property a.
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Preference,”  E conom etrica , Vol. 24 (January  1956), pp. 7 1 -73 ; W ill ia m  
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and Some Examples o f the  Paradox o f V o ting ,”  in  M a th e m a tic a l A p p li­
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“ S tra tegy Proofness and A rro w ’s C ond itions ,”  J o u rn a l o f  E conom ic The­
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a fD ,) be th a t p a rticu la r s tra tegy in  w h ich  a vo ter votes exactly  in  accord 
w ith  the preferences in D ,. (F o r exam ple, i f  a P, b P, c, then, i f  on a vote 
between b and c, i  votes fo r b, i  is fo llo w in g  o fD f) .  H ence 
g[<7,(Z>,),. . .  , cr„(Z>„)] is the  outcom e i f  a ll i  vote accord ing to  th e ir 
tru e  tastes. A  vo ting  m ethod is m an ipu lab le  by stra teg ic vo ting  if,  fo r 
some i, fo r F (X , D ) =  g [ < r f D o f D ) ,  . . . , cr„(Z)„)] and fo r some
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thus: F (X , D ) =  X j i f  there is an absolute m a jo r ity  o f  voters who place Xj 
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lu te  m a jo r ity  o r the w hole set o f  a lte rna tives i f  no xs has an absolute 
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erence orders, m any vo ting  systems are stra tegy-proof. For exam ple, i f  
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665—679, th a t in  social choices by lo tte ries— based on p robab ilities  deter­
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ca rd ina l u til it ie s  fo r  outcomes— i f  voters can advantageously m a rk  ballo ts 
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i ’s advantage to vote s tra teg ica lly . So stra teg ic  vo ting  cannot be e lim i­
nated by opposition.
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p lu ra lity  vo ting  o r the  am endm ent procedure. B u t in  theo ry  the Borda 
m ethod is equa lly  m an ipu lab le . See D uncan B lack, “ P a rtia l Jus tifica tion  
o f the Borda C o un t,”  P u b lic  C hoice, Vol. 28 (W in te r  1976), pp. 1—15; and 
W ill ia m  G . L u d w in , “ S tra teg ic  V o ting  and the  Borda M e th o d ,”  P u b lic  
C hoice, Vol. 33, N o . 1 (1978 ), pp. 85 -90 .

’ Douglas Rae, The P o litic a l Consequences o f  E le c to ra l Law s (N e w  H a ­
ven: Yale U n ive rs ity  Press, 1971), p. 93; W ill ia m  H . R ike r, “ The N um ber 
o f P o litica l Parties: A  R e-exam ina tion  o f D uve rge r’s Law ,”  C om para tive  
P o litic s , Vol. 9 (O ctober 1976), pp. 9 3 -106 . I t  m ay be, however, th a t 
re la tive ly  few  voters re a lly  vote s tra teg ica lly  because, as has often been 
po in ted ou t, in d iv id u a l voters cannot expect to  have m uch influence over
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the  outcom e o f  elections. (See A n th o n y  Downs, A n  E conom ic T heory o f  
D em ocracy [N e w  Y o rk : H a rp e r and Row, 1967 ],'p p . 260 -2 7 6 ; W ill ia m  
H . R ik e r and Peter C . O rdeshook, “ A  T h e o ry  o f  the  C a lcu lus  o f  V o tin g ,”  
A m erican  P o litic a l Science R eview , Vol. 62 [M a rc h  1968], pp. 25—42; 
Paul E. M eeh l, “ T he  Selfish V ote r Paradox and the  T h ro w n -A w a y  Vote 
A rg u m e n t,”  A m e rica n  P o litic a l Science R eview , Vol. 71 [M a rc h  1977], 
pp. 11 -30 .) I f  so, then the  m otive  fo r  the  D uverger resu lt is the  re luctance 
o f  po litic ians to  expose themselves to  s tra teg ic  vo ting . T h a t is, th ird -p a rty  
leaders, fea ring  th a t th e ir  supporters w il l  s tra te g ica lly  desert them  and 
assuming there fo re  th a t they cannot w in , s im p ly  abandon the  e ffo rt, thus 
generating a tw o -p a rty  system. In  th is  view, the  m ere p o s s ib ility  o f  stra te ­
g ic  vo ting  has pro found  consequences.

l0The expected u t i l ity , E u , o f  an action , a „ is ca lcu la ted  thus:
n

E u (a ,) = . ^ j p ,{ 0 ) u i( 0 )
1-1

"H o w a rd  R osenthal, “ G am e T heo re tic  M ode ls o f  B loc V o ting  U n d e r Pro­
po rtiona l R epresentation,”  P u b lic  C hoice, Vol. 18 (S um m er 1974), pp. 
1-23.

"T h is  is based on R ike r, “ A r ro w ’s Theorem  and Some Exam ples o f  the  
Paradox o f  V o ting .”

13C ongressional Q u a rte rly  A lm anac, 1956, pp. 806—807. These num bers 
inc lude live  pairs and thus d iffe r s lig h tly  fro m  num bers in  the  Congres­
s io n a l R ecord.

14C ongressiona l R ecord , Vol. 102, P art 9 (85 th  C ong., 2nd sess.), p. 
11758.

l5O f  course, not a ll s tra teg ic  vo ting  is successful. Bo B ju r u lf  and R ich a rd  
N ie m i, “ S tra teg ic  V o ting  in  Scandinavian P arliam ents ,”  S cand inav ian  
P o litic a l S tud ies , Vol. 1, N ew  Series (1978 ), pp. 5 -2 2 , describe, am ong 
o the r th ings, an instance in  w h ich  s tra teg ic  vo tin g  back fired  so th a t the 
/east-desired a lte rna tive  was chosen.

,6R icha rd  D . M cK e lve y  and R ich a rd  N ie m i, “ A  M u ltis ta g e  G am e Repre­
sentation o f S ophisticated V o ting  fo r  B in a ry  Procedures,”  J o u rn a l o f  E co­
nom ic Theory, Vol. 18 (January  1978), pp. 1 -22 .

"R o b in  Farquharson, “ S ophisticated V o ting  and an E xam ple  D ue to  
M . K rew eras,”  in  L a  D ecis ion , ed. G . T h . G u ilb a ud  (Paris: E d itions  du 
C entre  N a tio n a le  de la  Recherche S c ien tifique , 1969), pp. 115-122 , o f-
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fers the fo llo w in g  exam ple in  w h ich  sincere and stra teg ic  vo ting  lead to 
d iffe re n t results:

^ l-33: x y  z
A j4-5I : y  x  z
^52-63: y  z x
^64-IOO: z y  x

The C ondorcet w inne r (a lw ays found w ith  b in a ry  procedures w hether 
sincere or s tra teg ic vo ting  occurs) and the  Borda w inne r is y . R u n o ff 
elections between the  tw o  h ighest candidates in the  firs t round give x  w ith  
sincere vo ting  and y  w ith  stra teg ic  vo ting . P lu ra lity  elections never get to  
y , however. U n d e r p lu ra lity , sincere vo ting  produces z and stra teg ic  vo ting  
produces x . W h ic h  is better?  S ince x  has a sincere m a jo r ity  over z, x  m ay 
seem better, b u t since z has m ore sincere Borda points than  x , z m ay seem 
better. A l l  we can say fo r  sure is th a t they are d iffe ren t.

18In  term s o f choice, c y c lic ity  is: C (xy , x y ) =  x y , C (xy , x y ) — x y , . . . ,  
C (x y , x y ) =  x y .

l9Thom as S chw artz, “ C o llec tive  Choice, Separation o f  Issues and Vote 
T rad ing ,”  A m e rica n  P o litic a l Science Review , Vol. 71 (Septem ber 1977), 
pp. 999 -1010 , fro m  w h ich  I  have adopted the no ta tion  o f  qx, Q *, and Q.

20James Enelow, “ A  G am e T heo re tic  M ode l o f Leg is la tive  Vote T ra d in g ”  
(P h .D . diss.. U n ive rs ity  o f  Rochester, 1977), and Enelow, “ N on-C ooper­
a tive  C oun te rth rea ts  to  Vote T ra d in g ,”  A m e rica n  J o u rn a l o f  P o litic a l 
Science, Vol. 23 (F eb rua ry  1979), pp. 121-128.

21 S ince dem and-revealing vo ting  adm its b la ckm a il and b rib e ry  o f one in ­
d iv id u a l by another, i t  even induces in d iv id u a l s tra teg ic  vo ting  in  the  po­
te n tia l b lackm a ile r and bribee.

22T h is  exam ple is d raw n fro m  W ill ia m  H . R ike r, “ Is A  ‘N e w  and Superior 
Process’ R ea lly  S uperio r? ”  J o u rn a l o f  P o litic a l E conom y, Vol. 87 (A u ­
gust 1979), pp. 875-890.

23S chw artz, p. 1010.

24W ill ia m  H . R ik e r and Steven J. Brams, “ The Paradox o f  Vote T rad ing ,”  
A m e rica n  P o litic a l Science Review , Vol. 67 (D ecem ber 1973), pp. 
1235-1247.
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25R icha rd  M cK e lvey  and Peter Ordeshook, “ Vote T rad ing : A n  E xpe ri­
m enta l S tudy,”  m im eographed (P ittsbu rgh : C arnegie  M e llo n  U n ive rs ity , 
1978), report such coa litions occu rring  (a long w ith  the  w orst possible 
outcom es) in  three- and five-person la b o ra to ry  groups in  w h ich  a ll the 
m otions were know n before ba rga in ing  began.

26See M cK e lvey  and N ie m i, and S chw artz.

27B lack, The T heory o f  C om m ittees and  E le c tio n s , p. 182.

28Ib id ., pp. 232-233.

Chapter 7

‘R ecall th a t a m ethod o f vo ting  is pa th  independent i f  C (X ) =  
C [C (5 )  U  C ( T ) ] ,  where S  and T  are any subsets th a t d is jo in tly  p a rt i­
tion  X .

2So a t least I  read the last sentence o f le tte r 14 o f  book 7, to  T itu s  A ris to , 
as guided by the  trans la tion  o f  B e tty  Radice, P liny , L e tte rs , Vol. 2 (C am ­
bridge, Mass.: H a rva rd  U n ive rs ity  Press, 1969), pp. 33 -47 . Farquharson, 
w ho had on ly  a bad seventeenth-century trans la tion  in  w h ich  th is  sentence 
is am biguous, ca re fu lly  avoided m ention o f the outcom e.

3C harles P lo tt and M ich a e l Levine, “ A  M o d e l o f  Agenda In fluence  on 
C om m ittee  Decisions,”  A m erican  E conom ic Review , Vol. 68 (M a rc h  
1978), pp. 146-160; Levine  and P lo tt, “ Agenda In fluence  and Its  Im p lic a ­
tions,”  V irg in ia  Law  Review , Vol. 63 (M a y  1977), pp. 561-604 .

4Kenneth A rro w , S o c ia l C hoice and  In d iv id u a l Values, 2nd ed. (N ew  
H aven: Yale U n ive rs ity  Press, 1963), p. 17.

“A n th o n y  Downs, A n  E conom ic T heory o f  D em ocracy (N e w  Y ork : 
H a rp e r and Row, 1956), pp. 114—120.

6See, among others, O tto  A . Davis and M e lv in  J. H in ic h , “ A  M a th e m a t­
ica l M ode l o f  Policy Form ation  in  a D em ocra tic  Society,”  in  M a th e m a t­
ic a l A p p lic a tio n s  in  P o litic a l Science, Vol. 2, ed. J. A . Bernd (D a llas : 
S outhern M e th o d is t U n ive rs ity  Press, 1966), pp. 175-208 ; O tto  A . Davis,
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M e lv in  J. H in ic h , and Peter C . O rdeshook, “ A n  E xpos ito ry  Developm ent 
o f  a M a th e m a tica l M ode l o f  the  E lecto ra l Process,”  A m e rica n  P o litic a l 
Science Review, Vol. 64 (June 1970), pp. 426—449; W ill ia m  H . R ik e r and 
Peter C . Ordeshook, A n  In tro d u c tio n  to  P os itive  P o litic a l T heo ry  (E ng le ­
wood C liffs , N .J .: P ren tice -H a ll, 1973), pp. 307—375. Davis and H in ic h  
in troduce the  notion o f  a m u ltid im ens iona l m edian, w h ich  M cK e lve y  and 
Schofie ld Carry about as fa r  as i t  can go (see notes 11, 12, and 15).

7D uncan B lack and R . A . N ew ing , C om m ittee  D ecisions w ith  C om ple­
m en ta ry  V a lu a tio n  (E d inbu rgh : W ill ia m  H odge, 1951), pp. 19-28. See 
also D uncan B lack, The T heory o f  C om m ittees and  E le c tio n s  (C am ­
bridge, England: C am bridge  U n ive rs ity  Press, 1958), chap. 16.

8G era ld  H . K ram er, “ On a Class o f E q u ilib r iu m  C ond itions fo r  M a jo r ity  
R u le ,”  E conom etrica , Vol. 41 (M a rc h  1973), pp. 285-297 .

’ C harles P lo tt, “ A  N o tio n  o f  E q u ilib r iu m  and Its  P ossib ility  U nde r M a ­
jo r i t y  R u le ,”  A m erican  E conom ic Review , Vol. 57 (Septem ber 1967), pp. 
787-806 .

l0R icha rd  D . M cK e lve y  and R icha rd  E . W endell, “ V o ting  E q u ilib r ia  in 
M u ltid im e n s io n a l C hoice Spaces,”  M a th e m a tics  o f  O pera tions R esearch, 
Vol. 1 (M a y  1976), pp. 144-158.

" I n n  dim ensions, single-peaked is defined w ith  respect to  ideal points, x * ,  
o f  ind iv idua ls , i.  A  line  is single-peaked i f  i t  is a lways sloping aw ay fro m  
an in d iv id u a l’s ideal po in t, x * . T h a t is, a lin e  connecting some y  and some 
x is single-peaked if, fo r  a ll x  in  X  on the  line  such th a t x  =£ x * ,

u ,[a x  +  (1 — a )x * ]  >  u,[/3x +  (1 — P )x f\

where 0 <  a  <  (3 <  1.

l2R icha rd  D . M cK e lvey, “ In tra n s itiv it ie s  in  M u ltid im e n s io n a l V oting 
M odels and Some Im p lica tio n  fo r Agenda C o n tro l,”  J o u rn a l o f  E conom ic 
Theory, Vol. 12 (June 1976), pp. 472—482 (emphasis in  o rig in a l). See also 
M cK e lvey, “ General C ond itions fo r  G loba l In tra n s itiv it ie s  in  Form al V o t­
ing Bodies,”  m im eographed (P ittsbu rgh : C arnegie M e llo n  U n ive rs ity , 
1977).

l3T h a t is, fo r  any y  in P (x ), y  beats x „, x „  beats x „ _ „ ___   x „  beats x .
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l4L in d a  Cohen and Steven M a tthew s, “ C onstra ined P lo tt E q u ilib r ia , D i­
rec tiona l E q u ilib r ia , and G loba l C yc lin g  Sets,”  Socia l Science W o rk in g  
Paper, C a lifo rn ia  In s t itu te  o f  Technology, 1977; see also L in d a  Cohen, 
“ C yc lic  Sets in  M u ltid im e n s io n a l V o ting  M ode ls ,”  J o u rn a l o f  E conom ic 
Theory, Vol. 20 (F eb rua ry  1979), pp. 1 -12 .

15N orm an  Schofie ld, “ In s ta b il ity  o f  S im p le  D yn a m ic  Gam es,”  R eview  o f  
E conom ic S tud ies , V o l. 45 (O ctobe r 1978), pp. 575—594.

' ‘ Kenneth Shepsle, “ In s titu tio n a l A rrangem ents  and E q u ilib r iu m  in  M u l­
tid im ensiona l V o ting  M ode ls,”  A m e rica n  J o u rn a l o f  P o litic a l Science, 
Vol. 23 (February  1979), pp. 2 7 -59 .

’’ G era ld  H . K ram er, “ A  D yn a m ica l M o d e l o f  P o litica l E q u ilib r iu m ,”  
J o u rn a l o f  E conom ic Theory, Vo l. 16 (D ecem ber 1977), pp. 310 -334 ; 
and K ram er, “ Some Extensions o f  a D yn a m ica l M o d e l o f  E lec to ra l C om ­
p e titio n ,”  m im eographed (J u ly  1977).

'"T h a t is, v (x ) =  m ax n (x , y ) .
y

19T h a t is, n * =  m in  v (x ) . O f  course, m ore than  one x  m ay share the  same
JC

m inm ax number.

20The notion th a t candidates, parties, and so on seek to  m in im ize , ra th e r 
than m axim ize , the size o f  w in n in g  coa litions is one app lica tion  o f  the  so- 
ca lled size p rinc ip le . A cco rd in g  to  th is  p rin c ip le , in  s itua tions in  w h ich  
opponents are com ple te ly  opposed ( th a t is, s itua tions th a t are zero-sum  so 
th a t w ha t one w ins, the  o the r loses) and in fo rm a tio n  is perfect, coa litions 
tend tow ard  m in im a l w in n in g  size. E lections and b in a ry  votes on m otions 
are one o f  the few  places in  the  p o lit ic a l w o rld  in  w h ich  the  zero-sum  
cond ition  can be realized. T h e  size p rin c ip le  was defined, described, 
and defended in  W ill ia m  H . R ike r, The T heo ry  o f  P o litic a l C o a litio n s  
(N e w  H aven: Yale  U n ive rs ity  Press, 1963). Subsequently m uch e m p irica l 
w o rk  has shown th a t, despite ideo log ica l concerns th a t encourage la rge r 
than m in im a l w in n in g  coa litions in  such m a tte rs  as cab ine t fo rm a tio n  
(com pare A b ra m  DeSwaan, C o a litio n  T heories and  C ab ine t F o rm a tio n  
[San Francisco: Jossey-Bass, 1973], w h ich  rejects the  size p rinc ip le ; and 
M ichae l Leiserson, “ Factions and C oa litions  in  O ne-Party Japan,”  A m e r­
ican  P o litic a l Science Review , Vol. 62 [Septem ber 1968], pp. 710 -7 3 7 ,



2 M  Notes

and R obert A xe lrod , C o n flic t o f  In te re s t [C hicago: M a rkh a m , 1970], 
w h ich  accept a version o f  the  size p rin c ip le  m odified to  account fo r ide­
o logy), s ti l l  the force o f the p rin c ip le  can be observed in  such facts as th a t 
coa litions in  the U .S . Senate tend to  be m in im a l c o n s titu tio n a l m a jo r­
ities ( th a t is, ju s t over h a lf  o f the  m em bership ra the r than ju s t over h a lf  
o f those vo ting ) (com pare D av id  Koehler, “ Leg is la tive  C o a litio n  Form a­
tion : The M e an ing  o f M in im a l W in n in g  S ize w ith  U nce rta in  P a rtic ipa ­
tio n ,”  A m erican  J o u rn a l o f  P o litic a l Science, Vol. 19 [February  1975], 
pp. 2 7 -3 9 ), and th a t m in im a l w inn ing  cab inet coa litions tend to  last m uch 
longer than e ithe r oversized o r undersized coa litions (com pare Law rence
C . D odd, C o a litio n s  in  P a rlia m e n ta ry  G overnm ent [P rinceton, Princeton 
U n ive rs ity  Press, 1976 ]). The issue o f  the  theore tica l v a lid ity  o f  the  size 
p rinc ip le  has also been m uch discussed. In  R obert B u tte rw o rth , “ A  Re­
search N o te  on the S ize o f W in n in g  C oa litions ,”  A m erican  P o litic a l S c i­
ence Review , Vol. 65 (Septem ber 1971), pp. 741 -745 , and Russell 
H a rd in , “ H o llo w  V ic to ry : The M in im u m  W in n in g  C o a litio n ,”  A m erican  
P o litic a l Science Review , Vol. 70 (D ecem ber 1976), pp. 1202-1214, sup­
posed counterexam ples to  the size p rin c ip le  are m is taken ly  presented. The 
errors in  these supposed examples are poin ted o u t in  W ill ia m  H . R ike r, 
“ C om m ent on B u tte rw o rth ,”  A m e rica n  P o litic a l Science Review , Vol. 65 
(Septem ber 1971), pp. 745-747 , and W ill ia m  H . R ike r, “ C om m un ica tion  
on H a rd in ,”  A m e rica n  P o litic a l Science Review , Vol. 71 (Septem ber 
1977), pp. 1056-1059. In  Kenneth  Shepsle, “ The S ize o f W in n in g  C oa li­
tions,”  A m e rica n  P o litic a l Science R eview , Vol. 68 (June 1974), pp. 5 0 5 - 
518, the  size p rin c ip le  is deduced fro m  concepts fo r solutions o f n-per- 
son games. In  R icha rd  M cK e lvey  and R icha rd  S m ith , “ In te rn a l S ta b ility  
and the Size P rinc ip le ,”  m im eographed (P ittsbu rgh : C arnegie M e llon  
U n ive rs ity , 1974), in  R ike r, “ C om m un ica tion  on H a rd in ,”  and, w ith  great 
m athem atica l elegance, in  N o rm an  Schofie ld, “ G eneralized B arga in ing  
Sets fo r C ooperative Gam es,”  In te rn a tio n a l J o u rn a l o f  Gam e Theory, 
Vol. 7, N o . 3 -4  (1978), pp. 183-199, the  size p rinc ip le  is deduced from  
the notion  o f the  so-called ba rga in ing  set as a so lu tion  fo r n-person games. 
(F o r the de fin ition  o f  the b a rg a in in g  set, see R . J. A um ann and M ich a e l 
M aschler, “ The B a rga in ing  Set fo r  C ooperative Games,”  in  A dvances 
in  Gam e Theory, A n n a ls  o f  M a th e m a tics  S tu d y  N o . 52, ed. M . Drescher, 
L . S. Shapley, and A . W . Tucker (P rinceton: P rinceton U n ive rs ity  
Press, 1964).

2,W ill ia m  H . R ike r, “ A rro w ’s Theorem  and Some Examples o f  the Para­
dox o f V o ting ,”  in  M a th e m a tic a l A p p lic a tio n s  in  P o litic a l Science, ed. 
J. C launch (D a llas : A rn o ld  Foundation, S outhern M e thod is t U n ive rs ity , 
1965), pp. 57 -59 .

22C ongressional R ecord, Vol. 35 (1902), p. 5953.
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23B u t in  June 1911, the D em ocrats had a c lear m a jo r ity  and defeated the 
S utherland  am endm ent, so the cons titu tiona l am endm ent passed. Thus 
the  cycle was broken, b u t i t  had lasted m ore than ten years.

24Residents o f  countries ( lik e  B r ita in )  w ith  r ig id ly  d isc ip lined  tw o  parties 
o ften  believe th a t such contrivances as the  DePew am endm ent m ust be 
rare because they seem to  depend on the rem arkab le  in g e nu ity  o f  men like  
DePew. B u t whenever there  are m ore than tw o parties or factions, i t  o ften 
happens th a t the mere o ffe ring  o f a lte rna tive  m otions expressing the true  
values o f  each fac tion  presents an oppo rtun ity  fo r agenda con tro l. T h is  is 
w ha t happened in  the case o f the  Powell am endm ent. Bo B ju ru lf  and 
R icha rd  N ie m i found s im ila r instances in  Scandinavian parliam ents d u r­
ing  periods o f m in o rity  coa litions. See B ju r u lf  and N ie m i, “ S tra teg ic  V o t­
ing  in  Scandinavian Parliam ents,”  S cand inav ian  P o litic a l S tud ies, Vol. 1, 
N ew  Series (1978), pp. 5 -2 2 . In  such cases agenda con tro l is obta ined not 
by in troduc ing  new a lternatives, b u t by exp lo iting  a lte rna tives n a tu ra lly  in 
the  agenda.

Chapter 8

'J . M . Keynes, The G enera l T heory o f  E m p loym en t In te re s t and  M oney 
(N e w  Y ork: H a rco u rt Brace Jovanovich, 1937), p. 383.

2To define a core, le t N  be the set o f  a ll pa rtic ipan ts , N  =  ( 1 , 2 , . . . , « ) .  
L e t x  be a vector in  R " o f  paym ent to  pa rtic ipan ts , x  =  ( x „  x 2, . . . ,  x „) . 
L e t K  be the  set o f  a ll possible coa litions, C, o f  pa rtic ipan ts . C onvention­
a lly , K  is the power set o f N , th a t is, P (N ). Hence K  =  (C ,, C2, . .  . ,  C f)  
and includes a ll coa litions o f a single in d iv id u a l. L e t the  value o f Cy be 
v(Cy); and le t v(Cy) =  kJy where j  =  1, 2 , .  . . ,  2", and k j is the am ount the 
/ h coa lition  can assure its e lf by itse lf. Then the core is defined as an 
a lloca tion  such th a t

'y 'x ,  >  k j fo r  a ll Cy in  K
i  in Cj

3In  term s o f  the de fin ition  in  note 2, the  k j fo r  some j  is p a rt ia lly  de ter­
m ined by f s  in it ia l endowments. I f  k j is low, then, a lthough  j  cannot be 
worse o ff  in  the core, s t i l l  j  m ay no t sa tis fy  his o r her dreams.
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4A n  exam ple is the dec la ra tion  o f w a r by the U n ite d  States on December 
8, 1941. O n ly  one m em ber o f Congress was opposed. Hence effective una­
n im ity  existed. B u t c lea rly  the p o lit ic a l decision had in  fa c t been made the 
day before the vo ting  occurred.

5W ill ia m  H . R ike r, “ A  M e thod  o f D e te rm in ing  the S ign ificance o f  R o ll 
C a lls  in  V b ting  Bodies,”  in  L e g is la tive  B ehavior, ed. John W ahlke  and 
H e inz. Eu lau  (C hicago: Free Press, 1959), pp. 377-384.

‘ D av id  Easton, The P o litic a l S ystem : A n  In q u iry  in to  the  S ta te  o f  P o liti­
c a l Science (N e w  Y ork : K nop f, 1953), pp. 129—134.

’ W ill ia m  H . R ike r, “ The Future  o f  a Science o f  Po litics ,”  The A m erican  
B e h a v io ra l S c ie n tis t, Vol. 21 (Septem ber 1977), pp. 11—38.

Chapter 9

‘One previous e ffo rt a long s im ila r lines is the no tion  o f  c r it ic a l elections, 
firs t set fo r th  by V. O . Key, Jr., “ A  T heo ry  o f  C r it ic a l E lections,”  J o u rn a l 
o f  P o litic s , Vol. 17 (F eb rua ry  1955), pp. 3 -18 . T he  goal o f  K e y ’s analysis 
was to  id e n tify , by looking  a t the d is tr ib u tio n  o f votes among parties, 
ce rta in  c ruc ia l tu rn in g  points in  na tiona l po litics. The iden tifica tion  o f 
c ru c ia l tim es also involved some id e n tifica tio n  o f c ruc ia l issues. F rom  th is 
analysis one gets a p ic tu re  o f  a new issue, com ing fro m  nowhere, a b ru p tly  
b reak ing  up a previously w inn ing  coa lition . T h is  in te rp re ta tion  s im p ly 
cannot be sustained, as is e legantly  dem onstrated in  A lla n  J. L ich tm a n , 
“ C r it ic a l E lection  Theory  and the R e a lity  o f  A m erican  P residentia l 
Politics, 1916—40,”  A m erican  H is to ric a l Review, Vol. 81 (A p r i l  1976), 
pp. 317-357.

The p ic tu re  I  o ffe r here is qu ite  d iffe ren t. K ey and his successors 
were never able to id e n tify  c r it ic a l elections precisely. W h ich  election 
fro m  1852 to  1868 or from  1888 to 1900 o r fro m  1928 to  1940 was 
“ c r it ic a l” ? The very question reveals the inadequacy o f the notion , fo r i t  
tu rns ou t th a t the fundam enta l and unde rly ing  change is not in  election 
results b u t in  p o lit ic a l agendas. Thus m y approach is to  describe the  
change in  agendas, w h ich  in  na tiona l po litics  is a te m p o ra lly  long process. 
One therefore expects not c r it ic a l elections b u t ra the r constant experi­
m entation by losers to  find  an issue th a t cleaves the w inners. W hen found, 
i t  is explo ited u n til elections begin to go the o ther way. Consequently,
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w ha t I  o ffe r is not an id e n tifica tion  o f c r it ic a l elections b u t ra th e r a theory  
about the  w ay th a t the forces o f  partisan  in te rest b rin g  about a change in  
na tiona l agendas.

2Such an in q u iry  is pointless anyw ay, fo r  i t  is im possib le to  specify the 
cause o f  a huge event like  a w ar. A  cause is a necessary and su ffic ien t con­
d itio n ; and fo r a tem pora l event, a un ique necessary and su ffic ien t cond i­
tion  is the  jus t-p reced ing  event w ith  the  same spa tia l boundaries and the 
same movers and actors. (See W ill ia m  H . R ike r, “ Events and S itua tions ”  
and “ The Causes o f Events,”  J o u rn a l o f  P h ilosophy, Vol. 54 [Janua ry  31, 
1957], pp. 57 -69 , and Vol. 55 [M a rc h  27, 1958], pp. 281 -290 .) The cause 
o f a w ar is thus the en tire  state o f the w a rr in g  parties ju s t before the  war. 
Such states cannot, o f  course, be fu l ly  o r even ro ugh ly  specified.

3One m ust no t a ttr ib u te  too m uch prescience to  the  prophets o f  c iv il war. 
Threats o f secession had been a co n tinu ing  fea tu re  o f  p o lit ic a l life  
th roughou t the firs t generation o f  the R epub lic . One o f  the  m a in  m otives 
fo r  the  cons titu tiona l convention o f  1787 was the fear o f  western secession 
(to  jo in  S pa in ). T he  V irg in ia  and K e n tu cky  reso lu tions o f  1798 had been 
Jefferson’s th re a t o f  secession, and a t the  H a r tfo rd  C onvention o f  1814 a 
rum p  o f Federalists had threatened a separate peace. O f  course, none o f 
those who, before 1861, w ro te  so easily o f  c iv il w a r had the  s lightest com ­
prehension o f how a w fu l th a t w a r w ou ld  be. B lith e  p red ictions o f  d isun ion  
were no t p red ictions o f the catastrophe th a t a c tu a lly  occurred.

“G lover M oore , The M is s o u ri C ontroversy. 1819-1821 (L e x in g to n : U n i­
vers ity  o f  K en tucky  Press, 1953), pp. 36—37.

‘ C ecil B. Egerton, “ R ufus K in g  and the  M isso u ri Q uestion”  (P h .D . diss., 
C la rem on t G raduate  School, 1967, U n ive rs ity  M ic ro f ilm s ), pp. 220, 222.

‘ T h is  is an elegant app lica tion  o f the size p rin c ip le , because Jackson 
was reducing in te rn a l stra ins in  his own coa lition . See W ill ia m  H . R ike r, 
T he  T heory o f  P o litic a l C o a litio n s  (N e w  H aven: Yale  U n ive rs ity  Press, 
1963), passim.

’ Lee Benson, Tow ard  the S c ie n tific  S tu d y  o f  H is to ry  (P h ilade lph ia : 
L ip p in c o tt, 1972), pp. 225 -339 .

‘ Lou is  F ille r, The C rusade A g a in s t S lave ry , 1830-1860  (N e w  Y ork: 
H a rp e r and Row, 1960), p. 145.
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’ G ilb e rt H . Barnes, The A n ti-S la v e ry  Im pu lse , 1830-1844  (N ew  York: 
A pp le ton , C en tu ry , 1933), p. 256, reports a count o f pe titions by present­
ers, show ing th a t W h igs presented 95 percent.

l0Barnes, p. 118, rem arks: “ In  1835, . . .  ‘The W h ig  m in o r ity  was ty ra n ­
nized over and they were n a tu ra lly  in  a re frac to ry , restless and perturbed 
cond ition /'and  i f  they cou ld  no t be heard o rderly , they w ould  do so d isor­
de rly .’ To raise disorder, no be tte r weapon than abo lition  pe titions could 
have been devised.”

" Ib id . ,  p. 189.

"Jam es K . Polk, D ia ry , 4 vols., ed. M ilo  M . Q ua ife  (C hicago: M cC lu rg , 
1910).

"C h a rle s  B. G o jng , D a v id  W ilm o t: Free S o ile r (N e w  Y ork: A pp le ton , 
1929), pp. 16, 24, 27.

"F il le r ,  p. 187. G o ing , p. 499, quotes W ilm o t’s p la tfo rm  as R epublican 
candidate fo r  governor in  1857: “ S lavery is the  deadly enemy o f free 
labor.”

"P o lk , Vol. 2, p. 76: “ M ex ico  is indebted to  the U .S . in  a la rge  sum, w h ich  
she is unable to  pay. . . . W hen peace is made the  on ly  in d e m n ity  w hich 
the U .S . can have w il l  be a cession o f t e r r i to r y . . . .  N o  G overnm ent [i.e . o f 
M e x ic o ], however, . . .  is strong enough to  make a tre a ty  ceding te rr ito ry  
and long m a in ta in  power unless they could receive . . .  m oney enough to 
support the arm y. W hatever p a rty  can keep the  a rm y in  its  support can 
hold the  power.”

16C ongressional G lobe, 29th  Cong., 1st sess., p. 1218.

"P o lk , Vol. 2, p. 77, A ugust 10, 1846.

" Ib id .

Chapter 10

‘See, fo r example, the ca lcu la tion  in  Peter C. F ishburn , The T heory o f  
S o c ia l C hoice (P rinceton: P rinceton U n ive rs ity  Press, 1973), p. 172, 
show ing s im ila r results fo r the Borda and Copeland methods.
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2I t  probab ly ough t to  be pointed ou t here th a t the  no tion  o f  a pub lic  
in terest, so cherished by popu lis t propagandists, is not, techn ica lly  speak­
ing, rendered meaningless s im p ly  because the popu lis t in te rp re ta tio n  o f 
vo ting  is meaningless. A  pub lic  in te rest is an in te rest a ttached to  the 
co llective  body o f the  society; and as long as a society exists, i t  has, 
presum ably, some purposes, w h ich  are its com m on or p ub lic  interests. 
(See B rian  B arry , P o litic a l A rg u m e n t [N ew  Y ork : H um an itie s  Press, 
1965], passim.) B y de fin ition , however, a com m on o r p u b lic  in te rest is 
held in  com m on, so vo ting  is unnecessary to reveal it :  A n y  random ly 
chosen m em ber o f  the society can a rticu la te  p ub lic  in te rest as w e ll as any 
other, provided he o r she th inks  about the  in te rest o f  the society ra the r 
than his o r her own p riva te  in terest. T h is  fac t reveals the  emptiness o f  the 
popu lis t in te rp re ta tion  o f the  p ub lic  in terest. N o  p u b lic  in terest can be 
defined in p ractice  i f  people m ust count heads to  discover it .  A  pub lic  
in terest m ay even exist when people do not agree. There  m ay re a lly  be an 
ob jective ly  r ig h t b u t not ind ispu tab ly  evident po licy  fo r the society— and 
o f course every m an and w om an is then free to o ffe r his o r her in te rp re ta ­
tion . B u t when people have to  vote on w h ich  in te rp re ta tio n  is co rrect, then 
c lea rly  the true  p ub lic  in te rest w il l  not be revealed, w ith o u t substantia l 
unan im ity . E ith e r R a lph  N ade r o r George W allace m ig h t state the pub lic  
in te rest correctly , b u t vo ting  w il l  no t te ll us w h ich  one has the r ig h t vision. 
Indeed they bo th  m ay be s im p ly  oppo rtun is tic  and m alic ious. So w ha t is 
im p lied  by the emptiness o f populism  is not the absence o f a p ub lic  in te r­
est bu t ra the r th a t the p ub lic  in terest cannot be revealed by nonunani- 
mous vo ting . T h is  means, o f  course, th a t a ll p o litic ians  and pub lic is ts  who 
c la im  to  exp licate  the p ub lic  in te rest fro m  an e lection are m ere ly in te r­
p re ting  election results in  a nonau tho rita tive  way, a lthough  they have ju s t 
as m uch o r as l it t le  r ig h t as anyone else to state th e ir in te rp re ta tion .

3I t  m ay seem to  some th a t I  have applied an easier test to  libe ra lism  than 
to  populism . I a llow  libe ra lism  to  survive provided i t  works occasionally, 
b u t I  do no t a d m it the surv iva l o f  populism  i f  i t  fa ils  a t a ll. These d iffe ren t 
standards are imposed because o f  the d iffe rence in  the  c la im s made in  the 
tw o  in te rp re ta tions. Populism  is supposed to  reveal a substantive w ill,  a 
proposition w ith  content. Yet i f  vo ting  can fa il to  reveal such propositions 
accura te ly  and i f  we do not and cannot know  in  any p a rtic u la r instance 
w hether fa ilu re  has occurred, then none o f the propositions supposedly 
revealed can be believed. L ib e ra lism  on the o ther hand asks on ly  fo r  a 
w orkable  procedure— namely, th a t vo ting  e lim ina te  some offenders— and 
i f  i t  works sometimes, th a t is enough.
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A c y c lic ity  A  property o f a set o f alternatives such that the alternatives 
are not arranged in a cycle (by an individual or by a social choice 
function).

A n o n ym ity  A  property o f a social choice function such that undifferen­
tiated voters are not ind ividua lly identified.

A p p ro v a l vo tin g  A  social choice function such tha t the social choice has 
the largest number o f votes when voters are perm itted to cast one 
vote for as many alternatives as they wish.

A rro w ’s theorem , o r the  G enera l P o s s ib ility  Theorem  The proposition 
that, i f  a social choice function satisfies universal adm issibility, 
unanim ity (or m onotonicity and citizens’ sovereignty), independence 
from  irrelevant alternatives, and nondictatorship, then the social 
choice may not satisfy transitiv ity.

B entham  c rite rio n  See U tilita r ia n  s o c ia l cho ice fu n c tio n .
B o rd a  ru le  A  social choice function such that the social choice fo r a 

preference profile is the alternative w ith  the largest sum o f rank 
scores across a ll voters’ preference orders, where, fo r each voter, the 
highest score is given to the alternative in  firs t place, the next high­
est score is given to the alternative in second place, and so on down 
to the lowest score given to the alternative in  last place.

C itize n s ’ sovere ignty, o r n o n im p o s itio n  A  property o f a social choice 
function such that it  is not the case tha t a particu lar alternative is 
chosen from  any preference profile. This is one o f the fairness condi­
tions in A rrow ’s theorem.

C ondorcet ru le  A  social choice function such that the social choice beats 
or ties a ll other alternatives in paired comparisons.

C ondorcet w in n e r The alternative selected by the Condorcet social 
choice function.
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C onsistency co n d ition s  on choice fro m  a set and its  subsets:
P ro p e rty  a  ( W eak A x io m  o f  R evealed Preference) The cond ition

tha t, i f  the choice fro m  a set is in  a subset, then th a t choice is the 
choice fro m  the  subset.

P ro p e rty  /3 T he  cond ition  th a t, i f  a choice fro m  a set is a m em ber o f  a 
subset, then a ll choices fro m  the subset are choices fro m  the set.

C onsistency c rite r io n  A  p rope rty  o f  a social choice fu n c tio n  such tha t, i f  
the  voters are d iv ided  in to  tw o  groups and i f  one a lte rna tive  is a 
social choice in  both  groups, then th a t a lte rna tive  is chosen fro m  the 
voters in  the  group as a whole.

C ope land  ru le  A  social choice fu nc tion  such th a t the social choice fo r  a 
preference p ro file  is chosen the  largest net num ber o f times by s im ­
ple m a jo r ity  decision over pairs o f  a lternatives (w here “ net”  means 
the  num ber o f  tim es chosen less the  num ber o f tim es not chosen).

C ycle  o f  a lte rn a tive s  A n  arrangem ent o f a lte rna tives com pared by the 
re la tion  ( R ) o f  preference and ind iffe rence com bined such th a t one 
a lte rna tive  is ahead o f  a second, a second is ahead o f a th ird , and so 
on u n t i l  the last is ahead o f the  firs t.

D em and-revea ling  ru le  (a lso  know n as the  G roves-Ledyard  ru le  o r the 
T id e m a n -T u llo ck  ru le ) A  u til ita r ia n  (B en tham ite  add itive  u t i l i ty )  
social choice fu n c tio n  such th a t voters are pu ta tive ly  encouraged to 
reveal th e ir  tru e  ca rd ina l u til it ie s  by reason o f the C la rke  tax, w hich 

. is a tax  on a vo te r’s co n tr ib u tio n , i f  i t  exists, to  the m arg in  o f v ic to ry  
fo r  an a lte rna tive .

D em ocracy A  fo rm  o f  governm ent consisting o f  a p o lit ic a l ideal o f  free­
dom , equa lity , and se lf-con tro l ( th a t is, governm ent, a t least pa r­
t ia lly , by  oneself as d is tinguished fro m  governm ent by others), and a 
p o lit ica l m ethod o f free and equal p a rtic ip a tio n  in  governm ent.

D uve rge r’s law  T h e  proposition  th a t the  s im ple m a jo rity , s ingle b a llo t 
system favors the tw o -p a rty  system.

E q u ilib r iu m  T he  state tow ard  w hich in te rna l forces propel a process 
and a t w h ich  a process rem ains stable. For m a jo r ity  vo ting , a strong 
e q u ilib r iu m  occurs when one a lte rna tive  s im ultaneously defeats a ll 
others and a weak e q u ilib r iu m  occurs when there is a C ondorcet 
w inner.

H a re  m ethod o f  p ro p o rtio n a l rep resen ta tion  See S in g le  tra n s fe ra b le  
vote.

Independence fro m  irre le v a n t a lte rn a tive s  A  p rope rty  o f  a social choice 
fu nc tion  such th a t, i f  tw o  preference profiles are id en tica l w ith  re ­
spect to  some subset o f  a lternatives, then the social choice from  each
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pro file  is the same fro m  th a t subset. T h is  is one o f the fairness 
conditions in  A rro w ’s theorem .

Ind iffe rence  re la tio n  (I)  A  re la tion  imposed by an in d iv id u a l on tw o 
a lternatives p lac ing  one the  same as the o ther in  term s o f 
des irab ility .

H ighest-average m ethod A  m ethod o f coun ting  votes under p ropo rtiona l 
representation such th a t each seat is assigned to  the  p a rty  w ith  the 
highest ra tio  o f votes received to the  num ber o f seats a lready as­
signed plus one.

L a rgest-rem a inde r m ethod  A  m ethod o f  coun ting  votes under p ropor­
tio n a l representation such tha t, given a quota fo r  a seat (w h ich  is 
approx im ate ly  the ra tio  o f  to ta l votes to to ta l seats), each seat is 
assigned to  the  p a rty  fo r  w h ich  the  rem a in ing  votes are largest, a fte r 
sub tracting  fro m  its o rig in a l votes the p roduc t o f the quota  and the 
num ber o f seats a lready assigned to th a t party.

M o n o to n ic ity  A  p rope rty  o f a social choice fu n c tio n  such th a t, i f  an 
in d iv id u a l raises the socia lly  chosen a lte rna tive  in  his o r her p re fe r­
ence order and o ther ind iv idua ls  do no t change th e ir orders, then the 
func tion  continues to  select th a t social choice, and, i f  an in d iv id u a l 
lowers an a lte rna tive  no t soc ia lly  chosen and others do no t change 
th e ir orders, then the func tion  continues no t to  select the losing 
a lte rna tive . M o n o to n ic ity  is one o f  the fairness conditions in  A rro w ’s 
theorem.

N e u tra lity  A  p roperty  o f a social choice fu nc tion  such th a t, i f  a lte rna ­
tives are perm uted the same w ay in  a ll preference orders o f a p re fe r­
ence pro file , the social choice fu n c tio n  selects fro m  the  perm uted 
pro file  the a lte rna tive  th a t is the trans fo rm a tion  o f  the a lte rna tive  
selected fro m  the unperm uted pro file .

N o n d ic ta to rsh ip  A  p roperty  o f a social choice fu n c tio n  such th a t i t  is 
no t the case tha t, i f  one in d iv id u a l prefers one a lte rna tive  to  another, 
the preferred a lte rna tive  is the social choice. T h is  is one o f the  fa ir ­
ness conditions in  A rro w ’s theorem .

P aradox o f  vo tin g  T he  s itua tion  in  w h ich  the preference p ro file  o f a 
society is such th a t each in d iv id u a l has a preference order ( th a t is, a 
trans itive  and com plete arrangem ent o f  a lte rna tives), w h ile  the  a r­
rangem ent o f a lternatives produced by s im ple m a jo r ity  decision on 
pairs o f  a lternatives is no t an o rdering  ( th a t is, is no t trans itive ).

P ath  independence A  p roperty  o f  a social choice fu n c tio n  such th a t the 
choice fro m  a un ion o f  tw o  sets is the same as the choice fro m  the 
un ion o f the choices fro m  the tw o sets.
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P lu ra lity  ru le  A  social choice func tion  such th a t the social choice is the  
a lte rna tive  w ith  the largest num ber o f  firs t places in  preference o r­
ders in  a preference pro file .

P reference and ind iffe rence  re la tio n  (R ) A  re la tion  imposed by an in d i­
v idua l on tw o a lte rna tives p lac ing  one ahead o f o r the same as the 
o the r in  term s o f des irab ility .

P reference o rd e r A  tra n s itive  and com plete arrangem ent o f  a lternatives 
by an in d iv id u a l in  term s o f  the re la tion  R  o f preference and in ­
d ifference com bined. A  preference order is a pe rm u ta tion  o f  n 
a lternatives.

P reference p ro file  A  set o f  preference orders, one fo r  each m em ber o f 
society.

P reference re la tio n  (P) A  re la tion  imposed by  an in d iv id u a l on tw o a l­
ternatives p lac ing  one ahead o f the o ther in  term s o f  des irab ility .

P ro p o rtio n a l rep resen ta tion  (P R ) fo r  govern ing  bodies A n  e lectora l sys­
tem  in  w h ich , inso fa r as is a r ith m e tic a lly  possible, seats are assigned 
to  a pa rty  in  p ropo rtion  to  the votes cast fo r  it .  Idea lly , fo r  each 
constituency, the ra tio  o f  the votes cast fo r  a p a rtic u la r p o lit ica l 
p a rty  to  the  to ta l votes cast equals the  ra tio  o f  the  num ber o f  seats 
fo r  th a t p a rty  to  the  to ta l num ber o f  seats in  the body.

Q u a s i-tra n s itiv ity  A  p rope rty  o f  a set o f  a lternatives such th a t the a lte r­
natives are arranged (by  an in d iv id u a l o r by a social choice fu n c ­
tio n ) according to  the re la tion  P  o f preference b u t no t accord ing to 
the re la tion  R  o f  preference and ind iffe rence com bined.

R u n o ff e lec tion  A  two-stage social choice fu nc tion  w ith  m a jo r ity  ru le  
such th a t the a lte rna tive  w ith  over h a lf  o f  the votes is selected a t the 
firs t stage, bu t, i f  no such a lte rna tive  exists, the tw o a lternatives 
w ith  the m ost votes are subjected to  s im p le  m a jo r ity  decision a t the 
second stage.

S ch w a rtz  ru le  A  social choice fu n c tio n  such th a t the social choice is the 
C ondorce t w inner or, i f  none exists, the  a lternatives in  the  top  cycle, 
w h ich  is a cycle o f the  a lternatives th a t beat a ll a lte rna tives not in  
the cycle.

S e lf-c o n tro l in  dem ocra tic  th e o ry  The a b ility  o f the  in d iv id u a l to  con tro l 
his o r her environm ent and fu tu re  by p a rtic ip a tio n  in  the govern­
m ent o f  a society.

S im p le  m a jo rity  decis ion  A  social choice fu nc tion  fo r exactly  tw o a lte r­
natives by the  ru le  th a t the  social choice is the a lte rna tive  fo r  w h ich  
m ore than h a lf  (or, in  case o f a tie , h a lf)  o f  the votes are cast.

S ingle-peakedness A  cond ition  on a preference p ro file  such th a t the  
p ro file  contains a C ondorcet w inne r when every curve representing a
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preference order (w ith  a lte rna tives on the h o rizo n ta l axis and degree 
o f preference on the ve rtica l axis) is single-peaked.

S ing le -m em ber d is tr ic t system  A n  e lectora l system in  w h ich , in  each 
constituency, one and on ly  one o ffic ia l is chosen fo r  a governing 
body.

S in g le  tra n s fe ra b le  vote A  k in d  o f p ro p o rtion a l representation and a 
m ethod o f vo te-counting  such th a t, given a quota  to  e lect a cand i­
date, an in d iv id u a l’s vote is used in  w hole  or in  p a rt fo r  he r o r his 
firs t choice (u n t il th a t candidate is elected by rece iv ing  the requ is ite  
quota o f  votes, o r e lim ina ted  by rece iv ing the  fewest votes when no 
candidate has the quota) and then fo r  the second choice, and so on, 
u n til her o r his vote is used up.

S o c ia l choice fu n c tio n  A  ru le , ope ra ting  on the  preference p ro file  o f  
a group, to  select one (o r m ore) a lte rna tives o u t o f  a set o f 
a lternatives.

S o p h is tica te d  vo tin g  A  k in d  o f s tra teg ic  vo ting  in  w h ich  the  vo te r e lim i­
nates, fo r  a ll pa rtic ipan ts , a ll strategies ( th a t is, com plete  choices o f 
a lternatives to  support) th a t are dom inated by ( th a t is, are worse or 
no be tte r than ) an a lte rna tive  stra tegy and then votes accord ing  to  
one o f  his o r her rem a in ing  strategies.

S tra te g ic  vo tin g  V o ting  no t in  accord w ith  the  vo te r’s true  preference 
order, w ith  the in te n t o f  b rin g in g  abou t a social choice m ore desired 
by the vo ter than the  social choice th a t w ould  resu lt, o the r th ings 
being equal, fro m  vo ting  in  accord w ith  the vo te r’s tru e  preference 
order.

T ra n s itiv ity  A  cond ition  o f  log ica l a rrangem ent such th a t, i f  one a lte r­
native is re la ted in  a p a rtic u la r w ay to  a second and i f  a second is 
re la ted  in  the same w ay to  a th ird , then the firs t is re la ted  in  th a t 
w ay to  the th ird .

U n a n im ity  A  p roperty  o f  a social choice fu n c tio n  such th a t, i f  a ll in d i­
v idua ls in  a group p re fe r one a lte rn a tive  to  another, the  social choice 
is the a lte rna tive  thus pre ferred . T h is  is one o f  the  fa irness cond i­
tions in  A rro w ’s theorem .

U nd iffe ren tia tedness A  p roperty  o f  a social choice fu n c tio n  such th a t, i f  
preference orders o f a lte rna tives are perm uted am ong ind iv idua ls  in  
a group, the fu n c tio n  chooses the same a lte rna tive . B y th is  p roperty  
(usua lly  b u t inaccu ra te ly  ca lled “ a n onym ity ” ) ,  the  social choice 
fu nc tion  treats a ll ind iv idua ls  the  same.

U n ive rsa l a d m is s ib ility  A  p rope rty  o f  a social choice fu n c tio n  such th a t 
the  fu n c tio n  accepts any possible preference order by an in d iv id u a l. 
T h is  is one o f  the fa irness cond itions in  A r ro w ’s theorem .
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U tilita r ia n  so c ia l choice fu n c tio n  A  ru le  fo r selection o f a social choice 
such th a t the  w in n in g  a lte rna tive  has, over the  set o f a ll voters, the 
largest sum (B en tham ) o r the largest p roduct (N ash ) o f voters’ car­
d in a l u t i l i t y  numbers.

U t ility  A  measure o f preference among a lternatives. O rd in a l u t i l i t y  is 
based on an o rd in a l scale o f measurement. C a rd in a l u t i l i t y  is based 
on a 'ca rd in a l scale o f  measurement.

Von N eum ann -M o rg e n ste rn  u t ilit y  m easurem ent A  m ethod o f trans­
fo rm in g  o rd in a l u t i l i t y  fo r an ordered set o f a lternatives to  ca rd ina l 
u til ity .

V o te -tra d in g  A  k in d  o f s tra teg ic vo ting  such th a t each trader receives 
vote support on his o r her m ore-preferred a lte rna tive  from  tra d in g  
partners, w ho vote con tra ry  to  th e ir  true  preference orders, in  re tu rn  
fo r w h ich  each trader, by vo ting  co n tra ry  to his o r her own true  
preference order on his o r her less-preferred a lte rna tive , gives vote 
support to  tra d in g  partners on th a t a lte rna tive , w h ich  is th e ir more- 
p re ferred  a lte rna tive .

W eighted vo tin g  A  class o f vo ting  rules (such as w eighted m a jo r ity  vo­
tin g ) such th a t each vo ter is assigned a specified num ber o f  votes.
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Preface

In  th is  book I  have used social choice theory  to  exp licate  the theory  o f 
democracy. In  p a rticu la r, I  have exam ined the  fe a s ib ility  o f the p o lit ica l 
ideal o f dem ocracy in  term s o f  the p rac tica l constra in ts th a t the social 
choice analysis reveals concerning various dem ocra tic  aspirations. T here ­
fore, th is  book is w ritte n  fo r three kinds o f readers: p o lit ica l philosophers, 
students o f p o lit ica l ins titu tions , and beginn ing students o f social choice 
theory.

For p o lit ic a l philosophers, I  hope i t  w il l  dem onstrate the inescapable 
relevance o f  the social choice analysis to  the norm ative  concerns o f p o lit i­
ca l philosophy. U n fo rtu n a te ly  very few p o lit ic a l philosophers have hereto­
fore  recognized th is  relevance, possibly because social choice theory has 
usually been cast in  m athem atica l fo rm , thereby suggesting th a t i t  is 
m ere ly a techn ica l exercise. By show ing th a t im p o rta n t themes fro m  the 
social choice lite ra tu re  necessarily enter in to  ph ilosophic discourse and by 
presenting these themes w h o lly  in  nonm athem atica l term s, I  show the 
im portance o f the theory o f social choice.

For students o f p o lit ica l in s titu tions , th is  book w il l  dem onstrate th a t 
a n a ly tic  theory can help in  the  in te rp re ta tio n  o f events. One cen tra l ques­
tion  o f p o lit ic a l descrip tion— a question m uch disputed b u t l it t le  under­
stood— is the problem  o f exp la in ing  w hy  some issues are p o lit ic a lly  salient 
and others not. Th is p rob lem  has usua lly  been investigated by reducing 
po litics  to  som ething else— to economics, fo r exam ple, as in  M a rx ism , or 
to  psychology, as in  psychoanalytic v isua liza tions— thereby p roducing  an 
economic (o r psychological) in te rp re ta tio n  o f po litics . However, in  C hap­
ters 8 and 9 , 1 o ffe r a p o lit ica l in te rp re ta tio n  o f po litics , a theo ry  about the 
rise and decline o f  the salience o f  issues th a t derives d ire c tly  fro m  social 
choice theory  and is en tire ly  p o lit ica l in  fo rm . T h is  theory is an extension 
in to  p o lit ica l descrip tion o f the ra tio n a l choice model o f in d iv id u a l deci-



sion th a t underlies social choice theory. A t  the same tim e, m y theory 
u tilizes some o f the m ain discoveries o f  social choice theory  to describe 
po litics g e n e ra lly ..

For beginning students o f social choice theory— a category th a t 
should, I  believe, include m ost beg inning students o f  p o lit ica l science—  
th is  book w il l  serve to  in troduce  both the m ain  topics o f  in q u iry  and the 
m a in  conclusions so fa r  a rrived  a t in  th is  theory. S ince, as I  have already 
noted, i t  has usua lly  been presented in  a fa ir ly  fo rm idab le  m athem atica l 
fo rm , m any college freshmen and sophomores have p robab ly  no t under­
stood the in te lle c tua l m o tiva tion  fo r the theory. I  have sum m arized the 
m ain topics and re lated them  to  p o lit ica l philosophy and the descrip tion o f 
po litics. T h is  w il l  help beginning students to  appreciate the im portance—  
and even the elegance— o f the theo ry  o f social choice.

I  began to  th in k  about the them e o f th is  book when I  was a F a irch ild  
Fellow  a t the C a lifo rn ia  In s titu te  o f Technology, and I  was given the 
op p o rtu n ity  to  w rite  i t  by  the Scaife F am ily  C h a ritab le  T rust. I  deeply 
appreciate the support fro m  both these endowments. So m any friends 
have helped me to  understand the topics in  th is  book th a t I  cannot thank 
them  a ll. B u t I  m ust single ou t fo r  p ub lic  apprecia tion D uncan B lack, 
G era ld  K ram er, Steven Bram s, R icha rd  M cK elvey, Peter Ordeshook, 
John Ferejohn, R icha rd  K ro n ick , D a rre ll Dobbs, James Enelow, G ideon 
D oron, R aym ond Jean, and especially Kenneth Shepsle, whose critic ism s 
o f the firs t fo rm u la tio n  o f  the them e o f th is  book (a t a conference in  1976 
sponsored by the M a th e m a tica l Socia l Science B oard ) have been a con­
stan t w a rn ing  and whose comm ents on the fina l fo rm u la tio n  have c la rified  
m any a paragraph, Je ffrey  R ichelson, whose d issertation “ A  C om parative 
A na lys is  o f  Socia l Choice Functions”  (U n ive rs ity  o f  Rochester, 1975) 
provided one m ain p o in t o f  departure, C harles P lo tt, whose sem inar at 
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The Connection Between the Theory of Social 

Choice and the Theory of Democracy 1

The theory o f social choice concerns the methods, such as voting, by which people 
in groups choose among alternatives. Since voting is instrumentally necessary for 
democracy, a theory o f social choice is also a theory about that one indispensible 
feature o f democracy.

l.A  The A tta inab ility  o f Justice 3
The theory o f democracy, unlike theories about many other ideals o f justice, 

has not heretofore included— but should include— an analysis o f the instrument 
by which the ideal is supposed to be realized.

l.B  The Elements o f Democracy 4

l.C  The Meaning o f Democracy 8
The democratic ideal o f justice is a society in which free and equal citizens 

can try  to control their environment and their futures, thereby to realize the 
ultimate moral ideal o f human dignity. The instrument o f this kind o f justice is 
popular participation by voting, organized through political parties. Citizens’ free­
dom to organize into parties is protected by free speech, religious liberty, and free 
economic life, and their ab ility  to organize is guaranteed by equality at the ballot 
box. The democratic instrument and the democratic ideal are thus identical, free 
and equal participation, viewed either as means or as an end.

l .D  The Liberal Interpretation o f Voting 8
In the liberal (Madisonian) view, voting is a method o f controlling officials 

by subjecting their tenure to periodic electoral tests.

l.E  The Populist Interpretation o f Voting 11
In  the populist (Rousseauistic) view, voting is a method for citizens to par­

ticipate directly in making law, which is then the w ill o f the people.

l.F  Differences Between Liberal and
Populist Interpretations o f Voting 12
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In  the liberal view, the outcome o f voting is morally neutral; in the populist 
view, it  is morally right. By reason o f this difference, populists can, on moral 
grounds, jus tify  tyranny by supposed embodiments o f the popular w ill such as 
socialist dictators.

l.G  The V ita lity  o f the Liberal and
Populist Interpretations o f Voting 14
Although these views involve old philosophical issues, they are central to 

current political debate, as illustrated in two polemical books.

l .H  The Paradox o f Voting 16
Reflection on this paradox raises questions about whether either interpreta­

tion can be sustained and hence about whether democratic means (and the demo­
cratic ideal) are socially feasible.

_______________________________2______________________________
Different Choices from Identical Values 21

To illustrate the practical immediacy o f these questions, evidence is presented 
from several real events that identical preferences (votes), aggregated (counted) 
by different methods, produce different social choices.

2.A Evidence from Elections 22

2. B Evidence from Experiment 29

__________________________________3__________________________________
Simple Majority Decision 41

Different social choices from identical sets o f individual values need not cast doubt 
on the feasibility o f democracy, provided that one method o f aggregating prefer­
ences is clearly superior to all others. Simple majority voting on two alternatives is 
one possibly superior method, the desirable properties o f which are analyzed in 
this chapter. I t  is shown in conclusion, however, that binary choices occur rarely 
in nature and can be artific ia lly  generated only by violating fundamental notions 
o f fairness.

3. A Introductory Definitions 42

3.B Properties o f Simple M a jo rity  Decision: Monotonicity 45 
A  monotonic method o f counting votes is such that, when individual valu­

ations o f an alternative increase, the social valuation also increases. Since voting is 
intended to relate preferences to social choice, monotonicity is an elementary 
criterion o f fairness that is clearly satisfied by simple majority voting.

3.C Violations o f Monotonicity 47

3.D Properties o f Simple M ajority  Decision:
Undifferentiatedness (Anonym ity) 51
Another criterion o f fairness, not always appropriate but satisfied by simple 

majority voting, is that the vote-counting rule not differentiate among the voters 
in order to count them differently.
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3.E Properties o f Simple M ajority  Decision: N eutra lity 56
A  third criterion o f fairness, again only sometimes appropriate but satisfied 

by simple majority decision, is that the rule for vote-counting be neutral— that is, 
not treat alternatives differently.

3.F Simple M ajority  Decision and Fairness 58

3. G Democratic Thought About Simple M ajority  Decision 59
Only the rule o f simple majority decision on two alternatives satisfies these 

three criteria simultaneously. Consequently many theorists o f democracy have 
been entranced w ith the rule and have sought to institutionalize it  by providing 
only binary choices, as in the notion o f the system o f two “ responsible”  parties. To 
enforce binary choice is itself undemocratic, however, because it unfairly deprives 
proponents o f th ird and other alternatives o f a chance to win.
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Voting Methods with Three 

or More Alternatives 45

Fairness requires that the decision rule operate on more than two alternatives. 
Unfortunately no such rule satisfies reasonable criteria o f fairness. Since there is 
no deeper ethical system of judging among criteria, there is no way to show that 
one decision method is superior to another.

4. A Some Preliminaries 66

4.B M ajoritarian Methods o f Voting 67
The method o f majority rule, when extended to more than two alternatives, 

is usually regarded as adequate i f  it  satisfies the Condorcet criterion that the 
winner beat (or tie) all other alternatives. When, however, no Condorcet winner 
exists, majority rule is theoretically confused and practically inadequate.

4.C Examples o f M ajoritarian Methods 69

4.D Positional Methods o f Voting 81
M ajoritarian methods are based on binary comparisons, but w ith three or 

more alternatives n-ary comparisons are possible by considering the position o f 
alternatives in all the individual orderings. Positional methods thus often produce 
different winners from majoritarian methods.

4.E Examples o f Positional Methods 85

4.F U tilita rian  Methods o f Voting 95
Taking u tility  as a measure o f preference, cardinal u tility  is a measure o f 

degrees o f preference, and methods o f aggregating cardinal u tility  thereby incor­
porate the intensity o f individual valuations. The transformation o f an in itia lly  
ordinal measure into a cardinal measure is difficult to justify.

4.G Examples o f U tilita rian  Methods 98

4.H Criteria for Judging Voting Methods 99
In addition to the criteria o f Chapter 4, reasonable and widely accepted 

standards are the Condorcet criterion (embodying the majoritarian ideal), the 
consistency criterion (embodying the positional ideal), and the criterion o f
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independence from irrelevant alternatives (embodying a concern for consistent 
application o f a rule).

4.1 Judgments on Voting Methods 101
No category o f methods satisfies all reasonable criteria. M ajoritarian meth­

ods fail the consistency criterion; positional methods fa il the Condorcet criterion; 
and utilitarian methods fa il the independence criterion.

4.J The Absence o f True and Fair Amalgamations 111
Since there is a good rationale in terms o f fairness and consistency for each 

criterion and since no method satisfies a ll o f them, every method is in some sense 
inadequate. Hence i t  cannot be said that any method is clearly superior to others 
or that any method fa irly  and tru ly  amalgamates individual values into a social 
choice.
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The Meaning of Social Choices 115

Although individuals can order alternatives, no method o f aggregating preferences 
can simultaneously satisfy elementary conditions o f fairness and an elementary 
condition o f logicality. Hence, not only may the results o f voting be unfair, they 
may also fail to make sense.

5.A A rrow ’s Theorem 115
I f  a method o f aggregation allows voters to hold any preference ordering, i f  

it  satisfies the criteria o f unanim ity and independence from irrelevant alternatives, 
and i f  it  does not allow a dictator, then it  must fa il to ensure a transitive ordering 
o f alternatives in the outcome o f aggregation.

5.B The Practical Relevance o f A rrow ’s Theorem:
The Frequency of Cycles 119
Since A rrow ’s theorem casts doubt on either the fairness or coherence of 

amalgamated preferences, mapy writers have tried to evade its implications by 
attacking it as practically insignificant. I t  is said that intransitive social outcomes 
(i.e,, cycles) are rare. They are probably infrequent on triv ia l issues but frequent 
on important ones.

5.C The Practical Relevance o f A rrow ’s Theorem:
Conditions for Condorcet Winners 123
I t  is also said that, i f  voters agree in some ways (e.g., single-peakedness, 

value-restrictedness) on their preference orders, cycles may be impossible. Such 
natural agreement may be, and probably often is, upset by conscious 
manipulation.

5.D The Theoretical Invulnerability o f A rrow ’s Theorem:
Independence 129
Alternatively, the theorem is said to be theoretically inappropriate because 

the condition o f independence from irrelevant alternatives is unreasonable because 
supposedly irrelevant alternatives may be relevant. Unfortunately, relevance is 
difficult to specify.

5.E The Theoretical Invulnerability o f A rrow ’s Theorem:
Transitivity 130
Although it is, as correctly charged, an anthropomorphism to expect logi­

cality from groups, transitive social orderings are nevertheless necessary fo r coher­
ence and meaning. Furthermore, even weakened conditions o f logicality (quasi- 
transitivity and acyclicity) do not avoid the fundamental conflict between fairness 
and consistency.

5.F The Theoretical Invulnerability o f A rrow ’s Theorem:
Conditions on Social Choice 132
Even i f  one avoids the anthropomorphic notion o f a social preference by 

imposing consistency conditions on the outcome o f aggregation (e.g., conditions o f 
path independence or o f consistency in individual choice), s till the conflict be­
tween fairness and logicality is ineradicable.

5.G The Absence o f Meaning 136
As long as a society preserves democratic institutions embodying A rrow ’s 

conditions, it  is to be expected that some choices w ill be unordered and hence 
inconsistent. I f  so, then the social outcome is lite ra lly w ithout meaning.

6
The Manipulation of Social Choices:

Strategic Voting 137

The consequence o f the situation revealed by A rrow ’s theorem is either that power 
is concentrated or that the process o f voting may be manipulated. Assuming de­
mocracies do not tolerate extreme concentration o f power, then their methods of 
aggregating preferences are subject to manipulation.

6.A The Elements o f Manipulation 138
One method o f manipulation is the false revelation o f preferences (strategic 

voting); another is the arrangement o f the agenda. Both methods are widely used, 
and both render the social outcome dependent on the skill o f the manipulators as 
well as on the tastes o f other voters.

6.B The Universality o f Strategic Voting 141
A ll methods o f voting that produce unique outcomes and do not depend on 

chance are subject to manipulation by strategic voting (Gibbard’s theorem).

6.C Examples o f Strategic Voting 145

6.D The Consequences o f Strategic Voting 156

6.E Vote-trading 157
Coordinated strategic voting by vote-trading enormously expands the possi­

bilities for strategic voting. Sometimes it can improve outcomes for traders, and 
sometimes it  can make everyone worse off.

6.F The Ineradicability of Strategic Voting 167
Strategic voting is an ineradicable possibility in all voting systems, includ­

ing demand-revealing systems, which were invented to preclude it. Furthermore, i t
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probably occurs frequently. Since, however, i t  can never be positively identified, 
we can never know whether a particular outcome is a true aggregation o f prefer­
ences or a product o f both preferences and manipulation.
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-  The Manipulation of Social Choices:

Control of the Agenda 169

Leaders can control agendas by establishing the sequence and content o f business. 
Everyone can control agendas by inventing new alternatives and new dimensions 
o f judgment.

7.A  The Universality o f Agenda Control 170
A t the most abstract level, equilibria in voting rarely exist, and i f  they do, 

are fragile. In  the absence o f equilibrium, any voting situation is vulnerable to 
manipulation o f the agenda.

7.B Examples o f Agenda Control 173

7.C The Paucity o f Equilibria 181
I f  alternatives are continuous and located by two or more dimensions and i f  

u tility  is differentiable, then the conditions for equilibria are highly restrictive 
(P lott’s theorem). Furthermore, w ithout equilibrium, every possible alternative is 
in the cycle o f best outcomes (M cKelvey’s theorem).

7.D Practical S tability and Theoretical Instability 188
Consequently, what stability o f outcomes is observed must depend on insti­

tutional constraints, not on voters’ preferences.

7.E The Fragility o f Equilibria: An Example o f the Introduction
o f New Alternatives to Generate Disequilibrium 192
Given that equilibria are rare and fragile and dependent on institutions, 

voting can usually be manipulated by introducing new alternatives or changing 
the dimensions o f the space in which they are evaluated, as illustrated by an 
elegant maneuver by Chauncey DePew.

_______________________________8_______________________________
The Natural Selection of Political Issues:

An Interpretation of 

Political Disequilibrium 197

The general possibility o f manipulation and the typical absence o f equilibria ac­
count for and explain political evolution or the perpetual flux o f politics. Losers 
generate new issues in the hope o f becoming winners, though which issues are 
successful is a matter o f a natural selection we do not yet understand.

8.A Disappointments w ith Disequilibria 198
The revelation in social choice theory o f the fundamental disequilibrium of 

politics forces a reassessment o f the nature o f politics, which is undertaken in this 
and the next chapter.
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8.B Voting Disequilibrium: W hat I t  Means to Lose 201
Political situations typically do not admit o f outcomes in which a ll partici­

pants are minimally content. Hence, there exist losers who are worse o ff for hav­
ing participated, especially when universal values, detested by losers, are imposed 
by victors— a kind o f political scarcity.

8.C Voting Disequilibrium: The Quantity and Quality
o f Political Dissatisfaction 206
Even i f  outcomes are in equilibrium, there are dissatisfied losers— especially 

dissatisfied i f  the issue at stake involves political or moral scarcity. I f  outcomes are 
not in equilibrium so that under majority rule, the outcome actually adopted 
would lose to another potential majority, a m ajority o f participants— often a large 
majority— is dissatisfied.

8.D The Consequences o f Dissatisfaction: A  Model
o f Political Change 208
Given widespread dissatisfaction, the content of politics is the invention and 

promotion o f new alternatives in support o f which the dissatisfied can unite to win. 
By reason o f the fact o f disequilibrium, i t  is known that such alternatives poten­
tia lly  exist, and the art o f politics is to find them.

8.E The Natural Selection o f Issues 209
Political entrepreneurs thus constantly promote new alternatives, some o f 

which ultimately succeed in a social world somewhat like that world w ith in  which 
biological evolution by natural selection occurs.

8.F Structural Regularities in N atura l Selection 211
Although the generation and acceptance o f new issues may appear to be a 

random process, doubtless structural and procedural regularities exist about which 
a political science can be centered.
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Manipulation and the Natural Selection 

of Issues: The Development of the 

Issue of Slavery as a Prelude to the 

American Civil War 213

In the new view o f politics as the propagation o f new issues in a world without 
equilibrium, an important illustration is the rise o f the slavery issue in American 
politics from quiescence prior to 1819 to the central concern after 1846. This new 
and wholly political interpretation differs sharply from economic interpretations, 
interpretations in terms o f ideology, and such ad hoc interpretations as the notion 
o f critical elections.

9.A The Appearance o f Slavery as a National Political Issue 214 
In 1819 the status quo on slavery, incorporated in the Constitution, was its 

exclusion from national politics as a matter o f local concern. This status quo 
especially suited the dominant intersectional coalition o f agrarian expansionists 
(Jefferson Republicanism and Jacksonian Democracy) that governed most o f the 
time from 1800 to 1860. The slavery issue threatened this dominant coalition and 
ultimately disrupted it. Therein lay the opportunity for the losers, the commercial
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expansionists (Federalists, Whigs, and Republicans) who lost during most of the 
1800-1860 era, to unify on an issue divisive to the winners.

9.B Slavery as an Issue from the Ratification o f the Constitution
Through the Missouri Compromise 215
The sudden appearance o f the slavery issue in 1819 cannot be explained on 

economic grounds, for there was no sudden shift in the relation o f free and slave 
labor. Nor.can it be explained on humanitarian grounds, for there was no sudden 
change in morality. But it  can be explained in terms o f the political opportunities 
for the losing Federalists.

9.C From the Missouri Compromise to the Gag Rule 219
It  was repressed in the 1820s because the losers might become or had be­

come winners and had no need o f it. A fte r Clay lost on the conventional issue 
(agrarian as against commercial expansion), however, i t  was appropriate to raise 
the slavery issue again, and the petitions against the slave trade in the D istrict o f 
Columbia were the in itia l occasion.

9.D The W ilm ot Proviso 223
The issue was fu lly  developed when, in the form o f the W ilm ot Proviso, it  

split the Democratic party.

9.E From the W ilm ot Proviso to the C ivil War 227
The culmination o f disequilibrium is seen in the election o f I860, in which it 

is probably the case that Lincoln, Douglas, and Bell were in a cycle.
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Liberalism, Populism, and the Theory of Social Choice 233

10.A The Adequacy of Voting 233
Although many writers have feared tyranny by the majority, very few have 

questioned the process by which majorities are made. The conclusions from social 
choice theory are, however, that (1) outcomes o f voting cannot, in general, be 
regarded as accurate or fa ir amalgamations o f voters’ values and (2) outcomes o f 
voting lack meaning either because they are, or may be, produced by 
manipulation.

10.B The Rejection o f Populism 238
The populist interpretation o f voting (i.e., that what the people, as a corpo­

rate entity, want ought to be public policy) cannot stand because it  is inconsistent 
w ith social choice theory. I f  the outcomes o f voting are, or may be, inaccurate or 
meaningless amalgamations, what the people want cannot be known. Hence the 
populist goal is unattainable.

10.C The Survival o f Liberalism and Democracy 241
Since liberalism allows for strange bedfellows in politics, since i t  does not 

require that the outcome o f voting make sense, and since it asks only that voting 
produce a decision, i t  is compatible w ith social choice theory.

10.D Are Liberal and Populist Interpretations Compatible? 246
Since populist voting requires the elimination o f constitutional lim itations 

on government, and since liberal voting requires the preservation o f constitutional

guarantees o f the integrity o f elections, the two interpretations are probably 
incompatible.

10.E The Preservation o f Liberal Democracy 249
The constitutional lim itations intended to preserve the lim ited tenure and 

regular elections o f liberal democracy are multicameralism, the separation o f 
powers, multipartyism, federalism, and an independent judiciary. These reinforce 
the political pattern o f shifting coalitions characteristic o f the liberal kind o f 
voting. And together these institutions w ill, it  is hoped, guarantee the circulation 
o f leadership and hence the maintenance o f the instrument and ideals of 
democracy.
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The Connection Between 
the Theory of Social Choice 

and the Theory of Democracy

The theory  o f social choice is a theo ry  about the  w ay the  tastes, p re fe r­
ences, o r values o f  in d iv id u a l persons are am algam ated and sum m arized 
in to  the  choice o f  a co llec tive  group o r society. Because vo ting  is one 
m ethod o f aggregating values, social choice theory  m ust inc lude , among 
o ther elements, a theory  o f  vo ting . V o ting  is in  tu rn  an indispensable 
fea tu re  o f dem ocracy because, however the  goals o f  dem ocracy are de­
fined, its  m ethod involves some k in d  o f  popu la r p a rtic ip a tio n  in  govern­
m ent. A lth o u g h  p a rtic ip a tio n  can take  m any fo rm s, h is to rica lly— and 
p robab ly  lo g ica lly— i t  in va ria b ly  includes vo ting . There fo re , the  theo ry  o f 
social choice is h ig h ly  re levant to  the  theo ry  o f  democracy.

O n ly  recently, however, has th is  relevance been recognized. One 
reason recogn ition  has come s low ly  is th a t students o f  dem ocracy have 
tended to  regard the m echanism  o f  vo ting  and coun ting  votes as a tr iv ia l 
subject. There  has, i t  is true , been a cen tu ry -long  controversy over p ropor­
tio n a l representation, b u t th a t controversy has centered m ore on fairness 
than on the  opera ting  characteris tics o f  a lte rna tive  mechanisms. O th e r­
wise, p o lit ica l philosophers, engaged in  the  p u rsu it o f  ju s tice , have ignored 
and neglected the  theo ry  o f  vo ting  m ethods as som ething best le ft to  the 
a tten tion  o f m un ic ipa l employees.

To some degree, the  philosophers have been r ig h t: The theo ry  o f 
vo ting  has ba re ly  existed u n til th is  generation, and one cannot a ttr ib u te  
m uch relevance to  a theo ry  th a t ba re ly  exists. O n ly  in  the  1940s d id  
D uncan B lack, then an unknow n le c tu re r on economics in  G lasgow, redis­
cover the paradox o f  vo tin g  (see section l . H )  and recognize the fu l l  sig­
n ificance o f a theo ry  o f social choice.

The paradox o f vo ting  is the  coexistence o f coherent in d iv id u a l va lu ­
a tions and a co llec tive ly  incoherent choice by m a jo r ity  ru le . In  an e lection  
w ith  three o r m ore a lternatives (candidates, m otions, e tc.) and th ree  o r l

l
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m ore voters, i t  m ay happen th a t when the a lternatives are placed against 
v each other in  a series o f paired comparisons, no a lte rna tive  emerges v icto- 
v*. rious over each o f  the others: Voting fa ils  to produce a c lea r-cu t w inner. 
*  Th is  paradox was o rig in a lly  discovered by C ondorcet in  the la te  eigh­

teen th ' century, ju s t a t the tim e  th a t vo ting  was becom ing a m uch more 
frequen tly  used method o f social decision. C ondorcet’s discovery made 
lit t le  impression on his contem poraries, and ne ithe r d id  the rediscoveries 
in  the la te  nineteenth and early tw en tie th  centuries by Lew is C a rro ll 
(C harles Dodgson) and E. J. N anson make m uch impression on th e ir con­
tem poraries. D uncan B lack, however, in  a series o f essays begun in the 
1940s and cu lm in a tin g  in  his T heo ry  o f  C om m ittees and  E lec tions , effec­
tive ly  com m unicated the p ro found significance o f  the rediscovered para­
dox to  o ther scholars.1 One was Kenneth A rro w , who proved in S o c ia l 
C hoice and  In d iv id u a l Values th a t the  paradox m ay occur in any reason­
ab ly  fa ir  system o f coun ting  votes.2 A n o the r was R ob in  Farquharson, who 
showed in T heory o f  V oting th a t p o lit ica l s tra tegy and d iss im ula tion  
about tastes were inerad icab le  parts o f  the process o f  vo ting .3

The w o rk  o f B lack, A rro w , and Farquharson launched the theory o f 
social choice and connected i t  lo g ica lly  w ith  the theory  o f democracy. B ut, 
though the connection is now made, i t  is on the whole s ti l l  true  tha t 
p o lit ica l scientists and p o lit ica l philosophers have not worked o u t the sig­
n ificance o f the connection. M os t w rite rs  s im p ly  ignore the  problem , and 
those who recognize i t  tend to  sweep i t  under the rug .4 R obert D ah l d id  
t r y  to  w o rk  ou t some connection between the tw o theories.5 B u t social 
choice theory, a t the tim e  he w rote, was not yet m ature. Consequently, the 
fu l l  significance o f  the connection was not v is ib le  to h im .

N ow , however, th a t s ignificance can be specified m ore easily: D e­
m ocracy is an ideal o f  both  jus tice  and p o lit ica l life , and i t  is a method 
o f  rea liz ing  th a t ideal in  o rd in a ry  po litics. The ideal is in d iv id u a l self- 
rea liza tion  (th a t is, the achievem ent o f  the hum an poten tia l fo r good 
qua lities  o f character and behavior) and ind iv idua l self-respect (th a t is, a 
sense o f one’s worthiness as a person and a pride  in  one’s se lf-rea liza tion ). 
The m ethod is, fo r  each person, free and equal p a rtic ipa tion  in the p o lit i­
cal life  o f  the com m un ity , engaging thus in  w hatever con tro l o f the social 
environm ent is possible. Both  parts, the  ideal and the m ethod, are neces­
sary fo r democracy. T hey can exist separately in  o ther contexts— the ideal 
in , fo r example, an e th ica l system and the m ethod in, say, a relig ious 
society. B u t w ha t makes dem ocracy un ique is th a t the dem ocratic  means 
and the dem ocra tic  ends are jo ined . Indeed, they are the same th ings 
viewed idea lly  and ins trum en ta lly . A cco rd ing  to  dem ocra tic  theory, dem o­
c ra tic  ends can be achieved by dem ocra tic  means. N ow , o f course, th a t 
assertion m ay o r m ay not be true . I f  i t  is true , then the notion o f  democ-

l.A. The A tta in a b ility  of Justice 3

racy makes sense. B u t i f  i t  is not true , i f  the  m ethod cannot rea lize the  
ideal, then, however lo fty  the ideal m ay be, the no tion  o f dem ocracy is 
meaningless. Thus, a p ro found ly  im p o rta n t question about dem ocracy is 
w hether the means are capable o f  achieving the ends.

The theory o f  social choice perm its us to approach, and perhaps 
even p a rtia lly  to  answer, th a t question. The ideal o f dem ocracy is set fo r th  
in  a norm ative  statem ent o f  w ha t we w an t the  n a tu ra l w o rld  o f  hum an 
in te raction  to  y ie ld  fo r us. The theo ry  o f social choice is an a n a ly tic  theory 
about the w ay th a t na tu ra l w o rld  can w ork  and w ha t k inds o f ou tputs 
th a t w o rld  can yie ld . By means o f  th is  ana ly tic  theory, we can discover 
w hether pu rsu it o f the ideal is prom is ing  or fu tile .

W h a t we hope to have is always cond itiona l on w ha t we can have. 
To seek w hat we know, a p r io r i, we cannot get is about like  try in g  to 
square the c irc le . B u t to  search fo r an a lg o rith m  to  com pute a resu lt th a t 
we know is, a t least in  p rinc ip le , com putab le  is a sensible task. T h is  then is 
the  connection between the theory o f  dem ocracy and the theory  o f  social 
choice: By use o f the la tte r i t  is possible to  assess, a t least in  part, w hether 
i t  is sensible to  pursue dem ocra tic  ends by dem ocra tic  means.

l.A. The Attainability of Justice

In  the study o f jus tice  the need to  investigate  w hether the specified 
means can be used to  achieve the specified ends recurs frequen tly . I t  is 
exactly  such investigation  th a t has hereto fore been neglected by students 
o f  democracy.

Such neglect is com m on enough in  contem porary  p o lit ic a l though t, 
and m any recent in te rpre ters o f nondem ocratic  notions o f ju s tice  have 
been equa lly  g u ilty  o f neglecting the  study o f in s titu tions  by w h ich  th e ir 
versions o f ju s tice  m ig h t be a tta ined. W itness, fo r exam ple, John R aw ls ’ 
u til ita r ia n is m  w ith  a K a n tia n  overlay or H e rb e rt M arcuse ’s im probab le  
com bination  o f hum anism  and violence. Both o f them  have been presented 
as de fin itions o f  goals, b u t they lack any consideration a t a ll o f  w hether 
the goals are physica lly  a tta inab le  by any im ag inab le  means.

I t  does not rea lly  make sense to ignore the question o f a tta in a b ility , 
and in  the long h is to ry  o f  the study o f  ju s tice  such questions have ty p ic a lly  
been a centra l pa rt o f  the  inqu iry . In  the R e p u b lic , the earliest-recorded 
w e ll-a rticu la ted  theory  o f jus tice , P la to  defines ju s tice  as a cond ition  in 
w h ich  everyone is doing the jo b  best fitted  to his o r her ta lents. T h is  
de fin ition  is on ly  the beginn ing o f a discussion o f w hether th a t p a rticu la r 
goal can be achieved by various devices, such as an appropria te  ideology
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(the so-called noble lie ), an educationa l system fo r ru lers, the generation 
o f  w isdom -lov ing kings, and even d iv ine in te rvention  in  history. S im ila rly , 
in  the modern w orld , the M a rx ia n  de fin ition  o f ju s tice  as the d is tr ib u tio n  
o f  m a te ria l goods accord ing to  needs was proposed along w ith  a concrete 
method o f achieving i t— nam ely, the d ic ta to rsh ip  o f  the p ro le ta ria t led by 
its vanguard, the C om m un is t party. M a rx  h im se lf devoted m uch though t 
to  concrete steps in the revo lu tion  (fo r example, in the C ritiq u e  o f  the 
G otha P rog ram ), and his successors Len in  and M ao  equated philosophy 
w ith  a theo ry  o f  p a rty  o rgan iza tion  and a theory  o f propaganda.

In  the  in te rp re ta tion  o f both the P la ton ic and the M a rx ia n  theories, 
i t  is ce rta in ly  appropria te  and in  fa c t custom ary to  inqu ire  w hether the 
means are e ffic ien t fo r a tta in in g  the  ends. Very few people have seriously 
considered a ttem p ting  to achieve P la ton ic  jus tice , no t p r im a rily  because 
P la ton ic  ju s tice  is ra ther un insp iring , b u t because the education and the 
in s titu tio n  o f  a ph ilosopher-k ing  seem in te rn a lly  co n trad ic to ry  and qu ite  
u n like ly  to  achieve the intended effects even i f  they could be carried  
th rough . S im ila r ly , a lthough  the m a te ria lism  o f  M a rx is t goals has a w ide 
appeal, i t  is fa r fro m  c lear th a t the d ic ta to rsh ip  o f  the C om m un is t pa rty  
has prom oted d is tr ib u tio n  accord ing to  need. M a n y  observers believe th a t 
C om m un is t bureaucracies, m u ltip ly in g  disincentives fo r p roduction  and 
sa tia ting  themselves w ith  perquisites, have produced d is tribu tions  even 
less in accord w ith  stated M a rx is t goals than was achieved under the sys­
tems they replaced. I f  so, then M a rx is t means m ay w e ll have prevented 
the achievem ent o f  M a rx is t ends.

As these tw o examples ind ica te , the question o f w hether p a rticu la r 
goals are achievable by specified means (o r indeed by any means a t a ll)  is 
an e lem entary and unavoidable question about any theory o f  jus tice . Yet 
up to  th is  tim e  i t  has no t been asked about democracy. The m ain  reason i t  
has not been asked is, I  believe, th a t we have lacked an appropria te  base 
fo r questioning. B u t now th a t we have an ana ly tic  theory about the m ain 
in s titu tio n  o f dem ocracy— namely, vo ting— we do have an appropria te  
base. Consequently, i t  seems both possible and w o rthw h ile  to  s tudy the 
re la tion  o f  dem ocra tic  means to  dem ocra tic  ends, and th a t is the purpose 
o f  th is  book.

l.B. The Elements of Democracy

To begin the  investigation  we need some agreed-upon notion  o f 
w ha t dem ocracy is. U n fo rtu n a te ly  we cannot go to  a unique au th o rita tive  
source fo r a de fin ition . Democracies have existed in  the ancient M e d ite r-
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ranean w orld , in  la te-m edieva l cen tra l European c ities, and in  m any na­
tions o f the  m odern w orld . T h e ir  social and c u ltu ra l c ircum stances have 
been extrem ely diverse, and th e ir  goals and methods have been defined in 
m any constitu tions and in  a vast body o f  ju d ic ia l,  ph ilosoph ica l, d idac tic , 
and popu la r com m entary. S ince the lite ra tu re  ce lebra ting  dem ocracy—  
even a u th o r ita tive ly  exp lica ting  i t— is fa r  too m uch fo r one person to  read, 
i t  is d iff ic u lt to  set fo r th  a fa ir  and inc lus ive  de fin ition .

O n another occasion I  a ttem pted  to  by-pass th is  d iff ic u lty  by the  
s ta tis tic ian ’s device o f  selecting a sample. I  com pared five representative 
documents, look ing  fo r the elements they had in  com m on.6 W ith o u t re­
peating th a t analysis here, I  w il l  l is t the properties found in  those docu­
ments. T hey are p a rtic ip a tio n , lib e rty , and equa lity . M os t recent w rite rs  
a ttr ib u te  those properties to  dem ocracy; I  w il l  exp la in  how they f i t  to ­
gether coherently.

To an tic ipa te  m y conclusion, and to  ind ica te  the  d ire c tio n  o f the  
argum ent, I  w an t to  po in t o u t th a t the coherence depends on the  fa c t th a t 
a ll dem ocra tic  ideas are focused on the m echanism  o f vo ting . A l l  the  
elements o f the dem ocra tic  m ethod are means to render vo ting  p ra c tica lly  
effective and p o lit ic a lly  s ign ifican t, and a ll the elements o f the dem ocra tic  
ideal are m ora l extensions and e laborations o f  the  features o f the m ethod 
th a t make vo ting  w ork. V o ting , therefore, is the  cen tra l act o f  democracy, 
and th is  fa c t makes apparent the im m ed ia te  relevance o f the  theory o f 
social choice.

Participation

The c ru c ia l a ttr ib u te  o f dem ocracy is popu la r p a rtic ip a tio n  in  gov­
ernm ent. T h is  is w ha t the  roo t o f  the w ord  o r ig in a lly  m eant in  Greek. 
A lth o u g h  the  in s titu tio n s  o f p a rtic ip a tio n  have been m any and varied, 
they have always revolved around the sim ple act o f vo ting . Even recent 
theories, such as those fro m  D ah l and his fo llow ers, th a t equate dem oc­
racy w ith  the free in te rp la y  o f groups and the existence o f an opposition 
cannot avoid an emphasis on vo ting  as the  u ltim a te  w ay groups and op­
positions m ake themselves fe lt. V o ting , however, is no t equ iva len t to  de­
mocracy. O n ly  vo ting  th a t fa c ilita tes  popu la r choice is dem ocra tic . T h is  
cond ition  excludes vo ting  both in  o lig a rch ic  bodies and in  plebiscites in  
com m unist and m ilita ry  tyrann ies, where vo ting  is no m ore than  forced 
approbation . Thus one can say th a t dem ocracy im plies vo ting  b u t vo ting  
does not im p ly  democracy. O r, vo ting  is a necessary, b u t no t su ffic ien t, 
cond ition  o f democracy. To render them  equivalent, vo ting  m ust be sur­
rounded w ith  numerous in s titu tio n s  like  p o lit ic a l parties and free speech, 
w hich organize vo ting  in to  genuine choice.
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The purpose o f p a rtic ipa tion  is tw o fo ld . In  most cases i t  has been 
ins titu ted  to restra in  oppressive ru le  by sub jecting ru lers to  popu lar ju d g ­
m ent. B u t, in  add ition , i t  has been invested w ith  a positive value o f its 
own. R u lin g  and being ruled in  tu rn  is, said A ris to tle , the essence o f good 
c itizensh ip ; and good c itizensh ip  he equated w ith  the good life . To take, 
thereby, fu l l  respons ib ility  fo r oneself— both by in te rna l d isc ip line  and by 
cooperative m anagem ent o f the  physica l and social environm ent— is to  
achieve as m uch se lf-con tro l as one can. A nd  se lf-con tro l is a necessary 
ins trum en t o f th a t hum an d ig n ity  and self-respect th a t m ora l philosophers 
o f a lm ost a ll persuasions have regarded as the best hum an achievem ent. 
To fa c ilita te  th a t achievem ent is the goal o f  dem ocracy and its  idea l o f 
jus tice . Hence, p a rtic ip a tio n  is an end in  its e lf as w e ll as a p rac tica l 
m ethod.

Liberty

A  second fea ture  o f  dem ocracy is lib e rty  to  pursue one’s goals. Th is  
no tion  has been va rious ly  expressed. In  the  tra d it io n  o f Locke, w h ich  has 
dom inated A n g lo -A m erica n  though t, lib e rty  has been described as the 
na tu ra l righ ts  inheren t in  hum an life  and independent even o f c itizensh ip . 
M a n y  o f the  great dem ocratic  declarations are tabu la tions o f  rig h ts  such 
as free speech, re lig ious libe rty , fa ir  legal procedure, p roperty  ownership, 
and econom ic security. B u t the connection between dem ocratic  lib e rty  
and na tu ra l rig h ts  is not necessary. In  the  ancient w o rld  there was no 
no tion  o f na tu ra l righ ts , yet Pericles praised freedom  as one o f  the  m ain 
features o f  A th e n ia n  democracy. A n d  in  the  tra d it io n  o f Rousseau, l ib ­
e rty  resides in  p a rtic ip a tio n  in  governm ent, no t in  righ ts  d is tin c t from  
governm ent.

Nevertheless, however expressed, there is a close connection be­
tween lib e rty  and democracy. H ow  can the persistence o f  th is  association 
be explained? H is to rica lly , a t least, the association is ins trum en ta l be­
cause lib e rty  is necessary to  organize p a rtic ip a tio n  in  governm ent. In  the 
English tra d it io n , lim ite d  governm ent o rig ina ted  in  cla im s o f freedoms 
against the C row n. The earliest such c la im  was th a t members o f P a rlia ­
m ent not be prosecuted fo r speeches in  P arliam ent. The c la im  protected 
po litic ians te m p o ra rily  in  office and not ce rta in  o f  staying there and 
thereby enabled them  to fo rm  factions and organize vo ting  against the 
governm ent. U lt im a te ly  th is freedom  was extended to  everybody, b u t i t  
has never lost its  association w ith  p o lit ica l opposition and the nourishm ent 
o f  faction . A lm o s t everyth ing  else th a t we th in k  o f  as c iv il libe rties  (the 
righ ts  o f a speedy tr ia l,  habeas corpus, and security  against unreasonable 
search and seizure, fo r exam ple) o rig ina ted  to  p rotect po litic ians who
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feared prosecution i f  and when they lost office. Thus the  h is to ric  purpose 
o f  these fundam enta l dem ocra tic  libe rties  has been not to  provide freedom  
as an end in itse lf, b u t to render effective both p o lit ica l p a rtic ip a tio n  and 
the  process o f  choice in vo ting .

Freedom, however, has also become an end in its e lf because, like  
pa rtic ip a tio n , i t  generates se lf-con tro l and fac ilita tes  self-respect. Hence i t  
is not on ly  an ins trum en t for, bu t also a p a rt of, jus tice . C iv il libe rties  are 
now though t to  be good fo r everybody, no t ju s t po litic ians. R e lig ious lib e r­
ty, w h ich  re lig ious factions— uncerta in  o f v ic to ry  in  the wars o f  re lig ion—  
devised to  pro tect themselves, is now th ough t to  be p a rt o f  se lf-con tro l and 
the good life  itse lf. Econom ic lib e rty — tha t is, the free m arkets and free 
entrepreneurship o f  modern cap ita lism —-o rig in a lly  protected a faction , 
namely, m erchants, in  co n flic t w ith  the  C row n and the  feuda l order. A l ­
though i t  has been fashionable in  th is  cen tu ry  to  deride econom ic free­
dom , cap ita lism  rem ains essential fo r  fac tion : N o  governm ent th a t has 
e lim ina ted  economic freedom  has been able to  a tta in  o r keep democracy, 
p robab ly  because, when a ll econom ic life  is absorbed in to  governm ent, 
there is no conceivable financ ia l base fo r opposition. B u t econom ic lib e rty  
is also an end in  its e lf because cap ita lism  is the d riv in g  force fo r the 
increased efficiency and technolog ica l innovation  th a t has produced in 
tw o centuries both  a vast increase in the w ea lth  o f  ca p ita lis t nations and a 
doub ling  o f the average life  span o f  th e ir citizens. These p rac tica l achieve­
ments also fa c ilita te  se lf-con tro l and are there fore  im p o rta n t features o f 
dem ocratic  justice .

A ltoge ther, therefore, dem ocra tic  lib e rty  (w hether c iv il, re lig ious, o r 
econom ic) orig inates as an ins trum en t to  organize vo ting  and popular 
p a rtic ip a tio n  in  governm ent. Once in  existence, however, i t  has always 
been found good in its e lf as a p a rt o f se lf-con tro l and hum an d ign ity . So, 
like  pa rtic ip a tio n , dem ocra tic  lib e rty — o rig in a lly  an ins trum en t— became 
a p a rt o f  the dem ocratic  ideal.

Equality

A  th ird  feature o f dem ocracy is equa lity , w h ich  like  lib e rty  and 
p a rtic ip a tio n , o rig ina ted  in some rough sense as an ins trum en t o f voting. 
V oting  w ould  not mean m uch i f  each person’s vote were not counted in 
the  same way. So equa lity  at the b a llo t box, by some measure, is neces­
sary to make vo ting  and p a rtic ip a tio n  w ork.

B u t the c la im  o f eq u a lity  usua lly  involves m uch more. Sometimes it 
means equa lity  before the law, w h ich  prevents pow erfu l persons from  
using the law to take advantage o f weaker persons. Som etim es i t  means 
equal educational o r econom ic o p p o rtu n ity  o r even equal shares o f the



w ealth o f  the w orld . W hatever fo rm  the c la im  takes, its  m ora l significance 
is clear: To pe rm it serious inequa lity  means to  deny to  some people the 
chance to the se lf-con tro l and cooperative management involved in  demo­
c ra tic  jus tice . E q u a lity  thus becomes an ins trum en t fa c ilita tin g  self- 
respect and se lf-rea liza tion , a lthough  like  the o ther elements o f the 
dem ocra tic  ideal its  log ica l base lies in  the  ins trum en ta l value o f m aking  
vo ting  w ork.

8 Tbe Theory of Social Choice and Democracy

l.C. The Meaning of Democracy

D em ocracy is both an ideal and a m ethod. N ow , having catalogued 
its features, I can exp la in  how the ideal and the m ethod are assumed to 
cohere, though, as w ill be seen, there m ay be p ro found ph ilosophica l d if ­
ficu lties  beneath th is  assumed coherence. The u ltim a te  m ora l ideal o f 
dem ocracy is the self-respect and se lf-rea liza tion  th a t are made possible 
by se lf-contro l and the concom itan t cooperative con tro l o f the environ­
ment. W he the r th a t ideal is achieved depends on how ind iv idua ls  view 
themselves and w hat they themselves do to  rea lize th e ir  po tentia ls. The 
func tion  o f p o lit ica l ju s tice  is to  fa c ilita te  th a t achievem ent by creating 
app ropria te  social conditions. In  a society characterized by dem ocratic 
jus tice , people are free (by reason o f  dem ocratic  lib e rty ) and have the 
chance (by  reason o f dem ocratic  eq u a lity ) to  seek self-respect and self- 
con tro l (th rough  some k ind  o f dem ocra tic  p a rtic ip a tio n ). The dem ocratic 
method th a t is supposed to achieve th is  ideal is, o f course, the  same three 
features viewed as means ra the r than as ends: The m ethod is the process 
o f  p a rtic ipa tion , specifica lly  th rough  vo ting , in  the m anagement o f  soci­
ety, where vo ting  is understood to  inc lude a ll the a n c illa ry  ins titu tions  
(like  parties and pressure groups) and social p rinc ip les ( lik e  freedom  and 
eq u a lity ) th a t are necessary to render i t  s ign ifican t.

Consequently, we can say th a t vo ting , w h ich  is a m ain subject in  the 
theory o f social choice, is a t the heart o f both the m ethod and the ideal o f 
democracy. C learly , therefore, the  theory  o f dem ocracy m ust be in t i ­
m a te ly  involved w ith  the theory  o f social choice.

l.D. The Liberal Interpretation 
of Voting

Dem ocrats o f a ll persuasions w ould p robab ly agree th a t pa rtic ip a ­
tio n  b u ilt on the  act o f vo ting  is the  focus o f democracy. B u t they ce rta in ly
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in te rp re t vo ting  in  d iffe re n t ways. W h a t does i t  accom plish? W h a t does i t  
mean? The sharp d ispute on these questions can be sum m arized in  tw o  
views— one o f w h ich  I  ca ll lib e ra l o r M ad ison ian , the  o the r p o p u lis t o r 
Rousseauistic.7

In  the lib e ra l view, the fu n c tio n  o f vo ting  is to  co n tro l o ffic ia ls , and  
no m ore. M ad ison , w ho is the  o r ig in a l A m e rica n  spokesman fo r  lib e ra l 
dem ocracy (o r repub lican ism , as he ca lled i t )  defined a re pub lic  as “ a 
governm ent th a t derives a ll its  powers d ire c tly  o r in d ire c tly  fro m  the  great 
body o f the people, and is adm in iste red by people ho ld ing  th e ir  offices 
d u ring  pleasure, fo r a lim ite d  period, as d u rin g  good behavior.” 8 T h e  firs t 
requ irem ent, popularness, he called essential ( th a t is, necessary)-, the  sec­
ond, election and lim ite d  tenure, he called su ffic ie n t. Thus his d e fin ition  is 
lo g ic a lly  com plete, and there is no th ing  to  add. M ad ison  said no th ing  
about the q u a lity  o f  popu la r decision, w hether good o r bad.

Since a ll dem ocrats w ou ld  accept the necessary cond ition , i t  is the  
su ffic ien t cond ition  th a t is d is tinc tive  and hence deserving o f de ta iled  ex­
p lica tion . W h y  is election and lim ite d  tenure su ffic ient?  Popularness, the 
necessary cond ition , ensures p a rtic ip a tio n  and equa lity . T he  su ffic ien t 
cond ition  is intended to  ensure lib e rty . In  M ad ison ’s view, the  danger fo r  
lib e rty  lies in  governm ent o ffic ia ls  w ho m ig h t deprive c itizens o f  lib e r ty  o r 
fa i l  as agents o f  c itizens’ p a rtic ip a tio n . In  e ithe r case, the  lib e ra l rem edy 
is the next election. T h a t is a ll th a t is needed to  p rotect lib e rty ; so e lection 
and lim ite d  tenure are suffic ient.

To consider firs t the  pro tection  o f c itizens ’ lib e rty : T h e  replacem ent 
o f o ffic ia ls  is, in  the  lib e ra l view, the  on ly  ava ilab le  ins trum en t. T he  l ib ­
era l fea r is th a t the force o f governm ent can easily be deployed against 
citizens to  m ake them  support unpopu la r polic ies th a t o ffic ia ls  believe 
necessary. The lib e ra l hope is th a t o ffic ia ls w il l  be restra ined fro m  such 
behavior ou t o f  fea r o f  the next e lection. I t  is true  th a t M ad ison  and o ther 
fram ers o f the C ons titu tion  provided the  separation o f powers as a u x ilia ry  
p ro tection , b u t M ad ison  regarded th a t p ro tection  as d is tin c tly  secondary 
to  “ a dependence on the people.”  A n d  the  contem porary  lib e ra l agrees 
w ith  M ad ison th a t the defense o f  lib e rty  lies in  the  d isc ip line  o f  elections.

In  the tw en tie th  cen tu ry  i t  has sometimes (b u t no t la te ly ) been 
fashionable fo r populists to  dism iss the  lib e ra l fea r o f  oppression as an 
anachronism . Populists believe th a t, by  reason o f popu la r p a rtic ip a tio n , 
dem ocra tic  governm ents em body the  w il l  o f  the people and cannot the re ­
fore  oppress. O n ly  in  the e ighteenth century, they say, when executives 
were officers o f the C row n was th is  danger rea l; now th a t elected execu­
tives supposedly em body the  popu la r w il l,  they cannot oppress. In  Roose­
ve lt and  H o p k in s , R obert Sherwood, fo r  exam ple, d isputed L o rd  A c to n ’s 
assertion th a t power corrup ts  w ith  his ( th a t is, Sherw ood’s) ow n b e lie f
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th a t power ennobled F ra n k lin  Roosevelt.9 B u t i t  was Sherwood’s other 
subject, H a rry  H opk ins, w ho presum ably u tte red  th a t ep itom e o f co rrup ­
tion : “ We w il l  tax  and tax , spend and spend, e lect and e lect.”  La te ly , o f 
course, even populists have been shaken by the im p e ria l presidency o f 
Johnson and N ix o n , who, however p opu la rly  elected, persisted in  a hated 
and oppressive w ar. In  both  cases the th re a t o f  the  next e lection proved 
decisive fo r  lib e rty  because i t  made one no t try  fo r  reelection and the 
o ther (u ltim a te ly ) end the  war. Even m ore impressive, the  poss ib ility  o f 
im peachm ent, a k ind  o f  negative e lection, made N ix o n  resign. M oreover, 
i t  was elections themselves, no t ju s t the  th re a t o f  them , th a t as recently  as 
1977 disposed o f  tw o  p u ta tive ly  ty ra n n ica l ru le rs in  In d ia  and S ri Lanka.

The  o ther p a rt o f M ad ison ’s concern was a fea r o f  ty ranny  by the 
m a jo rity . T h is  is a fea r th a t o ffic ia ls ac ting  fo r  a m a jo r ity  created in  the 
last e lection w il l  persecute the  m in o r ity  o f  th a t e lection. M ad ison  hoped 
th a t such oppression w ou ld  be m in im ized  by the fa c t o f sh iftin g  m a jo r­
ities, so th a t a fu tu re  m a jo r ity  m ig h t th ro w  ou t o f  office the offic ia ls who 
oppressed in  the  name o f the  fo rm e r m a jo rity . T h is  is the  reason he 
stressed d ive rs ity  in  the electorate. The way, he said, “ to  guard one pa rt o f 
society against the  in jus tice  o f the o ther p a rt”  is to  com prehend “ in  the 
society so m any separate descriptions o f c itizens as w il l  render an un­
ju s t com b ina tion  o f a m a jo r ity  o f  the  w hole very im probable , i f  not 
im prac ticab le .” 10

V iew ed s ta tica lly , th is  sounds like  ju s t another version o f  the sepa­
ra tio n  o f powers.11 V iew ed dynam ica lly , however, th is  is s im p ly  the c la im  
th a t an un jus t m a jo r ity  cannot last th rough  several elections. Look ing  a t 
the oppression o f b lacks, the  m ost persistent issue in  A m erican  po litics  
and the clearest case o f ty ra n n y  by the  m a jo rity , i t  appears th a t the 
M ad ison ian  hope has been ju s tifie d . A s long as blacks were excluded fro m  
the  p o lit ica l system (fro m  the beginn ing to  1867 and fro m  the end o f 
R econstruction  in  1877 to  the emergence o f a substantia l num ber o f  b lack 
voters in  the  1930s), they were persecuted. B u t in c lud ing  them  in  the 
system, especially as they became a m a rg ina l b loc between the  p o lit ica l 
parties, led to  p o lit ic a l re fo rm  and even to  reo rien ta tion  o f  the ju d ic ia ry , 
so th a t na tiona l p o lit ic a l leaders (fo llow ed by the courts) have m itiga ted  
and are g ra d u a lly  e lim in a tin g  th a t ty ra n n y  by the  m a jo rity .

To consider the o the r danger to  lib e rty  (th a t o ffic ia ls  be ine ffic ient 
agents): T he  on ly  possible rem edy— and one recommended by both popu­
lists and libe ra ls— is to  elect new offic ia ls. So again the  next e lection p ro ­
motes libe rty . N o tice , however, th a t in  the  lib e ra l view  i t  is no t assumed 
th a t the e lectorate is r ig h t. T h is  assum ption characterizes populism , as I 
w il l  show. The lib e ra l assumes not popu la r competence, b u t m ere ly th a t
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the electorate can change o ffic ia ls  i f  m any people are dissatisfied o r hope 
fo r  be tte r perform ance.

I t  m ay seem th a t in  the lib e ra l view  o ffic ia ls, who are on ly  nega­
tive ly  con tro lled  by vo ting , cannot re a lly  act as agents o f  the  electorate. 
B y  reason o f regu la r elections, however, o ffic ia ls  m ay be rejected. In  th e ir 
efforts to  avoid re jection they usua lly  act in  some rough w ay as agents o f 
the electorate, a t least a tte m p tin g  to  avoid g iv ing  offense to  some fu tu re  
m a jo rity . S ince th is  fu tu re  m a jo r ity  cannot a t any m om ent be c lea rly  
specified, o ffic ia ls seeking to p lacate i t  in  advance m ust an tic ipa te  several 
k inds o f po ten tia l m a jo rities , the  un ion  o f w h ich  is o ften  m ost o f  the 
electorate. By reason o f th is  a n tic ip a tio n  o f the  next e lection, o ffic ia ls  are, 
even in  the lib e ra l view, subject to  e lectora l d isc ip line  as the agents o f 
dem ocratic  se lf-contro l.

l.E. The Populist Interpretation 
of Voting

For the popu lis t, l ib e rty  and hence se lf-con tro l th rough  p a rtic ip a tio n  
are obta ined by em bodying the  w il l  o f  the people in  the action o f offic ia ls. 
The fundam enta l no tion  goes back a t least to  Rousseau. There  is a so­
c ia l contract, w h ich  creates a “ m ora l and co llective  body”  th a t has “ l ife ”  
and “ w il l, ”  th a t is the fam ous “ general w il l , ”  the w il l  o f  the  incorpora ted  
people, the Sovereign. In d iv id u a l lib e rty , fo r  Rousseau and subsequent 
populists, is the p a rtic ip a tio n  o f the  c itizen  in  th is  sovereignty. “ L ib e rty ,”  
Rousseau says, “ is obedience to  a law  we have prescribed fo r  ourselves,”  
understanding, o f  course, th a t the  p rescrip tion  is th rough  the acts o f  the 
anthropom orph ized Sovereign.12 The w ay to  discover the  general w il l,  
w h ich  is the  ob jective ly  co rrect com m on in te rest o f the  incorpora ted  c it i ­
zens, is to  com pute i t  by consu lting  the citizens. The com pu ta tion  w il l  be 
accurate i f  each c itizen , when g iv ing  an op in ion  o r vote, considers and 
chooses on ly  the  com m on interest, no t a personal o r p riva te  in terest. Thus, 
by sum m ing the com m on in te rest regard ing  w ills  (votes) o f  real persons, 
one can a rrive  a t the w il l  o f  the g reat a r t if ic ia l person, the  Sovereign.

In  the M id d le  Ages i t  was sometimes (b lasphem ously) said th a t the 
voice o f the people is the voice o f  God. Rosseau d id  no t invest the  people 
w ith  qu ite  such d iv ine  a u th o r ity— indeed he believed they m ig h t be m is­
taken about the  general w il l— b u t he d id  assert th a t the general w il l  is 
a lways correct and embodies the ob jective good fo r society. L a te r popu­
lis ts have continued to  a ttr ib u te  some special characte r to  the  voice o f the
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people: W h a t the sovereign people, when speaking fo r the p ub lic  interest, 
w an t is ju s tifie d  because the sovereign people w an t i t  and because i t  is 
th e ir libe rty .

To sum m arize: A cco rd ing  to the popu lis t in te rp re ta tio n  o f vo ting , 
pa rtic ip a tio n  in ru le -m ak ing  is necessary fo r libe rty . The  rules thus made 
m ust be respected as r ig h t and proper because they embody th a t libe rty . 
W ere they no t so respected, lib e rty  its e lf m ig h t vanish.

l.F. Differences Between Liberal
and Populist Interpretations of Voting

In  the lib e ra l view, since vo ting  generates lib e rty  s im p ly  by res tra in ­
ing  o ffic ia ls (by  popu lar election and lim ite d  tenure ), there is no need to 
tre a t the ou tpu t o f  governm ent as the precious em bodim ent o f lib e rty  i t ­
self. Indeed, fo r the libe ra l, law  is no m ore than the decree o f  legislators or 
judges, accepted and occasionally ra tif ie d  by the citizens. B u t in  the popu­
lis t view, since vo ting  generates lib e rty  by p a rtic ip a tio n , the  ou tp u t o f 
governm ent m ust be precious, fo r th a t very ou tp u t is  libe rty .

We can understand the d ifference between the tw o views somewhat 
better, I  believe, by  recounting  a controversy over Isa iah B e rlin ’s d is tinc ­
tion  between positive and negative lib e rty .13 B e rlin  defined negative l i ­
b e rty  as the  absence o f in terference by others (especia lly governm ent) in  
one’s a c tiv ity . P os itive  lib e rty , on the o ther hand, is being one’s own men­
tor. The burden o f  B e rlin ’s a rgum ent is th a t these tw o apparen tly  s im ila r 
notions are a t loggerheads. B e rlin ’s exp lanation o f  th is  paradox is th a t 
ideas about se lf-m astery are tu rned  in to  p a rtic u la r goals fo r  society th a t 
people are then coerced in to  fo llow ing : T hey are forced, th a t is, to  be 
“ free.”  H is  m ain exam ple is the trans fo rm a tion  o f K a n t’s notions o f in d i­
v idua l e th ica l respons ib ility  by, successively, Hegel and M a rx  in to  the 
ju s tif ic a tio n  fo r a m onstrous d ic ta to rsh ip . B e rlin ’s po in t is th a t positive 
libe rty , w h ich  appears in it ia l ly  innocuous, is the roo t o f  tyranny.

C. B. M acPherson, in a c lever e ffo rt to  rescue positive lib e rty  from  
B e rlin ’s obloquy, redefined three k inds o f  positive lib e rty : 1

1. L ib e rty  as "s e lf-d ire c tio n " o r "se lf-m a s te ry ": “ to  live  in  accordance 
w ith  one’s own conscious purposes.”

2. L ib e rty  as obedience to  la w : “ coercion, by the [supposedly] fu l ly  
ra tiona l o r those who have [supposedly] a tta ined self-m astery [e.g., 
L en in  o r M a o ], o f a ll the rest.”
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3. L ib e rty  as p a rtic ip a tio n : “ the dem ocra tic  concept o f  lib e rty  as a share 
in  the co n tro llin g  a u th o r ity .”  (N o tic e  th a t th is  is the  popu lis t, no t the 
lib e ra l view  o f v o tin g .)14

M acPherson’s a rgum ent is th a t B e rlin , lum p ing  the  th ree  kinds o f 
positive lib e rty  together, used the  obvious and adm itted  d ifference be­
tween negative lib e rty  and popu lis t vo ting  to  generate a con trast and 
(th ro u g h  lib e rty  as obedience and coercion) an inconsistency between neg­
ative lib e rty  and a ll kinds o f  positive lib e rty . M acPherson, as a popu lis t 
and socialist, wants to  save se lf-m astery as com plem entary to  and not 
inconsistent w ith  negative lib e rty , w h ile  ban ishing coercion, th a t S ta lin is t 
embarrassm ent to  “ dem ocra tic ”  socialists. M acPherson accomplishes his 
purpose by g iv ing  se lf-m astery a new name, “ developm ental lib e rty ,”  so 
th a t i t  appears to  be c le a rly  separate fro m  lib e rty  as obedience and 
coercion.

The problem , however, is th a t popu lis t vo tin g  is ine rad icab ly  d iffe r­
ent fro m  negative lib e rty  and yet is lo g ica lly  corre la ted  w ith  coercion. 
T h is  association is precisely explained by W illm o o re  K e n d a ll in  his e xp li­
ca tion  o f Locke ’s version o f m a jo r ity  ru le .15 K e n d a ll sought to  reconcile  
Locke ’s presumed be lie f in  objective m ora l law  w ith  his conclusion th a t 
r ig h t is w ha t the m a jo r ity  w ills . T he  exp lanation  K e n d a ll proposes o f  th is  
apparent paradox is th a t Locke assumed th a t most people are ju s t and 
ra tio n a l; consequently, “ The in d iv id u a l can . . .  covenant to  obey the m a­
jo r i t y  w ith o u t sub jecting h im se lf to  . . .  a rb itra ry  a u th o r ity  . . .  since the 
judgm ents o f the m a jo r ity  are those o f reason and ju s tice .” 14

Thus i t  is th a t M acPherson ’s popu lis t vo tin g  unites se lf-m astery and 
coercion. A l l  one has to  do is to  find  th a t a m a jo r ity  (perhaps a pu ta tive  or 
even a w ho lly  im ag ina ry  and nonexistent m a jo r ity  lik e  the “ p ro le ta r ia t”  
con jured up by M a rx ) has w ille d  some version o f self-m astery. I t  then 
becomes both reasonable and necessary to  impose th a t version o f lib e rty  
by coercion. I t  is reasonable because the m a jo r ity  th a t produced the  par­
tic u la r version o f  se lf-m astery is, in  K e n d a ll’s words, “ ra tio n a l and ju s t . ”  
A n d  i t  is necessary because the p a rtic u la r se lf-m astery is the em bodim ent 
o f  th a t m a jo r ity ’s lib e rty , and its  lib e rty  w ou ld  vanish were i t  no t trans­
la ted in to  a coerced version.

I f ,  however, one had not the popu lis t v iew  o f vo ting , b u t m ere ly the 
lib e ra l view, then th is  to ta lita r ia n  s le igh t-o f-hand  w ould  no t be possible. 
Indeed, i f  there were on ly  the lib e ra l v iew  and i f  one banished the popu lis t 
“ share in  the governing a u th o r ity ,”  then i t  w ou ld  be easy fo r M acPherson 
to  dem onstrate the com p lem en ta rity  between negative lib e rty  and self- 
mastery. B u t, as a socia list, M acPherson cannot give up popu lism , and so
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he is necessarily s tuck w ith  coercion. C learly , B e rlin ’s v illa in  a ll along is 
rea lly  populism , not ju s t self-m astery. H e  should have contrasted no t neg­
a tive and positive lib e rty , bu t ra the r negative lib e rty  and the popu lis t view  
o f vo ting  th a t is used to  ju s t ify  coercion in  the name o f tem porary  or 
spurious m ajorities.

I  have emphasized the m ora l ce rta in ty  im p lic it in  the popu lis t view  
o f vo tirtg  in  o rder to  co rrect the  com m on m isconception th a t popu lis t 
dem ocracy is s im p ly  m a jo r ity  ru le . The custom ary d is tinc tion— often ex­
pressed in  the  c liche  “ m a jo r ity  ru le  versus m in o r ity  rig h ts ” — is between 
(1 ) popu lar sovereignty or lodg ing  power and decision in  the hands o f the 
m a jo r ity  and (2 ) lim ite d  governm ent or reserving some righ ts  fo r  m in o r­
ities  (w ith in  an o therw ise m a jo rita r ia n  fram ew ork ). D ah l, fo r  example, 
makes th is  d is tinc tion , in  e ffect te rm ing  (1 ) M ad ison ian  and (2 ) populist. 
T h is  d is tin c tio n  cannot be m ain ta ined, however. A l l  democracies involve 
popu la r governm ent, equa lity , and the ru le  o f decision according to  the 
greater num ber— precisely the features D ah l a ttribu tes  to populism . Con­
versely, a ll democracies (popu lis t as w e ll as lib e ra l) a c tu a lly  l im it  govern­
m ent by the technique o f  sh iftin g  m a jo rities . So the custom ary d is tinc tion  
is w ith o u t a difference.

W h a t is d iffe re n t between the lib e ra l and the popu lis t views is tha t, 
in  the  popu lis t in te rp re ta tio n  o f vo ting , the opinions o f the  m a jo r ity  m ust 
be r ig h t and m ust be respected because the w il l  o f the people is the lib e rty  
o f  the  people. In  the lib e ra l in te rp re ta tion , there is no such m agica l iden­
tifica tio n . The outcom e o f vo ting  is ju s t a decision and has no special 
m o ra l characte r.17

l.G. The Vitality of the Liberal
and Populist Interpretations of Voting

To show th a t tw o  in te rp re ta tions  o f vo ting  have existed does not 
prove th a t they continue today to  in fluence though t. They m ay have been 
am algam ated, and i f  so there is no t m uch po in t to  discussing them , except 
as h is to rica l phenomena. T w o  w rite rs  I  have quoted— B e rlin  ( fa ta lis t i­
c a lly ) and M acPherson (h o p e fu lly )— have each tr ie d  to  show th a t popu­
lism  is absorbing libe ra lism . I  believe, however, th a t the tw o  trad itions  
rem ain  separate. M y  evidence is tw o recent books whose authors are 
deeply concerned in  a p rac tica l w ay w ith  changing A m erican  po litics , who 
do not bo ther w ith  abstract p o lit ica l philosophy, b u t w ho nevertheless 
re flect in  m ore o r less pure fo rm  the tw o in te rp re ta tions I  have described.
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The books are W ill ia m  A . R usher’s The M a k in g  o f  the N ew  M a jo r ity  
P a rty , w h ich  is the lib e ra l o ffe ring , and M arcus R ask in ’s N otes on the 
O ld  S ystem , w h ich  is the popu lis t o ffe r in g .18

Both  w rite rs  were im pe lled  to w rite  by the W atergate crisis. Rusher 
observed the scandal weakening the R epublican p a rty  a t the  very m om ent 
th a t a m a jo r ity  o f  citizens seemed to h im  to  be abandoning the then- 
dom inan t s ta tism  fo r so-called conservatism  (a c tu a lly  M ad ison ian  lib e ra l­
ism ). These citizens lacked, he feared, an app ropria te  vehicle th rough  
w h ich  to express th e ir new values, no t on ly  because the R epublican pa rty  
was discredited, bu t also because i t  was in fected w ith  the sta tism  of, 
fo r example, N elson R ockefe ller. Consequently, Rusher w ro te  to propose 
a new na tiona l pa rty  th a t w ou ld  organize the now-leaderless pu ta tive  
m a jo rity .

R askin, on the o ther hand, regarded W atergate as another com pel­
lin g  instance o f the way th a t w ha t he called “ the System ”  (in  w h ich  he 
included the im pe ria l presidency, the C IA , r ich  people, the Jo in t C hie fs, 
the D em ocra tic  party, and cap ita lism ) frus tra ted  the supposed impulses o f 
most people to take the positions he (R ask in ) believed correct on pub lic  
policy. Seizing the occasiqn, therefore, he w ro te  bo th  to induce popu lar 
disgust and to  propose a re fo rm — nam ely, a na tionw ide  system o f grand 
ju rie s  to in s tru c t members o f  Congress. T h is  change, he believed, w ould  
a m p lify  voices now supposedly m uffled.

Both authors describe themselves as dem ocrats, accurate ly, I  be­
lieve, a lthough Raskin displays tendencies tow ard  M acPherson ’s p re fe r­
ence fo r  coercive libe rty . B oth  Rusher and R askin also denounce the huge 
bureaucra tic  apparatus o f  the contem porary state and seek to hook this 
Levia than. B u t there the  s im ila r ity  ends, and each proceeds accord ing to  
the tra d it io n  he represents.

Rusher th inks the Lev ia than  exists in  large p a rt because voters are 
o ften  w rong, m isled by demagogues who prom ise “ benefits”  th a t cannot 
be paid fo r and w ill,  by induc ing  in fla tio n , ha rm  the ostensible beneficia­
ries. C learly , he has no popu lis t illusions th a t the people do w hat is r ig h t. 
On the o ther hand, he wants to make dem ocracy w o rk  and rejects the 
poss ib ility  o f  l im it in g  suffrage. Instead he proposes a new pa rty  to  in s tru c t 
and lead the people. “ H ow ,”  Rusher asks, “ docs an honest p o lit ic ia n  . . . 
run  against some spellb inder who has invented a new ‘benefit’ ?”  The 
answer: “ By te llin g  the tru th , o f course, about the real cost and im pact o f 
the proposed ‘benefit’ ”  (p. 200). T h is  answer is in troduced by quo ting  
M adison, who w ro te  th a t “ know ledge w il l  forever govern ignorance”  and 
popular governments “ m ust a rm  themselves w ith  the power know ledge 
gives”  (p. 198). Thus, R usher’s prescriptions arc exactly  libe ra l: W ith o u t
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supposing the people are especially wise, one should nevertheless try , at 
the polls a t the next election, to  hook the  Levia than, the  k ing  o f the 
ch ild ren  o f pride.

R askin  th inks  th a t the Lev ia than  exists because an e lite  (po litic ians, 
bureaucrats, soldiers, corporate  executives) uses the System  to  suppress 
the voice o f  the people and do a ll sorts o f  w rong th ings like  bu ild in g  
M IR V ^ a n d  co llec ting  w ith h o ld in g  taxes. H e  is confident th a t the people, 
i f  they could speak, w ould do r ig h t. L ik e  Rousseau, he wants to erase the 
special interests th a t stand between the people and the general w il l.  H is  
m ethod is a huge num ber o f  grand ju rie s  to  conduct inqu iries  and to  in ­
s truc t members o f Congress. A  Congress thus rev ita lized  w ou ld , he be­
lieves, em body the true  w il l  o f the  people in  law.

R ask in ’s scheme contains both features o f the popu lis t view. F irs t, i t  
stresses p a rtic ipa tion  in  loca l assemblies th a t w il l  be “ instrum ents o f the 
people as people and as c itizens”  (p . 157). Second, w ha t the people do w il l  
be good, fo r  they w ill “ express a q u a lity  o f empathy, fairness, and in ­
q u iry ”  (p. 152). R askin quotes app rov ing ly  these sentences fro m  M a r t in  
Buber:

Though som eth ing  o f  righteousness m ay become evident in  the life  o f  the  
in d iv id u a l, righteousness its e lf  can o n ly  become w h o lly  v is ib le  in  the 
s tru c tu re  o f the  life  o f  a people . . . . O n ly  life  can dem onstra te  an abso­
lu te , and i t  m ust be the  life  o f  the  peop le  as a w h o le .'9

As applied by R askin , th is  is the  m ost extrem e c la im  o f  populism  I  have 
ever seen. A pparen tly , R askin  believes th a t the w orks o f the people em­
body not on ly  th e ir  lib e rty  and tru e  jus tice , b u t also (and inc re d ib ly ) abso­
lu te  righteousness.

l.H. The Paradox, of Voting

As a beginn ing o f the discussion o f the a tta in a b ility  o f dem ocratic 
jus tice , I have so fa r  shown th a t the ideal as w e ll as the m ethod o f democ­
racy focuses on vo ting  and th a t vo ting  has been in te rpre ted  in  tw o  qu ite  
d iffe re n t ways. N o w  I  w an t to show th a t the theory o f social choice raises 
o ther d is tu rb ing  questions about vo ting , questions th a t are as controver­
sia l as the issue between libe ra lism  and populism  and th a t m ay a ffect o r 
even resolve th a t issue.

H is to rica lly , the theory  o f social choice arose ou t o f the paradox o f
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vo ting . W ith o u t here go ing in to  m any subsequently developed niceties, 
one can exp la in  the paradox w ith  these p r im itiv e  notions o f preference 
and choice.

1. Preference. Assum ing there are a lte rn a tive s , x , y , . . . ,  w h ich  m ay be 
objects, values, m otions, candidates, and so on, a person, i, m ay pre fer 
one a lte rna tive  to  another. T h is  state o f m ind  is represented as the 
re la tion  o f preference. P , between some p a ir o f  a lte rna tives, x  and y . 
C onventiona lly , one w rites  x  Psy , to  mean “ i prefers x  to  y .n The 
re la tion , P , is tra n s itiv e , w h ich  means th a t the fo llo w in g  sentence 
is true:

I f  x  ^  y  and y  Pt z, then x  P, z.

Q u a n tita tive  re la tions like  eq u a lity  ( =  ) o r g rea ter than  ( > )  are 
trans itive . For exam ple, i f  a equals b and b equals c, then a equals c. 
O the r re la tions, such as parenthood, are no t trans itive . C lea rly , i f  a  is 
the fa the r o f b and b is the fa th e r o f  c, then i t  does no t fo llo w  th a t a is 
the fa th e r o f  c. Preference is said to  be tra n s itive  m a in ly  because in ­
trans itive  preferences usua lly  seem b iza rre . I f  a m an says he likes Re­
publicans be tte r than  D em ocrats and D em ocrats be tte r than C om m u­
nists, then we th in k  he is indeed strange i f  he also says he likes 
C om m unists be tte r than  Republicans.

2. R u les o f  C hoice. G iven a society o f  n persons, w here i  is one in d iv id u a l,
and given a set o f  a lte rna tives, X  =  (x , y , ___), a ru le  o f  choice is a ru le
by w h ich  a choice, C , is made fo r a ll o f the  n persons (e.g., the selection 
o f a w inn ing  a lte rna tive  by vo ting  o r the  selection o f the  a lte rna tive  le ft 
a fte r discussion has e lim ina ted  a ll expressions o f  d issent). C onvention­
a lly  one w rites C (X ) =  y  to  mean “ the  social choice fro m  X  is y ."

There are m any rules o f choice. A  typ ica l exam ple is s im p le  m a­
jo r it y  vo tin g  between tw o  a lte rn a tive s . B y th is  ru le , i f  m ore people 
p re fe r x  to  y  than  p re fe r y  to  x , then x  w ins. Conversely, i f  m ore people 
p re fe r y  to  x  than  x  to  y , then y  w ins. A n d  i f  the  same num ber p re fe r x  
to  y  as pre fer y  to x , then x  and y  tie .

W ith  these p rim itive  notions o f preference and choice, the  paradox 
o f vo ting  can now be stated: Suppose th ree  people, 1, 2, 3, choose am ong 
three a lternatives, x , y , z, by the m ethod o f  s im ple  m a jo r ity  ru le  applied 
successively to  pairs. Suppose also th a t each person has the fo llo w in g  
trans itive  o rdering  o f preference on x , y , and z:
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Person 1: x  Px y , y  P, z , and x  P, z ; o r x  y  z 

Person 2: y  P2 z , z P2 x , and y  P2 x ; o r y  z x  

Person 3: z P3 x , x  P3y , and z P3 y ; o r z x  y

Then the  social choices are:

C (x , y )  =  x  because x  P[ y  and *  P} y , w h ile  y  P2x  

C {y , z ) =  y  because y  P| z and y  P2 z , w h ile  z P3 y  

C {x , z ) =  z because z P2x  and z P} x , w h ile  x  P, z

Thus, a lthough each in d iv id u a l in  the society has a trans itive  o rdering  o f 
preference, the outcom e o f vo ting  is not trans itive  because x  beats y , y  
beats z, and z beats x . I f  one tr ied  to  arrange the outcom e o f  vo ting  in  a 
sequence o f  “ social preference,”  one w ould  no t be able to  do so because 
one could not say w hether x  o r y  o r z stood firs t. A n y  one o f these a r­
rangem ents w ould be possible: x y  z x , y  z x  y , z x  y  z.

I f ,  on the o ther hand, one imposed tra n s it iv ity  by s ta rtin g  w ith  
C (x , y )  =  x  and C (y , z ) =  y  and concluding, by reason o f tra n s itiv ity , 
th a t C (x , z ) =  x , then person 1 w ould  be a d ic ta to r, because on ly  person 1 
prefers x  to  z. A pparen tly , one is forced e ithe r to  accept in tra n s itiv ity  fo r 
society o r to  achieve tra n s it iv ity  at the cost o f  crea ting  a k ind  o f d ic ta to r.

M a n y  people are shocked by th is  result. One standard o f consistency 
in  sentences and coherence in  though t is tra n s itiv ity . We w ould  consider a 
person c la im in g  to  lik e  five  do lla rs  m ore than three do llars, three do llars 
m ore than  one do lla r, and one d o lla r m ore than five do lla rs  to  be qu ite  
confused. So we say th a t p reference is a trans itive  re la tion . We can go 
fu r th e r and say th a t social choice should also be trans itive . I f  so, then, in 
the case o f the vo ting  paradox, we m ust a ffirm , paraphrasing R e inhold  
N ie b u h r, “ coherent m an and incoherent society.”  A lth o u g h  ind iv idua ls  
can a rrive  a t a un ique choice, in  th is  case society cannot even choose. 
W h a t makes a ll th is  so dem ocra tica lly  unpa la tab le  is tha t, apparently, the 
on ly  w ay to  m ake “ society”  choose coherently  is to  impose a d ic ta to r.

The poss ib ility  th a t social choice by vo ting  produces inconsistent 
results raises deep questions about democracy. Can the  dem ocratic  ideal 
be a tta ined i f  the m ethod used to  a tta in  i t  produces confusion? G iven the 
poss ib ility  o f inconsistency, does one in te rp re ta tio n  o f vo ting  make more 
sense than  another, o r are both  in te rp re ta tions hopelessly flawed?

To raise the issues in  the b luntest possible ways, I  ask: 1

1. Can vo ting  res tra in  o ffic ia ls  i f  the outcom e o f vo ting  is inconsistent?
H ow  can res tra in t occur i f  i t  is not c lear w hat res tra in t is imposed?
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2. Is someone, supposedly restra ined a t the polls, m erely kep t in  or ou t o f 
office accidenta lly?  I f  the outcom e o f vo ting  m ig h t be x y z x  or  y z x y  
or z x  y  z, does not an accident o f  ins titu tions , ra the r than popu lar 
taste, select the w inner? A n d  i f  the antecedent cons titu tion , ra the r 
than the people, chooses, how can any k in d  o f dem ocracy be said to 
operate?

3. I f  lib e rty  is embodied in  an inconsistent law, is no t lib e rty  its e lf defec­
tive? I f  a lte rna tive  laws are in  a cycle, x y z x ,  then w h ich  a lte rna tive  
ought to  be regarded as the  w il l  o f  the people and th e ir libe rty?

4. W hen an absolute good produced by vo ting  is inconsistent, can tha t 
absolute have any m ora l significance? To say th a t x  is m o ra lly  r ig h t 
because x  beat y  seems d iff ic u lt to  defend i f  z also beat x.

These are the k inds o f questions raised when we a llow  the theory o f 
social choice to con fron t the theory o f democracy. In  th is  book I  w il l  
e laborate the theory o f social choice in  order u ltim a te ly  to explore these 
questions.



Different Choices from 
Identical Values

Dem ocracy, however in te rp re ted  as a p o lit ic a l idea l, uses, as a m ethod o f 
governing, social sum m aries o f  c itizens’ decisions in  elections and leg is la­
tors ’ decisions in  representative bodies. The theory o f  social choice raises 
fundam enta l questions abou t the  q u a lity  o f  these sum m aries: A re  they 
coherent? A re  they imposed by  m an ipu la tion?  T h is , then, is the  prob lem : 
A re  the  doubts raised by  social choice theo ry  enough to  necessitate a re in ­
te rp re ta tio n  o f  dem ocracy itse lf?

Before I  begin the  investigation , I  w an t to  po in t o u t th a t m ost c i t i ­
zens o f  democracies seem to  be unaw are o f  the  prob lem . A lth o u g h  m any 
people now com pla in  about the  adequacy o f  in s titu tio n s  lik e  parties, they 
seem m ore o r less satisfied w ith  the  fa irness and in te g r ity  o f  the vo ting  
process (though  not necessarily w ith  the  outcom es o f  v o tin g ). T h is  satis­
fac tion  is easy to  understand. We do not fre q u e n tly  have persuasive evi­
dence o f  the  defects in  vo ting . W hen an e lection  o r a com m ittee ’s decision 
procedure produces an outcom e, evidence th a t ano ther outcom e m ig h t be 
soc ia lly  p re fe rred  is usua lly  never collected. O ne can seldom  know, the re ­
fo re , th a t the road not taken cou ld  have led to  a be tte r choice.

For example, when m any candidates fo r  an office are w innow ed 
dow n to  tw o  by some nom ina ting  procedure (a  p r im a ry  e lection  o r a nom ­
in a tin g  convention), some cand ida te  a c tu a lly  p re fe rred  to  a ll others by a 
m a jo r ity  o f  voters m ay nevertheless be e lim ina ted  in  the  nom ina ting  
process. Such a candidate, ca ll h im  G olden M ed ian , though  very  popu la r 
w ith  independents as w e ll as w ith  m any people in  a ll parties , m ig h t lose by 
a narrow  m arg in  in  his own p a rty  to  ano ther cand ida te , ca ll he r B it te r  
End, w ho is like d  o n ly  by those w ho nom inate  her. In  the  e lection itse lf. 
B it te r End faces B la n d ly  M ild ,  chosen by the  o the r party . B la n d ly  M ild  
easily beats B it te r  End and is said, the re fo re , to  be the  voters’ choice, even 
though G olden M ed ian  w ou ld  defeat B la n d ly  M ild  i f  the re  were some
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way to  conduct another election. B u t such in fo rm a tio n  is seldom ava il­
able, and in  its  absence we cannot know th a t the best choice was not 
made. So instead we take the v ic to ry  o f B land ly  M ild  as evidence th a t he 
was the choice o f the m a jo r ity  against a ll others, when, s tr ic t ly  speaking, 
th a t v ic to ry  is on ly  evidence th a t he was the m a jo r ity  choice against 
B it te r  End.

back ing  c lear-cu t evidence o f the inadequacy o f vo ting , we repress 
our doubts— i f  indeed we ever have any— and tre a t elected offic ia ls and 
enacted leg is la tion as i f  they were the true  embodim ents o f  popular p re f­
erence. Nevertheless, we ough t not to  be w h o lly  satisfied w ith  the in teg­
r i ty  o f vo ting  sum m aries, fo r we do have some evidence th a t elections do 
not a lways select the “ best”  o r “ r ig h t”  result.

Th is  evidence is based on the fac t th a t d iffe ren t methods o f election 
and com m ittee  decision-m aking have produced d iffe ren t results from  
iden tica l d is tribu tions  o f preference. I f  one method were c lea rly  superior, 
we m ig h t be able to  say th a t its  choice was the r ig h t one. B u t, as I  w il l 
show in  de ta il in  C hap te r 4, i t  is no t possible to  prove or even to argue 
persuasively th a t any method o f e lection or decision is c lea rly  superior to 
a ll others. Thus the fa c t o f  d iffe ren t results fro m  d iffe ren t methods is 
pow erfu l and d is tu rb ing  evidence th a t the social summ aries on w hich 
dem ocracy depends are o f poor q u a lity  and possibly are inadequate fo r 
the func tion  they are expected to  perfo rm . C hapter 2, therefore, is de­
voted to  an exam ination  o f a few instances in  w h ich  one has good reason 
to  question the q u a lity  o f social sum m aries o f in d iv id u a l preferences.

2.A. Evidence from Elections

To present c lea r-cu t evidence th a t d iffe re n t methods o f vo ting  pro­
duce d iffe re n t results, one m ust show th a t, w ith  exactly  the same s truc­
tu re  o f  in d iv id u a l preferences, tw o methods each produce unique results. 
A lth o u g h  th is is no t easily proved, we can get a strong suggestion o f i t  
from  the elections we know  best— namely, elections o f the president o f the 
U n ited  States. M o s t people in  the U n ite d  States probab ly  believe th a t the 
e lection o f  the president works ou t p re tty  w ell— except fo r  the special 
p rob lem  o f the e lectora l college. M a n y  people fear th a t the e lectora l co l­
lege w il l  d is to rt the  outcom e, b u t i t  has produced the “ w rong ”  resu lt a t 
m ost tw ice— in  1888 and 1824. M u ch  m ore serious is the  fa c t th a t qu ite  
o ften  candidates w in  w ith  less than h a lf  o f  the votes cast; and, surpris­
ing ly , th is  does not seem to  bother people. Doubtless m any citizens recall 
the election o f 1968, in  w h ich  N ix o n ’s p lu ra lity  over H um phrey  was on ly

2.A. Evidence from Elections 23

seven-tenths o f  1 percent, w h ile  the th ird  candidate (W a llace) received 
about 14 percent o f  the vote. I f  the supporters o f W allace had been forced 
to  choose between N ix o n  and H um phrey, the election m ig h t have tu rned 
out d iffe ren tly . S t ill,  th is poss ib ility  apparen tly  d is tu rbs very few people, 
a lthough  in  the sum m er o f 1980 i t  seemed lik e ly  th a t A nderson’s cand i­
dacy w ould have an even m ore d is tu rb ing  effect than W allace ’s.

Perhaps most people believe this k ind  o f e lection is an in frequen t 
aberra tion . B ut, as D isp lay 2-1 shows, such outcomes occurred in  14 o f 
the 39 elections (36 percent) since 1824, when most states began popu lar 
vo ting  fo r  presidentia l electors. I t  m ig h t be said in  defense o f the “ in fre ­
quent abe rra tion ”  notion th a t some o f these cases are not “ serious”  be­
cause the w inner w ould have retained a substantia l p lu ra lity  under any 
reasonable rea lloca tion  o f the ballo ts fo r th ird  and fo u rth  candidates. In  
1948, fo r example, T ru m a n ’s p lu ra lity  was 4.4 percent and each m ino r 
pa rty  candidate had 2.4 percent o f  the to ta l vote. In  a rea lloca tion , most 
o f  W allace ’s votes w ould  probab ly  have gone to T rum an  and so m ig h t 
some o f T h u rm o n d ’s. I f  so, then T ru m a n ’s fa ilu re  to get a m a jo r ity  made 
no difference to  the outcome. Nevertheless, before the 1948 e lection, most 
people co rrectly  believed th a t T rum an w ould  get on ly  a m in o r ity  o f  the 
votes. M a n y  voters, therefore, m ay have voted s tra teg ica lly  ( th a t is, not 
fo r th e ir true  preference) ju s t because o f th is  an tic ipa tion . Suppose most 
voters fo r T hu rm ond  ordered the candidates thus: T hu rm ond , Dewey, 
T rum an. Then, the assurance o f T ru m a n ’s loss led them  to  vote fo r 
T hu rm ond  ra the r than fo r Dewey. Perhaps also po ten tia l voters fo r 
Dewey d id  not vote because they believed he was a sure w inner. I f  these 
possib ilities are rea lis tic , then Dewey m ig h t have won, and at the very 
least the sum m ary is flawed, no m a tte r w ha t the actua l outcome.

I f  we discard the “ in frequen t abe rra tion ”  notion on th is basis, then 
we ought to add to  the lis t in D isp lay 2-1 the  elections o f 1832, 1852, 
1924, and 1980. In  those elections, despite the w inne r’s s im ple m a jo r ity  
over a ll o ther candidates, 5 percent or more o f the ballo ts were cast fo r  a 
th ird  candidate, whose very presence thus casts doubt on the  q u a lity  o f the 
e lectora l sum m ary— th a t is, his presence m ay have led people to  vote 
con tra ry  to th e ir true  tastes. I f  so, then 18 ou t o f 39 elections (46 percent) 
m ig h t have turned out d iffe re n tly  w ith  a d iffe ren t method o f sum m ariz ­
ing. A  d iffe ren t outcom e w ould  not, o f course, be “ r ig h t.”  I t  m ig h t s im p ly  
reflect d iffe ren t s tra teg ic considerations. B u t the poss ib ility  o f  d ifference 
is its e lf disconcerting.

T he  prob lem  is tha t, in the A m erican  system o f  choosing a single 
o ffic ia l in a single d is tr ic t o f  the w hole country, choosing between tw o 
candidates by a sim ple m a jo rity  and choosing among several candidates 
by a p lu ra lity  are qu ite  d iffe ren t procedures. There  is no reason to  suppose
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they w il l  tu rn  ou t the  same way. T h is  is not, however, a defect un ique to 
the single-m em ber d is tr ic t system. Even under p ropo rtiona l representa­
tion , s lig h tly  d iffe re n t methods o f sum m ariz ing  can produce m arked ly  
d iffe ren t results. The French pa rliam en ta ry  e lection o f  1951 provides a 
persuasive illu s tra tio n  o f  th is  fact.

In  p reparation  fo r  th a t e lection, the parties o f the center, the so- 
ca lled T h ird  Force, w h ich  had jo in t ly  con tro lled  the N a tio n a l Assem bly 
fro m  the election o f  1946, s lig h tly  changed the  e lectora l procedures in  a 
way th a t g re a tly  enhanced th e ir opportun ities  to  rem ain in  con tro l. I t  
seems lik e ly  th a t the o rd in a ry  c itizen  d id  not observe m uch d iffe rence in  
the procedure. Indeed, in  1946 and 1951 he o r she cast a b a llo t by exactly  
the  same m ethod. F urtherm ore , the  ba llo ts  themselves appeared to  be o f 
exactly  the same sort. O n ly  the parties and the vote-counters d id  any th ing  
d iffe re n tly  o r perhaps even knew m uch about the  d ifference. N eve rthe ­
less, the outcom e in  1951 was grossly m an ipu la ted , enough to  change the 
whole tone o f French po litics. W ith o u t th is m an ipu la tion , both  G au llis ts  
and C om m unists w ou ld  have had m ore seats, and th a t fa c t w ou ld  very 
lik e ly  have changed the  Cabinets between 1951 and 1955 fro m  m ostly  
T h ird  Force coa litions to  e ithe r r ig h t- le a n in g  o r le ft- le a n in g  ones. 
W he the r the con trived  enhancement o f  the T h ird  Force was fo rtu n a te  or 
un fo rtuna te  I  cannot say. B u t I  can say fo r  ce rta in  th a t the ac tua l o u t­
come and w ha t m ig h t have been were very  d iffe re n t reflections o f  voters’ 
preferences.

The purpose o f  p ropo rtiona l representation is to  re flect as accura te ly  
as possible in  the leg is la tu re  candidates’ o r parties ’ votes in  the  e lection: I f  
a p a rty  has x  percent o f  the to ta l vote, then i t  ought to  have exac tly  x  
percent o f  the seats in  the  leg is la tu re .1 B u t i t  is seldom possible, especially 
w ith  d is tr ic ts  sm a lle r than the  w hole  na tion , to  achieve q u ite  th is  ob jective 
in  practice. A n d  i t  was th is  fac t th a t the  French legislators exp lo ited.

In  both 1946 and 1951, elections were conducted in  d is tr ic ts  w ith  
from  tw o  to ten seats a llocated rough ly  in  p ropo rtion  to  d is tr ic t popu la­
tion . Each pa rty , i f  i t  ran in  a d is tr ic t, presented a lis t o f  as m any cand i­
dates as the d is tr ic t had seats, and each vo ter cast a b a llo t fo r  one lis t. In  
1946 parties were assigned seats by d is tr ic ts  using the  fo rm u la  o f  the 
highest average.

In  1951 tw o changes were made. In  some d is tr ic ts , parties were 
pe rm itted  to  fo rm  alliances and seats were assigned by the highest- 
average fo rm u la  applied e ithe r to  parties o r to  alliances. In  o the r d is tric ts , 
alliances were not pe rm itted , and seats were assigned by  the  largest- 
rem ainder fo rm u la .2 The highest-average m ethod favors large parties; 
the la rgest-rem ainder m ethod does not system atica lly  favo r large or 
sm all parties.
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In  1951, alliances among parties were pe rm itted  in  a ll d is tric ts  ex­
cept Paris and its suburbs. T he  voters s ti l l  voted fo r  an in d iv id u a l p a rty  
(n o t fo r a w hole a lliance). S ince the  ba llo ts looked ju s t like  the  ballots 
used in  1946 and d id  no t ind ica te  the existence o f a lliances, i t  is possible 
m any voters d id  not know  alliances existed. I f ,  together, the parties in  an 
a lliance go t m ore than h a lf o f the va lid  ba llo ts, then a l l  the seats in  a 
d is tric t-w e re  d iv ided  am ong ju s t the parties in  the  a lliance  by the highest- 
average fo rm u la . I f  an a lliance d id  no t get h a lf o f the votes, then seats 
were assigned, as in  1946, by the highest-average fo rm u la , to  a l l  parties 
th a t had enough votes. T h is  procedure g rea tly  helped the T h ird  Force 
parties (the  m ild ly  conservative R ad ica l Socialists, the  bare ly socia listic 
Socia lists, and the C a th o lic  cen tris t Popular R epublican M ovem ent 
[M R P ]) .  T hey were ideo log ica lly  com patib le , were a lready jo in t ly  ru n ­
n ing the  governm ent, and could get a bare m a jo r ity  in  qu ite  a large num ­
ber o f  d is tric ts . In  contrast, the largest parties, the C om m unists and the 
G au llis ts , were at opposite ends o f the  ideological spectrum  and had very 
few ideo log ica lly  fr ie n d ly  parties to  a lly  w ith  (a lthough  the  G au llis ts  
made a few alliances w ith  tra d it io n a l r ig h tis t parties).

The to ta l num ber o f seats in  d is tric ts  p e rm ittin g  alliances was 508. 
D isp lay  2-2 sum m arizes the  gains and losses th a t a c tu a lly  occurred w ith  
a lliances and the  outcom e th a t w ould  have occurred under the 1946 law 
w ith o u t alliances. T he  D isp lay  is based on tw o a llocations o f  seats: (1 ) the 
actua l a llo ca tion  w ith  alliances and (2 ) an im ag ina ry  a lloca tion  w ith o u t 
alliances. G ains and losses are the  differences between the  tw o  allocations. 
The ca lcu la tion  o f the  im ag ina ry  a lloca tion  is, fo r each leg is la tive d is tr ic t, 
by  the  highest-average m ethod, using the  votes a c tu a lly  cast fo r  the in d i­
v idua l parties, b u t assuming th a t no a lliances were made. T he  a lliance 
procedure pe rm itted  parties o f the governing coa litions to  gain 85 o f 508, 
seats o r about 17 percent.

In  Paris and its suburbs, C om m unists and G au llis ts  con tro lled  p rob ­
ab ly  tw o -th irds  o f  the votes. The procedure o f a m a jo r ity  a lliance could 
no t help the  T h ird  Force parties, and they d id  no t p e rm it i t  in  the  75 seats 
there. Instead, they changed the fo rm u la  o f coun ting  votes fro m  the 
highest-average m ethod to  the  largest-rem ainder m ethod. Since the 
highest-average m ethod sometimes penalizes sm all parties, w h ile  the 
la rgest-rem ainder m ethod treats large and sm all parties ind iffe ren tly , the 
re la tive ly  sm a lle r parties o f the T h ird  Force cou ld  im prove th e ir chances 
by th is  change. T he  r ig h t and center parties gained 9 o f  75 seats o r about 
12 percent o f  the  Parisian seats. T he  actua l gains and losses are sum m a­
rized in  D isp lay  2-3.

A s  a consequence o f these m anipu la tions, the  d is tr ib u tio n  o f parties 
in  the N a tio n a l Assem bly in  1951 tu rned ou t to  be qu ite  d iffe ren t fro m
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Display 2-2

Gains and Losses in  1951 from Using 
the 1951 Procedure of Alliances 

Rather Than the 1946 Procedure of 
Parties Standing Independently

Parties Gains Losses N e t change

T h ird  Force 
R adicals 24 2 +  22
Socialists 17 3 +  14
M R P 26 — +  26

R ig h tis t parties 25 2 +  23
C om m unists — 65 - 6 5
G au llis ts _2 22 - 2 0

94 94 0

Display 2-3

Gains and Losses in  Paris in  1951 
from Using the Largest-Remainder Method 

Instead of the Highest-Average Method

Parties Gains Losses N e t change

T h ird  Force 
Radicals 3 1 +  2
Socialists 1 — +  1
M R P 4 — +  4

R ig h tis t parties 2 — +  2
C om m unists — 4 - 4
G au llis ts — 5 - 5

10 10 0
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Display 2-4

Actual Outcome of the 1951 Election in  Paris 
Compared to a Hypothetical Outcome 

from Using the 1946 Electoral Law 
to Calculate 1951 Results

Parties A c tu a l outcom e H yp o th e tica l outcom e

T h ird  Force
Radicals 90 62
Socialists 107 90
M R P 97 294 65 217

R igh tis ts
Independent Republicans 52
C enter Republicans 42 94 82

G au llis ts 120 146
C om m unists 101 170
Unassigned 18 12

T o ta l* 627 627

C ons titu tiona l m a jo rity 314 314

•Inc ludes 44 members from  overseas.

w ha t i t  w ould  have been under the 1946 election law. T h is  d is tr ib u tio n , 
inc lud ing  44 overseas members, is set fo rth  in  D isp lay 2-4. A s i t  illu s ­
trates, the T h ird  Force could get a m a jo rity  o f 314 to  fo rm  a C ab ine t by 
a ttra c tin g  on ly  20 m ore supporters (314 — 294)— a few R igh tis ts  o r 
G au llis ts . In  fac t, the G a u llis t p a rty  sp lit up fo r ju s t th is  reason w ith in  a 
few m onths. Consequently, most Cabinets fro m  1951 to  1955 were dom i­
nated by the T h ird  Force along w ith  a few  R igh tis ts  and com plaisant 
G au llis ts . I f  the 1946 law  had rem ained in  effect, however, the T h ird  
Force w ou ld  have needed 97 ad d ition a l votes to  fo rm  a C ab ine t (314 — 
217), and th is  w ou ld  sure ly have forced the inclusion o f e ithe r G au llis ts  or 
C om m unists. S ince the la tte r op tion  then appeared p o lit ic a lly  infeasible, 
the T h ird  Force w ou ld  p robab ly  have had to  com prom ise w ith  De G aulle . 
One can always w onder w hether such a com prom ise m ig h t have saved the 
Fourth  R epublic, w h ich  De G au lle  replaced in 1958. (O ne can also w on­
der w hether the Fourth  R epub lic  was w orth  saving.)
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2.B. Evidence from Experiment

The evidence c ited so fa r o f defects in  the process o f vo tin g  is inade­
quate because we do not have a fu l l  record o f  voters’ preferences. H ence 
we cannot be absolute ly ce rta in  w hether the  d iffe re n t possible results de­
rive  fro m  d iffe re n t methods o f sum m ation  o r fro m  q u irks  in  voters’ behav­
io r such as stra teg ic vo ting  ( th a t is, vo ting  no t in  accord w ith  one’s tru e  
preferences). There is, however, a t least one ve ry  w e ll docum ented in ­
stance o f vo ting  fo r w h ich  we have an exhaustive record o f preferences 
and to  w h ich  we can app ly d iffe re n t m ethods o f  sum m ation  in  fu l l  con fi­
dence th a t on ly  the methods vary, not the preferences themselves. The 
fa c t th a t in  th is  case d iffe re n t methods produce d iffe re n t results seems to  
me to  be de fin itive  evidence o f am b igu ities  in  the  process o f aggregating  
preferences.

In  p reparation  fo r a p ro jec t to  launch tw o  M a r in e r (now  Voyager) 
spacecraft in  the sum m er o f 1977 to  fly  by Ju p ite r in  1979 and S a tu rn  in  
1980 and then to  escape fro m  the so lar system, the Jet P ropuls ion Lab o ra ­
to ry  o f  the C a lifo rn ia  In s titu te  o f Technology (the  m anager o f  the p ro jec t 
fo r the N a tio n a l A eronau tics  and Space A d m in is tra tio n ) assembled about 
80 outside scientists d iv ided in to  ten team s concerned w ith  various fea­
tures o f the  observation o f planets. T yp ica l teams were M a g n e tic  F ields 
(M A G ) , concerned w ith  p lanetary  and in te rp la n e ta ry  m agnetic  fields, 
and In fra re d  R ad ia tion  ( IR IS ) ,  concerned w ith  energy-re la ted topics such 
as the a tm ospheric com position and tem pera ture  o f  p lanets. O ne o f  the 
firs t tasks o f  the ten teams was the selection o f specific tra jec to ries  fo r the 
tw o spacecraft, and i t  was in  connection w ith  the decision on th is  task th a t 
deta iled data on preferences were co llected.1

In it ia lly , engineers a t the  Jet P ropuls ion L a b o ra to ry  selected 105 
tra jecto ries  sa tis fy ing  ce rta in  fundam en ta l nav iga tiona l, sc ien tific , and 
budget constra in ts. Pairs o f  tra jec to ries— one tra je c to ry  fo r  each o f  the 
tw o spacecraft— were then m atched fo r  the beginn ing  and end o f  the 
feasible launching  period in  A ugust and Septem ber 1977. A fte r  extensive 
analysis by the teams o f outside scientists, 32 pa irs o f  tra jec to ries  were 
selected fo r  fin a l consideration. In  O ctober 1973, each team  ranked the  32 
pairs accord ing to  th e ir  usefulness fo r  the observations w ith  w h ich  the 
team members were concerned. T h is  ra nk ing  produced the  o rd in a l u t i l i t y  
o f  each team  fo r  the pairs. O rd in a l u t i l i t y  is a measure o f  preferences in 
term s o f rank  orders— th a t is, firs t, second, etc. Once o rd in a l u t i l i t y  is 
determ ined, i t  is possible to  trans fo rm  i t  in to  ca rd ina l u t i l ity .  C a rd in a l 
u t i l i t y  is a measure o f preferences on a scale o f  ca rd ina l num bers, such as
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the scale from  zero to one o r the scale fro m  one to  ten. In  th is case, the 
experim enter used a standard method to e lic it fro m  each team  its ca rd ina l 
u t i l i ty  numbers from  0.0 fo r  lowest to  1.0 fo r highest.4 T he  o rd ina l and 
card ina l rankings by teams are the fundam enta l data on preferences to 
w h ich  various methods o f  sum m ation  can be applied.

There  can be no doub t th a t the  members o f the  teams took th is  task 
very seriously and ca lcu la ted  th e ir  preferences accord ing to  th e ir  own self- 
in terest ra the r than according to  any k in d  o f general in te rest (as assumed 
in  some popu lis t theories). As tw o  observers, D ye r and M ile s , rem arked, 
“ The du ra tio n  o f  the M JS 77  P ro ject is about ten years and m ay represent 
the on ly  foreseeable op p o rtu n ity  fo r  some o f these scientists to  be involved 
in  a p lane ta ry  m ission.” 5 C le a rly  a good p a rt o f the team  mem bers’ pro­
fessional lives and indeed o f th e ir sc ien tific  achievements was involved in  
the selection o f good tra jectories. Furtherm ore , the pairs o f tra jectories 
were o f  w ide ly  d iffe re n t value. T ra je c to ry  pa ir 24, fo r  example, was 
ranked firs t by team  U V S , th ird  by team  RSS, and th irty-second by 
teams LE C P , M A G , and P R A .

The teams were given app rox im a te ly  one m onth to  analyze the re la ­
tive  m erits  o f the 32 pairs by m a il and telephone, and then they were as­
sembled phys ica lly  fo r  tw o days to  ca rry  th rough  the actua l o rd ina l 
rankings and to  derive ca rd ina l u tilit ie s . The resu lt is, I  believe, a though t­
fu l and ca re fu l o rdering  o f  preferences, m ore th o u g h tfu l and care fu l than 
is usua lly  found in p o lit ica l decisions. Furtherm ore, the  teams were iso­
lated fro m  each o ther when they measured th e ir preferences, so i t  was not 
possible to  repo rt th e ir  preferences fa lse ly  in  o rder to  exp lo it in tra n s i­
tiv itie s  and o ther anomalies in  the sum o f o ther teams’ preferences. Hence 
we can in te rp re t the data as an honest, nonstrategic expression o f the 
voters’ (i.e., the team s’) true  tastes.

The data on preferences is set fo r th  in  D isp lay 2-5. U sing th is  data. 
D yer and M ile s  applied fo u r w e ll-know n and w e ll-ra tiona lized  methods o f 
sum m ation:

1. S um  o f  o rd in a l ra n ks  com parison. T h is  m ethod involves sum m ing, fo r 
each p a ir o f  tra jec tories , the rank  orders given th a t pa ir by each o f the 
teams. T h is  is an adap ta tion  o f  the B o rda  m e thod  o f rank  order com ­
parison, named a fte r its e igh teenth-century inventor.

2. S um  o f  c a rd in a l u t i l it ie s  com parison. T h is  m ethod consists o f  sum ­
m ing, fo r  each a lte rna tive , the ca rd ina l u til it ie s  assigned to  i t  by each 
team . The a lte rna tive  w ith  the highest sum is the w inner. T h is  can be 
called the Bentham  winner, a fte r Jerem y Bentham , the nineteenth- 
cen tu ry  philosopher who advocated “ u tilita r ia n is m .”
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3. M u lt ip lic a t iv e  ca rd in a l u t i l it ie s  com parison. T h is  m ethod consists o f 
m u ltip ly in g , fo r each a lte rna tive , the ca rd ina l u tilit ie s  assigned to i t  by 
each team. The w inner is the a lte rna tive  w ith  the highest p roduct and 
is called the Nash w inner a fte r the contem porary m a them atic ian  who 
proposed it.

4. O rd in a l pa irw ise  com parison. Th is  m ethod (see D isp lay 2-6) involves 
setting each a lte rna tive  (in  th is  case, pairs o f  tra jec to ries) against each 
o ther a lte rna tive  in a head-to-head vote by s im ple m a jo r ity  ru le . I f  any 
a lte rna tive  can defeat each o f  the others by a sim ple m a jo rity , i t  is the 
Condorcet winner, so named a fte r the e igh teenth-century philosopher 
who firs t proposed th is  m ethod.

By the C ondorcet standard, p a ir 26 was the clear w inner, for, as 
p a rtia lly  ind icated in D isp lay 2-6, i t  defeats a ll others in  a head-to-head 
contest. N o tice  th a t team  IR IS  ranks p a ir 26 second and p a ir 31 th ird . 
Hence in pairw ise vo ting  between 26 and 31, IR IS  should (and d id ) vote 
fo r p a ir 26.

By the Borda m ethod o f sum m ing ranks, p a ir 31 won. By the 
Bentham  m ethod o f adding u tilit ie s , p a ir 26 again won, w h ile  by the Nash 
m ethod o f m u ltip ly in g  u tilit ie s  num ber 31 won a second tim e. F ina lly , 
a lthough p lu ra lity  vo ting  probab ly  ought no t to be taken seriously in  th is 
case, pa ir 25 and p a ir 27 were tied , each w ith  tw o firs t-p lace  votes. N eve r­
theless, ignoring  the p lu ra lity  outcom e, w ith  fo u r methods, each o f w hich 
can be supported by strong and persuasive argum ents, there are tw o dis­
tin c t w inners, each o f w h ich  wins tw ice. W h ich  one ough t to  be regarded 
as the “ tru e ”  w inner? I cannot say, and I  th in k  i t  is d iff ic u lt to  produce a 
convincing argum ent e ithe r fo r pa ir 26 or fo r p a ir 31. The best th a t one 
cou ld  possibly say is th a t p robab ly  one o f  these tw o pairs should have been 
chosen. A c tu a lly , the Jet P ropulsion Labo ra to ry , a fte r some ad justm ent 
and im provem ent o f p a ir 26, persuaded the teams to  adopt it .  B u t, as D yer 
and M iles  po in t out, i f  pa ir 31 had been s im ila r ly  im proved, i t  m ig h t ju s t 
as easily have been chosen.

Th is example o f real decis ion-m aking , the on ly  one know n to  me in 
w h ich  fu l l  in fo rm a tion  on preferences was co llected fro m  real decision­
makers, reveals the fundam enta l a m b ig u ity  in  methods o f sum m ariz ing  
preferences.6 T h is  example demonstrates th a t, even i f  an om nisc ien t ob­
server, ca ll h im  Zeus, knew the true  tastes o f every voter, i t  w ou ld  s til l be 
impossible fo r  h im  to p red ic t the social choice o r the product o f  aggregat­
ing preferences unless he also knew the method o f aggregation. T h is  
means tha t the social choice depends not s im p ly on the w ills  o f in d iv id ­
uals, bu t also on the method used to  sum m arize these w ills .

i



Display 2-5
(*»

Ranking and Utilities of Ten Trajectory Pairs < 
According to the Borda, Bentham, and Nash Methods

O
►*»AHft
Q

Trajectory
pair

Borda method: 
Ordinal utility

Bentham method: 
Additive cardinal utility

Nash method: ^  
Multiplicative cardinal utility

Social
ordering

Sum of 
team’s rank 

numbers
Social

ordering

Sum of team’s 
cardinal 
utilities

Social
ordering

Product of ngo
cardinal
utilities o

31 1 67.0 2 8.87 1 0.2703 «
29 2 75.0 3 8.75 3 0.2340 ?
26 3 75.5 1 8.89 2 0.2701 .*
27 4 100.0 4 8.56 4 0.1738 2
5 5 111.5 6 7.91 6 0.0796 J

25 6 113.0 5 8.22 5 0.1124 »
35 7 120.0 7 7.57 8 0.0524 g
17 8 131.0 10 7.38 10 0.0399
8 9 134.5 8 7.55 7 0.0537

10 10 136.5 12 7.28 12 0.0310

Adapted from James S. Dyer and Ralph E. Miles, Jr., “ An Actual Application of Collective Choice Theory to the Selection of Trajectories for the Mariner 
Jupiter/Saturn 1977 Project,” Operations Research, Vol. 24 (March 1976), pp. 220-244.

By the Borda method, each team ranks the 32 pairs first, second, etc., on to thirty-second. Then, for each alternative, the 
ranks are summed. The winner is the pair with the lowest sum, here pair 31, which has a sum of 67. (The minimum sum would 
be 10, i f  each team ranked the same alternative first. Display 2-9 contains an example of the Borda calculation in reverse 
ranking.)

To use the Bentham and Nash methods, the rank orders by each team are transformed to a cardinal scale, using 1 for 
the highest rank and zero for the lowest rank. Then, for the Bentham method, the cardinal numbers are summed for each 
alternative, while for the Nash method they are multiplied. The maximum values, which would occur i f  each of the ten teams 
put the same trajectory pair in first place, are 10 under the Bentham method (i.e., 1 +  1 +  . .  . +  1 =  10) and 1 under the 
Nash method (i.e., 1 • 1 • . . .  • 1 =  1). The minimum values, i f  each team put the same trajectory pair in last place, are zero in 
both cases. N
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Display 1-6

t

i

Ordinal Pairwise Comparison of Four Trajectory Pairs 
Ranked Highest by the Borda, Bentham, and Nash Methods

Teams' Ordinal Rank Numbers*

Trajectory
pair RSS IRIS ISS PPS UVS CRS LECP MAG PLS PRA

31 20.5 3.0 5.0 8.5 6.0 8.0 4.0 3.0 4.0 5.0
29 20.5 5.0 19.0 6.5 9.0 3.0 2.0 2.0 4.0 4.0
26 20.5 2.0 10.0 11.0 7.0 17.5 3.0 1.0 1.5 2.0
27 20.5 1.0 30.0 16.0 3.0 17.5 1.0 4.0 4.0 3.0

PUSH* nm

Calculation of the Condorcet Winner: Pairwise Voting*

Contest Contest Contest

Pair Pair Pair Pair Pair Pair
26 vs. 31 26 vs. 29 26 vs. 27

IRIS ISS IRIS PPS ISS IRIS
LECP PPS ISS CRS PPS UVS
MAG UVS UVS LECP MAG LECP
PLS CRS MAG PLS
PRA PLS PRA

PRA

•Adapted from James S. Dyer and Ralph E. Miles, Jr., “ An Actual Application of Collective Choice Theory to the Selection of Trajectories for the Mariner 
1977 Jupiter/Saturn Project,”  Operations Research, Vol. 24 (March 1976), pp. 220-244.
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I  have been very m uch impressed w ith  th is  deep a m b ig u ity ; and, as 
an add itiona l exercise in dem onstra ting the defects o f  vo ting , I  have con­
cocted an im ag ina ry  vo ting  s itua tion  w ith  five a lternatives. T h is  im a g i­
nary, bu t nevertheless d isconcerting, s itua tion  is set fo r th  in  D isp lay  2-7. 
Each colum n shows the preference order o f a single voter. The most- 
pre ferred a lte rna tive  is a t the top o f  the  co lum n, and the least-preferred 
a lte rna tive  is a t the bo ttom . The vo te r’s ca rd ina l u t i l i t y  fo r  each a lte rna­
tive  is in  parentheses.

N o tice  th a t the p lu ra lity  w inne r is a lte rna tive  b, w h ich  is supported 
in  firs t place by voters 4 and 5, o r 40 percent o f the voters. The C ondorcet 
w inne r is a lte rna tive  a. I t  w ins in  a head-to-head vote against each o f the 
others, as shown in  D isp lay 2-8. By the  Borda m ethod, a lte rna tive  b w ins 
again as shown in D isp lay 2-9. (D ye r and M iles  inverted the Borda scale 
to s im p lify  a rith m e tic  fo r a la rge  num ber o f a lternatives. U sua lly , how­
ever, the Borda count, fo r  n a lternatives, gives n — 1 points to a vo te r’s 
firs t choice, n — 2 to his o r her second choice, on down to  zero points fo r 
the last choice. The w inne r is the a lte rna tive  w ith  the most points.) The 
Bentham  w inner (by add itive  ca rd ina l u t i l i t y )  is a lte rna tive  d, as shown 
in  D isp lay 2-10. A n d , fina lly , the N ash w inner (the  p roduct o f  ca rd ina l 
u til it ie s ) is a lte rna tive  e. T he  N ash  w inner is ca lcu la ted fro m  the  data in  
D isp lay  2-9, except th a t the  u tilit ie s  in  each row  are m u ltip lie d  together 
instead o f summed. (For example, in the firs t row  1.00 X  .61 X  -70 X  
.75 X  .60 =  .192150.) The products fo r each row  are:

a. .19215

b. .19800

c. .07700

d . .20250

e. .20956

O f the five a lte rna tives, a, b, c, d, and e, every one except c w ins by 
some defensible m ethod o f  aggregating preferences. C learly , the outcom e 
is ju s t as m uch a func tion  o f the method as i t  is o f  the  unde rly ing  tastes.

*  * *

I  have discussed a va rie ty  o f  methods o f vo ting , methods in  use in  d iffe r­
ent cu ltures and in  d iffe re n t k inds o f social circum stances. In  each exam­
ple, a lte rna tive  methods do not agree on the social choice, thereby sug­
gesting doubts about the q u a lity  o f  the process o f  am algam ation. By 
reason o f the va rie ty , i t  is clear th a t som ething m ore general is involved
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Display 2-8

Calculation of tlie Condorcet Winner 

for the Five-Person Society of Display 2-7

Number of Votes for the Alternative in the Row 
when Placed in Contest against the 

Alternative in the Column

a b c d e

— 3 3 3 3 (C ondorce t w inne r)
2 — 4 3 4

C 2 1 — 2 1
d 2 2 3 — 3
e 2 1 4 2 —

Since a lte rna tive  a (to p  row ) has a m a jo r ity  over each o f the other 
a lternatives, i t  is the C ondorcet w inner.

than a mere loca lly  id iosyncra tic  fea ture  o f the  process. I  have not yet 
investigated the characteris tics o f  the  methods o r a ttem pted to  judge  th e ir 
m erits ; yet each m ethod has been recom mended because i t  is believed to 
be appropria te  and ju s tifia b le . We are thus driven to  ask: Is there one 
m ethod (and hence outcom e) th a t ough t to  be chosen? In  these examples 
I  th in k  th a t even Zeus, w ith , presum ably, perfect know ledge o f  voters’ 
tastes, cou ld  no t p red ic t the social choice. A n d  i f  Zeus were required to 
impose some m ethod o f  sum m ation, w h ich  m ethod w ould  he say was 
m o ra lly  r ig h t o r even m ere ly techn ica lly  correct?  I  do no t know, and, i f  
Zeus existed, I  doub t very m uch i f  he w ould  know either. In  the next tw o 
chapters, I  w il l  t r y  to  in s tru c t h im  about how to  choose.

i  r
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Simple Majority Decision

T he  examples o f C hap te r 2 c le a rly  ind ica te  th a t d iffe re n t methods o f 
sum m ariz ing  the same unde rly ing  s tru c tu re  o f  preference produce d iffe r­
ent social choices. S ti ll ,  th is  fa c t need not cause problem s fo r  dem ocra tic  
theory  i f  one m ethod o f aggregation is c le a rly  superio r to  a ll others. A n d , 
as i t  happens, there is one th a t is q u ite  a ttra c tive  and perhaps appears 
be tte r than others— nam ely, s im ple m a jo r ity  decision when there are ex­
a c tly  tw o  a lternatives.

The procedure does have h ig h ly  desirable properties, and one reason 
th a t m ost people are in d iffe re n t to  the  defects in  vo ting  m ay be th a t they 
believe th a t s im ple m a jo r ity  ru le  over tw o  a lte rna tives is in  use most o f  the 
tim e. I f  th is  b e lie f were correct, popu la r ind iffe rence w ou ld  p robab ly  be 
jus tified . U n fo rtu n a te ly , s im ple m a jo r ity  ru le  displays its  m ost desirable 
properties on ly  when there are exac tly  tw o  a lte rna tives, and na tu re  h a rd ly  
ever offers us b in a ry  choices. We have, o f  course, m any in s titu tio n s , like  
p rim a ry  elections, to reduce a lte rna tives to exac tly  tw o. B u t s im p ly  be­
cause we force ourselves in to  a b in a ry  choice should no t obscure the fa c t 
th a t we re a lly  s ta rt o u t w ith  m any a lte rna tives and th a t we can never be 
ce rta in  th a t ou r in s titu tio n s  have narrow ed the  choice dow n to  the  r ig h t 
p a ir fo r us to  choose between.

R are as its  na tu ra l occurrence is, however, s im ple  m a jo r ity  decision 
is s t i l l  very a ttrac tive , w h ich  is w hy some people w an t to  rea lize  i t  in  
ins titu tions . In  th is  chapter, there fo re , I  w il l  exp la in  in  d e ta il w hy  i t  is 
a ttrac tive . Then, in  conclusion, I  w il l  describe the  tra d it io n  o f  dem ocra tic  
though t devoted to  in s titu tio n a liz in g  it .  B u t I  w il l  also show th a t s im ple  
m a jo r ity  decision cannot be in s titu tio n a lize d  w ith o u t v io la tin g  fundam en­
ta l notions o f fairness.

In  th is  chapter and the  next tw o , i t  w il l  be necessary to  define a 
num ber o f technica l term s in o rde r to  reveal some o f  the deep m eaning o f
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the issues raised. D e fin itions w il l  a lways be stated in  the text. Form al 
statements— i f  usefu l— w ill  be placed in  the Notes. Since th is  is an in tro ­
duc to ry  discussion, no proofs o f  fo rm a l theorems w il l  be given.

3<A. Introductory Definitions

In  section l . H  several p r im itiv e  notions were in troduced. I  w il l
e laborate them  here and in troduce  a few m ore .1

1. A  set, X  — ( x , y , . . .), o f  a lternatives, w h ich  can be m otions, candi­
dates, p la tfo rm s, bundles o f goods, and so on. Since in  th is  chapter the 
concern is w ith  s im ple m a jo r ity  choice between pairs, the set X  w ill 
here be lim ite d  to  exactly  tw o  members, X  =  ( x , y ) ;  la te r i t  m ay be 
in de fin ite ly  o r even in fin ite ly  large. H ere , x  and y  m ay be though t o f  as 
tw o candidates ( x  is, say, candidate A , and y  is then candidate B ) o r as 
yea or nay votes on a m otion  (x  is fo r yea, and y  is fo r nay).

2. A  set, TV =  (1 , 2 , of  people, w h ich  is a society o f  n members or 
e lig ib le  pa rtic ipan ts , where i is any one o f the n members, th a t is, i  =  1 
o r 2 o r . . .  o r n.

3. For each i, a re la tion , Pit o f  preference over X . Each P, is asym m etric: 
I f  a jud g m e n t is made between x  and y , then e ithe r x  Pt y  o r y  Pt x  bu t 
no t both. N o tice  th a t P, need not be com plete so th a t, fo r  some x  and y  
in  X , ne ither x P t y  nor y  P, x .

4. For each i ,  a re la tion , /, , o f ind ifference, w h ich , given a judgm en t 
between x  and y , is defined as: no t (jc f * y )  and not ( y  f* x ) . H ence I  is 
sym m etric : i f  x  I, y , then y  I t x .

5. For each i, a re la tion , R „  o f P, and I, com bined, w hich is defined as: 
x  R ,y  is equ ivalent to  not ( y  P, x ) .2 N o tice  th a t R , is com plete so th a t 
e ithe r x  R, y  o r y  R, x.

6. The concept o f a social choice, C (X ) , where C (X )  =  z means “ W hen 
the society fo llow s a given ru le  fo r  choosing, the choice fro m  X  is z .”  I f  
the context does not make c lear the ru le  being fo llow ed, say, s im ple 
m a jo rity  (S M ) or p lu ra lity  ( P ), then the ru le  in  use w il l  be ind icated as 
a subscript to  C, thus: CSM( X )  or CP{X ) .

I t  is a de licate  m a tte r to  determ ine ju s t w hat Piy I „  and R, involve.
One possible in te rp re ta tio n  is th a t they re fer to  p riva te  ind iv idua l ju d g ­
ments. We learn o f such judgm ents, however, on ly th rough  th e ir pub lic
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expression, as when a person says, “ I  like  y  be tte r than x , "  o r when a 
person votes fo r  x . U n fo rtu n a te ly , p ub lic  expressions m ay or m ay not 
tru ly  re flect p riva te  judgm ents. A  person m ay dissemble opin ions, fo r 
s tra teg ic reasons, and perhaps vote co n tra ry  to  tru e  tastes (e ithe r because 
o f being m an ipu la ted  or because o f try in g  to  m an ipu la te ). I t  is no t qu ite  
clear, therefore, ju s t w ha t the statem ent x P (y  means. For convenience I 
w il l  adopt th is  convention: Except when I  expressly note th a t p riva te  ju d g ­
m ent and pub lic  action  m ay d iffe r, I  shall equate the  tw o. Hence x  P, y  
w il l  mean both priva te  preference fo r x  over y  and the pub lic  (though  
possibly secret) act o f vo ting  fo r  x ,  and x  I ,  y  w il l  mean bo th  p riva te  in d if­
ference and abstention fro m  voting .

For each i in  TV, there is a s truc tu re , D „  o f  in d iv id u a l ju d g m e n t over 
the members o f  X . In  the tw o -a lte rna tive  case, A  is ju s t one o f  x P ,y ,  
x  I t y , o r y  P, x . These fo rm s can be represented conven ien tly  by the in te ­
gers (1, 0, — 1):

A -  1 means x P t y

A  =  0 means x h y

A  =  - i means y Pi x. (3-1)

For the w hole set TV, there is a vector, A  o f a ll the  in d iv id u a l judgm ents, 
where D  =  (A . D 2, . . . .  Dn). U s ing  (3 -1 ), some pro file , D , o f a society 
m ay be though t o f as a s tr in g  o f integers chosen fro m  (1 ,0 , — 1), where 
each integer stands fo r an in d iv id u a l judgm en t. For exam ple, on a five- 
person com m ittee , where the firs t, fo u r th , and f i f th  members favo r and 
vote fo r a m otion , the second is undecided and abstains, and the th ird  
opposes and votes against, D  =  (1 ,0 , — 1, 1, 1). F in a lly , the vector D  is a 
m em ber o f a set D , w h ich  is the set o f  a ll possible social profiles. For 
example, i f  TV consists o f tw o  people ( th a t is, n =  2 ), then D  is as set fo r th  
in  D isp lay 3-1.

Thus, D t is some p a rticu la r person’s preference or values, D  is the 
pro file  on a p a rticu la r occasion o f  the preference or value s truc tu re  o f  a ll 
members o f the society, TV, and D  is the set o f  a ll possible social profiles 
th a t TV m ig h t display.

Inasm uch as our concern is w ith  some k ind  o f soc ia l choice, based 
u ltim a te ly  on in d iv id u a l ju dgm en t, there m ust be a ru le  by w h ich  the  A  in  
each D  are am algam ated. T h is  ru le  is a func tion , F , w h ich  is stated in  
com plete fo rm  so th a t i t  can operate on any D  in  D . The social choice 
fro m  X , g iven D  and F , is re fe rred  to  as F (X , D ). I  w il l  abbrevia te  th is  to  
F (D ). N o te  th a t F (D ) is thus a special case o f  C (X ) , special in  the  sense 
th a t a p ro file , D , and a ru le , F , are s tipu la ted . For the case where X  has
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Display 3-1

Members of D for Two Persons

f ( l ,  1). (0 ,1 ) , ( - 1 , 1 )
D  =  (1 , 0 ) ,  (0 ,0 ) ,  ( - 1 , 0 )

1(1, - i ) ,  (0, - 1 ) , ( - 1 ,  - 1 )

Each pa ir o f  Z>, in parentheses indicates a possible choice by the tw o 
voters. Thus (0, 1) means th a t D ] =  0 ( fo r  x  / ,  y )  and D 2 =  1 ( fo r  x  P2y ). 
The set o f n ine possib ilities in  large brackets is a ll possib ilities o f D . * 1 2

ju s t tw o  members, I  define F (D )  pa ra lle l to  the in te rp re ta tion  o f D ,:

F {D ) =  1 means x  is the social choice fro m  X  by F , given D.

F (D )  =  0 means x  and y  tie  and are together the social choice by F  
from  X , given D . (M a n y  rules o f am algam ation  do not ex­
clude ties. P ractica lly , however, there are usually ad hoc 
rules to break ties— tossing coins, extra  votes fo r presid ing 
officers, etc.— w hich  have noth ing to  do w ith  the am alga­
m ation  itse lf.)

F (D ) =  — 1 means y  is the social choice by F  fro m  X , given D.
(3-2)

O bviously, there are a large num ber o f possible rules or functions. To con­
vey a sense o f the w ide varie ty , I  w il l  lis t a few  to  be discussed:

1. Constant fu n c tio n s
a. Indecisive, x  and y  a lways tie , regardless o f  the ind iv idua ls ’ p re fe r­

ences in D ; th a t is, F (D )  =  0, fo r  a ll D  in  D .
b. Im posed, x  (o r y )  a lways w ins, regardless o f  the ind iv idua ls ’ p re fe r­

ences in D ; th a t is, F (D )  =  1 (o r — 1), fo r  a ll D  in  D .

2. S im p le  m a jo r ity  fu n c tio n s . T h a t a lte rna tive  w ins w h ich  has more votes 
than the o ther (or, i f  the num ber o f voters is even, a lternatives m ay 
tie ), where members o f N  m ay vote or abstain. M a n y  varia tions can be 
obta ined by w e igh ting  votes and decla ring  the w inner to  be th a t a lte r­
native w ith  the greater sum o f weights.

3.B. M onotonic ity 45

3. A bso lu te  m a jo r ity  fu n c tio n s . T h a t a lte rna tive  w ins w h ich  has m ore 
votes (o r w eights) than  h a lf  o f  the  to ta l votes or w eights in  TV, w ith  
abstention pe rm itted  o r no t pe rm itted  as the  case m ay be.

4. S pec ia l m a jo r ity  fu n c tio n s . T h a t a lte rna tive  w ins w h ich  has m ore than 
some specified p ropo rtion  o f the votes o r w eights (e.g., ra tios like  2 /3  
o r 3/4 ) ,  when the  p ropo rtion  is ca lcu la ted  fro m  those vo tin g  o r fro m  a ll 
members o f  N .

3.B. Properties of Simple 
Majority Decision: Monotonicity

T he  m ethod o f  s im ple  m a jo r ity  decision, in  w h ich  voters are 
w eighted equa lly  and in  w h ich  they can e ithe r vote or absta in , is defined 
thus: I f  m ore people vote fo r x  than fo r y , x  w ins; i f  the  same num ber vote 
fo r x  and y ,  they tie ; and i f  m ore vote fo r y  than fo r x ,  y  w ins. U sing  the 
te rm ino logy o f  D „  i f  the  sum  o f  the  D , in  D  is g rea ter than  zero, x  w ins; i f  
equal to  zero, x  and y  tie ; and i f  less than  zero, y  w ins.3 T he  m ethod has 
three independent properties— m onoton ic ity , und ifferentia tedness, and 
ne u tra lity . A n  exam ina tion  o f each o f them  w il l  p e rm it a fu l l  apprecia tion  
o f th is  ru le .4

By m o no ton ic ity  is m eant th a t an increase in  the  value o f some D, 
im p lies an increase, Or a t least no t a decrease, in  the  va lue o f F (D ) . T h a t 
is, i f  one or m ore voters change preference in  a d ire c tio n  favorab le  to  x  
(i.e., change fro m  favo ring  y  e ithe r to  being in d iffe re n t between x  and y  
or to  favo ring  x , o r change fro m  being in d iffe re n t to  favo ring  x ) ,  then the 
resu lting  change, i f  any, in  the  fa te  o f  x  should be an im provem ent fo r x .

M o n o to n ic ity  is an especially im p o rta n t fea tu re  o f any decision ru le  
th a t amalgam ates in d iv id u a l tastes in to  a social outcom e. I t  w ou ld  be 
perverse in  the  extrem e i f  increased votes fo r an a lte rna tive  con tribu ted  to  
its  defeat. Consequently, i t  seems an e lem entary requ irem ent o f  sensible 
and fa ir  choice th a t the  decision ru le  respond positive ly, o r a t least non- 
negatively, to  increases in  in d iv id u a l va lua tion  o f an a lte rna tive . T h is  is 
precisely w ha t m ono ton ic ity  (or, as i t  is sometimes ca lled, responsiveness 
or nonpervers ity) provides for. D esirab le  as m o no ton ic ity  m ay seem, how­
ever, there are, qu ite  su rp ris ing ly , a num ber o f w ide ly  used social choice 
functions th a t fa i l  to  sa tis fy  it .

To define m onoton ic ity , consider some D  and D ' bo th  in  D . They 
m ay be iden tica l; bu t fo r every i  in  TV, Z>, > : D \. S pecifica lly , any change 
fro m  D ' to  D  involves a change, fo r one or m ore i, in  the  d ire c tio n  o f fa -
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voring  x  over y . Thus, fo r any person, /, whose values change, i f  D \ =  — 1 
(i.e ., y  P ,x ), then D, =  0 o r 1; o r i f  D ' =  0 (i.e ., x  I , y ) ,  then A  =  1. Th is  
means tha t, fo r the w hole society, the sum o f  D , is equal to  o r g rea ter than 
the sum o f D '„ because, i f  any change occurs from  D\ to  D „  i t  m ust 
increase the sum o f  D, re la tive  to  D\. Hence m ono ton ic ity  fo r a ru le , F, 
means th a t i f  some D, increases over D-, then F (D )  is no t less than F (D ') .S

To state th is  d e fin ition  in  another way, suppose an a lte rna tive  is 
rendered m ore pre ferred  in  p riva te  ju d g m e n t and in d iv id u a l vo ting . Then, 
i f  any change in  outcom e results, th a t change m ust no t h u rt the a lte rna ­
tive  th a t has come to  be m ore a ttrac tive . B u t, o f  course, no change in 
outcom e need resu lt. Indeed, th is  cond ition  on F  does a llow  fo r a w ide 
range o f  ties and hence fo r  a w ide range o f s ituations in  w h ich , despite 
sh ifts  in  preference or va lua tion , no change in  outcom e results. Specifi­
ca lly  i t  m ig h t happen, fo r an F  sa tis fy ing  equation (N 3 .2 ) (see note 5 ),*  
th a t some person changes D ] =  0 to  D,■ — 1, yet nevertheless F (D ')  =  
F (D )  =  0. T h is  means th a t an in d iv id u a l va lua tion  o f  x  rises, b u t the tie  
between x  and y  is not broken.

A  com m only used m ethod o f  social choice th a t displays such a w ide 
range o f  ties is the ru le  used on ju ries . For a ju ry , where x  means convic­
tio n  and y  means a cq u itta l, the  ju ry  fu nc tion  is the ru le  th a t x  o r y  w ins 
on ly  i f  the ju ry  is unanim ous and th a t o therw ise x  and y  tie  in a hung 
ju r y .6 For th is  F  in  s itua tion  D ' the ju ry  m ig h t be s p lit n ine to  three fo r 
convic tion  (i.e ., , D \ =  6 ). Then to  create s itua tion  D  some ju ro r, i,
m ig h t sw itch  fro m  a cq u itta l to  convic tion  so th a t D \ =  — 1 and A  =  1. 
(Consequently, 2 "_ , D , =  8 .) B u t the ju ry  w ould  s til l be hung, so F (D ')  =  
F (D ) =  0.

In  s im ple m a jo r ity  decision, ties are not so persistent, w h ich  is one o f 
the  m erits , I  believe, o f  th is  ru le  fo r la rge electorates. To describe s im ple 
m a jo r ity  decision, therefore, one needs the  notion o f  s trong  m ono ton ic ity : 
I f  a tie  exists and ju s t one vo ter sh ifts  his o r her position, the tie  is 
b roken .7 Thus, i f  ju s t one person sh ifts  fro m  absta in ing (A  =  0) to voting 
(A  =  1 or — 1), strong m ono ton ic ity  requires th a t the tie  be broken, 
provided no one else changes a vote. O n, fo r example, a seven-member 
com m ittee  w ith  six members present and sp lit three to  three on election 
o f  a cha irm an, the  absent m em ber w ill,  when brough t in  to  vote, break 
the  tie .

A s  th is  exam ple indicates, s im ple m a jo r ity  vo ting  is s trong ly  mono­
ton ic  because a single person can a lways break a tie  i f  no one else changes. 
T he  ju ry  ru le, w h ile  m onoton ic, is no t s trong ly  m onoton ic, because 
changes by several persons m ay be requ ired  to  break a tie.

*The prefix “ N "  indicates that the equation appears in the Notes at the back o f the book.
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3.C. Violations of Monotonicity

G iven the fundam enta l im portance o f m ono ton ic ity  fo r constructing  
a consistent re la tion  between in d iv id u a l va lua tions and social outcomes, i t  
is tru ly  astonishing th a t several w ide ly  used social choice functions v io la te  
th is  cond ition . A lth o u g h  v io la to rs  are probab ly  ra re  when restric ted  to 
b ina ry  choice— I shall, however, o ffe r one exam ple— they are qu ite  com ­
mon among functions th a t operate on m ore than tw o a lternatives, and I 
shall describe several.

Social Choices Operating on Two Alternatives

One w ide ly  used m ethod o f  choosing a w inne r in  contests o f  m usical 
perform ance violates a cond ition  o f  unan im ity . S ince u n a n im ity  is closely 
re lated to and im p lied  by m onoton ic ity , a v io la tio n  o f u n a n im ity  also con­
stitu tes a v io la tion  o f m onoton ic ity . There  are tw o fo rm s o f the u n a n im ity  
cond ition : ( 1) unan im ity , w h ich  means tha t, i f  everyone favors x , then x  
w ins (and vice versa fo r y ) \ and ( 2 ) weak unan im ity , w h ich  means th a t, i f  
everyone favors x , a t least y  does not w in  (and vice versa fo r 7 ).* For F  
nonconstant and a d m itt in g  values o f  1, 0 , and — 1, strong m ono ton ic ity  
im plies u n a n im ity  and m ono ton ic ity  im plies w eak unan im ity , so fo rm s o f 
u n a n im ity  are special cases o f fo rm s o f m onoton ic ity . T h is  is as i t  should 
be, fo r there is a congruence o f sense between the tw o conditions. C er­
ta in ly , i f  we believe th a t im prov ing  the priva te  va lua tion  o f an a lte rna tive  
ough t not to  make it  worse o ff (m o n o to n ic ity ), then a unanim ous p re fe r­
ence fo r th a t a lte rna tive  ought to  guarantee th a t i t  not lose (weak 
u n a n im ity ).

In  ju d g in g  performances in  m usical contests, the fo llo w in g  ru le  is 
o ften  used: For n judges and m perform ers (here I present an exam ple 
w ith  m =  2 to preserve b ina ry  choice and n =  3 to save a rith m e tic , 
though typ ica lly  m  and n are both m uch la rg e r), each judge  awards each 
perfo rm er fro m  1 to 25 po in ts .9 For each perfo rm er, the judges’ awards 
are ordered fro m  highest to lowest, the m edian aw ard is determ ined, any 
awards in  excess o f 8 points d ifference fro m  the m edian are discarded, 
and the rem a in ing  points are summed. The pe rfo rm er w ith  the highest 
sum wins. U nder th is ru le  i t  is possible fo r a perfo rm er w ho is unan i­
m ously preferred to lose.

L e t three judges aw ard tw o perform ers points as shown in  D isp lay  
3-2. Each judge  prefers A  to B, yet B w ins in  clear v io la tio n  o f weak 
u n a n im ity  and m onoton ic ity . To see these v io la tions, suppose judge  3 had 
given perfo rm er A  on ly 7 points, w ith  a ll o ther points the same. S ince 
judge  3’s points fo r A  w ould  not count, B w ould  w in . I f  judge  3 increased
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Voting in a Musical Contest

Perform er A Perform er B

Judge 1 15 10
Judge 2 16 10
Judge 3 25* 15

T ota l 31 35

•Excluded from  the to ta l because i t  exceeds the 
median, 16, by more than 8 points.

the points fo r A  to  8 on up to  24, A  w ould  w in . B u t as judge  3 increases 
A 's  points to  25, A  tu rns in to  a loser in  spite o f  the increased support and 
unanim ous preference.

Doubtless th is  ru le  was devised to  m in im ize  favo ritism  in  ju d g in g  
(o ften  judges in  such contests find  th e ir own students among the contend­
ers). Ign o rin g  ou tlie rs  appears, therefore, to  be an appropria te  remedy. 
Nevertheless, it  a llow s perverse results.

Social Choices Operating 
on More Than Two Alternatives

I t  has been shown th a t any social choice fu nc tion  p rov id ing  fo r 
the e lim in a tio n  o f a lte rna tives v io lates m ono ton ic ity .10 O f  course, when 
X  has m ore than tw o  a lternatives, we m ust th in k  o f  m ono ton ic ity  in  a 
s lig h tly  d iffe ren t way. L e t F (D ) now mean the choices by F  fro m  X , given 
a p ro file  o f preference structures, D . I f  an a lte rna tive  x  is in  F (D ’) and 
D  d iffe rs  fro m  D ' on ly  in  th a t x  has risen in  some in d iv id u a l p re fer­
ence order(s) in  D  fro m  D ', then m ono ton ic ity  requires th a t x  be in  F (D ). 
T h a t is, a h igher ind iv idua l va lua tion  and m ore votes cannot h u rt an 
a lte rna tive .

Tw o vo ting  rules, by p rov id ing  fo r d ropp ing  a lternatives, v io la te  th is 
cond ition : (1 ) the  single transferab le  vote method o f  p ropo rtiona l repre­
sen ta tion ," used fo r na tiona l legislatures in  Ire land  and M a lta  and in 
loca l governm ents and priva te  societies in  most o f  the English-speaking 
w orld ; and (2 ) the two-stage m a jo r ity  system, cu rre n tly  used in  France 
fo r na tiona l elections and in  m any loca l p rim aries and elections in  the 
U n ite d  States.

3.C. V io lations of M onoton ic ity 49

The ru le  fo r  the s ing le  trans fe rab le  vote m e thod  is: For d is tr ic ts  
w ith  S  seats and m  candidates (m  > : S ), the  voters, V  in  num ber, m a rk  
ba llo ts  fo r firs t choice, second choice, . . . ,  and m lh choice. A  quota, q, is 
ca lcu la ted thus:

q =  ( V / S +  1) +  1

and q is rounded down to  the largest in teger conta ined in  it.
I f  a candidate receives a t least q firs t-p lace  votes, he or she w ins, 

and any surplus votes (i.e ., the  num ber o f firs t-p lace  votes in  excess o f  q) 
are transferred  to  nonw inn ing  candidates in  p ropo rtion  to  the appearance 
o f these candidates in  next place on a ll ba llo ts fo r  the in it ia l w inner. 
A no the r candidate who then has q firs t-p lace  and reassigned votes w ins, 
and his o r her surplus is transfe rred  to  the next nonw inn ing  candidate on 
his o r her supporters’ ba llo ts  (aga in  in  p ropo rtion  to  th e ir appearance in  
next place) and so on u n til a ll seats are filled . I f  a t any po in t in  the process 
(in c lu d in g  the beginn ing) no candidate has q firs t-p lace  and reassigned 
votes, the candidate w ith  the  fewest firs t-p lace  and reassigned votes is 
e lim ina ted and a ll the ba llo ts  fo r her o r h im  are transferred  to  candidates 
in  the second (o r next) place on those ba llo ts ; and th is  is repeated u n til 
some candidate has q votes.

D oron and K ro n ick  have devised an exam ple in  w h ich  m o no ton ic ity  
is v io la ted  by th is  ru le .12 In  D isp lay 3-3 tw o  seats are to  be filled  fro m  fo u r 
candidates by 26 voters, where q rounds down to  9. The tw o s itua tions, D ' 
and D , are iden tica l except tha t, fo r the tw o  voters, i, in  the th ird  row, 
D\ =  y  x  z w and D, =  x  y  z w. T h a t is, these tw o  voters increase th e ir 
va lua tion  o f  x  in  D  as against £>'. In  bo th  s itua tions, w has nine firs t-p lace  
votes and is in it ia l ly  elected. N o  surplus exists and no o ther candidate has 
enough firs t-p lace  votes to  w in . So in  both  s itua tions, the candidate w ith  
the  fewest firs t-p lace  votes m ust be e lim ina ted , and his o r her votes are 
transferred to  the  candidate in  second place on these ba llo ts. In  s itua tion  
D ', z is e lim ina ted  and his o r her five votes go to  x , w ho is elected w ith  
eleven votes. In  s itua tion  D , y  is e lim ina ted  and his o r her fo u r votes go to  
z, who is elected w ith  nine votes. In  going fro m  D ' to  D , x  has risen in  tw o 
preference orders and no th ing  else has changed. Since D  d iffe rs  fro m  D ' 
on ly  by tw o voters increasing th e ir  va lua tion  o f  x  in  D , i t  is a v io la tio n  o f 
m ono ton ic ity  th a t x , w h ich  won in D ' , loses in  D .

The same k ind  o f s itua tion  can arise in  two-stage m a jo r ity  vo ting , in  
w h ich , i f  no candidate receives an absolute m a jo r ity  o f  votes cast in  a firs t 
stage (w here m ore than tw o  candidates are o ffe red), then a ru n o ff elec­
tion  is held between the tw o  h ighest candidates. I f  voters re ta in  the  same 
preference structures between the tw o  elections, then the s itua tion  is lik e
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A Profile of Preference Orderings 
in  Situations D ' and D 

Using Single Transferable Vote

S itua tion  D '

N u m b e r F irs t Second T h ird Fourth
o f voters choice choice choice choice

9 w z X y
6 X y z W

2 y X z W
4 y z X w
5 Z X y w

S itu a tio n  D

N u m b e r 
o f voters

F irs t
choice

Second
choice

T h ird
choice

Fourth
choice

9 w z X y
6 X y z W
2 X y z w
4 y Z X w
5 Z X y w

Note, q = (Y /S  +  1) + 1 -  (26 /3 ) + 1 =  9.67 = 9 (using the
customary procedure of rounding down).

Adapted from  Gideon Doron and Richard Kronick, “ Single Transferable Vote: An Example 
of a Perverse Social Choice Function,”  Am erican Journal o f P olitica l Science, Vol. 21 (May 
1 9 7 7 ) ,  p p . 3 0 3 -3 1 1 .

the single transfe rab le  vote in  the  sense th a t voters in it ia l ly  supporting an 
e lim ina ted  candidate vote fo r the rem a in ing  candidate who stands h igher 
in  th e ir  preference orders. E xa c tly  the  same k in d  o f  perversities can arise 
as in the single transferab le  vote m ethod, a lthough, o f  course, the elec­
tions themselves never reveal enough data about preferences to  make the 
perverse outcomes v is ib le  to  the voters.

3.D. Undifferentiatedness (Anonym ity) 51

M o n o to n ic ity  is p r im a r ily  a technica l requ irem ent th a t one w ould 
w an t to  impose on any vo ting  system. I f  we assume th a t the purpose o f 
vo ting  is to  am algam ate in d iv id u a l tastes in to  a social decision, then m o­
no to n ic ity  requires th a t vo ting  a c tu a lly  do so by coun ting  a ll in d iv id u a l 
judgm ents in  generating an outcom e. M o ra l (as d is tin c t fro m  techn ica l) 
considerations m ay arise in choosing between fo rm s o f  m onoton ic ity . For 
example, one m ig h t p re fer a tw o -th irds  m a jo r ity  (m onoton ic) to a s im ple 
m a jo rity  (s trong ly  m onoton ic) on e th ica l grounds. B u t th a t some k in d  o f 
m ono ton ic ity  be required is h a rd ly  a m ora l question. I t  is s im p ly  a 
s tra ig h tfo rw a rd  m a tte r o f m aking  the vo ting  system do w ha t i t  is sup­
posed to  do.

Theore tica lly , there fore , one should, on techn ica l grounds, re ject a ll 
nonm onotonic systems, a lthough  p ra c tica lly  com prom ise m ay be appro­
pria te . Two-stage m a jo r ity  ru le , though nonm onoton ic, m ay be bette r 
than the p lu ra lity  system i t  replaces. I t  is ha rd  to  believe there is any good 
ju s tifica tio n  fo r the  single transfe rab le  vote, however, when there exist 
p ropo rtiona l representation systems (such as l is t systems) th a t are a t least 
w eakly m onotonic. In  re jec ting  the single transferab le  vote, technica l con­
siderations ough t to dom inate.

3.D. Properties
of Simple Majority Decision: 
Undifferentiatedness (Anonymity)

As we tu rn  now to  o ther properties o f  s im ple m a jo r ity  decision, 
m ora l ra the r than technica l considerations dom inate. The p roperty  o f un- 
differentiatedness (o r anonym ity, as i t  is usua lly  ca lled) is imposed p r i­
m a rily  because o f preferences about p o lit ica l values, a lthough  the cond i­
tio n  its e lf is technical.

U ndifferentia tedness is o ften  said to  be the same as eq u a lity  and to 
em body the p rinc ip le  o f  “ one m an, one vote .”  A c tu a lly , however, i t  is the 
technica l cond ition  underly ing  equa lity  and is qu ite  d is tin c t fro m  equa lity . 
The best name fo r the cond ition  is undifferentia tedness because th is  is 
p r im a rily  w hat i t  provides— namely, th a t one vote cannot be d istinguished 
fro m  another. T h is  fea ture  allow s fo r  anonym ity , and a n onym ity  in  tu rn  
allow s fo r equality. In  the  next few  paragraphs, I  w il l  exp la in  the se­
quence fro m  techn ica l antecedent to  m ora l consequent.

Sometimes voters are c le a rly  d istinguished by the d iffe ren tia ted  
votes they cast. They may, fo r  exam ple, be assigned unequal num bers o f 
votes. These m ay be though t o f as weights, w „  where i =  1, 2 , . . . .  n. On
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the  N ew  Y o rk  C ity  Board o f  E stim ate , the  m ayor, com ptro lle r, and presi­
dent o f  the C ity  C ouncil each have fo u r votes, w h ile  the five borough 
presidents have tw o votes each. In  effect, each o ffic ia l’s judgm en t on a 
m otion  is m u ltip lie d  by the num ber o f assigned votes. Th is  fa c t can be 
described by w rit in g  D  =  (u^D ,, w2D 2, - .  - ,  wnDn), where wt > : 0. C a lcu ­
la tin g  the sum o f the weights, W, the ru le  fo r w eighted vo ting  is: T h a t 
a lte rna tive  wins w hich receives m ore than h a lf o f the sum o f the weighted 
votes; and, i f  both a lte rna tives get the  same weighted votes, they t ie .13

N a tu ra lly , votes m ust be d iffe ren tia ted  fro m  each o ther so th a t 
vo te-counting w ill be accurate. One possible fo rm u la tio n  o f the cond ition  
o f undifferentia tedness is, therefore, th a t weights be equal: (w ,, w2, . . . ,  
w„) =  (1, 1 , . . . ,  1). T h is  fo rm u la tio n  is inadequate, however, because 
votes are also d iffe ren tia ted  by the roles the voters p lay in  the  system. For 
exam ple, in the U n ited  N a tions S ecurity  C ouncil, fo r a (substantive) m o­
tion  to pass, a ll five perm anent members (U S , U S S R , C h ina , B r ita in , 
France) m ust vote yea and so m ust fo u r o f  the ten tem porary  members. 
The perm anent mem bers’ righ ts  o f  veto c lea rly  requ ire  th a t th e ir votes be 
d iffe ren tia ted . Several scholars have transla ted rules fo r th is  sort o f  d iffe r­
en tia tion  in to  weights in  a weighted vo ting  system .14 U n fo rtu n a te ly , the 
methods o f trans la tion  va ry  in  assumptions and therefore disagree in  re­
sults, sometimes w ild ly .15 I t  seems to me wise, therefore, not to try  to 
reduce a ll d iffe ren ta tion  to a m a tte r o f unequal weights. Since roles as 
w e ll as weights requ ire  th a t votes be d iffe ren tia ted , i t  is essential th a t the 
de fin ition  o f und ifferentiatedness capture the fac t tha t ne ither makes a 
difference.

To do so, I  in troduce the notion o f  a pe rm u ta tio n . L e t (1 , 2 , . . . .  n) 
be a sequentia l arrangem ent o f n objects. One can rearrange them  by 
rep lacing the firs t ob ject in the sequence w ith  another ob ject (in c lu d in g  
possibly itse lf) , the second ob ject w ith  another, and so fo rth  th rough  the 
n"' object. I f  we s ign ify  the replacem ent its e lf w ith  <r(i) where a indicates 
the replacem ent and the subscrip t indicates the ob ject replaced, a perm u­
ta tio n  o f (1, 2 , . . . .  n) is then a new arrangem ent: (<r(l), <r(2), . . . ,  <r(n)). For 
example, i f  the in it ia l arrangem ent is (1, 2, 3) and <r(l) =  2, <r(2) =  1, and 
<r(3) =  3, then the pe rm u ta tion  is (2 , 1, 3).

U ndifferentia tedness is the  cond ition  th a t any pe rm u ta tion  o f  a 
set o f ind iv idua l judgm ents leads to  the  same social cho ice.16 Th is  means 
th a t the votes cannot be d iffe ren tia ted  e ithe r in  w e igh t o r in the roles 
played by the voters because i f  judgm ents are rearranged among voters in  
any way the same outcom e is produced. Thus, fo r example, on a five- 
m em ber com m ittee, undifferentiatedness requires F ( l ,  0, — 1, 1, 1) =  
F ( — 1, 1, 1,0,  1). I f  we use sim ple m a jo r ity  ru le , F(Z>) =  1 fo r both these 
sequences.

3.D. Undifferentiatedness (Anonym ity) S3

U ndifferentia tedness provides the  techn ica l base fo r  an o n ym ity  bu t 
is not the  same th ing . Votes are und iffe ren tia ted , w h ile  voters are anony­
mous. Suppose in  some society und iffe ren tia ted  votes are bought and sold. 
Buyers do not care w h ich  votes they buy because votes are u n d iffe re n ti­
ated. Hence the purchase o f  k  in d iv id u a l judgm ents  in  one pe rm u ta tion  
produces the same outcom e as the purchase o f k  votes in  another perm u­
ta tion . Thus the  de fin ition  o f undifferentia tedness (w h ich  is also the usual 
de fin ition  o f anonym ity ) is satisfied. Nevertheless, in  th a t society voters 
cannot be anonymous because th e ir names are necessary fo r  enforcem ent 
o f  contracts.

Once votes are und iffe ren tia ted , however, i t  is possible to  detach 
names, and h is to rica lly  th is  is precisely w ha t happened. In  the  A n g lo - 
A m erican  tra d it io n , the content o f lega lly  und iffe ren tia ted  votes was, in  
the eighteenth and ea rly  n ineteenth centuries, recorded by the name o f 
the  voters in  po ll books. S ince th is  p ractice  was believed to  a d m it both 
co rrup tion  and coercion o f  voters, i t  g ra d u a lly  gave w ay to  p rin ted  ba llo ts. 
S ince the ba llo ts were produced and d is tr ib u te d  by p a rty  w orkers, they 
knew how voters voted, and co rru p tio n  and coercion were s t i l l  possible—  
and indeed widespread. F in a lly , the secret b a llo t, a la te -n ine teenth- 
cen tu ry  invention, e ffec tive ly  provided anonym ity . N o tice , however, th a t 
i t  was h is to rica lly  a necessary cond ition  o f a n onym ity  th a t votes be 
und iffe ren tia ted .

The same developm ent fro m  undifferentiatedness to a n onym ity  oc­
curred  in  a curious w ay in ancient A thens. As the selection o f o ffic ia ls  by 
he red ity  gave w ay to  election by lega lly  und iffe ren tia ted  voters, p o lit ica l 
leaders developed groups o f c lien ts whose votes they coerced. T w o  devices 
were then developed to p rovide anonym ity : M o s t o ffic ia ls  were selected by 
a lo tte ry , and the size o f  ju rie s , w h ich  decided m any p o lit ica l questions, 
was increased in  some cases to  sixteen hundred ju ro rs  whose votes were, 
presum ably, hard  to  supervise.

The m otive fo r  p rov id ing  a n onym ity  fo r persons w ho cast otherw ise 
und iffe ren tia ted  votes is a b e lie f in  the  e th ica l p rin c ip le  o f  equa lity , w h ich  
is especially a ttra c tive  to  leaders w ho have re la tive ly  few clients. Those 
who cast und iffe ren tia ted  votes m ay no t be equal, fo r the  operative p r in c i­
ple can be “ one im p o rta n t m an, m any (c lien ts ’ ) votes; one c lien t, no per­
sona lly  decided vote.”  A n o n y m ity  perm its  th is  ru le  to change to “ one 
m an, one vote,”  because a ll voters can then have an equal personal im pac t 
on the outcom e (assum ing m o n o to n ic ity ). H ence i t  is the idea l o f  equa lity  
th a t (m o ra lly ) jus tifies  anonym ity , and i t  is the  fac t o f  anonym ity  th a t 
adm its the p ractice  o f equa lity .

W he the r i t  is desirable to  impose undifferentia tedness and, fu rth e r, 
anonym ity  on a m ethod o f social choice depends on w hether one wants
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to  achieve e q u a lity  o f  in fluence on outcomes. In  business corporations, 
where, presum ably, in fluence on outcomes is rough ly  p ropo rtiona l to  ow n­
ership, ne ither a n onym ity  nor d iffe re n tia tio n  is desired. In  representative 
bodies, leg is la tors are expected to  be lega lly  und iffe ren tia ted  bu t not 
anonymous. C itizens need to  know  how th e ir representatives vote. F u r­
therm ore, in  the operation o f p a rty  governm ent, legal u n d iffe ren tia tion  is 
replaced- by de facto  extra  w e igh ting  o f p a rty  leaders by g iv ing  them  the 
w eights o f d isc ip lined  backbenchers. Thus, p a rty  governm ent requires 
th a t nonanonym ous leg is la tors have iden tifiab le  (nonanonym ous) votes; 
b u t in  o rde r to  guarantee e q u a lity  o f  representation, these iden tifiab le  
votes m ust be und iffe ren tia ted . O n the o ther hand, fo r popu lar elections o f 
governm ent o ffic ia ls i t  is usua lly  desired th a t voters be treated equally, 
and fo r th is , und iffe ren tia ted  votes m ust also be cast by anonymous 
persons.

To illu s tra te  the s ignificance o f undifferentiatedness fo r equality, 
I  w il l  conclude w ith  a com parison and contrast o f  a system intended 
to  prom ote inequa lity— the so-called dem and-revealing process th a t 
T idem an and T u llo ck  have recen tly  proposed to  extend to  o rd in a ry  elec­
tions .17 T h is  process was invented as a device to  m o tiva te  tru th fu l state­
ments o f the dem and fo r p u b lic  goods such as schools and arm ies. I t  
operates like  th is  when app lied  fo r m ore than tw o  voters on a b ina ry  
choice: Each voter, i,  o ffers to  pay money, m „  to  ob ta in  a preferred a lte r­
native, x  o r y . The am ounts fo r x  are summ ed over a ll w ho o ffe r to pay fo r 
x  in to  an S „  and s im ila r ly  fo r y  in to  an Sy. T he  a lte rna tive  w ith  the  largest 
sum  w ins. To m o tiva te  tru th fu lness, each person, j,  on the  w inn ing  side, 
say x , w ho offers to pay m ore than the m arg in  o f w inn ing— th a t is, when 
m, >  (Sx — Sy)— m ust pay a tax  o f the am ount o f  his o r her co n tr ib u tio n  
to  the v ic to ry  o f  x , w h ich  is [S , — (Sx — « ,.)], when th a t num ber is posi­
tive. T h is  ta x  is then destroyed. For example, suppose there are voters who 
o ffe r the  am ounts shown in  D isp lay  3-4.

Since Sx >  Sy, x  w ins. Person 2 m ust pay [Sj, — (Sx — m 2) ]  =  
10 — (15 — 12) =  $7, w h ich  is destroyed. (W ere the $7 given to  person 1 
and person 4 or used to  run  governm ent, the losers w ou ld  have a m otive 
to  b id  up to $14.99, w h ich  w ou ld  increase taxes on persons 2 and 3 
to  $14.98.) On the  o the r hand, since [S, — (Sx — m 3) ]  is negative (i.e., 
10 — (15 — 3) =  — 2), person 3 pays no tax  since x  w ou ld  w in  w ith o u t 
his o r her vote.

A  vo ter in  th is  process w ho offers m ore than his o r her true  va lu ­
a tion  on an a lte rna tive  m ay have to  pay a tax  h igher than his o r her true  
va lua tion . For example, i f  persons 1 and 4 each offered $8 to  m ake y  w in , 
they w ould each have to  pay a $7 tax, w h ich  is m ore than y  is re a lly  w o rth  
to  them . A  vo ter w ho offers less than his o r her true  va lua tion  risks losing.
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Tlie Demand-Revealing Process
for Two Alternatives

M oney O ffers, m „ fo r A lte rna tives  x  and y

X y

Person 1 — $ 5
Person 2 $12 —

Person 3 $ 3 —

Person 4 $ 5

T o ta l S’, - $15 Sy =  $10

In  e ither case, he or she is somewhat m otiva ted  to  te ll the exact tru th , i f  i t  
is know n .18

As T idem an and T u llo ck  po in t ou t, th is  process is like  s im ple m a jo r­
i ty  ru le  w ith  secret ba llo ts  in  th a t an absta iner gets w hat the h igher b id ­
ders w ant, except when the absta iner decides to  vote and can change the 
outcom e and thus get w ha t he or she wants. There  the s im ila r ity  o f proce­
dures ends, a lthough  they share the goal o f  t ru th fu l reve la tion. B y  tre a t­
ing  voters anonym ously, s im ple m a jo r ity  decision by secret b a llo t is in ­
tended to m in im ize  coercion and co rrup tion  and thus a llow  voters to 
express the ir true  preferences, a lthough they m ay m isrepresent th e ir p re f­
erences i f  they find  do ing so to  th e ir  advantage. D em and-reve la tion is also 
aimed a t revealing true  preferences, b u t i t  operates by trea ting  voters un­
equally and re q u irin g  p ub lic  reve la tion. The tw o  systems are thus a t log­
gerheads, and the d ifference between them  is the m o ra l va lue placed 
on equality.

I t  seems to  me th a t the dem and-revealing process prom otes inequa l­
ity  in  tw o  ways:

1. Since u tilit ie s  fo r money d iffe r and since there fore  m ore prosperous 
people (o the r than m isers) are m ore lik e ly  to  o ffe r la rge  am ounts than 
are less prosperous people, dem and-reve la tion c lea rly  gives an advan­
tage to  the be tte r-o ff. Indeed i t  m ig h t be described as a m ethod to  
make w ea lth  count fo r more.
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2. D em and-revelation adm its and encourages coercion because the w in ­
ners’ tax  depends on the size o f the losers’ bids, w h ich  are necessarily 
revealed. (A s  pointed out in  note 18, the tax  is zero when Sx >  Sy and, 
fo r  a ll /  who have x  f y ,  m,- >  Sy. S ure ly  th is is an in v ita tio n  to in t im i­
da tion  and coercion o f exactly  the sort th a t the secret b a llo t was in ­
tended to  m in im ize .)

The strength o f these forces tow ard  inequa lity  emphasizes by contrast ju s t 
how deeply und iffe ren tia ted  and anonymous vo ting  provides fo r  and is 
ju s tifie d  in  term s o f  the notion o f  equality. Observe th a t item  1 violates 
the c rite r io n  o f und iffe ren tia ted  votes and th a t item  2 violates the c rite ­
rio n  o f anonymous voters. T h is  jo in t  v io la tion  renders equa lity  impossible 
and thus reveals how equa lity  is b u ilt on the sequential layers o f und iffe r- 
entiatedness and anonym ity.

3.E. Properties of Simple 
Majority Decision.: Neutrality

The th ird  cond ition  o f s im ple m a jo r ity  decision is n e u tra lity  (or, as 
i t  is also know n, d u a lity ) ,  w h ich  means th a t the  m ethod does not favor 
e ithe r a lte rna tive . M a n y  decision rules give an advantage to  the status quo 
o r to  exped iting  m otions in  a com m ittee  (and there are often good reasons 
to  do so). By contrast, the cond ition  o f n e u tra lity , w h ich  seems especially 
app ropria te  fo r contests between candidates, provides th a t ne ither has an 
advantage.

One w ay o f cha rac te riz ing  th is  idea is to  note tha t, i f  ne ither a lte r­
native has an advantage, reversed preferences w il l  lead to a reversed re­
su lt. T h is  statem ent is not genera lly  true  o f ru les th a t favor one a lte rna ­
tive. For exam ple, under the tw o -th irds  ru le , where x  stands fo r the yea 
side, y  is advantaged because i t  can w in  w ith  no m ore than one -th ird  plus 
1 o f  the vote. Suppose y  does w in  m in im a lly  and then the in d iv id u a l 
judgm ents are reversed so th a t x  has one -th ird  plus 1 o f  the vote. S t i l l  y  
w ins. U nder s im ple m a jo r ity  ru le , however, i f  x  w ins m in im a lly  w ith  ju s t 
over h a lf o f the vote and preferences are reversed, y  w il l  have ju s t over 
h a lf  and w in .19

One im p o rta n t fea ture  o f n e u tra lity  is th a t decision rules em bodying 
th is  cond ition  ty p ic a lly  a llow  fo r  ties. C onsequently th is  cond ition  is inap­
p rop ria te  when decisions m ust be made. Decisive rules, w hich do not ad­
m it ties and are not neu tra l, have there fore  a ro le  in  social choice. H ere  
are some examples o f decisive rules:
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1. S im p le  m a jo r ity  decision w ith  a ru le  f o r  b reak ing  ties. O rd in a r ily , 
under s im ple m a jo r ity  ru le , ne ithe r side w ins i f  the sum o f  D , is zero. 
B u t i f  there is a ru le  to  p ick  a w inner, then th a t a lte rna tive  has an 
advantage and the procedure is no t neu tra l. H e re  are tw o  examples o f 
com m only used w inne r-p ick ing  rules (w ith  th e ir  ra tiona les, some o f 
w h ich  appear dubious):
a. In  a leg is la tu re , when yeas and nays tie , nays w in . (R a tiona le : In  

the absence o f  a clear m a jo rity , the status quo ough t no t be 
changed.)

b. O n an appellate cou rt, on a m otion  to  reverse a low er co u rt decision, 
a tie  sustains the  low er c o u rt decision. T h is  ru le  favors the  a lte rna ­
tive  chosen by the low er cou rt. (R a tiona le : In  the  absence o f  a 
m a jo r ity  to  reverse, a low er co u rt decision ough t to  stand.)

2. M in o r ity  decision ru les. By these rules, i f  any num ber la rge r than a 
m in o r ity  o f  specified size approves, a m o tion  passes; otherw ise not. 
T y p ic a lly  these rules are in tended to  expedite procedure o r to  p ro tect 
m inorities . Tw o examples:
a. T he  cons titu tiona l requ irem ent th a t in  Congress o n e -fifth  o f  a 

house m ay order the record ing  o f the  yeas and nays.
b. The  ru le  th a t fo u r judges o f the Suprem e C o u rt can g ran t c e r t io ra r i 

(i.e ., they can force the  C o u rt to  hear a case).

3. S pec ia l m a jo r ity  decision ru les. U nde r these rules, i f  a m o tion  receives 
a specified special m a jo rity , say tw o -th ird s , o f  the  votes cast (o r possi­
b le ), i t  w ins; o therw ise not. A n  exam ple o f a re la tive  special m a jo r ity  is 
the ru le  fo r cons titu tiona l am endm ents in  Congress, where the m o tion  
to  subm it an am endm ent to  the  states passes w ith  the assent o f  tw o- 
th irds  o f the  votes cast. A n  exam ple o f  an absolute  special m a jo r ity  is 
the  ru le  th a t th ree-fourths o f  a ll the states is necessary to  ra t ify  an 
am endm ent. The m otive  fo r such rules is not so m uch to  fo rce  decision 
as i t  is to  p ro tect m ino ritie s  by supporting  the status quo. A n  extrem e 
fo rm  is unan im ity , the fam ous lib ru m  veto o f  the Polish D ie t, where i f  
D  =  ( 1 , 1 , . . . ,  1), then F (D ) — 1; otherw ise F (D ) =  — 1. T h is  ru le  
protects a m in o r ity  o f  one.

O n the other hand, where a decision is not abso lute ly necessary and 
where there is no m in o r ity  to  p ro tect, i t  is o ften  desirable to  use rules th a t 
sa tis fy  neu tra lity . Some o f  these are:

1. The ju r y  ru le . As described in section 3.B , u n a n im ity  results e ithe r in  
conviction  or in acq u itta l; a tie  is a m is tr ia l. The w ide  range o f ties
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protects the defendant, and ow ing to  the  existence o f ties the ru le  is 
neutra l.

2. S im p le  abso lute  m a jo r ity  decision w ith  no tie -b reak ing  ru le . Th is  
m ethod requires th a t the  w inne r get m ore than h a lf o f the possible 
votes. I f  ne ither a lte rna tive  does, they tie . T h is  ru le  is o ften  used on 
com m ittees such as c ity  councils, to  elect a chairperson, and, as is well 
know n, there is o ften  a deadlock when some m em ber abstains.

3. R u les  f o r  m ore than tw o a lte rna tives. T h is  s itua tion  is not re levant to 
the m ain them e o f  th is  chapter, bu t i t  does perta in  to  the cond ition  o f 
ne u tra lity , w h ich  m ust be redefined fo r the cases o f three or more 
a lternatives. Instead o f req u irin g  a com plete reversal o f  preference o r­
ders, D „  i t  is enough to  requ ire  consistent perm uta tions o f the a lte rna­
tives in  them . Then, i f  the choice fro m  a p ro file  o f perm uted preference 
orders is the same as the pe rm u ta tion  o f the  choice fro m  the in it ia l 
p ro file , the ru le  is neu tra l.20 The rules discussed in  C hapter 2— p lu ra l­
ity , C ondorcet, Borda, and Bentham  rules— a ll sa tis fy  th is  neu tra lity . 
A lth o u g h  none o f  them  prevents ties, they do guarantee th a t no a lte r­
native has an advantage.

As can be seen fro m  these examples, n e u tra lity  is inappropria te  
when e ithe r decisiveness o r delay is desired. I t  is appropria te , however, 
when one w ants to  tre a t a lte rna tives as im p a rt ia lly  as possible. In  th is 
sense, n e u tra lity  is to  a lte rna tives w ha t undifferentiatedness is to  votes: a 
technica l base fo r equa lity . U nd ifferentia tedness requires th a t votes be 
treated equa lly ; n e u tra lity  requires th a t a lternatives be treated equally. 
Hence n e u tra lity  is especially appropria te  fo r choice between tw o candi­
dates, where, in  fac t, s im ple  m a jo r ity  decision is m a in ly  used, except when 
tie -b reak ing  is necessary.

3.F. Simple Majority Decision 
and Fairness

In  C hap te r 2, I  emphasized th a t d iffe ren t methods o f vo ting  could 
resu lt in  d iffe ren t social choices when applied to  the  same pro file  o f in d i­
v idua l preferences. I  concluded tha t, since a ll the methods appeared, su­
pe rfic ia lly , to  be fa ir, no social choice could be ju s tifie d  on the ground 
th a t i t  was fa ir ly  chosen b u t others were not. I f ,  fo r any choice th a t is 
supposedly fa ir  because i t  comes o u t o f  a fa ir  procedure, there is another 
choice fro m  another procedure th a t is fa ir  in  a d iffe re n t and con flic ting
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way, then i t  is d iff ic u lt to  ju s t ify  the fairness o f any choice. T w o  methods 
based on m u tu a lly  exclusive assumptions cannot both  be fa ir. S im p le  ma­
jo r ity  vo ting , w h ich  is said to  be fa ir  because i t  is und iffe ren tia ted , and 
dem and-revealing vo ting , w h ich  is said to  be fa ir  because i t  is no t u n d if­
fe ren tia ted , cannot both  be fa ir. Yet i f  there is no obvious w ay to  choose 
between them , i t  is hard to  say th a t e ithe r one is fa ir. The on ly  escape 
fro m  th is  re la tiv is tic , even n ih ilis t ic , conclusion is to  find  th a t some 
m ethod is un ique ly  the fa ires t and thus c lea rly  superior on m ora l grounds 
to  a ll others.

S im ple  m a jo r ity  decision between tw o  a lte rna tives is said to  be ju s t 
tha t. As revealed in  Kenneth  M a y ’s theorem  (see note 4 ), th is  m ethod o f 
decision is the  on ly  m ethod th a t s im u ltaneously satisfies the  c r ite r ia  o f 
m onoton ic ity , undifferentia tedness, and neu tra lity . A n d  since these three 
c r ite r ia  are sometimes though t to  be necessary (bo th  in d iv id u a lly  and 
together) fo r fairness, the unique m ethod o f decision th a t satisfies them  
a ll m ust be fa ire r than  o ther methods. Such are the  grounds fo r believing 
th a t s im ple m a jo r ity  vo ting  on b in a ry  a lte rna tives is indeed so superior a 
m ethod th a t the re la tiv is tic  conclusion o f C hap te r 2 is un justified .

I t  is indeed true  th a t s im ple  m a jo r ity  vo ting  is, on the grounds ju s t 
set fo rth , an a ttra c tive  m ethod o f social decision. B u t i t  is lim ite d  in  app li­
cation. I f  i t  could be used un iversa lly, then we m ig h t be ju s tifie d  in  con­
ceding its general superio rity . U n fo rtu n a te ly , i t  is p robab ly  extrem e ly  rare 
fo r b ina ry  a lternatives to occur n a tu ra lly  w ith o u t any hum an in te rven tion . 
Instead, society acquires b in a ry  a lternatives, w h ich  a llow  fo r a fa ir  proce­
dure, on ly  by reducing the size o f the set o f  a lte rna tives— a reduction  th a t 
is often (possib ly always) in  its e lf un fa ir.

I  w il l  conclude th is  chapter by exam in ing  th is  con trad ic tion  in  the 
concrete case o f dem ocra tic  vo ting . In  th is  case, however fa ir  s im ple  m a­
jo r ity  decision on b ina ry  a lte rna tives is in  the  abstract, i t  is u n fa ir  in  
practice because the in s titu tio n s  to  generate b in a ry  a lte rna tives are un­
fa ir, m a in ly  because they are no t neu tra l. The ins titu tions  give some a lte r­
natives advantages over others.

3.G. Democratic Tbougbt 
About Simple Majority Decision

S im ple  m a jo r ity  decision on b in a ry  a lte rna tives is consistent w ith  
the dem ocra tic  purposes o f vo ting  (by  reason o f strong m o n o to n ic ity ); i t  is 
fa ir  to  a ll voters (by reason o f und iffe ren tia tedness); and i t  is fa ir  to  a ll 
candidates (by  reason o f n e u tra lity ) . Consequently, i t  satisfies most o f
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w hat is expected fro m  dem ocratic  vo ting . N a tu ra lly , therefore, i t  has en­
tranced m any theorists o f  democracy, who have tr ie d  to  find  ways to  force 
the w o rld  to use it.

U n fo rtu n a te ly , there is no fa ir  w ay to  ensure th a t there w il l  be 
exactly  tw o a lternatives. U sua lly  the p o lit ica l w o rld  offers m any options, 
w h ich , fo r s im ple m a jo r ity  decision, m ust be reduced to  tw o. B u t usua lly  
also the w ay the reduction  occurs determ ines w hich tw o w il l  be decided 
between. There are m any methods to  reduce the m any to  tw o ; bu t, as has 
long been obvious to po litic ians, none o f these methods is p a rtic u la rly  fa ir  
because th e ir d iffe re n t e th ica l p rinc ip les cannot be e ffective ly  ordered 
and, worse s til l,  because a l l  methods can be rigged.

Consequently, a lthough  the no tion  o f achieving dem ocracy by s im ­
ple m a jo r ity  decision on b ina ry  a lte rna tives is a w ill-o ’ -the-w isp, there has 
been (or, better, was) a long academ ic tra d it io n  in the U n ite d  States 
about the notion o f  a “ responsible”  tw o -p a rty  system. The scholars in  th a t 
tra d it io n  d id  not use the language o f  social choice, b u t they were, I  be­
lieve, try in g  to realize s im ple m a jo r ity  decision as the regular, indeed 
only, m ethod o f  choice. I  th in k  they saw in  it ,  perhaps d im ly , exactly  the 
features o f  consistency and fairness th a t I  have described. In  th is  tra d i­
tion , w h ich  started w ith  W oodrow  W ilson  and reached its  zen ith  w ith  the 
report in  1950 o f the C om m ittee  on P o litica l Parties o f the A m erican  
P o litica l Science Associa tion , the  w rite rs  were perturbed by comprom ise 
and incoherence in A m erican  p o litics .21 T hey believed th a t responsible 
parties to generate clear b ina ry  choices w ould  resu lt in  na tiona l pub lic  
po licy  in  a na tiona l in terest. I  am  not sure w h ich  they though t was the 
engine o f  coherence— either b in a ry  choice its e lf or the  system o f tw o  re­
sponsible parties associated w ith  b in a ry  choice. W hichever way they saw 
it ,  they rea lly  were proponents o f s im ple m a jo r ity  decision.

U n fo rtu n a te ly , these w rite rs  were p ro found ly  w rong, la rge ly  be­
cause they d id  not know  the theory  o f vo ting  sum m arized in  th is  book. I f  
there were exactly  tw o a lte rna tives (i.e ., p a rty  p la tfo rm s), then the notion 
o f  responsible parties m ig h t make sense because such parties m ig h t c la r ify  
each a lte rna tive . (There  is good reason to  believe, however, th a t they 
w ould  do the exact opposite.) S ince there are a lways m ore than tw o a lte r­
natives, the most th a t responsible parties can do is select tw o  o f them —  
usua lly  in  an u n fa ir  way. So the dem ocra tic  advantage o f s im ple m a jo r ity  
decision is nonexistent.

M a n y  early  exponents o f  the tra d it io n  o f responsible parties were 
A ng loph iles who, like  W oodrow  W ilson and A . Law rence Low e ll, ad­
m ired  the pa rliam en ta ry  d isc ip line  in  B ritish  parties, where backbenchers 
usua lly  supported the leaders’ program s. They believed— doubtless m is­
taken ly— th a t these program s were in te rn a lly  consistent and sharp ly d if-
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fe ren t fro m  each o ther ( fo r  they  also th o u g h t i t  was a tw o -p a rty  system, 
despite the very obvious Ir is h ) . Consequently, they believed th a t B ritis h  
voters were a lways given a clear, p ro g ram m atic  choice in  elections. The 
them e o f  W ilso n ’s C ongressional Governm ent is th a t A m e rica n  parties in  
Congress lack a na tiona l p rog ram  and th a t loca l and tr iv ia l interests, 
voiced th rough  congressional com m ittees, dom inate  p o licy  outcomes. “ I t  
is ever the  l it t le  foxes,”  W ilson  quoted, “ th a t spoil the grapes.” 22 Lo w e ll, 
in  one o f the  firs t im p o rta n t accum ula tions o f  p o lit ic a l s ta tis tics , dem on­
stra ted th a t A m erican  parties were q u ite  und isc ip lined  in  com parison to  
the B r itis h .23

These themes persist. The  report o f  the  C om m ittee  on P o litica l Par­
ties was m otiva ted  in  good p a rt by  an an im os ity  tow ard  special interests: 
“ B y  themselves, the in te rest groups c a n n o t . . .  define . . .  po licy  dem ocra t­
ica lly . C oherent p ub lic  policies do no t emerge as the  m a them atica l resu lt 
o f  the c la im s o f a ll the  pressure groups”  (p. 19). Its  au thors ’ rem edy was a 
pa rty  system th a t w ou ld  be “ dem ocra tic , responsible, and effective,”  by 
w h ich  they m eant parties th a t “ are able to  b rin g  fo r th  program s to  w h ich  
they com m it themselves, . . . th a t . . . possess su ffic ien t in te rn a l cohesion 
to  ca rry  ou t these program s”  (pp. 1 7 -1 8 ). T h is  was th e ir idea l and th e ir  
argum ent:

W hen there are tw o pa rtie s  id e n tif ia b le  by the  k in d s  o f  ac tion  they p ro ­
pose, the voters have an a c tu a l choice. On the o th e r hand, the  s o rt o f  
oppos ition  presented by a c o a lit io n  th a t cu ts across p a r ty  lines, as a 
re g u la r th ing , tends to  deprive the p u b lic  o f  a m e a n in g fu l a lte rna tive . 
When such co a lit io n s  are fo rm e d  a fte r  the  e lections are over, the  p u b lic  
u su a lly  f in d s  i t  d if f ic u lt  to  understand the  new s itu a tio n  and to  reconcile  
i t  w ith  the  purpose  o f  the  b a llo t. M oreover, on th a t basis i t  is  nex t to  
im possib le  to  h o ld  e ith e r p a r ty  responsib le f o r  its  p o l it ic a l record . T h is  is  
a serious source o f  p u b lic  d iscontent [pp. 1 8 -1 9 ].

I t  is d iff ic u lt to  im agine m ore popu lis tic  enthusiasm  fo r discovering 
the people’s w il l  in  s im ple m a jo r ity  decision. B u t enthusiasm  fo r  th is  pa r­
t ic u la r nostrum  has waned. Just a t the tim e  o f  the  repo rt, Pendleton H e r ­
rin g  and D av id  T rum an  were rev iv ing  A r th u r  B en tley ’s p ic tu re  o f  pub lic  
po licy  as a vector o f  group in terests.24 A n d , soon a fte r, R obert D a h l re ­
p lied in  a sense to  the repo rt w ith  his in flu e n tia l descrip tion  o f  A m erican  
“ po lya rchy” :

The m a k in g  o f  governm enta l decisions [D a h l a rg u e d ] is no t a m a jes tic  
m arch o f  g rea t m a jo ritie s  u n ite d  upon ce rta in  m a tte rs  o f  basic p o licy . I t  
is  the steady appeasement o f  re la tiv e ly  s m a ll groups. Even when these 
groups add  up to  a n u m e rica l m a jo r ity  a t e lection  tim e  i t  is  u s u a lly  not
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use fu l to  construe th a t m a jo r ity  as m ore than an a r ith m e tic  expression 
. . . .  I t  is  the va rious components o f  the num erica l m a jo r ity  th a t have the 
means f o r  action .25

A s D ah l cast doub t on the  doctrine  o f responsible parties using a 
m ore or less induc tive ly  a rr ived -a t description o f A m erican  po litics, 
A n th o n y^D o w n s  presented a w ho lly  deductive a rgum ent th a t parties 
w ould not o ffe r those “ m ean ing fu l a lte rna tives”  fo r w h ich  the com m ittee 
had asked.26 Suppose there is a single issue d im ension, x , w h ich  m igh t, fo r 
example, concern the degree o f  governm ent regu la tion  o f the economy, 
where the le ft end represents a h igh  degree and the r ig h t end a low  degree. 
C itizens can be arranged along th a t dim ension according to  th e ir in d iv id ­
ual choices. The ho rizon ta l axis in  F igure  3-1 is such a d im ension, w ith  
po in t x , in d ica tin g  the value jud g m e n t o f a p a rtic u la r c itizen  on th a t issue. 
The position o f a ll c itizens is ind ica ted  by the curve in  F igure  3-1, w hich 
shows the num ber, / ( x ) — on the ve rtica l axis— o f citizens a t each po in t 
on the ho rizon ta l axis. Downs showed tha t, i f  the d is tr ib u tio n  / ( x )  was 
un im oda l, both  p o lit ica l parties w ou ld  adopt p la tfo rm s  near the m edian, 
x „ , w h ich  is the po in t on the ho rizon ta l axis fro m  w hich  a perpendicu lar 
line , p , erected pa ra lle l to  the  ve rtica l axis divides the d is tr ib u tio n  / ( x )  
exactly  in  half.

Downs’ a rgum ent is d is tressing ly sim ple: Suppose one p a rty  goes to 
the m edian w h ile  the  o ther goes to  x ,. T he  p a rty  a t x , gets the  votes to  the 
le ft  o f  x , and the votes to  the  r ig h t o f  x , b u t to  the  le ft o f the m idpo in t 
between x , and x m. C lea rly , therefore, the pa rty  a t x , loses and has every 
incentive to  get as close to x „  as i t  can. The same k ind  o f analysis applies 
to  parties to  the r ig h t o f x „ .  I f  both  parties move to  x m, they tie.

Downs presented his a rgum ent fo r the un im oda l case, bu t i t  applies 
to  any d is tr ib u tio n  in  one d im ension. Consequently, fa r fro m  p rov id ing  
“ m ean ing fu l a lte rna tives,”  parties should be expected to be as m uch a like  
as possible. Peter O rdeshook extended th is observation by a llow ing  fo r 
nonvoters and m ore than one d im ension w ith , however, several fa ir ly  
severe res tric tions .27 R icha rd  M cK e lvey, im posing fewer restrictions 
than Ordeshook, nevertheless showed th a t “ uncom m itted  c itizens”  near 
the m edian o f a m u ltid im ens iona l d is tr ib u tio n  have the most influence 
on p a rty  p la tfo rm s and th a t “ there is a tendency fo r candidates to move 
away fro m  th e ir strongest supporters”  at the extremes, a qu ite  counter­
in tu itiv e  resu lt.28

We w ill la te r observe th a t, in  the w ho lly  unrestric ted  case o f n 
dim ensions, the tendency tow ard  e q u ilib r iu m  a t the m edian does not 
survive— a fa c t discovered by M cK e lve y  h im self. S t i ll ,  the d rag o f in s ti­
tu tions  guarantees th a t, in  the short run , pa rty  positions w il l  converge
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Figure 3-1 D is tr ib u tio n  o f  c itizens in one d im ension.

to  a m edian, even though in  the long run  there m ay be considerable d i­
vergence. In  any event there is no theore tica l co m fo rt here fo r the  doctrine  
o f responsible parties. I f  Downs, Ordeshook, and M cK e lve y  are r ig h t, 
the theory th a t tw o parties, however “ responsible,”  w ould  give voters a 
clear choice between d is tin c t a lternatives is s im p ly  w rong. Furtherm ore , 
A m erican  experience in  the 1960s and 1970s has tarn ished somewhat the 
ideal o f  presidentia l leadership to create coherent parties. Perhaps fo r 
th is  reason, p o lit ica l parties themselves have ra p id ly  lost iden tifie rs  and 
loya lty . So the experien tia l ju s tif ic a tio n  fo r responsible parties has now 
also fa iled.

In  a sense, p o lit ica l science and p o lit ic a l events have passed the 
adherents o f “ responsible parties”  by. I t  m ay seem foo lish to  waste tim e  
now on the ir m istake o f expecting a clear b in a ry  choice. S ti ll ,  we can 
understand th e ir m istake a l it t le  be tter today. I t  is not s im p ly  an em p irica l 
m a tte r— as D ah l, fo r example, argued— th a t the A m erican  (o r any o ther) 
system does not w o rk  in  the neat w ay the W ilson ians wanted. M o re  im ­
po rtan t is the fact th a t w hat they wanted was its e lf m o ra lly  w rong from  a 
libe ra l dem ocratic  view, because to get b ina ry  choice one m ust enforce 
some method o f  reducing options. T h is  is precisely the coercion involved 
in  popu lis t libe rty . The popu lis t expectation o f a coherent p rogram  is not 
a tta inab le  by weaving together in d iv id u a l judgm ents, e ither fo r a sm all 
g roup or fo r a large nation. To a ttr ib u te  hum an coherence to  any group is 
an an th ropom orph ic  delusion. Worse, however, the populists expected to  
ca lc ify  po litics on th e ir  own issues, progressivism  or the N ew  Deal. T h a t is 
fundam en ta lly  un fa ir. W in n in g  po litic ians  are, o f course, happy to  s tick  
w ith  the issues on w h ich  they are w inn ing . Losing po litic ians  are not so 
entranced w ith  th a t fu tu re . The losers o f the last e lection become the 
w inners o f the next by changing issues, revealing new dim ensions o f 
choice, and uncovering covert values in  the electorate. To create and en-
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force coherent parties w ith  stable program s is to  foreclose th is  a rtis try . I t  
is the na ture o f po litics  th a t issues are in  continuous creation. N o  in s titu ­
tiona l device to force b ina ry  choice can stop th a t creation and, fu r th e r­
more, no device should stop it. Fairness to  losers and an in terest in  w hat 
losers create fo rb id  the im position  o f b ina ry  choice.

*  *  *

So I conclude: S im ple  m a jo rity  decision on b ina ry  a lternatives satisfies 
three fundam enta l c r ite r ia  o f  fairness and in  th a t sense seems superior to  
o ther methods. B u t i t  cannot be fa ir  in  a dem ocratic  sense because the 
im pos ition  o f b in a ry  a lternatives is its e lf un fa ir. Hence the re la tiv is tic  
conclusion o f C hap te r 2 s ti l l  stands.

4
Voting Methods with. Three 

or More Alternatives

S im ple  m a jo rity  decision on b in a ry  a lte rna tives requires some social em­
bod im ent o f  Procrustes, who chopped o ff  the legs o f  his guests to  f i t  them  
in to  the bed in  his inn . T he  num ber o f  a lte rna tives m ust be reduced to  
exactly  tw o, and th is  means th a t some a lte rna tives w o rth y  o f  consider­
a tion  m ust be excised. Furtherm ore , there  m ust be some Procrustean 
leader o r e lite  to  excise them . Even the apparently  unbiased m ethod o f 
reducing a lternatives by a series o f  b in a ry  elections requires th a t someone 
decide on the o rd e r o f  elections— and con tro l o f  the o rde r is o ften  enough 
to  con tro l the  outcom e, as we shall see. Thus, however dem ocra tic  s im ple 
m a jo r ity  decision in it ia l ly  appears to  be, i t  cannot in  fa c t be so. Indeed, i t  
is dem ocra tic  on ly  in  the very narrow  sense o f  sa tis fy ing  ce rta in  fo rm a l 
conditions. In  any la rge r sense, i t  is no t dem ocra tic  because its  su rround­
ing  ins titu tions  m ust be un fa ir.

I f  a vo ting  system is to  be rea lly  fa ir , m ore than  tw o  a lte rna tives 
m ust be allowed to  enter the  decision process; a decision m ethod m ust be 
able to  operate on three or m ore a lternatives. B u t here is a snag. M a n y  
decision methods can deal w ith  several a lte rna tives, b u t no one m ethod 
satisfies a ll the  conditions o f fairness th a t have been proposed as reason­
able and ju s t. Every m ethod satisfies some and violates others. U n fo r tu ­
nately, there are, so fa r as I  know, no deeper e th ica l systems nor any 
deeper axiom s fo r  decision th a t w ou ld  a llow  us to  judge  and choose am ong 
these conditions o f  fairness. Hence there  is no genera lly  convinc ing  w ay to 
show th a t one decision m ethod is t ru ly  be tte r than another.

So we are faced w ith  a d ilem m a. S im p le  m a jo r ity  decision between 
tw o  a lternatives, w h ile  na rrow ly  fa ir , is un a ttra c tive  because i t  requires 
u n fa ir  ins titu tions  to  operate it .  O n the o ther hand, no p a rtic u la r decision 
methods fo r  three or m ore a lte rna tives can be unequ ivoca lly  dem onstra ted 
to be fa ir  o r reasonable. The prob lem  is th a t we cannot prove th a t any

6S
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method tru ly  and fa ir ly  amalgam ates the  judgm ents o f  citizens s im ply 
because we do not know  w hat “ tru ly  and fa ir ly  am algam ates”  means.

C hapter 4 is devoted to  a dem onstra tion o f th a t proposition. I  have 
no deep preference fo r any m ethod o f decision, and I  am  not try in g  to 
prove th a t one is be tte r o r worse than another. I  w an t m ere ly to  show th a t 
the no tion  o f tru e  and fa ir  am algam ation  is ne ithe r obvious nor sim ple, 
w hich is w hy we cannot easily choose am ong the vo ting  methods discussed 
in C hap te r 2.

4.A. Some Preliminaries

Because no m ethod fo r decision am ong th ree  or m ore a lte rna tives is 
e n tire ly  sa tis factory, m any methods have been invented. D espite the  v a ri­
ety, they can be classified in to  three fam ilies , the  members o f w h ich  are 
enough a like  th a t th e ir  m erits  and deficiencies can be discussed together. 
I  ca ll the three fam ilies  (1 ) m a jo rita r ia n  methods, (2 ) positiona l methods, 
and (3 ) u ti l ita r ia n  methods. To begin the discussion I  w il l define the 
categories and o ffe r some examples.

A s  a p re lim in a ry , however, the vocabu lary m ust be revised and ex­
panded. T he  set, X , o f a lte rna tives now m ust have m >  2 members, 
X  =  ( 1 , 2 , ,n i ) ,  w h ich  w ill be re ferred  to  w ith  lower-case ita lic  letters, 
x , y, a, b, and so on. The re la tions, P, I ,  and R , rem ain  b ina ry  in  th a t they 
represent in d iv id u a l judgm ents  and votes between a p a ir o f a lternatives. 
B u t now i t  m ust be decided w hether they are also trans itive— namely, 
tha t, i f  x  R t y  and y  R , z, then x  R , z. (F o r s im p lic ity , I  w il l  w rite  x  y  z 
to  mean “ x  R , y, y  R t z, and x  R, z ,"  and x (y z )  to  mean “ x  Pt y , y  /, z, and 
x  Pt z .” ) M a n y  argum ents are offered fo r  and against in d iv id u a l tra n s it iv ­
i ty .1 I  w il l,  however, conven tiona lly  assume th a t P, R , and /  are trans itive , 
except when i t  is stated o therw ise fo r /  and R.

Furtherm ore , I  w il l  also assume tha t, fo r  a ll /  in  the set, TV, o f 
decision-m akers, some one o f these re la tions connects every pair, x  and y , 
in  X . T h is  means th a t D t, w h ich  is the in d iv id u a l ju d g m e n t on members o f 
X , is an o rde ring— th a t is, a tra n s itive  and com plete arrangem ent o f  X . By 
o rdering  is m eant th a t the position o f each a lte rna tive  in  a p a rticu la r 
arrangem ent is unam biguous. S ince X  is connected, th is  means tha t, fo r 
each x  and y  in  X , e ithe r x y , y x , o r (x y )  m ust be true  fo r each i in  TV; th a t 
is, D , is one o f {xy, y x ,  (x y )}- T h is  establishes an unam biguous order in 
every p a ir o f  a lternatives. S ince Z>, is trans itive , i f  i t  contains x  y  and y  z, 
then i t  m ust conta in  x z  (ra th e r than z x  o r (x  z )) , w h ich  establishes an 
unam biguous order in  every tr ia d  o f a lternatives. A n d  since triads can
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overlap (e.g., w  x y  and x y  z ), tra n s it iv ity  establishes an order over an X  
o f any fin ite  size.

The profile , D , w ill be a set o f  (n o t necessarily d iffe re n t) orderings, 
D it o f  X , fo r  each o f  n pa rtic ipan ts ; and D  w il l  be the set o f a ll possible 
profiles. F in a lly , the social choice, F , w il l  now be the resu lt o f  a decision 
ru le , g, opera ting  on a specified set, X , and a p a rtic u la r p ro file , D , o f 
judgm ents to  produce a choice: Fg(X , D ). N o tice  th a t now the set, X , fro m  
w hich the choice is taken w il l  cus tom arily  be specified because sometimes 
the discussion w il l  concern choices fro m  tw o  d iffe re n t sets, X  and X '.  
T yp ica lly , i f  the decision ru le , g, is c lear fro m  the  context, i t  w il l  no t be 
ind icated in the iden tifica tion  o f F.

For the tim e  being, except when expressly stated otherw ise, I  w il l 
also assume th a t a ll vo ting  is in  accordance w ith  preferences. Hence, i f  
x  P(y , person i votes fo r  x  over y ; and, i f  x  I , y ,  person « does not vote fo r 
e ithe r x  o r y .

4.B. Majoritarian Methods of Voting

M a jo r ita r ia n  systems are those in  w h ich  the princ ip les o f s im ple  
m a jo rity  vo ting  are extended to  three or m ore a lternatives. The ra tiona le  
is th a t m a jo rity  decision is fa ir  and reasonable in  its log ica l s truc tu re , and 
i t  is assumed th a t the  defect o f  l im it in g  a lternatives can be offset by ad­
m itt in g  a ll desired a lternatives. Th is  assum ption, however, is p ro found ly  
dubious, as we shall see in  the discussion o f pos itiona l vo ting  in  sec­
tio n  4.E.

The way o f extending the m ethod o f m a jo rity  decision fro m  tw o to 
m ore a lternatives is the so-called C ondorcet m ethod, in  w h ich  a w inner is 
defined as th a t a lte rna tive  w h ich  can beat a l l  others in  A" in  a s im ple 
m a jo r ity  vote. W hen X  has tw o members, th is  is m ere ly s im ple m a jo r ity  
decision. B u t when X  has m ore than tw o, th is  is the requ irem ent th a t the 
w inner beat m  — 1 others in  m  — 1 pa irw ise  decisions.

U n fo rtu n a te ly , there are m any s itua tions in  w h ich  the C ondorcet 
w inner is undefined s im p ly  because no a lte rna tive  can beat m  — 1 others. 
One extrem e example, in  D isp lay  4-1, is the so-called paradox o f  vo ting  
(see section l .H ) .  In  D isp lay  4-1 each a lte rna tive  beats one o ther and 
loses to  another. W h ich , i f  any, ough t to  w in?

A  m ore confusing exam ple is set fo r th  in  D isp lay 4-2. There, since 
w ties or beats x , y , and z, presum ably w ough t to  be am ong the  w inners. 
B u t w ha t o f  x  and y l  They tie  and so m ig h t reasonably w in  along w ith  
w, b u t a lthough  x  ties w, y  does not, so ju s t as reasonably on ly  >v and x
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Display 4-1

The Paradox of Voting

A ,: x y  z
Dy. y  z x
D y z x y

Number of Votes for the Alternative 
in the Row When Placed in Contest 

Against the Alternative in the Column

A  C ondorcet w inne r w ou ld  have a m a jo rity  (here at least 2) in  every 
cell (except the b lank one) in  a row, s ign ify ing  th a t the a lte rna tive  in  the 
row  beats a ll others. In  the paradox, no a lte rna tive  can beat a ll others, 
and so each row  has at least one cell w ith  less than a m a jo rity  (here, at 
most, 1).

m ig h t w in . In  the absence o f a C ondorcet w inner, problems like  these in ­
ev itab ly  arise.

D iffe re n t resolutions o f such problems resu lt in  d iffe ren t decision 
methods. Those called m a jo r ita r ia n  o r C ondorcet extensions have the 
comm on p roperty  th a t they select the C ondorcet w inner, i f  one exists; i f  
one does not exist, they provide fo r  some fu r th e r resolution. A l l  such rules 
depend on know ing w hether one a lte rna tive  beats another in  a s im ple 
m a jo r ity  vote. Thus I  define a soc ia l re la tion  o f  m a jo rity , M , so th a t x  M y  
means “ more people p re fe r x  to  y  than  p re fe r y  to  x .” 2 In  any event, to  use 
the  C ondorcet c rite r io n  and its extended rules, i t  is necessary, as a p ra c ti­
cal m atte r, e ithe r fo r  each vo te r to  report his o r her en tire  preference 
s tructu re , D „  o r fo r  the group to  hold a num ber o f ba llo tings, perhaps as 
m any as a round rob in , m (m  — l ) / 2 .
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Display 4-2

A Profile for Which the Choice 
of a Winner Is Not Clear

D y w y  x  z
D y x  w z y
D y y  zw> x
A,: x  k ’ y  z

Number of Votes for the Alternative 
in the Row When Placed in Contest 

Against the Alternative in the Column

w X y z

w — 2 3 3
X 2 — 2 3
y 1 2 — 3
Z 1 1 1 —

W h ile  w beats o r ties a ll others, x  and y  tie . O u g h t x  to w in?  I t  is 
true  tha t x  ties w ith  h>, the  a lte rna tive  th a t otherw ise beats a ll others. B u t 
x  ties y , w h ich  o therw ise loses. S hould  y  w in? Its  on ly  c la im  is a tie  w ith  
x , w hich in tu rn  ties w, w h ich  beats y .

4.C. Examples of Majoritarian Methods

There  are m any ru les th a t u til iz e  paired com parisons o f a lte rna tives 
to discover a C ondorcet w inner. I f  a C ondorcet w in n e r exists, then a ll 
these methods come o u t the  same way. I f  a C ondorce t w inne r does not 
exist, however, these rules ty p ic a lly  produce d iffe re n t results, no one o f 
w h ich , in  m y op in ion , seems m ore defensible than  another.

The Amendment Procedure

The on ly w ide ly used C ondorce t extension, the  goal o f the  am end­
m ent procedure is to  select the  C ondorcet w inner, i f  there is one, or, i f
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there is not, to  select the status quo. (H ence the procedure is not neutra l, 
since the status quo is favored.) I t  w orks as intended on three a lte rna ­
tives— (1 ) m otion , (2 ) am endm ent, (3 ) ne ithe r; bu t i t  does not ensure its 
objective fo r  m ore than three.

The actua l ru le  is: A lte rna tives  (m otions) are p u t fo rw ard  to  fo rm  
X , w h ich  always includes the im p lic it  m otion  to sustain the status quo. 
The w inner o f an identified  p a ir is chosen by sim ple m a jo rity  decision. 
T h a t w inner is placed against another iden tified  m otion  and a second 
w inner is chosen, and so fo r th  u n til a just-p revious w inner is placed 
against the status quo, and a fina l w inne r is chosen by s im ple m a jo rity . In  
the typ ica l A m erican  procedure, X  can a c tu a lly  have six members:

t. O rig in a l m otion

w. A m endm ent

x. Am endm ent to the am endm ent

y. S ubstitu te  am endm ent

z. A m endm ent to  substitu te  

s. S tatus quo

The  six are voted on by th is  ru le:

Step 1: z vs. y  

Step 2: x  vs. w

Step 3: S u rv ivo r o f step 1 vs. su rv ivo r o f  step 2 

Step 4: S u rv ivo r o f  step 3 vs. t 

S tep 5: S u rv ivo r o f  step 4 vs. s3

W ith  ju s t three a lternatives— m otion  (r), am endm ent (w ), and sta­
tus quo (s )— th is  procedure a c tu a lly  works as intended, fo r i t  discovers the 
C ondorcet w inner, i f  one exists, or, i f  none exists, i t  chooses the status 
quo. W ith  three a lternatives, th is procedure reduces to  tw o  steps:

Step 1: w vs. t

Step 2: S u rv ivo r o f step 1 vs. s

I f  a substantive m otion  (w  o r t)  w ins, i t  m ust beat both other a lternatives 
and is thus the C ondorcet w inner (see F igu re  4-1). Thus outcom e 1 means
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w w ins s w ins i w ins s w ins
Outcome
num ber 1 2  3 4

Figure 4-1 P a rlia m en ta ry  vo ting  on th ree  a lte rna tives.

w has beaten both t and s, and outcom e 3 means t has beaten h> and s. 
W hen outcomes 2 or 4 occur, i t  is no t clear w hether s is the  C ondorcet 
w inner o r s im p ly  the tie-breaker. O utcom e 4, fo r example, could be 
reached from  e ither p ro file  D  or p ro file  D ' o f D isp lay 4-3.

In  p ro file  D , s beats both substantive a lternatives and is the C on­
dorcet w inner. In  p ro file  D ', no a lte rna tive  can beat both  others; so, by the 
non-neutra l ru le , s is chosen. The fa ilu re  in  th is case to  reveal w hether D  
o r D ' exists is irre levan t because, by the procedure, s is intended to  w in  in  
e ithe r case. I t  m ig h t be argued th a t s ough t not w in  in  D ' because, i f  w 
had not been e lim ina ted by t, then w w ould  have beaten s and shou ld  in 
fa c t do so. S till,  the assum ption in  the procedure is tha t, since w loses to  t, 
i t  is be tte r to  do no th ing  than to  adopt w. For th a t reason, the  procedure is 
designed to  m ake s w in .

The fa c t th a t the am endm ent procedure embodies a reasonable ex­
tension o f the C ondorcet c rite r io n  to  three a lternatives is w hat, in  m y 
op in ion , has made it  genera lly  acceptable. Nevertheless, when X  has fou r 
o r more members, th is procedure is q u ite  a rb itra ry  and m ay select a 
substantive m otion  th a t fa ils  the C ondorcet test, even one th a t is un­
an im ously believed in fe rio r to  a rejected m otion. Thus, fo r m otion  (r ) , 
am endm ent (w ), am endm ent to the am endm ent ( * ) ,  substitu te  am end­
m ent (y ) ,  and status quo (s), a p ro file  like  th a t in  D isp lay 4-4 m ig h t 
occur.4

In  th is  p ro file , x  (the  in it ia l ly  re jected am endm ent) is unan im ously  
preferred to  t (the  o rig in a l and w inn ing  m o tion ). C le a rly  here the proce-
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Display 4-3

Alternate Profiles Leading to a Victory 
for tlie Status Quo Under tlie Amendment 

Procedure w itli Only One Amendment

D
(w ith  a C ondorcet w inne r)

Z)|, D 2. s t  w
D 3i D y t  s w
D y w  s t

Number of Votes for the Alternative 
in the Row When Placed in Contest 

Against the Alternative in the Column

s t w

s — 3 4 (C ondorcet w inner)
t 2 — 4
w 1 1 —

A lte rn a tive  s is the C ondorcet w inne r in  p ro file  D.

D '
(w ith o u t a C ondorcet w inner)

D 't, D '2: 
D '3:
D \ :
D 'y

t  W S 
S t W 
S W t 
W S t
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Number of Votes for the Alternative 
in the Row When Placed in Contest 

Against the Alternative in the Column

s t w

s — 3 2
t 2 — 3
w 3 2 —

There  is no C ondorcet w inner, and s w ins by d e fa u lt in  p ro file  D '.

dure fa ils  to  achieve the  in tended goal o f  id e n tify in g  and selecting a clear- 
cu t w inner.

The Successive Procedure

T h e  successive procedure is the  analogue fo r e lecting candidates o f 
the am endm ent procedure fo r selecting m otions, b u t i t  is neu tra l since a ll 
candidates m ay lose. I t  guarantees the choice o f  the  candidate w ith  an 
absolute m a jo rity , i f  one exists; b u t i t  does not choose a t a l l  when there is 
no C ondorcet w inner, and i t  m ay even re ject a C ondorcet w inner.

T he  set X  is composed o f nom inated candidates, w ho are voted upon 
in d iv id u a lly  in  some specified order u n t i l  one w ins or the lis t is exhausted. 
I f  a t the end no w inne r has been selected, the procedure is abandoned or 
repeated. A t  each stage the procedure in  e ffect divides the a lte rna tive  
candidates in to  tw o sets, the s ing le ton {x} and the rem a inder (X  — {x }), 
and places them  against each other. Each vo ter then decides how to vote 
by th is  ru le : I f  i  prefers x  to  a ll o ther members o f  X , then i  votes yes on 
{x}; b u t i f  / prefers some y  in  X , where y  ¥= x , then i  votes no on {x}— in  
effect choosing (X  — {x }) over {x}. I f  {x} w ins, x  m ust, by d e fin ition , be 
able to beat a l l  o f  the others sim ultaneously. Even a C ondorcet w inne r 
can lose, as in  the exam ple in  D isp lay  4-5, where the a lte rna tive  x  is the 
C ondorcet w inne r b u t the singleton set {x} w il l  lose to (X  — {x }). I f  there  
is no w inner, th is  ru le  has no m ethod o f reso lu tion among nominees, 
a lthough  in practice  i t  p robab ly  o ften  influences voters to  reorder th e ir  
preferences to ob ta in  a w inner.
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Display 4-4

A Profile in W liicli a Losing Alternative 
Is Unanimously Preferred 

to the Winning Alternative

D

£>,: w x t y s
D 2: y w x t s
Z>3: s x  t  y w

Number of Votes for the Alternative 
in the Row When Placed in Contest 

Against the Alternative in the Column

S t X y

s — 1 l 1 l
t 2 — 2 0 2
w 2 1 — 2 1
X 2 3 1 — 2
y 2 1 2 1 —

Amendment Procedure by Which t Wins 
Although All Voters Prefer i  to t

Step 1: x  vs. w; w  wins 

S tep 2: w vs. y ; y  wins 

S tep 3: y  vs. t ; t w ins 

S tep 4: t vs. s; t w ins

Runoff Elections

R u n o ff elections com bine p lu ra lity  decision (a pos itiona l m ethod to 
be discussed in  section 4 .E ) w ith  s im ple m a jo r ity  decision in  a two-stage 
process. A lth o u g h  the  in te n t is p robab ly  to  ensure a C ondorcet w inner.
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Display 4-5

A Profile in  Which the Condorcet Winner 
Loses Under the Successive Procedure

Z>,: w x y z
D 2: y x w z
D 3 : z x y  w

Number of Votes for the Alternative 
in the Row When Placed in Contest 

Against the Alternative in the Column

w x  y  z

w  —  1 1 2
x  2 —  2 2 (C ondorce t w inne r)
y  2 1 —  2
z 1 1 1  —

A lth o u g h  x  is the C ondorcet w inner, in  a contest between the single- 
ton set lx }  and the set { X  — lx } ) ,  lx }  loses, w h ich  means, o f course, th a t 
x  loses.

Contest

{x} =  x  vs. ( X  — lx } )  =  >v, y , z

Voters N one 1, 2, 3

ru n o ff elections m ay fa i l  to  do so. T yp ica lly , pos itiona l methods do not 
satis fy  the C ondorcet c r ite r io n , and in  th is  com b ina tion  the p lu ra lity  fea­
tu re  introduces v io la tions o f  it .  The  ru le  is: W hen X  conta ins th ree  or 
m ore members, choose th a t a lte rna tive  w h ich  receives m ore than h a lf  o f 
the to ta l vote. I f  none do, then hold a ru n o ff e lection between the  tw o 
a lternatives w ith  the largest num bers o f votes, decid ing  between them  by 
sim ple m a jo rity .
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T h a t th is  m ethod can fa i l  to  sa tis fy  the C ondorcet c r ite r io n  is easily 
seen in D isp lay  4-6. A lth o u g h  x  w ins, z has a s im ple m a jo r ity  over x  and 
y , and z is the C ondorce t w inner. Furtherm ore , as S m ith  has proved (see 
section 3.C and C hapte r 3, note 10), th is  m ethod is no t necessarily m ono­
ton ic  because a lte rna tives are e lim ina ted . A n  example o f the  fa ilu re  o f 
ru n o ff elections to  sa tis fy  m o no ton ic ity  is seen in  D isp lay 4-7, where an 
increase fro m  D ' to  D  in  support fo r  a lte rna tive  x  results in  its  defeat in  D  
even though i t  had won in  D '. T he  reason is th a t the weakening o f w 
changes the ru n o ff fro m  “ x  vs. w ”  in  D ' to  “ x  vs. y ”  in  D  and, in  both  D ' 
and D , x  loses to  y .

There  are o ther C ondorce t extensions, a few  o f w h ich  I  w il l  discuss 
in  the fo llo w in g  paragraphs. They have no t been w ide ly  used, i f  a t a ll, and 
are o f in te rest because they show the  d iff ic u lty  o f  defin ing  w inners when 
no C ondorcet w inne r exists. There is no good reason, in  m y op in ion , fo r 
p re fe rring  one to  another, ye t they can lead to  d iffe ren t outcomes (see 
note 8).

The Copeland Rule

The Copeland ru le  is based on the no tion  th a t those a lternatives 
ought to  be selected th a t w in  re la tive ly  most frequen tly  in  sim ple m a jo rity  
contests w ith  a ll o ther a lternatives. The ru le  is: Select th a t a lte rna tive , x , 
w ith  the largest C opeland index, c (x ) , w h ich  is the num ber o f tim es x  
beats o ther a lte rna tives less the  num ber o f  tim es x  loses to  o ther a lte rna­
tives.5 O f  course, i f  there is a C ondorcet w inner, c (x ) =  m  — 1; i f  not, 
there m ay be ties.6

The Schwartz Rule

I f  no a lte rna tive  beats a ll others, then some a lternatives are in  a 
cycle: x  M  y  M  z M  x . The “ to p ”  cycle  is one th a t e ithe r extends over the 
w hole set X , or, i f  no t, each a lte rna tive  in  the  top  cycle beats a ll a lte rna­
tives no t in  it .  The goal o f  the S chw artz  ru le  is to  select the top  cycle, 
w h ich  is a unique a lte rna tive  i f  a C ondorcet w inne r exists, bu t m ay be 
most o r a ll o f  the a lternatives otherw ise.7

The Kemeny Rule

The goal o f  the Kem eny ru le  is to  find  a pe rm u ta tion , P , o f  the 
members o f  X  th a t is “ closest”  to  a ll the  D , in  D . A  pe rm u ta tion  o f A ' is a 
trans itive  o rdering  o f  X  and consists o f ordered pairs, so th a t i f  x y  is in  P, 
then y x  cannot be. Thus, fo r X  =  (x , y , z ), one pe rm u ta tion  is zxy  or the
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Display 4-6

A Profile in  Which the Condorcet Winner 
Loses Under the Runoff Procedure

D u D 2: x z y
D 3, D a: y z x
Z>5: z x y

Plurality Stage

F irs t-p lace  votes: 

x : 2

y : 2

z: 1

The a lte rna tive  w ith  the  fewest firs t-p lace  votes, z, is e lim ina ted .

Majority Stage 

C ontest

X  vs. y
Votes 3 2

A lte rn a tiv e  x ,  supported by voters 1, 2, and 5, w ins. Nevertheless, z 
is the  C ondorcet w inner.

Number of Votes for the Alternative 
in the Row When Placed in Contest 

Against the Alternative in the Column

x  y  z

x  —  3 2
y  2 —  2
z 3 3 —  (C ondorce t w in n e r)
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Display 4-7

Why Runoff Elections Do Not Satisfy 
the Criterion of Monotonicity

D '

D \, D '2: w x y  z
D \, />;: w y  x  z
D's, D'6, D'7, D't : x  w y  z
D 9, D \0, D'u : y  z x w

D 'u ’ D '\y z w  y  x

D

D „  D 2: x  w y  z
D 3, Z>4: w y  x  z
^ 5* ^6> , D s: x  w y  z

D ]0, y  z x w
D\i-> D \y z w y x

Profile D'

P lu ra lity  stage, firs t-p lace  votes:

w: 4 

r :  4 

y : 3 

z: 2

T he  a lternatives w ith  the  fewest firs t-p lace  votes, y  and z, are e lim ina ted. 

M a jo r ity  stage:

Contest

w  vs. X

Votes 6 7

A lte rn a tiv e  x , supported by voters 5, 6 , 7, 8 , 9, 10, and 11, wins.

Profile D

P rofile  D  d iffe rs  fro m  P ro file  D ' on ly  in  th a t voters 1 and 2 have 
raised x  fro m  second place to  firs t place and lowered w  to  second place.
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P lu ra lity  stage, firs t-p lace  votes:

w: 2 

r :  6 

y : 3 

z: 2

The alternatives w ith  the fewest firs t-p lace  votes, w  and z, are e lim ina ted . 

M a jo r ity  stage:

Contest

X  vs. y

Votes 6 1

A lte rn a tive  y , supported by voters 3, 4, 9, 10, 11, 12, and 13, w ins. Thus 
an increase in  support o f  x  in  D  as against D ' b rough t about the defeat o f 
x  in  D  even though x  had won in  D '.

pairs zx, zy, xy . To find  the “ closest”  pe rm u ta tion  to  Z>, the ru le  is: For 
each P, sum the num ber o f  ordered pairs in  a ll the Z>, o f  D  th a t a re  the 
same as pairs in  P. There is a set P *  o f  those P  w ith  the largest sum o f 
ordered pairs in  D  and the w inner(s) are those a lte rna tive (s ) stand ing firs t 
in  the perm uta tions in  P * .

A lth o u g h  the de ta il o f  th is  extrem ely com plica ted  ca lcu la tion  is not 
in  its e lf im p o rta n t, an exam ple ( illu s tra tin g , perhaps, the desperation o f 
theorists to  discover an adequate C ondorcet extension) is set fo r th  in  
D isp lay 4-8, where the ordered pairs in  the six possible perm uta tions o f 
the members o f X  are checked against the ordered pairs in  the D, o f  D . 
The pairs in  P6 are found  m ore frequen tly  in  D  than are the  pa irs o f any 
o ther perm uta tion . Hence, P *  =  P6; and z, w h ich  is firs t in  P6, is the 
Kem eny w inner. N o tice  th a t, i f  a C oncorcet w inne r exists, i t  w il l  be cho­
sen; b u t i f  one does not exist, there is s t i l l  lik e ly  to  be a un ique w inner. 
A lth o u g h  the Kem eny ru le  is based on a clever and defensible idea, the
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Calculation of the Kemeny Winner

D P

A  = z y  x P,: x y z P4: y z x
D 2: y  z x P2- x z y P5: z x y

-A : x  z y P3: y x z P6: z y x

Comparison of Ordered Pairs in  D , and P, to P(

Pi- x y z P2: x z y

Pairs in  P, Pairs in  D Pairs in  P2 Pairs in  D

D , D 2 D 3 A  D 2 D 3

x y 0 0 1 x z 0 0 1
x z 0 0 1 x y 0 0 1
yz 0 1 0 zy 1 0 1

T ota l 0 +  1 +  2 =  3 T o ta l 1 +  0 +  3 =  4

P}: y x z P4: y z x

Pairs in  P3 Pairs in  D Pairs in  P4 Pairs in  D

A  D 2 D 3 A  A  A
y x 1 1 0 yz 0 1 0
yz 0 1 0 y x 1 1 0
x z 0 0 1 ZX 1 1 0

T ota l 1 +  2 +  1 =  4 T ota l 2 +  3 +  0 =  5

P5: z x y P6: z y x

Pairs in  P5 Pairs in  D Pairs in  P6 Pairs in  D

D , A  A A  A  A
zx 1 1 0 zy 1 0 1
zy 1 0 1 z x 1 1 0
x y 0 0 1 y x 1 1 0

T o ta l 2 +  1 +  2 =  5 T ota l 3 +  2 +  1 =  6

Since the pa irs in  P6 are found  m ore frequen tly  in  D  than the  pairs o f 
any o ther pe rm u ta tion , the  Kem eny w inner is z, w h ich  is the a lte rna tive  
ordered firs t in  P6.
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Kem eny w inner, m ay not be the  same one chosen by C opeland’s ru le  o r by 
S chw artz ’s ru le , w h ich  are also based on clever and defensible ideas.8

Conclusions

Tw o features stand o u t in  th is  survey o f m a jo rita r ia n  rules. F irs t, 
m a jo r ity  choice over three o r m ore a lternatives, though not easy to  oper­
ate, usua lly  has a clear m eaning when a C ondorcet w inne r exists. Second, 
when a C ondorcet w inner does not exist, the rules a c tu a lly  used to p ick  a 
w inner m ay in fac t p ick  w ha t m any w ou ld  regard as a loser, and there is 
no consensus on w hat ough t to  be regarded as the  w inner.

One can therefore say th a t, i f  the C ondorcet c rite r io n  is no t satis­
fied, m a jo rita r ia n  decision is on ly  p a rt ia lly  adequate fro m  a p rac tica l 
po in t o f  view. I t  can p ick  w inners, b u t they need not be unique. From  a 
theore tica l po in t o f view, m a jo rita r ia n  decision is even worse because i t  is 
hard to  define and, fu rthe rm ore , the several de fin itions  do no t necessarily 
lead to the same w inne r fro m  the  same pro file .

4.D. Positional Methods of Voting

T he  fac t th a t m a jo rita r ia n  m ethods are c lea rly  defined when a 
C ondorcet w inne r exists does no t w in  un iversa l approva l fo r them . As I 
m entioned a t the  beginn ing o f section 4 .B , m a jo r ita r ia n  methods assume 
th a t the defect in  s im ple m a jo r ity  decision o f  l im it in g  a lte rna tives can be 
cured by the easy so lu tion  o f  a d m itt in g  m ore o f  them . B u t the  rem edy 
creates a new disease. One is the d iff ic u lty , ju s t discussed, o f s ta ting  an 
adequate ru le  when a C ondorcet w inne r is undefined. T h is  is, however, 
on ly  the firs t and sim plest d iffic u lty . A  m ore p ro found one is th a t m a jo r i­
ta r ia n  methods use on ly  in fo rm a tio n  about b in a ry  re la tions in  the  social 
pro file , D , even though, once X  is expanded to  m ore than  tw o  mem bers, 
m uch m ore in fo rm a tio n  exists— namely, the position  o f each a lte rna tive  
in  the  in d iv id u a l orderings, D „  o f  D .

Positional methods are in tended to  resolve th is  m ore pro found  d if f i­
c u lty  by ta k in g  some o r a ll o f  the in fo rm a tio n  about w hole  in d iv id u a l 
orderings in to  account. These methods inc lude  (1 ) p lu ra lity  vo ting  (w h ich  
uses on ly  in fo rm a tio n  about firs t places), (2 ) approval vo ting  (w h ich  uses 
in fo rm a tio n  about a va riab le  num ber o f  places), and (3 ) scoring functions 
such as the Borda count, w h ich  uses in fo rm a tio n  about a ll places. The 
Borda count— the most system atic o f  the three pos itiona l m ethods— has
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each in d iv id u a l assign m  — 1 po in ts to  her o r his firs t-p lace  a lte rna tive , 
m — 2 points to  the  second-place a lte rna tive , and so on, to  zero po in ts to 
the m th-place ( th a t is, las t) a lte rna tive . The Borda score fo r an a lte rna tive  
is the  sum o f points given i t  by  the n voters. The Borda w inner, then, is the 
a lte rna tive  w ith  the h ighest Borda score.9

The m ain a rgum ent fo r  the pos itiona l approach is th a t i t  uses some 
o r a ll o f  th e  in fo rm a tio n  added by expanding X  and thus expanding the Z>, 
fro m  pa ired com parisons to  orderings o f  three or m ore a lternatives. Th is  
added in fo rm a tio n  makes a great d ifference. In  an especially in te resting  
example, Peter F ishburn  points to  the fo llo w in g  pa ir o f  s ituations fo r 
X  =  (x , y , a , b, c) and five  vo ters:10

D: By b in a ry  m a jo r ity  decision: x M y M a M b M c

D '\ x  has: 2 firs t-p lace  votes y  has 2 firs t-p lace  votes
1 second-place vote 2 second-place votes
1 fou rth -p lace  vote 1 th ird -p lace  vote
1 fifth -p la ce  vote

A s F ishburn  rem arks, a lthough  one m ig h t reasonably choose x  to  w in  in  D  
and y  to  w in  in  D ' (since, in  D ' , y  has the  same num ber o f  firs t-p lace  votes 
and m ore second- and th ird -p la ce  votes), the in te resting  fac t is th a t i t  is 
possible th a t D  =  D ', as shown in  D isp lay  4-9.

C le a rly  the k ind  o f  in fo rm a tio n  used makes a difference. Paired 
comparisons lead to  the choice o f  x , and positiona l comparisons lead to 
the choice o f  y. F urtherm ore , as C ondorcet h im se lf poin ted out, the con­
f l ic t  is p ro found and does not depend a t a ll on the p a rticu la r m ethod o f 
num bering  positions.11 One can generalize the Borda m ethod in to  a scor­
ing system to  count re la tive  positions w ith o u t using points a t a ll— thereby 
im p lic it ly  revealing the ju s tifica tio n  fo r positiona l methods: For each a l­
te rna tive , x , determ ine a score s(;c), by coun ting  the  num ber o f  tim es x  
precedes y , z , . . .  in  a ll o f the  D t o f  D  and then sub trac ting  the  num ber o f 
tim es x  succeeds y , z , . . . .  The a lte rna tive  w ith  the highest score wins, 
w h ich  means the  w inne r m ost frequen tly  stands ahead o f others in  the 
w hole p ro file .12 For the exam ple ju s t given, s(j>) = 1 2 ,  j( x )  =  4, j ( a )  =  
—4, s (b ) =  — 6, j (c ) =  —6 .13 S ince th is  is a count o f positions (no t 
po in ts), i t  fo llow s th a t y  w il l  beat x  fo r  any system th a t uses data on the 
en tire  profile .

Dodgson invented an excellent exam ple, set fo r th  in  D isp lay 4-10, to 
po in t up  the e th ica l co n flic t between m a jo rita r ia n  and positiona l m eth­
ods.14 There are 11 voters. A lth o u g h  b is c lea rly  the  C ondorcet w inner, in 
some sense a has an excellent c la im  because
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Display 4-9

A Profile in  W liicli the Borda Winner 
Seems Appropriate Even Though a 

Different Condorcet Winner Exists

D  =  D '

Z>,: x y  a b c

A= y  a c b x

A= c x  y  a b
D<: x y  b c a
D 5: y b  a x  c

Majoritarian Decision: Number of Votes 
for the Alternative in the Row 
When Placed in Contest Against 
the Alternative in the Column

x  y  a b c

x  —  3 3 3 3 (C ondorce t w inne r)
y  2 —  5 4 4
a 2 0 —  3 3
b 2 1 2  —  3
c 2 1 2  2 —

Borda Count: Number of Points 
for Alternatives in Rows, 

Preference Orders in Columns

A A A A A T o ta l

X 4 0 3 4 1 12
y 3 4 2 3 4 16
a 2 3 1 0 2 8
b 1 1 0 2 3 7
c 0 2 4 1 0 7

(B orda  w inne r)
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Display 4-10

A Profile in  Which the Condorcet Winner 
Has a Majority of First-Place Votes While 

a Different Borda Winner Has a Much 
Higher Score Than the Condorcet Winner

D

A »  A " b a c d
^4» ^5» ^6* b a d e
•^7* ^8» ^9* a c d  b

A o , A i * a d c b

Majoritarian Decision: Number of Votes 
for the Alternative in the Row 
When Placed in Contest Against 
the Alternative in the Column

a b e d

a —  5 11 11
b 6 —  6 6 (C ondorce t w inne r)
c 0 5 — 6
d  0 5 5 —

Borda Count: Number of Points 
for Alternatives in Rows, 

Preference Orders in Columns

A A A A A A A A , A Ao A . T ota l

a 2 2 2 2 2 2 3 3 3 3 3 27 (B orda w inne r)
b 3 3 3 3 3 3 0 0 0 0 0 18
c 1 1 1 0 0 0 2 2 2 1 1 11
d 0 0 0 1 1 1 1 1 1 2 2 10
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a has 5 firs t-p lace  votes b has 6 firs t-p lace  votes
6 second-place votes 5 fo u rth - ( la s t-) p lace votes

Everybody w ho likes b be tte r than a nevertheless likes a second-best, 
w h ile  everybody w ho likes a be tte r than  b puts b a t the bo ttom  o f  the lis t. 
A cco rd ing ly , a w ins by  a d ra m a tic  m arg in  under the  B orda count.

4.E. Examples of Positional Methods

I  do no t in tend  a t th is  p o in t to  render a m ora l ju d g m e n t on the 
re la tive  m erits  o f  m a jo rita r ia n  and positiona l methods. I  w ish now m ere ly  
to observe th a t the  use o f one ra th e r than the  o the r makes a great d iffe r­
ence in  outcomes. Furthe rm ore , because the k in d  o f  pos itiona l vo tin g  one 
uses also makes a g rea t d ifference, I  w il l  describe three k inds b rie fly .

Plurality Voting

In  cons titu tiona l s truc tu re , the  p lu ra lity  m ethod is close to  s im ple 
m a jo r ity  decision. B o th  requ ire  s ing le-m em ber d is tr ic ts  o r un ique  o u t­
comes, and w h ich  one occurs is de term ined by  the  num ber o f  candidates 
o r a lte rna tives p u t fo rw a rd . I f  there are on ly  tw o , then s im ple m a jo r ity  
decision occurs; i f  m ore than tw o, p lu ra lity  occurs. P lu r a li ty  means select­
ing  the a lte rna tive  w ith  the m ost votes (w h ich  m ay o r m ay n o t be a 
m a jo r ity  o f  the  votes cast). T h is  m ethod o f  vo ting  thus in  e ffect selects the 
a lte rna tive  most fre q u e n tly  placed firs t in  voters’ preference orders. N a tu ­
ra lly , th is  need no t be a C ondorcet w inne r and p robab ly  o ften  is no t. For 
example, in  D isp lay  4-11, x  is the  p lu ra lity  w inner, y  is the  C ondorce t 
w inner, and x  loses to  a l l  o the r candidates in  a m a jo r ity  decision. E lec­
tions in  w h ich  som ething lik e  th is  m ay have occurred are the  p residentia l 
e lection o f  1912 and the  N e w  Y o rk  senatoria l e lection o f  1970, fo r  w h ich  
I  have guessed a t voters’ orderings, as depicted in  D isplays 4-12 and 4-13.

T h is  fea tu re  o f  p lu ra lity  vo ting  appears illo g ica l and inadequate to  
m any social choice theorists. In  te rm s o f a p a rtic u la r e lection, i t  m ay lead 
to  an undesirable choice. In  term s o f a series o f e lections, however, i t  has 
the effect o f  encouraging po litic ians  to  o ffe r exactly  tw o  candidates, thus 
achieving sim ple m a jo r ity  decision w ith o u t the  unfa irness invo lved in  the  
no tion  o f  m o n o lith ic  “ responsible”  parties. The m otive  is, as in  the forego­
ing  cases, th a t supporters o f  the  losers ( y  and z in  D isp la y  4-11, T a ft and
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Display 4-11

A Profile in  Which the Plurality Winner 
Loses to A ll Other Alternatives 

Under Majority Decision

D

Z>„ D 2, Z>3, Z>4: x y z
D 5, D 6„ D n: y z x
As. D 9: z y x

Plurality Winner

N u m b e r o f F irs t-P lace  Votes 

x  4 (P lu ra lity  w inne r)
y  3
z 2

Majoritarian Decision: Number of Votes 
for the Alternative in the Row 

When Placed in Contest Against 
the Alternative in the Column

x y z  

x  —  4 4
y  5 —  7 (C ondorcet w inner)
z 5 2 —

N o tice  th a t x  loses to bo th  y  and z.
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Display 4-12

Possible Profiles 
of the 1912 Presidential Election

F irst-p lace  votes
Possible orderings by voters 
w ith  given firs t-p lace  votes

42% W ilson 
27% Roosevelt 
24% T a ft 

7% O thers

W ilson , Roosevelt, T a ft 
Roosevelt, T a ft, W ilson  
T a ft, Roosevelt, W ilson

The p lu ra lity  w inne r is W ilson .

Majoritarian Decision: Percent of Votes 
for the Alternative in the Row 

When Placed in Contest Against 
the Alternative in the Column

W ilson  Roosevelt T a ft

W ilson —  42% 42%
Roosevelt 51% — 69% (C ondorce t w inner)
T a ft 51% 24% —

Display 4-13

Possible Profiles of the 
1970 New York Senatorial Election

F irst-p lace  votes
Possible o rdering  by voters 
w ith  given firs t-p lace  votes

39% Buckley (C on.) 
37% O ttin g e r (D em .) 
24% G oodell (R ep.)

Buckley, O ttin g e r, G oodell 
O ttinge r, G oodell, Buckley 
G oodell, O ttinge r, B uckley

The p lu ra lity  w inner is Buckley.
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D i s p l a y  4 -1 3  (C o n tinued )

Majoritarian Decision: Percent of Votes 
for the Alternative in the Row 
When Placed in Contest Against 
the Alternative in the Column

Buckley O ttin g e r G oodell

Buckley — 39% 39%
O ttin g e r 61% — 76%
G oodell 61% 24% —

(C ondorce t w inne r)

Roosevelt in  D isp lay  4-12, and O ttin g e r and G oodell in  D isp lay 4-13) like  
the w inne r least o f  a ll, and they know  th a t th e ir  fa ilu re  to  com prom ise is 
the prox im ate  cause o f the w inne r’s success. In  the next e lection, there­
fo re , they w ant to  com prom ise, and th is  is w ha t produces a tw o-candidate 
election.

In  the instances c ited, th is  is precisely w ha t happened. A fte r  1912, 
Progressives re turned to  the R epublican fo ld . A f te r  the 1970 election, 
where m any Republicans could not vote fo r  th e ir second choice, O ttinge r, 
because they believed h im  qu ite  incom petent, the D em ocrats com pro­
mised by o ffe ring  an obviously in te llig e n t candidate, M o yn ih a n , and ob­
ta ined thereby m uch m oderate R epublican support against Buckley, w ho 
ran in  1976 as a R epublican. Thus p lu ra lity  vo ting , w h ile  o ften  defective 
in  single elections, is p robab ly the m ain  force m a in ta in ing  over tim e  the 
sim ple m a jo r ity  decision th a t most people regard as desirab le .ls

A p p r o v a l  V o t i n g

A pp rova l vo ting  perm its  the voter to  cast one vote fo r as m any 
candidates as she o r he chooses, and the candidate w ith  the most votes 
w ins. Th is  m ethod is used, so fa r  as I  know, on ly  fo r honorary societies, 
b u t i t  has recently  been proposed fo r  na tiona l p rim aries and elections.16

I t  is an essentia lly positiona l o r po in t-coun t system, where one po in t 
is given fo r  each o f the j  places, j  <  m , in  the preference ordering , Z>„ fo r 
w h ich  i  chooses to vote. So approva l vo ting  is somewhere between p lu ra l-

4.E. Examples of Positional Methods 89

i ty  vo ting  and the Borda count. A s a pos itiona l system, approva l vo ting  
can lead to  the defeat o f  the C ondorce t w inner. Indeed, i t  can lead to  the 
defeat o f  a candidate w ith  a large absolute m a jo rity . I f  a ll voters decide to  
cast tw o  approval votes— one fo r each o f the firs t tw o  positions, as in  
D isp lay  4-14— then y  w ins, though x  is the C ondorce t w inner.

Display 4-14

A Comparison of Approval Voting 
and Majoritarian Voting

D

D \- D ix: x y z
D 62- D tx: y x z
D S2—D x0l: z y x

Approval Voting, Assuming Each Voter 
Votes for Two Alternatives

F irs t-p lace  votes Second-place votes T o ta l

x  61 20 81
y 20 81 101 (A p p ro va l w inne r)
Z 20 0 20

Majoritarian Decision: Number of Votes 
for the Alternative in the Row 
When Placed in Contest Against 
the Alternative in the Column

x y z

x  —  61 81 (C ondorce t w inne r)
y  40 —  81
z 20 20 —
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The reason approval voting is urged as a replacement fo r the p lura l­
ity  method is tha t i t  would probably select the Condorcet w inner in cases 
like  those o f 1912 and 1970, where supporters o f the losers rate the w in­
ners last. Furthermore, in presidential primaries i t  would probably en­
courage the selection o f moderates, because party members o f a ll beliefs 
would be like ly  to vote fo r the moderates. S till, its dynamic effect would 
probably be to increase the number o f candidates offered (especially in 
prim aries), so tha t simple m ajority  decision would almost never occur.

The motive would be tha t supporters o f a m inority  candidate m ight 
believe tha t they could collect enough second-, th ird -, —  , j lh place votes 
to w in. In primaries, this dynamic fractionalization would simply sp lit up 
the parties. But in  elections the effect would probably be worse: The force 
in the p lu ra lity  system toward simple m ajority  decision m ight be dis­
sipated. I t  does seem myopic to abandon a system dynam ically moving 
toward two-candidate choice and to accept one kind o f fa ilu re  to choose 
a Condorcet w inner (namely, permanent m ultiparty ism  or m u ltifac tion ­
alism ), simply to avoid another kind o f fa ilu re  (occasional p lu ra lity  
winners).

The Borda Count

The Borda count is, as noted in section 4.D, a simple version o f 
scoring methods— that is, o f ascertaining the order o f alternatives based 
on the net number o f positions o f precedence. I t  is im portant not to th ink 
o f the Borda score as some kind o f u t i l i ty  function.17 Just because a voter 
places x  firs t among five (4 points) does not mean he or she likes x  twice 
as much as y  in  th ird  place (2 points). The points are simply a device to 
count “ aheadness.” This defin ition o f w inning in terms o f aheadness is 
what renders the Borda count especially a ttractive  for many people. I t  is 
also, however, what renders i t  especially vulnerable to strange and para­
doxical results when the number o f alternatives (and hence o f positions) is 
varied. In  such circumstances, there are problems w ith  a ll voting systems, 
but the Borda count seems particu la rly  prone to such distortions. For 
example. Fish burn has shown the possibility o f these bizarre results:18

1. I f  the ordering induced on X  by the Borda count is y  a b c, and i f  y  is 
then removed from  X ,  the ordering on ( X  — {y}) can then be reversed 
to c b a, as in  D isplay 4-15.

2. The inverse o f this paradox is: I f  the ordering on X  is a b c y ,  then the 
ordering on ( X  — {y}) can be c b a.

3. Suppose y  is the Borda w inner in X .  I t  may be that, fo r a ll the possible 
proper subsets o f X  containing y  and at least one other alternative, y  is
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the Borda winner in only one subset. (A  proper s.ubset is a subset that 
does not include a ll members o f the set.) So, i f  X  has, say, m  =  6 
alternatives, there are (2m " 1 — 2) =  30 proper subsets containing y  
and at least one other alternative, and it  is possible that y  loses in  29 o f 
them and s till wins in X .

The im p lic it justifica tion o f the Borda count is tha t positional in fo r­
mation should be considered. These perversities, however, suggest that the 
method is quite sensitive to the number o f positions, and that fact casts 
some doubt on the justifica tion.

Finally, there is a practical d ifficu lty  w ith  the Borda method, one it 
shares w ith  Condorcet extensions such as Kemeny’s. That d ifficu lty  is the 
onerous task o f collecting complete preference orders, £>,, from  a ll i  in  N . 
For more than three alternatives, many voters find ordering d ifficu lt.

Conclusions

Positional methods are sensitive to the positions used. Indeed, i t  is 
possible that w ith  exactly the same profile, D , p lu ra lity  voting w ill pro­
duce one winner, approval voting another, and the Borda count yet 
another. This is perhaps as it  should be, because each involves adding 
some positional inform ation; but i t  also suggests tha t the outcome is as 
much dependent on the method o f counting votes as i t  is on the voters’ 
judgments. In  Display 4-16 is an example where D  is constant, X  =  
(a , b, c, d ), and n =  13; the winners are

P lura lity :

Approval:

Approval:

Borda:

a

b, where each voter votes fo r two candidates

c, where each voter votes fo r three candidates 

d

Incidentally, there is no Condorcet winner; but the Copeland winners are 
a and d; the Schwartz winners are a, b, c, d; and the Kemeny winners are 
b and d.

In  Display 4-16, w ith  jus t one profile o f preferences, there are four 
d ifferent social choices from  four methods o f aggregation. Furthermore, 
these methods are not w ild ly  different. They are a ll based on the notion o f 
aheadness, which is im p lic it in positional methods. The inescapable in fer­
ence is that social choice depends as much on methods o f aggregation 
(tha t is, on social institutions) as i t  does on ind ividual values and tastes.
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Display 4-15

A Paradox with tlie Borda Count

Let X  =  (y , a, b, c).

D  on X

D u D 2: y  c b  a
D 2, D a: a y  c b
D it D 6: b a y  c
A : y  c b  a

Borda Count for D on X: Number of Points 
for Alternatives in Rows, 

Preference Orders in Columns

D , d 2 D 3 D , D , D i Total

y 3 3 2 2 1 1 3 15
a 0 0 3 3 2 2 0 10
b 1 1 0 0 3 3 1 9
c 2 2 1 1 0 0 2 8

The ordering induced on X  by the Borda count is y  a b c. 

Let (X  — {y}) =  {a, b, c}.

D  on { X  — {y})

D |, D 2: c b a
A .  D a: a c  b
D s, D 6: b a c
Dy. c b a
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Borda Count for D  on (X — {y)>: 

Number of Points for 
Alternatives in Rows, 

Preference Orders in Columns

A d 2 d 3 D t D , D 6 d 2 Total

a 0 0 2 2 1 1 0 6
b l 1 0 0 2 2 1 7
c 2 2 1 1 0 0 2 8

The ordering induced on ( X  — {y}) by the Borda count is c b a.

Display 4-16

A Profile of Four Alternatives 
in Which Four Positional Methods 
Each Lead to a Different Winner

D

D\y &2-> ^ 3» ^ 4* a d  c b
D y b a d e
D t , A" b a c d

^9* D l0: c b d  a

Ai> D\2: d  b c a
A ,: d  c b a

Plurality Method

N um ber o f First-Place Votes

a 4 (P lu ra lity  w inner)
b 3
c 3
d  3
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D i s p l a y  4 -16  (C on tinued )

Approval Voting 
Assuming Each Voter Casts Two Votes

First-place votes Second-place votes Total votes

a 
b 
c 
d

4
3
3
3

3 
5 
1
4

8 (W inner)
4
7

Approval Voting Assuming 
Each Voter Casts Three Votes

First-place Second-place Third-place Total
votes votes votes votes

a 4 3 0 7
b 3 5 1 9
c 3 1 8 12 (W inner)
d 3 4 4 11

Borda Count: Number of Points 
for Alternatives in Rows, 

Preference Orders in Columns

D , D< Ds d 6 D , D t d 9 D>o D n D » Total

a 3 3 3 3 2 2 2 0 0 0 0 0 0 18
b 0 0 0 0 3 3 3 2 2 2 2 2 1 20
c 1 1 1 1 0 1 1 3 3 3 1 1 2 19
d 2 2 2 2 1 0 0 1 1 1 3 3 3 21 (Borda winner)
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4.F. Utilitarian Methods of.Voting

M ajorita rian  methods base decision on how many times x  is ahead 
o f one other alternative. Positional methods base decision on how many 
times x  is ahead o f a ll other alternatives. N e ither bases decision on voters’ 
d irect valuation o f alternatives, although positional methods are some­
times mistakenly so interpreted. M any writers, however, have argued that 
the intensity o f judgm ent or d irect valuation ough t to be incorporated into 
the decision.19 The voting method should reveal not only that x  is ahead o f 
y , but by how  m uch. Methods that attem pt this are here called u t i l ita r ia n  
because they involve the construction and summation o f u tility  numbers.

U til ity  is a measure on preference. Given two objects, x  and y  (such 
as yea and nay votes), and an ind ividual choice o f x  over y  (which is a 
judgm ent o f preference), the act o f choice reveals to an observer tha t the 
chooser likes x  better than y . But nothing in the act itse lf reveals how 
m uch  better. The task o f measurement is to state “ how much”  on some 
scale or another. Distances on the scale are u tilities  and as such are a 
measure on preference.

U n til recently, most social scientists were reluctant to use notions o f 
cardinal u tility  because a ll methods o f measurement seemed arb itrary. In 
the last generation, however, the Von Neum ann-M orgenstern method has 
come to be accepted, and proposals for u tilita ria n  voting depend, at least 
theoretically and conceptually, on the existence o f this method.20

The theme o f the Von Neum ann-M orgenstern method is that the 
outside observer can, by conducting an experiment, arrive at an exact, 
external, cardinal measure o f the chooser’s ordinal preference. The proto­
col o f the experiment is:

1. O ffer the subject three or more alternatives and obtain a transitive and 
complete ordering (e.g., x  R , w R , . .  . R , z).

2. For three alternatives, the most and least preferred and the one in 
between (say, x , y , and z), give the most preferred, x , a u tility , u (x )  o f 
some maximum, «max (e.g., let u (x )  = 1 ) ;  and s im ila rly  for the least 
preferred, z, give some m inim um , «min (e.g., let w(z) =  0). This gener­
ates a scale from  zero to 1 on which y  must be located.

3. O ffer the subject a choice between two alternatives.
a. The lo ttery alternative: Using some chance mechanism, the sub­

ject receives x  w ith  probability  p  and z w ith  p robability  (1 — p ). 
Here p  is an ordinary probability  number, 0 <  p  <  1 and p +  
(1 — p )  =  1. The expected u t ility  o f this gamble is: p  u (x )  -f- 
(1 -  p )  «(z).
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b. The certain alternative: The subject receives y  fo r certain.
O f course, the subject’s choice w ill be affected by the value o f p . I f  p  is 
large (i.e., close to 1), then the expected value o f the lo ttery is large; 
which means that, when the chance mechanism is operated, the subject 
is like ly  to receive the most-preferred alternative. Hence he or she is 
like ly  to choose alternative a (the lo ttery alternative). If, however, p  is 
small (i?e., close to zero), then the expected value o f the lo ttery is low, 
which means that the subject is like ly  to receive the least-preferred 
alternative. Hence he or she is like ly  to choose b, (the certain alterna­
tive), which assures the receipt o f the medium alternative.

4. O ffer the subject these choices repeatedly, beginning w ith  p  suffi­
ciently high that he or she chooses the lottery. Repeat, lowering p  
systematically, u n til the subject cannot decide between alternatives a 
and b. This indecision is interpreted as meaning tha t the expected 
u tility  o f the lo ttery is exactly equal to the u t ility  o f the certain alterna­
tive, which thus generates a value fo r u (y ) .  Tha t is

p  u (x )  +  (1 -  p )  «(z) =  u {y )

Recall tha t u (z ) =  0, so the equation reduces to

p  u (x )  =  u (y )

And since u (x )  =  1,

u (y )  =  p

5. For other alternatives besides y ,  repeat using u (x )  =  1 and u (z ) =  0.

This experimental procedure is an externalized analogue o f what 
people probably go through— in a casual, private, unformalized way—  
when they decide whether to  take a risk, fo r example, whether to buy 
insurance at a particu la r price. Hence i t  assumes jus t about what is as­
sumed in the notion o f risks. Specifically, to produce cardinal u tilities  by 
this experiment, the fo llow ing axioms must be assumed to be true: 1

1. T ra n s itiv ity  and  completeness. The relations o f preference and in d if­
ference are transitive and complete over the set o f alternatives, X , and 
x  P ,y  fo r at least one pair, x  and y .

2. A x io m  o f  A rch im edes. There is a probability  number, p , and a lottery, 
L (p ) ,  based on p , such tha t the chooser is indifferent between the
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u tility  o f the lo ttery and the u t ili ty  o f an alternative y  tha t is neither 
best nor worst.

Le t the chooser order the alternatives from  best to worst, say, 
x , . . . ,  z, so tha t the m axim um  u tility , uma%, is the u t ili ty  o f x , u (x ) , 
and the m in im um  u tility , umin, is the u tility  o f z, u (z ). Then

u L  (p )  =  p  umax +  (1 -  p ) umi„

Then the axiom is that

u {y )  I , u L  ( p )

3. C on tinu ity . As p  varies from  zero to 1, u L  (p ) varies from  «min to ttm„ .

4. S u b s titu ta b ility . A n  alternative y  can be replaced by its equivalent 
lottery, L  (p ) ,  as identified by the axiom o f Archimedes (axiom  2).

I t  is apparent that axioms 1 ,3 ,  and 4 are simply technical conve­
niences fo r the experiment, though axiom 1 does impose the substantive 
lim ita tion  that X  consist o f comparable things. A x iom  1 is necessary to 
ju s tify  the subject’s in itia l ordering in the experiment. Ax iom  3 is a con­
ventional continu ity axiom to ju s tify  the use o f p . A x iom  4 is necessary to 
ju s tify  the lo ttery procedure. The main substantive assumption is, there­
fore, axiom 2, which is often expressed b lun tly  as “ Everything has a 
price.”

Does everything, or rather every risk, have a price? People do indeed 
price trad ing risks, and the experiment externalizes the in terna l risk­
pricing mechanism. Consequently, card inal u t i l i ty  is quite  usable in  eco­
nomic theory. But what about po litica l theory? I t  seems to me tha t many 
alternatives outside the economic sphere are unpriceable or, more accu­
rately, incommensurate in value w ith  other alternatives. Doubtless i t  is 
easy to measure some po litica l values such as how much someone would 
prefer more police officers to  more trash collectors or how much one 
would prefer lower taxes to either or both. B u t i t  is probably impossible to 
measure how much one prefers more national sovereignty to less national 
wealth, or vice versa. M any persons m ight find such tradeoffs incalculable 
simply because in the ir judgments independence (or wealth) must firs t be 
achieved before the other can be considered at a ll. I f  so, the goals are 
incommensurate, and there is no tradeoff and no price. So one can make 
ordinal, but not cardinal, comparisons.

Nevertheless, several kinds o f voting w ith  card inal u tilities  have 
been proposed.
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4.G. Examples of Utilitarian Methods

The common theme o f the fo llow ing methods is that the supposed 
intensity o f each voter’s preference is included in  the social summation. 
The differences among them are m ainly to remedy technical defects, no 
one o f which is as serious as the misguided attem pt to measure incommen- 
surables?

Summation of Cardinal Utility

Apparently, Bentham considered the summation o f cardinal u t ility  
as a decision process, even evidently using money as a measure.21 I t  is now 
well understood, as i t  was not in Bentham’s day, that the relation between 
money and the u t ili ty  o f money is not linear (tha t is, one may want a 
second dollar over a firs t fa r more than one wants a m illion th  over a 
999,999th). Hence, today Bentham m ight opt fo r Von N eum ann- 
Morgenstern u t ility  rather than fo r money; but the notion o f summation 
o f some kind o f cardinal u t ility  is fundamental to his idea o f m axim izing 
social happiness by choosing the alternative w ith  the largest sum.22

Demand-Revealing Methods

These methods o f decision, described in section 3.D, can be extended 
easily to three or more alternatives.23 They are a summation method 
w ith  the added feature o f (pa rtia lly ) encouraging a true revelation o f 
judgment.

Multiplication of Utilities

This method consists o f measuring a ll persons’ u tilities, using as the 
orig in  some status quo point, and, for each alternative, m ultip ly ing  voters’ 
u tilities  fo r it, selecting the alternative w ith  the largest product.24 The 
rationale fo r using the maxim um  product rather than the maximum sum 
is that the form er satisfies an axiom o f consistency in choosing from  a set 
and its subsets. (See section 5.F.)

Conclusions

U tilita r ia n  methods are neither m ajorita rian nor positional. Because 
they base decision on intensity, not on numbers, they can easily select 
alternatives not favored by a m ajority, even when a Condorcet winner 
exists. Simultaneously, they can fa il any one o f the positional tests by
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selecting alternatives not more frequently standing ahead o f others in  D. 
One reason some people reject u tilita ria n  methods is that the emphasis on 
intensity m ight lead people to exaggerate the ir desires sim ply to make 
them count fo r more. Demand-revealing methods tend to squelch that 
maneuver, but they do not otherwise change the nonm ajoritarian, non- 
positional character o f the u tilita ria n  decision process.

4.H. Criteria for Judging 
Voting Methods

I t  is clear from  the foregoing survey that m ajorita rian, positional, 
and u tilita ria n  methods o f voting lead to d ifferent social results, often 
s trik ing ly  different, from  the same underlying ind iv idua l judgments. I t  
seems natural to wonder, therefore, i f  there is any way to discrim inate 
among this plethora o f devices and to discover a way to amalgamate jud g ­
ments fa ir ly  and tru ly . There are many crite ria  for d iscrim ination, and I 
w ill discuss some here. W hether they lead to the discovery o f a fa ir and 
true method I  leave to the reader’s judgm ent— though my own belief is 
that they do not.

I  w ill begin by showing how the properties o f simple m a jo rity  deci­
sion discussed in  Chapter 3— undifferentiatedness (anonym ity), neutra l­
ity, and m onotonicity— can be generalized to accommodate three or more 
alternatives. Those three crite ria  are, in  some sense, elementary require­
ments o f fairness and consistency, and most o f the voting methods dis­
cussed in  this chapter satisfy most o f them. I  w ill then introduce three 
deeper requirements o f fairness, which embody some o f the m oral require­
ments raised in this chapter.

Undifferentiatedness

I f  the choice from  D  is x , and i f  the ind ividual orderings are 
reassigned among voters to fo rm  £>', the social choice in  D ' remains x . 
Since permuting the preference orders does not change the outcome, it  
follows that the identity o f voters has no effect on the social choice, which 
is exactly what undifferentiatedness should mean.25

Neutrality

I f  a social profile yields a choice x , and i f  the elements o f X  are 
permuted, thereby creating a new profile, then the choice from  the new
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profile is the permutation o f x . Since a rearrangement o f alternatives 
leads to a corresponding rearrangement o f outcomes, i t  follows tha t no 
alternative has a favored position in the voting system, which is exactly 
what neutra lity  should mean.26

Monotonicity

I f  a profile changes because some person raises the valuation o f x  
relative to other alternatives, then, i f  x  was o rig ina lly  the social choice, it  
remains so. Conversely, i f  a person lowers the valuation o f an x  tha t was 
not orig ina lly  the social choice, i t  does not become so. This means tha t a 
higher judgm ent on a w inning alternative cannot make i t  lose; nor can a 
lower judgm ent on a loser make i t  w in.27

A  sim ilar generalization applies to unanim ity, as an im plication 
from  monotonicity. For unanim ity, corresponding to the weak unanim ity 
o f equation (N 3 .6 ), if, fo r some alternative, y , a ll persons prefer some 
other alternative(s) to it, then y  cannot be the social choice. This means 
that an alternative unanimously beaten by one or more others cannot 
w in.28

The Condorcet Criterion

According to the first “ deeper”  requirement o f fairness and consis­
tency, the Condorcet criterion, i f  an alternative beats (or ties) a ll others in 
pairwise contests, then i t  ought to w in.29 This notion is closely related to 
the notion o f equality and “ one man, one vote,”  in  the sense that, when an 
alternative opposed by a m ajority  wins, quite clearly the votes o f some 
people are not being counted the same as other people’s votes.

Consistency

The consistency requirement concerns the way votes are taken from  
the electorate. I f  the electorate is divided in to  two parts fo r election pur­
poses and i f  one alternative is chosen in both parts, then i t  ought to be 
chosen in the whole.30

That this requirement contains a fundamental kind o f fairness 
seems obvious. I f  a w inner is a true winner, subdividing the electorate 
ought not to make it  a loser. I f  consistency fa ils to hold, therefore, manip­
ulation is rendered easy. Suppose x  wins in the whole electorate and the 
voting method fa ils to satisfy consistency. Then opponents o f x  have 
merely to set up two appropriately chosen subelectorates, define the w in­
ner as that alternative which wins in both, and thereby make y  win.

4.1. Judgments on Voting Methods 101

Independence from Irrelevant Alternatives

The independence crite rion  requires that a method o f decision give 
the same result every tim e  from  the same profile o f o rd ina l preferences.31 
This too seems a fundamental requirement o f consistency and fairness to 
prevent the rigging o f elections and the unequal treatm ent o f voters; bu t i t  
has nevertheless been seriously disputed.32

4.1. Judgments on Voting Methods

Do the methods described in  th is chapter satisfy the crite ria  jus t 
listed? The answer is unequivocally negative. I  w ill dispose first o f what 
seem obvious (and, in  some cases, m inor) violations, so tha t I  can then 
discuss the main (and mostly serious) violations by each method o f voting.

Minor Violations of Fairness

M onotonicity is satisfied by a ll the voting methods except runoff 
elections. { A l l  e lim ination procedures can violate m onotonicity and are 
thus h igh ly suspect.) A l l  methods here discussed except the Schwartz rule 
satisfy unanim ity. The Schwartz ru le  fa ils  sim ply because, when there is 
an all-inclusive cycle, i t  includes a ll alternatives, even those unanimously 
dominated.33

The neutra lity criterion is satisfied by a ll but the amendment proce­
dure, and i t  is precisely this v io la tion tha t allows the procedure to  work 
reasonably well on three alternatives— although the vio la tion does not 
help on more alternatives.

Except fo r the v io la tion o f neutra lity, the foregoing are indeed seri­
ous; but there are even more significant violations, to which I  now turn .

N o  one o f the three categories o f voting methods satisfies a ll 
criteria :

M a jo rita rian  methods violate the consistency criterion.

Positional methods violate the Condorcet crite rion ; moreover, the 
Borda count violates independence, and approval voting violates un- 
differentiatedness (anonym ity).

U tilita r ia n  methods violate the independence criterion  and, as 
pointed out in section 3.D, demand-revealing methods violate 
undifferentiatedness.
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Violation of Consistency
by Majoritarian Methods

T ha t m ajorita rian methods violate the consistency criterion has 
been shown by H . P. Young, who also proved in general that “ scoring 
functions”  (which are positional methods) are the only ordinal methods 
tha t satisfy consistency.34 U tilita r ia n  methods, involving summations 
o f cardinal numbers, also satisfy this criterion. The reason m ajoritarian 
methods fa il is that, since they count only simple m ajorities on pairs, an 
alternative tha t wins or comes close in  TV1 but fa ils in  TV2 may pick up 
enough votes in TV2 to w in in  TV. Positional methods, which keep track o f 
the pairwise relations, do not adm it this anomaly.

For example, in  D isplay 4-17, using some m ajorita rian methods 
(say, the Copeland rule or the Schwartz ru le), i f  75 voters are divided into 
d is tric t 1 (TV1 =  30 voters) and d is tric t 2 (TV2 =  45 voters), w ith  D ' and 
D 1 on three alternatives, then x  wins in  TV1 and ties in  TV2 but loses to y  in 
TV1 +  TV2— in clear viola tion o f consistency, which requires tha t a winner 
in  both TV1 and TV2 also w in in  TV1 +  TV2. As Gideon Doron remarks, the 
fa ilu re  o f consistency is an invita tion to gerrymander.35

The fa ilu re  o f m ajorita rian  methods to satisfy consistency is, p racti­
cally, a very serious defect. This is illustrated in  the history o f senatorial 
elections in  the U nited States. In itia lly , state legislatures used several 
voting methods. From 1866 to 1913, however, the uniform  m ajoritarian 
rule was: I f  a candidate obtains a simple m ajority  in both houses sitting  
separately, he wins; otherwise, the houses sitting  together elect by simple 
m ajority. This is exactly the situation o f the consistency criterion. As 
m ight be expected, there were many deadlocks— 45 out o f about 130 from  
1891 to 1905, o f which 14 resulted in  no election at a ll.36 A lm ost certa inly 
some o f these deadlocks resulted from  the fa ilu re  to satisfy the consis­
tency criterion.

To see how deadlock m ight occur, assume some candidate, y , can 
w in on the jo in t ballot, as in  D isplay 4-18, while some other candidate, w, 
can w in or tie  in  both houses separately. Some o f the supporters o f w—  
namely, the six members o f group IV  in  the Display— are crucial for y  to 
beat x  on the jo in t ballot. Since the members o f group IV  have a strong 
motive not to allow y  to w in, one can expect deadlock in  the houses sitting  
together, thus:

41 votes fo r x

43 votes fo r y  

6 votes fo r w
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Display 4-■17

Violation of Consistency
by Majoritarian Methods

D ' (fo r TV1) D 2 (fo r TV2)

D ,- D n : x y z Z>3 x z y
y  z x D » -D 60: y x z

D 26- D 30: z x y Dbx-D-is- z y x

Number of Votes for the Alternative
in the Row When Placed in Contest

Against the Alternative: in the Column

D ' D 2

x y z x y z

x  —  22 17 x  —  14 30
y  8 —  25 y  31 — 16
z 13 5 — z 15 29 —

In  TV1, x  is the Condorcet winner. In  TV2, x , y , and z tie  in t
x z y  x .

Using the Copeland or Schwartz methods, x  is chosen in N '
y , and z are chosen in  TV2.

D ' + D 2 (fo r TV1 +  TV2)

7: x y z  (17 voters)
Z>31-Z>44: x z y  (14 voters)

y  z x  (8 voters)
y x z  (16 voters)

D 2g-D 2a: z x  y  (5 voters)
z y  x  (15 voters)
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Display 4-17 (C ontinued)

Number of Votes for the Alternative 
in the Row When Placed in Contest 

Against the Alternative in the Column

D ' +  D 2 

x  y  z 

x  -  36 47
y  39 —  41 (Condorcet w inner)
z 28 34 —

Notice that, while x  is chosen in both TV1 and TV2 (tha t is, x  is the 
Condorcet w inner in TV1 and is in the cycle o f tied alternatives in TV2), s till 
y  wins under any m ajorita rian method in TV' +  TV2. Since consistency 
requires that, i f  an alternative wins in TV1 and in TV2, then i t  must w in in 
TV1 +  TV2, and since x  wins in TV1 and in TV2 but loses in TV1 +  TV2, the 
m ajorita rian methods fa il to satisfy consistency. If, however, the Borda 
count, as a typ ical positional method, is used, then consistency is satisfied.

Number of Points for Alternatives 
in Rows, Preference Orders in Columns

D ' ( fo r TV')

D\—A  7 A 8- A s A * - A o Total

X 34 0 5 39 (Borda w inner)
y 17 16 0 33
Z 0 8 10 18

D 2 ( fo r TV2)

TT3 TT44 D 45—D 6Q D t  ] —/T75 Total

x
y
z

28
0

14

16
32

0

0
15
30

44
47 (Borda w inner) 
44
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D ' +  D 2 ( fo r TV1 +  TV2)

A ~ A  7 A * - A s ^ ! 6 _ ® 30 A i —A « ^ 4 5 — As .- *> 7 5 Total

X 34 0 5 28 16 0 83 (Borda
y 17 16 0 0 32 15 80 w inner)
Z 0 8 10 14 0 30 62

N otice  that, since no alternative wins by the Borda method in  both 
TV1 and TV2, consistency imposes no requirement on the w inner o f
TV1 +  TV2.

Failing consistency, then, m ajorita rian  methods are a t least im practica l as 
well, perhaps, as unfair.

Violation of Independence
by the Borda Count

The fa ilu re  o f the Borda count to satisfy independence can be seen 
in Display 4-19. Suppose a committee (members 1 ,2 ,3 )  is to award a 
scholarship to one o f three applicants (a , b, c ), using the Borda count. 
In itia lly , in profile D ’, the vote results in  a tie  between a  and c. Suppose 
member 2 revises his ordering to c b a, producing a new profile, D . Then c 
wins. The independence criterion  requires tha t identica l profiles on a sub­
set, S, o f a set, X ,  produce identical outcomes. Le tting  5  =  (a, c) and 
X  =  (a, b, c ), then D ’ and D  are identica l on S' because member 2 
changed only the relation o f a  and b in  D , not o f a  and c. In  D ’ applicants 
a and c tie, but in  D  applicant c wins in  d irect v io la tion o f the indepen­
dence criterion. I t  is true tha t in  both D  and D ’ the Condorcet w inner is c 
and member 2 can be said to have produced a “ fa ire r”  outcome by his 
switch; but the switch nevertheless reveals a vio la tion o f independence. 
The criterion o f independence from  irre levant alternatives, by requiring 
tha t the same order on S  in  profiles D ‘ and D  produce the same result, 
reveals a serious defect in  the Borda rules themselves.

Violation of Undifferentiatedness 
by Approval Voting

Undifferentiatedness requires tha t the choice remain the same when 
preference orders are permuted among voters.37 Since, however, d ifferent
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Display 4-18

Deadlock in a Senatorial Election

D ' (fo r TV1 w ith  30 voters)

Group Alternatives

I. Z>,-Z>16: w  x  y  z  (16 voters)
I I .  D l7—D 26: y w  x  z  (10 voters)

I I I .  D 2 7—Ẑ 3o’ z y  x  w  (4 voters)

Number of Votes for the Alternative 
in the Row When Placed in Contest 

Against the Alternative in the Column

D 1

W X y z

w — 26 16 26 (Condorcet w inner)
X 4 — 16 26
y 14 14 — 26
Z 4 4 4 —

D 2 ( fo r TV2 w ith  60 voters)

Group Alternatives

IV . Z>„-Z>36: 
V. D y j-D 6l: 

V I. D 42—Z)84: 
V I I .  D as- D 90:

w y x z  (6 voters) 
x  z y w  (25 voters) 
y  z w x  (23 voters) 
z y w x  (6 voters)

D 1

w X y z

w — 35 6 6
X 25 .------ 25 31
y 54 35 — 29
Z 54 29 31 —

Thus Di1 results in  a cycle: w  x  z y w .
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D ' +  D 1 (fo r TV1 4- TV2 w ith  90 voters)

Group Alternatives

I. D ,-D ,6: w x y  z (16 voters)
IV. D , - D i6: w y  x  z (6 voters)
V. D 37-Z)61: x  z y w  (25 voters)
I I .  D x1—D 16'. y w  x  z (10 voters)

V I. Z)62-Z>84: y  z w  x  (23 voters)
I I I .  ^27 ^30* z y  x w  (4 voters)

V I I .  D as- D 90: z y w  x  (6 voters)

Number of Votes for the Alternative 
in the Row When Placed in Contest 

Against the Alternative in the Column

w X y z

w — 61 22 32
X 29 — 41 57
y 68 49 — 55 (Condorcet w inner)
Z 58 33 35 —

N otice tha t the six voters in  group IV  prefer w, who is the absolute 
w inner in  TV1 and is tied in TV2, and that they are crucial fo r the success o f 
y  in TV1 +  TV2— a ll o f which gives them a strong motive to promote dead­
lock in the jo in t ballot.

voters can have d ifferent intentions about how many votes to cast, and 
since a permutation o f D , does not necessarily permute i ’s intentions about 
the number o f votes to be cast, the choice from  D  w ill not necessarily 
remain constant under permutations o f D,. For example, in  D isplay 4-20, 
fo r X  =  (a, b, c, d )  and n =  4, voter 1 casts three votes in  both D  and D ° 
and voters 2, 3, and 4 cast two votes in  both profiles. Then candidate c 
wins in D  and candidate d  wins in D °  in d irect viola tion o f the condition o f 
undifferentia tedness.
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Display 4-19

The Failure of the Borda Count to 
Satisfy Independence 

from Irrelevant Alternatives

D '

D \ :  a b c
D \ : c a b
D '3: c a b

Number of Points for Alternatives in Rows, 
Preference Orders in Columns

D ' | a 3 Total

a 2 1 1 4 (Tied w ith  c)
b 1 0 0 1
c 0 2 2 4 (Tied w ith  a)

D

D ,: a b c
D 2: c b a
A : c a b

Number of Points for Alternatives in Rows, 
Preference Orders in Columns

A A A Total

a 2 0 l 3
b 1 l 0 2
c 0 2 2 4 (Borda w inner)

In  D  as against D ' member 2 has revised the relation o f a  and b but 
has not changed the relation o f a and c; yet the social choice between a 
and c has changed in D  from  D '.
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Display 4-20

The Failure of Approval Voting 
to Satisfy Undifferentiatedness

D

A : a b e d
A : b c d  a
A : c d  a  b
A= d  a b c

Assume voter 1 casts three votes and voters 2, 3, and 4 each cast 
two votes:

Num ber o f Votes fo r Candidates

F irst Second T h ird
Candidates place place place Total

a 1 1 0 2
b 1 1 0 2
c 1 1 1 3 (Approva l w inner)
d 1 1 0 2

Assume now tha t persons 1 and 2 trade preference orders in  the 
fo llow ing permutation, where D„(f) means “ the preference order th a t re­
places

A ( d ”  A  
A<2) “  A  
Ad) “  A  
A(4) “  A

This permutation produces a new profile, D °.
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D i s p l a y  4-20 (C o n tinued )

D °

D°V )'■ b c d  a

A(2): a b e d
A(3): c d  a b
A(4): d  a b c

Assume, as in D , that voter 1 casts three votes and voters 2, 3, and 4 each 
cast two votes:

Num ber o f Votes fo r Candidates

First Second Th ird
Candidates place place place Total

a 1 1 0 2
b 1 1 0 2
c 1 1 0 2
d 1 1 1 3 (Approval w inner)

Hence Fappr0Val(A \ £>) =  c; and F approval(A \ D °) =  d.

The practical effect o f this violation is that the ind ifferent voters or 
the voters w ith  a broad tolerance fo r positions dominate in  the choice. As 
is well known, simple m ajority  decision— and even p lu ra lity  voting insofar 
as it  contributes to simple m ajority— places a premium on the median 
voter in  a d istribu tion. One can be at or near the median either (1) be­
cause o f reasoned judgm ent or (2) because one does not care. W hether 
one wants to exaggerate the influence o f type 2 voters in social decision 
seems to me doubtful.

Violation of Independence 
by Utilitarian Methods

That u tilita ria n  voting violates the independence criterion is imme­
diate ly apparent from  the example in D isplay 4-21 o f two voters and three 
alternatives. A lthough D  and £>' are ord ina lly identical, s till by a u tilita r­
ian F  x  wins in D  and y  in D '. The moral question derived from  this fact is
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whether a change in cardinal numbers w ithout a change in ordinal rela­
tions should make a difference in choice. The u tilita ria n  argument is that 
the change between D  and D ' involves a true change in the intensity o f 
valuation. From D  to £>', voter 1 upgraded y  and voter 2 downgraded x . 
Surely, the argument runs, y  should now replace x  as the winner.

The counterargument is that, since the cardinal sums are not 
soundly based and ought not therefore to affect the outcome, x  and y  
should tie in both D  and D '. The doubt about the soundness o f the card i­
nal sums arises from  the way they were in itia lly  constructed. A  scale was 
created for an ind ividual person, and alternatives were located on i t  by 
individual comparison. Hence, the numbers created are uniquely personal. 
They are useful to study behavior by the subject and even useful, perhaps, 
fo r the subject to guide his or her own behavior. But these personal num­
bers cannot be compared between people because they do not mean the 
same th ing to each person. The sums are therefore meaningless. I f  one 
adds oranges and apples to get oranapps, one knows nothing more because 
one doesn’t know what an oranapp is. N e ither does one know what the 
sum o f u tilities is.

O f course, one may insist that the cardinal relations be fixed so long 
as the ordinal relations are, but then one loses the main advantage o f 
cardinal u tility — namely, the reflection o f intensity o f preference. If, how­
ever, one allows cardinal relations to reflect intensity, then the indepen­
dence criterion may be violated, whenever, as in Display 4-21, ordinal 
relations remain constant.38

4.J. The Absence of True 
and Fair Amalgamations

In the beginning o f this chapter I promised to show that we cannot 
prove that any method o f voting tru ly  and fa irly  amalgamates the judg ­
ments o f voters. I  th ink I have done so. I have shown that a ll members o f 
each o f the three main categories o f methods violate at least one reason­
able criterion o f fairness or consistency. Furthermore, I have shown that 
many methods violate several criteria . Had space perm itted, I would have 
introduced many additional criteria , some o f which are violated by every 
category o f voting methods. To assert, therefore, tha t one method tru ly  
and fa irly  amalgamates, one must show that the criterion  or crite ria  it 
violates is or are unreasonable or tr iv ia l. But there is a good rationale in 
terms o f fairness or consistency or both fo r every one o f the crite ria  I have 
discussed as well as for many I have omitted. So it  seems unlike ly that
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Display 4-21

The Failure of Utilitarian Methods 
to Satisfy Independence 

from Irrelevant Alternatives

D

D ,: x y z
D 2: y x z

For Profile O:
Utility of the Alternative in the Row; 
Utility to the Voter in the Column

u x u 2 Total

X 1.0 0.6 1.6 (U tilita r ia n  w inner)
y 0.5 1.0 1.5
Z 0 0 0

D '

D \ :  x y z
D ’2: y x z

For Profile D':
Utility of the Alternative in the Row; 
Utility to the Voter in the Column

D '

u x u 2 Total

X 1.0 0.5 1.5
y 0.6 1.0 1.6 (U tilita r ia n  w inner)
Z 0 0 0

Although D  =*= D ', the w inner in D  is x , and the w inner in D ' is y .
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these criteria  can be rejected as m orally or log ically irrelevant. I f  not, 
then we are inexorably forced to the conclusion tha t every method o f 
voting is in some applications unfa ir or inadequate.

For my own taste, I  would use d ifferent methods in d ifferent c ir­
cumstances. In  legislatures, I  would use the amendment procedure on 
three alternatives and, somewhat hesitantly, the Borda count or Kemeny’s 
method for more than three alternatives. In elections o f executives or 
legislators, I  would use the p lu ra lity  method, more fo r its dynamic effects 
o f m aintain ing the tw o-party system than fo r its effectiveness o f choice in  
particu lar elections. In  prim ary elections, I  would use approval voting—  
though I would avoid i t  .absolutely in general elections, where its effect 
would be to destroy the two-party system. In  planning an economy, i f  tha t 
activ ity  were forced upon me, I  would use a kind o f u tilita rian ism —  
namely, demand-revealing procedures— recognizing, o f course, tha t how­
ever “ honest”  they are supposed to be, i t  is easy enough to manipulate 
them.

There is some niche, i t  seems to me, fo r m ajorita rian, positional, and 
u tilita ria n  methods o f voting. Nevertheless, we have now learned, I th ink, 
that we should never take the results o f any method always to be a fa ir 
and true amalgamation o f voters’ judgments. Doubtless the results often 
are fa ir and true; but, unfortunately, we almost never know whether they 
are or are not. Consequently, we should not generally assume tha t the 
methods produce fa ir  and true amalgamations. We should th ink  o f the 
methods, I  believe, sim ply as convenient ways o f doing business, useful 
but flawed. This gives them a ll a place in the world, but i t  makes none o f 
them sacrosanct.
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5
Tlie Meaning of Social Choices

In  Chapter 4 I  showed that no method o f voting could be said to amalga­
mate ind ividual judgments tru ly  and fa ir ly  because every method violates 
some reasonable canon o f fairness and accuracy. A ll voting methods are 
therefore in some sense m orally imperfect. Furthermore, these imperfect 
methods can produce d ifferent outcomes from  the same profile o f ind iv id ­
ual judgments. Hence it  follows that sometimes— and usually we never 
know fo r sure jus t when— the social choice is as much an a rtifa c t o f 
m orally imperfect methods as i t  is o f what people tru ly  want. I t  is hard to 
have unbounded confidence in  the ju s tic e  o f such results.

I t  is equally hard, as I  w ill show in this chapter, to have unbounded 
confidence in the m eaning  o f such results. Ind iv idual persons presumably 
can, i f  they th ink  about it  deeply enough, order the ir personal judgments 
transitively. Hence the ir valuations mean something, fo r they clearly ind i­
cate a hierarchy o f preference that can guide action and choice in a sensi­
ble way. But the results o f voting do not necessarily have this quality. I t  is 
instead the case that no  method o f voting can simultaneously satisfy sev­
eral elementary conditions o f fairness and also produce results that always 
satisfy elementary conditions o f logical arrangement. Hence, not only 
may the results o f voting fa il to be fa ir, they may also fa il to make sense. 
I t  is the la tter possibility that w ill be analyzed in this chapter.

5.A. Arrow's Theorem

Kenneth A rrow  published S o c ia l Choice and  In d iv id u a l Values in 
1951. A lthough his theorem in it ia lly  provoked some controversy among 
economists, its profound politica l significance was not im m ediately recog-
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nized by politica l scientists.' In  the late 1960s, however, a wide variety o f 
philosophers, economists, and political scientists began to appreciate how 
profoundly unsettling the theorem was and how deeply it  called into ques­
tion some conventionally accepted notions— not only about voting, the 
subject o f this work, but also about the ontological va lid ity  o f the concept 
o f social welfare, a subject that, fortunately, we can leave to  meta­
physicians.

The essence o f A rrow ’s theorem is that no method o f amalgamating 
individual judgments can simultaneously satisfy some reasonable condi­
tions o f fairness on the method and a condition o f log ica lity on the result. 
In  a sense this theorem is a generalization o f the paradox o f voting (see 
section l.H ) ,  fo r the theorem is the proposition that something like  the 
paradox is possible in any  fa ir  system o f amalgamating values. Thus the 
theorem is called the General P o ss ib ility  Theorem.

To make the fu ll meaning o f A rrow ’s theorem clear, I  w ill outline 
the situation and the conditions o f fairness and o f log icality that cannot 
simultaneously be satisfied.2 The situation fo r amalgamation is:

1. There are n persons, n >: 2, and n is fin ite. D ifficulties comparable to 
the paradox o f voting can arise in individuals who use several stan­
dards o f judgm ent fo r choice. O ur concern is, however, soc ia l choice, 
so we can ignore the Robinson Crusoe case.

2. There are three or more alternatives— that is, fo r the set X  =  
( x „  . . . ,  x m), m >  3. Since trans itiv ity  or other conditions for logical 
choice are meaningless fo r fewer than three alternatives and since, 
indeed, simple m ajority  decision produces a logical result on two 
alternatives, the conflict between fairness and log ica lity can only arise 
when m  >: 3.

3. Individuals are able to order the alternatives transitively: I f  x  R t y  and 
y  /?, z, then x  R, z. I f  it  is not assumed that individuals are able to be 
logical, then surely it  is pointless to expect a group to produce logical 
results.

The conditions o f fairness are:

1. U niversa l a d m is s ib ility  o f  in d iv id u a l o rderings (C ond ition  U). This is 
the requirement that the set, D , includes a ll possible profiles, D, o f 
ind ividual orders, D t. I f  each D, is some permutation o f possible 
orderings o f X  by preference and indifference, then this requirement is 
that individuals can choose any o f the possible permutations. For ex-
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ample, i f  X  =  (x , y , z), the ind ividual may choose any o f the fo llow ing 
13 orderings:

1. x  y  z 7. x ( y z ) 10. (x  y )  z 13. ( x y z )
2. y  z x 8. y ( z x ) 11. ( y z ) x
3. z x y 9. z ( x y ) 12. ( z x ) y
4 . x z y
5. z y x
6. y x z  (5-1)

The justifica tion fo r th is requirement is stra ightforw ard. I f  social out­
comes are to be based exclusively on ind iv idua l judgments— as seems 
im p lic it in any interpretation o f democratic methods— then to restrict 
ind ividual persons’ judgments in  any way means tha t the social out­
come is based as much on the restriction as i t  is on ind iv idua l jud g ­
ments. A ny  rule or command tha t prohib its a person from  choosing 
some preference order is m ora lly unacceptable (o r at least un fa ir) from  
the point o f view o f democracy.

2. M o n o to n ic ity . According to this condition, i f  a person raises the valu­
ation o f a w inning alternative, i t  cannot become a loser; or, i f  a person 
lowers the valuation o f a losing alternative, i t  cannot become a winner. 
The justifica tion fo r m onotonicity was discussed in section 3.B. Given 
the democratic intention tha t outcomes be based in  some way on par­
tic ipation, i t  would be the utmost in perversity i f  the method o f choice 
were to count ind ividual judgments negative ly, although, as I  have 
shown, some real-world methods actua lly do so.

3. C itizens ’ sovere ignty o r  non im position . Define a social choice as im ­
posed i f  some alternative, x , is a winner fo r any set, D , o f ind iv idua l 
preferences. I f  x  is always chosen, then what individuals want does not 
have anything to do w ith  social choice. I t  m ight, fo r example, happen 
that x  was everyone’s least-liked alternative, yet an imposed choice 
o f x  would s till select x . In  such a situation, voters’ judgments have 
nothing to do w ith  the outcome and democratic partic ipation is 
meaningless.

4. U n a n im ity  o r  P are to  o p tim a lity  (C o n d itio n  P). This is the requirement 
that, i f  everyone prefers x  to  y , then the social choice function, F , does 
not choose y . (See Chapter 3, note 8, and Chapter 4, note 28.) This is 
the form  in  which m onotonicity and citizens’ sovereignty enter a ll 
proofs o f A rro w ’s theorem. There are only two ways tha t a result 
contrary to unanim ity could occur. One is tha t the system o f amalga­
mation is not monotonic. Suppose in  D ' everybody but i  prefers x  to  y
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and y  P \ x . Then in D, i  changes to x  Pt y  so everybody has x  preferred 
to y ; but, i f  F  is not monotonic, i t  may be that x  does not belong to 
F({;c, y ), D ). The other way a viola tion o f unanim ity could occur is fo r 
F  to impose y  even though everybody prefers x  to y . Thus the juncture 
o f m onotonicity and citizens’ sovereignty implies Pareto optim ality.

M any writers have interpreted the unanim ity condition as purely 
technical— as, fo r example, in the discussion o f the Schwartz method 
o f completing the Condorcet rule (see section 4.C). But Pareto 
op tim a lity  takes on more force when i t  is recognized as the carrier o f 
m onotonicity and nonimposition, both o f which have deep and obvious 
qualities o f fairness.

5. Independence f r o m  irre le va n t a lte rna tives  (C ond ition  I) . According to 
this requirement (defined in section 4 .H ), a method o f amalgamation, 
F, picks the same alternative as the social choice every time F  is ap­
plied to the same profile, D. A lthough some writers have regarded this 
condition simply as a requirement o f technical efficiency, i t  actually 
has as much moral content as the other fairness conditions (see section
4.H ). From the democratic point o f view, one wants to base the out­
come on the voters’ judgments, but doing so is clearly impossible i f  the 
method o f amalgamation gives d ifferent results from  identical profiles. 
This m ight occur, fo r example, i f  choices among alternatives were 
made by some chance device. Then i t  is the device, not voters’ judg­
ments in D , tha t determines outcomes. Even i f  one constructs the de­
vice so that the chance o f selecting an alternative is proportional in 
some way to the number o f people desiring i t  ( if, fo r example, two- 
th irds o f the voters prefer x  to y , then the device selects x  w ith  p  =  %), 
s till the expectation is that, o f several chance selections, the device w ill 
choose x  on p  selections and y  on 1 — p  selections from  the same 
profile, in  clear viola tion o f Condition I. In  ancient Greece, election by 
lo t was a useful method fo r anonymity; today it  would be simply a way 
to by-pass voters’ preferences. Another kind o f arbitrariness prohibited 
by the independence condition is u tilita ria n  voting. Based on interper­
sonal comparisons o f distances on scales o f unknown length, u tilita rian  
voting gives advantages to persons w ith  finer perception and broader 
horizons. Furthermore, independence prohibits the arbitrariness o f the 
Borda count (see section 5.F).

6. N o n d ic ta to rsh ip  (C o n d itio n  D ). This is the requirement that there be 
no person, /, such that, whenever x  Pt y y the social choice is x , regard­
less o f the opinions o f other persons. Since the whole idea o f democracy 
is to avoid such situations, the m oral significance o f this condition is 
obvious.
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Finally, the condition o f log ica lity is that the social choice is a weak 
order, by which is meant that the set, X ,  is connected and its members can 
be s o c ia lly  ordered by the relation, R , which is the transitive social ana­
logue o f preference and indifference combined. (This relation, as in  x  R  y, 
means tha t x  is chosen over or at least tied w ith  y .)  In  contrast to the 
previous discussion, in which the method o f amalgamation or choice, F, 
simply selected an element from  X , i t  is now assumed that F  selects re­
peatedly from  pairs in X  to produce, by means o f successive selections, a 
social order analogous to the ind ividual orders, £>,. And i t  is the fa ilu re  to 
produce such an order tha t constitutes a v io la tion o f the condition o f 
log icality.2

Since an ind ividual weak order or the relation J?, is often spoken of 
as individual ra tiona lity, social transitiv ity , or R , is sometimes spoken o f 
as collective ra tiona lity— A rrow  him self so described it. And fa ilu re  to 
produce social trans itiv ity  can also be regarded as a kind o f social 
irra tiona lity .

A rrow ’s theorem, then, is tha t every possible method o f amalgama­
tion or choice tha t satisfies the fairness conditions fa ils to ensure a social 
ordering. And i f  society cannot, w ith  fa ir  methods, be certain to order its 
outcome, then it  is not clear that we can know what the outcomes o f a fa ir 
method mean. This conclusion appears to be devastating, fo r i t  consigns 
democratic outcomes— and hence the democratic method— to the world 
o f a rb itra ry  nonsense, at least some o f the time.

N a tu ra lly  there has been a variety o f attempts to in terpret and 
sidestep this conclusion. One line o f inqu iry  is to raise doubts about its 
practical importance; another is to look for some theoretical adjustment 
that deprives the theorem o f its force. The rest o f this chapter is devoted 
to a survey o f both branches o f this huge and im portant literature, so that 
in Chapter 6 it  w ill be possible to assess fu lly  the politica l significance o f 
A rrow ’s theorem.

I w ill begin w ith  inquiries about the practical importance o f the 
theorem. One such inqu iry  is an estimate o f the expected frequency o f 
profiles, Z>, that do not lead to a transitive order.

5.B. The Practical Relevance 
of Arrow's Theorem.:
The Frequency of Cycles

One meaning o f A rrow ’s theorem is that, under any system o f voting 
or amalgamation, instances o f intransitive or cyclical outcomes can occur.
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Since, by defin ition, no one o f the alternatives in a cycle can beat a ll the 
others, there is no Condorcet w inner among cycled alternatives. A ll cycled 
alternatives tie  w ith  respect to the ir position in a social arrangement in  the 
sense that x y  z x , y  z x y ,  and z x y  z have equal claims to being the social 
arrangement. Borda voting s im ila rly  produces a d irect tie among cycled 
alternatives. Hence a social arrangement is indeterminate when a cycle 
exists. W hen the arrangement is indeterminate, the actual choice is a rb i­
tra r ily  made. The selection is not determined by the preference o f the 
voters. Rather it  is determined by the power o f some chooser to dominate 
the choice or to manipulate the process to his or her advantage. Every 
cycle thus represents the fa ilu re  o f the voting process. One way to inquire 
into the practical significance o f A rro w ’s theorem is, therefore, to esti­
mate how often cycles can occur.

For this estimate, a number o f sim plify ing assumptions are neces­
sary. For one th ing, m a jority  voting (rather than positional voting or any 
other kind o f amalgamation) is always assumed. This assumption o f 
course lim its  the interpretation severely. For another thing, only cycles 
that preclude a Condorcet w inner are o f interest. Voting may fa il to 
produce a weak order in several ways:

1. W ith  all three alternatives, there may be a cycle: x  R y  R  z R  x  or
simply x  y  z x .

2. W ith  four or more alternatives, there may be
a. A  Condorcet winner followed by a cycle: w x y  z x
b. A  cycle among all alternatives: w x  y  z w ,  or intersecting cycles: 

s t w x y z w v s
c. A  cycle in which a ll members beat some other alternative: x  y  z x w

I f  one is interested in social welfare judgments involving an ordering o f a ll 
alternatives, then a ll cycles are significant no matter where they occur. 
But i f  one is interested in p icking out a social choice, as in the voting 
mechanisms discussed here, then the significant cases are only 1, 2(b), 
and 2(c), where there is no unique social choice. (These are often called 
top  cycles.) A ttem pts to estimate the significance o f A rrow ’s theorem by 
some sort o f calculation have a ll been made from  the point o f view o f 
social choice rather than welfare judgments and have therefore concerned 
the frequency o f top cycles.

For A rro w ’s theorem, Condition U  allows individuals to have any 
weak ordering, R t, o f preference and indifference, as in (5.1). Calculation 
is simpler, however, based on strong orders— that is, ind ividual preference 
orders, P„ w ith  indifference not allowed.
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W ith  m  alternatives, there are m l (i.e., 1 - 2  • —  • m ) such linear 
orders possible; and, when m  — 3, these are:

x y z ,  x z y ,  y  x  z, y  z x ,  z x  y ,  z y x

Each such order is a potential D,. When each o f n voters picks some (not 
necessarily d ifferent) D „  a profile, D , is created. Since the firs t voter picks 
from  m l orders, the second from  m l , . . .  , and the last from  m l, the num­
ber o f possible d ifferent profiles, D , is (m !)", which is the number o f 
members o f the set, D , o f a ll profiles, when voters have only strong orders.

A  calculation that yields some estimate o f the significance o f cycles 
is the fraction, p (n , m ), o f D  in  D  w ithout a Condorcet winner:

p (n , m ) Num ber o f D  w ithout a Condorcet winner
( m l)"

I f  one assumes that each D  is equally like ly  to occur (which implies also 
that, fo r each voter, the chance o f p icking some order is 1 /m l) ,  then 
p (n , m ) is an a p rio ri estimate o f the probability  o f the occurrence o f a top 
cycle. Several calculations have been made, as set fo rth  in  D isplay 5 -1.3 
As is apparent from  the Display, as the number o f voters and alternatives 
increases, so do the number o f profiles w ithout a Condorcet winner. The 
calculation thereby implies that instances o f the paradox o f voting are 
very common. Most social choices are made from  many alternatives 
(though often we do not realize this fact because the number has been 
winnowed down by various devices such as prim ary elections and com m it­
tees that select alternatives fo r agendas) and by many people, so the 
calculations im p ly that Condorcet winners do not exist in almost a ll 
decisions.

But, o f course, there are a number o f reasons to believe tha t such 
calculations are meaningless. People do not choose an ordering w ith  prob­
a b ility  1 /m !. Rather, at any particu la r moment, some orders are more 
like ly  to be chosen than others. The six strong orders over trip les generate 
two cycles:

“ Forward Cycle”  “ Backward Cycle”

1. x y z
2. y  z x
3. z x y

4 . x z y
5. z y  x
6. y  x  z (5-2)
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Display 5-1

Values of p(n,m): Proportion of Possible 
Profiles Without a Condorcet Winner

n =  N um ber o f Voters

m  =  Num ber 
o f A lternatives 3 5 7 9 11 __  L im it

3 .056 .069 .075 .078 .080 .088
4 .111 .139 .150 .156 .160 .176
5 .160 .200 .215 .251
6 .202 .315

L im it 1.000 1.000 1.000 1.000 1.000 1.000

The entry in the row fo r four alternatives and in the column for 
seven voters— namely, . 150— is the ra tio  o f the number o f profiles w ithout 
a Condorcet w inner to the number o f profiles possible when seven voters 
order four alternatives.

Cycles occur when voters concentrate on one or the other o f these 
sets o f three orders. But suppose voters are induced by, fo r example, 
po litica l parties, to concentrate heavily on, say, (1), (2), and (5). Then 
there is no cycle. Furthermore, there is good reason to believe that debate 
and discussion do lead to such fundamental sim ilarities o f judgment. Cal­
culations based on equiprobable choices very like ly  seriously overestimate 
the frequency o f cycles in the natural world.

On the other hand, it is clear that one way to manipulate outcomes 
is to generate a cycle. Suppose that in D isplay 5-2 profile D  exists and 
tha t person 2 realizes that his or her firs t choice, y , w ill lose to the 
Condorcet winner, x . Person 2 can at least prevent tha t outcome by gen­
erating a cycle (or a tie) by voting as i f  his or her preference were y  z x  as 
in  D '.

The tendency toward s im ila rity  may thus reduce the number 
p (n , m ), while the possibility o f m anipulation may increase the number. I t  
seems to me that s im ila rity  probably reduces the number o f profiles w ith ­
out Condorcet winners on issues that are not very im portant and that no 
one has a motive to manipulate, while  the possibility o f manipulation
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Display 5-2

The Generation of a Cycle

D D '

D ,: x y z D \: x y z
D 2: y x z D'p y  z x
D 3: z x y D'p z x y

Note. M a jo rita r ia n Note. C ycle  in  D'
ordering o f D: under m a jo rita rian
x  P y P z. voting: x  P y  P z P x.

In  D ' person 2 has reversed z and x  from  D , thereby generating 
a cycle.

increases the number o f such profiles on im portant issues, where the out­
come is worth the tim e and effort o f prospective losers to generate a top 
cycle. N either o f these influences appears in the calculations and thus 
renders them suspect from  two opposite points o f view.

5.C. The Practical Relevance 
of Arrow's Theorem:
Conditions for Condorcet Winners

Another approach to estimating the practical significance o f 
A rro w ’s theorem is to inquire into what kinds o f profiles are certain to 
produce a Condorcet winner. As in the previous approach, only m a jorita r- 
ian voting is considered, which lim its  the relevance o f the inqu iry  to the 
theorem but does say something about its practical effect on this kind 
o f decision process. For example, as can be seen in D isplay 5-1, fo r m  =  
n =  3, the number o f elements o f D  =  (m !)" =  216 and p (n , m )
12/ 216 =  .056. I t  is natural to look fo r the features tha t guarantee a 
Condorcet w inner fo r 204 o f the profiles in D . I f  one can generalize about 
the sets o f preference orders that produce these results, then i t  may be 
possible to estimate the practical significance o f the theorem for 
m ajoritarian voting.
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To give a simple example: I f  each voter chooses the same preference 
order, D ,, then under m ajorita rian rules the social order fo r the profile D  
w ill be identical w ith  the chosen D „  and the unique social choice w ill be 
the first alternative in that social order.

The goal o f this approach is to identify kinds o f preference orders, 
D „  such that when the whole profile, D , is composed o f such orders, then 
D  w ilP lead by m ajorita rian methods to a weak order and a Condorcet 
w inner as a social outcome.

Even before A rro w ’s theorem was uttered, Duncan Black observed 
one such pattern o f orders in D — namely, that the profile can be express­
ible as a set o f single-peaked curves.4 A  preference order can be graphed 
as in Figure 5-1. On the vertical axis is measured the degree o f preference 
from  lowest at the orig in  to highest at the top. On the horizontal axis is 
placed some ordering o f the alternatives in X , an ordering appropriately 
chosen to depict one particu lar D, as a single-peaked curve. This is always 
possible i f  Z>, is a strong order (w ith  indifference not allowed). The gen­
eral definition o f single-peaked curves (w ith  indifference perm itted at the 
top) is, as displayed in Figure 5-2, reading from  le ft to right: (1) always 
downward sloping, (2) always upward sloping, (3) sloping upward to a 
particu la r point and then sloping downward, (4) sloping upward to a 
plateau and then sloping downward, (5) horizontal and then downward 
sloping, (6) upward sloping and then horizontal. Curves that are not 
single-peaked are shown in Figure 5-3.

A  profile, D, is single-peaked i f  some ordering o f alternatives on the 
horizontal axis allows every Z>, in D  to be drawn as a single-peaked curve. 
As already observed, fo r a single D „  i t  is always possible to find such an 
ordering. But w ith  three or more Z?„ an ordering that renders Ds single- 
peaked may preclude that D k be single-peaked. Indeed, i t  is exactly when 
cycles exist that single-peakedness cannot be attained fo r D . In  Figure 5-4 
assume there are three persons who have chosen d ifferent preference 
orders in the forward cycle (5-2). Then a l l  possible orderings of 
X  =  (x , y , z) on the horizontal axis result in a set o f curves tha t fa il to be 
single-peaked, as in Figure 5-4a—4f, where the axes are a l l  the m \ permu­
tations o f lx , y , z}. The same is true o f the backward cycle. So to say a 
profile, D, is single-peaked is to say i t  does not adm it o f cycles. In  general, 
i f  D  is single-peaked, then: 1

1. I f  a ll D, are strong orders and n is odd, the social ordering is strong.

2. I f  all D , are weak orders, n is odd, and no D t involves complete ind iffe r­
ence over a trip le, the social ordering is a weak order.5
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Figure 5-1 A single-peaked curve with the linear order z v y w x .

Figure 5-2 Single-peaked curves.
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Alternatives 

Figure 5-3 N on-s ing le -peaked  curves.

So single-peakedness implies trans itiv ity  and hence ensures the existence 
o f a Condorcet winner.

I t  is furtherm ore a remarkable fact that, i f  D  is single-peaked and n 
is odd, the Condorcet w inner is immediately identifiable as the alternative 
on the horizontal axis beneath the median peak.6 ( I f  n is even, the winner 
is some alternative between the n / 2th peak and the (n /2 ) +  1th peak, i f  
such an alternative exists. And, i f  none exists, the alternatives at these 
peaks tie.) In  Figure 5-5, w ith  five peaks, the alternative beneath the 
median peak (3) is identified as x mvi. I f  x mc6 is put against some alterna­
tive to its le ft, say x lt then x mcd wins because a m ajority  consisting o f 
voters 3, 4, and 5 prefer x mvS to x , (tha t is, the ir curves are upward sloping 
from  x t to x maS). S im ila rly , x med can beat any alternative to its right, say 
jc4, w ith  a m ajority  consisting o f voters 1, 2, and 3, whose curves are 
downward sloping from  x med to x 4, which means they prefer x mci to x 4. 
Hence x med can beat anything to its r ig h t or le ft and is a Condorcet 
winner.

Single-peakedness is im portant because i t  has an obvious political 
interpretation. Assuming a single politica l dimension, the fact that a pro­
file, Z>, is single-peaked means the voters have a common view o f the 
politica l situation, although they may d iffe r w idely on the ir judgments. 
Person i  may choose D, =  x  y  z, and person j  may choose D} =  z y  x \  yet
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(A ) (B) (C )

(E) (F)

Figure 5-4 N on-single-peakedness fo r the fo rw a rd  cycle.

Figure 5 -5  S ing le-peaked curves w ith  C ondorce t w inner.
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they agree that x  is at one end o f the scale, z at the other, and y  in the 
middle, which means they agree entirely on how the politica l spectrum is 
arranged. This kind o f agreement is precisely what is lacking in a cycle, 
where voters disagree not only about the merits o f alternatives but even 
about where alternatives are on the political dimension.

If, by reason o f discussion, debate, civic education, and political 
socialization, voters have a common view o f the political dimension (as 
evidenced by single-peakedness), then a transitive outcome is guaranteed. 
So i f  a society is homogeneous in this sense, there w ill typ ica lly  be 
Condorcet winners, at least on issues o f m in o r  importance. This fact w ill 
not prevent civ il war, but it  w ill at least ensure that the c iv il war makes 
sense.

A  number o f other kinds o f restrictions on preference orders, D it 
that guarantee that D  w ill produce a transitive outcome have been identi­
fied. L ike  single-peakedness they m inim ize disagreement over the dimen­
sions o f judgment. Consider “ value-restrictedness,”  which is an obvious 
development from the forward and backward cycles o f (5-2). One prop­
erty o f those cycles (observable by inspection) is that each alternative in X  
appears in first place in some D t, in second place in another, and in th ird  
place in a th ird . So, if, fo r strong orders in D,, some alternative is never 
first in a D „  or never second, or never last— if, in short, an alternative is 
“ value-restricted” — then no cycle can occur and trans itiv ity  is guaranteed.

A  number o f other such provisions fo r trans itiv ity  have been identi­
fied. They have been exhaustively analyzed by Peter Fishburn.7 They are 
im portant because they indicate that quite a wide variety o f rather m ild  
agreement about the issue dimension guarantees a Condorcet winner. 
Furthermore, not all voters need display the agreement to obtain the guar­
antee. Richard N iem i has shown that the probabilities o f the occurrence 
o f top cycles, by calculations s im ilar to those set fo rth  in Display 5-1, 
reduce to tiny proportions (e.g., .02 to .04) when as few as three-fourths 
o f 45 or 95 voters agree on the issue dimension while disagreeing on 
orders.8 This result implies tha t agreement about dimensions probably 
renders uncontrived cyclical outcomes quite rare. So I conclude that, be­
cause o f agreement on an issue dimension, in transitiv ities only occasion­
a lly render decisions by m ajoritarian methods meaningless, at least for 
somewhat homogeneous groups and at least when the subjects fo r decision 
are not po litica lly  im portant. When, on the other hand, subjects are po­
litica lly  im portant enough to ju s tify  the energy and expense o f contriving 
cycles, A rrow ’s result is o f great practical significance. I t  suggests that, 
on the very most im portant subjects, cycles may render social outcomes 
meaningless.

1295.D. Theoretical In vu ln e ra b ility : Independence

5.D. The Theoretical Invulnerability 
of Arrow's Theorem: Independence

Assuming that the practical significance o f A rro w ’s theorem in ­
creases w ith  the politica l importance o f the subject fo r decision, i t  is then 
reasonable to inquire whether the theorem is too demanding. Does it  over­
state the case by stressing the possibility o f in trans itiv ity  and its conse­
quent incoherence when perhaps this is too extreme an interpretation?

To weaken the force o f A rro w ’s theorem, i t  is necessary to question 
the conditions o f either fairness or logicality. M ost o f the fairness condi­
tions seem in tu itive ly  reasonable— at least to people in Western culture—  
so most o f the attack has been focused on log icality. One fairness condi­
tion, independence, has, however, often been regarded as too strong.

The independence condition has at least three consequences:

1. I t  prohibits u tilita rian  methods o f choice (fo r reasons discussed in sec­
tion 4.1).

2. I t  prohibits arbitrariness in vote-counting, such as lotteries or methods 
that work in d ifferent ways at d ifferent times.

3. I t  prohibits, when choosing among alternatives in a set S, which is 
included in X , reference to judgments on alternatives in X  — S.

I t  seems to me that one can defend the independence condition fo r 
each o f these consequences. As fo r consequence 1, since interpersonal 
comparisons o f u t ility  have no clear meaning, the prohib ition  o f u tilita ria n  
methods seems quite defensible, although a weaker form  o f Condition I  
m ight accomplish the same result. W ith  respect to consequence 2, earlier 
in this chapter it was shown tha t a rb itra ry  counting is just as unfa ir as 
violations o f Conditions U , P, and D. I t  is d ifficu lt to imagine that any 
weaker form  o f Condition I  would accomplish what I  does, because the 
arbitrariness must be prohibited for any set.

M ost attention has been given to consequence 3, because many peo­
ple believe that judgments on alternatives in X  — S  are germane to judg ­
ments on S  itself.9 In  a presidential preference prim ary, fo r example, 
choice among several candidates may depend on judgments o f s till other 
candidates. For example, in the 1976 Dem ocratic primaries, in  th inking 
about a decision between Carter and U da ll as i f  they covered the whole 
spectrum o f party ideology, a m ild ly  left-of-center voter m ight prefer 
U da ll. But i f  the voter thought about Jackson also, so that U da ll appeared
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as an extremist, that same voter m ight have preferred Carter to U dall. So 
“ irre levant”  alternatives (here, Jackson) may really be “ relevant.”

The question is whether there should be some form al way to allow 
judgments on the “ irre levant”  alternatives to enter into the choice. And 
the d ifficu lty  in answering is: H ow  can one decide which nonentered can­
didates are relevant? W hy not allow consideration o f s till other, even a 
hundred, irrelevant alternatives? But i f  no irrelevant alternatives are con­
sidered, then y  m ight beat x ; but w ith  such consideration, i f  there is no 
Condorcet winner, x  m ight beat y . Thus meaning and coherence depend 
on va riab ility  in the voting situations (on the size, that is, o f X  and S )  as 
much as on voters’ judgment.

There seems, unfortunately, no wholly defensible method to decide 
on degrees o f irrelevance.10 In the absence o f such a method, Condition I 
seems at least moderately defensible. Furthermore, while some m ight ar­
gue about the desirab ility  o f consequence 3, Condition I  seems necessary 
because consequence 2 is indispensable fo r fa ir  decision.

5.E. The Theoretical Invulnerability 
of Arrow's Theorem: Transitivity

I f  the fairness conditions survive, then the only condition le ft to 
attack is transitiv ity. The sharpest attack is to assert that trans itiv ity  is a 
property o f humans, not o f groups. Hence the individual relation, /?,, 
should be transitive, but it  is simple anthropomorphism to ask that the 
social relation, R , be transitive also." S till, there is some reason to seek 
trans itiv ity  fo r outcomes.

W ithou t transitiv ity, there is no order; and w ithout order, there is no 
coherence. Social outcomes may in fact be meaningless, but one would 
like  to obtain as much meaning as possible from  social decisions. So the 
obvious question is: Can one, by m odifying the defin ition o f coherence, 
obtain some lesser coherence compatible w ith  fairness? Unfortunately, 
the answer is m ainly negative.

The social relation, R , which generates a weak order in A rro w ’s 
log ica lity  condition, combines social preference, P, and social ind iffe r­
ence, 7. And R  is useful fo r the purpose A rrow  had in mind— namely, 
social judgments involving comparisons and ordering o f a ll feasible social 
policies, such as distributions o f income. Suppose, however, that one does 
not require quite so general a result. For purposes o f making a social 
choice, which is the interest in this book, one does not need to impose a 
complete order on the whole set X  merely to find a best alternative in X .
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We can th ink o f a best element in X  as one tha t is chosen over or tied w ith  
every other alternative.12 The best alternative is then the choice from  X  or 
C (A ').13

A  requirement, weaker than transitiv ity , that nevertheless ensures 
the existence o f one best alternative is q u a s i- tra n s itiv ity — that is, the 
trans itiv ity  o f P, but not o f R  or 7. This means that, i f  x  P y  and y  P  z, 
then x  P  z; but i f  the antecedent does not hold (e.g., i f  x  I y ) ,  then the 
consequent need not hold either. For example, quasi-transitiv ity allows (as 
in note 12) y  P  z, z I  x , and x  I  y , which is clearly intransitive in both R  
and 7, although it  is enough to establish that the choice from  X  =  (x , y , z) 
is C (X )  =  (x,>>)-

Another, even weaker requirement fo r a choice, is acyc lic ity , which 
is the requirement that alternatives in X  can be arranged so that there is 
no cycle.14 I t  turns out that, by using the logical requirement o f acyclic ity 
rather than transitiv ity, it  is possible to find social choice that satisfies a ll 
o f A rrow ’s fairness conditions as well as the revised condition o f logicality. 
A . K . Sen offers an example o f such a method: For a set X  =  (a , b, 
let a be chosen fo r C (X )  over b i f  everybody prefers a to b and let a and b 
both be chosen i f  not everybody prefers a to b or b to a .15 This rule 
satisfies Condition U  because a ll ind ividual orders are allowed. I t  satisfies 
Condition P because it  is based on the princip le o f unanim ity. I t  satisfies 
Condition I  because the choice between any pair depends only on ind iv id ­
ual preferences on that pair, and i t  satisfies Condition D  because the only 
way a can be better socially than b is fo r everyone to prefer a to b. F inally, 
it  is always acyclic. So even i f  one cannot guarantee an order w ith  fa ir 
procedure, it  appears that one can at least guarantee a best choice.

Unfortunately, however, something very much like  dictatorship is 
required to guarantee quasi-transitiv ity or acyclicity. Quasi-transitive so­
cial outcomes can be guaranteed only i f  there is an o ligarchy.16 (A n  o l i ­
garchy  is a subset o f choosers who, i f  the members agree, can impose a 
choice, or, i f  they do not agree, enables all members ind iv idua lly to veto 
the choice.) I f  one modifies Condition D  from  no d ictator to no vetoer, 
then even a quasi-transitive social outcome cannot be guaranteed.17 As fo r 
acyclicity, Donald Brown has shown tha t acyclic choice requires a “ colle­
gium ”  such tha t alternative a is chosen over b i f  and only i f  the whole 
collegium and some other persons prefer a to b. Thus, although a colle­
gium cannot un ila te ra lly impose a choice, unlike an oligarchy i t  can a l­
ways at least veto.18

Furthermore, i f  one strengthens A rrow ’s conditions jus t a litt le  
b it by requiring not just the m onotonicity that enters into Condition P, 
but a condition o f positive responsiveness (Condition PR), then quasi­
trans itiv ity  again involves dictatorship. (M onoton ic ity  requires merely
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that, i f  a voter raises her or his valuation o f an alternative, the social 
valuation does not go down. In contrast, positive responsiveness requires 
that, i f  a voter raises her or his valuation, society does so as well, i f  that is 
possible.) I t  is then the case that any quasi-transitive social result that 
satisfies Conditions U , P, I, and PR must violate Condition D  i f  there are 
three alternatives; and, furtherm ore, someone must have a veto i f  there 
are four or more alternatives.19

Weakening trans itiv ity  into some logical condition that requires 
only a social choice but not a fu ll ordering does not gain very much. This 
b rie f survey indicates there is a fa m ily  o f possibility theorems o f which 
A rro w ’s theorem is a special case. And in the whole fam ily  there is s till 
some kind o f serious conflict between conditions o f fairness and a condi­
tion o f logicality. In general, the only effective way to guarantee consis­
tency in social outcomes is to require some kind o f concentration o f power 
in society— a dictator, an oligarchy, or a collegium. So fairness and social 
ra tiona lity  seem jo in tly  impossible, which implies that fairness and mean­
ing in the content o f social decisions are sometimes incompatible.

5.F. The Theoretical Invulnerability 
of Arrow's Theorem:
Conditions on Social Choice

O f course, one can abandon entirely the effort to guarantee some 
kind o f ordering fo r social “ ra tiona lity ,”  whether it  be trans itiv ity  or 
merely acyclicity. One can simply provide that a social choice is made and 
impose no kind o f ordering condition. The reason, however, tha t transitiv­
ity  or even less restrictive ordering conditions are attractive is that they 
often forestall manipulation by some participants either o f agenda or o f 
sets o f alternatives to obtain outcomes advantageous to the manipulator. 
As A rrow  remarked at the conclusion o f the revised edition o f S o c ia l 
Choice and In d iv id u a l Values, “ the importance o f the trans itiv ity  condi­
tion ”  involves “ the independence o f the final choice from  the path to it . ” 20 
“ T ransitiv ity,”  he said, “ w ill ensure this independence,”  thereby ensuring 
also that the preferences o f the participants (ra ther than the form  o f or 
manipulation o f the social choice mechanism) determine the outcome. He 
went on to point out that both Robert Dahl and I  had described ways in 
which intransitive social mechanisms had produced “ unsatisfactory”  re­
sults. So A rrow  concluded that “ collective ra tiona lity ”  was not merely an 
“ illeg itim ate”  anthropomorphism, “ but an im portant a ttribu te  o f a genu-
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ine democratic system.”  Consequently, i f  one gives up on social transitiv­
ity  or some weaker form  o f ordering, one is in effect abandoning the effort 
to ensure socially satisfactory outcomes.

To ensure satisfactory outcomes w ithout imposing an anthropomor­
phic collective rationa lity, one m ight impose consistency conditions on the 
social choice mechanism— conditions tha t could have the same effect o f 
forestalling m anipulation that tran s itiv ity  does, but tha t would not a ttr ib ­
ute to society the a b ility  to order possessed only by persons. Hopefully, 
one would thereby avoid a ll the problems o f the possibility theorems put 
fo rth  by A rrow  and his successors. Unfortunately, however, i t  turns out 
that these consistency conditions also cannot be satisfied by social choice 
mechanisms that satisfy the fairness conditions. Consequently, although 
the problem can be elegantly restated in terms o f choice rather than or­
dering, the main defect o f the methods o f amalgamation is unaffected by 
the new language. Just to say, fo r example, that x  P, y  and x  P2 y  lead to 
C (x , y )  =  x  rather than to say tha t they lead to x  P  y  does not solve the 
problem o f amalgamation. Some kind o f inconsistency is ineradicable.

Consistency requirements on choice have been discussed in  two 
quite d ifferent ways, which, however, tu rn  out to be substantially equiva­
lent in  this context. I  w ill discuss both ways here, despite the ir equiva­
lence, because their verbal rationales are complementary.

A . K . Sen and subsequently many others have imposed on social 
choice conditions o f log ica lity  tha t were o rig ina lly  devised as standards 
fo r ind ividual choice behavior. This procedure has the advantage o f re la t­
ing consistency in groups to consistency in persons, but it  is subject to the 
same charge o f anthropomorphism tha t was leveled against the use of 
ordering conditions. Charles P lo tt, however, has devised a consistency 
condition fo r social choice itself, one that could not easily be applied to 
persons but captures the sp irit o f A rro w ’s insistence tha t the final choice 
ought to be independent o f the path to it. I t  is interesting and remarkable 
that Sen’s and P lo tt’s conditions turn out to be closely related and almost 
equivalent.21

Looking first at Sen’s conditions, let S  and T  be sets o f alternatives 
in X  =  (x ,, x 2, . . . ,  x m) and le t S  be a subset o f T. Sen’s conditions are 
restrictions on the choice sets from  these two sets o f alternatives, C (S ) 
and C (T ) :

1. P roperty  a : For sets S  and T, w ith  S  a subset o f T, i f  x  is in both C (T )  
and S, then x  is in C (S ).

2. P roperty  0-|-: For sets S  and T, w ith  S  a subset o f T, i f  x  is in  C (S ) 
and y  is in S, then, i f  y  is in C (T ’), so also is x  in C (T ).
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The meaning o f these conditions is easily explained: Property a  requires 
that, i f  the choice from  the larger set is in the smaller set, then it  is in the 
choice from  the smaller set as well.

To see the rationale o f a , consider a violation o f it: A  diner chooses 
among three items on a menu, beef (B ), chicken (C ), and fish (F ), which 
are the set {B, C, F}. The diner chooses beef (B ); then the restaurant runs 
out o f fish (F ). The new menu is the set [B, C}, whereupon the diner 
chooses chicken (C ) in viola tion both o f property a  and o f apparent 
good sense.22

Property a  guarantees consistency in choices as the number o f a lter­
natives is con tracted  because in going from  T  to S  the choice does not 
change i f  it  is in both sets. Property /? +  , on the other hand, guarantees 
consistency in choices as the number o f alternatives is expanded. I t  re­
quires that, i f  any element in the smaller set is the choice from  the larger 
set, then a ll choices from  the smaller set are choices from  the larger set. 
Thus, in going from  S  to T, i f  any choices from  S  continue to be chosen 
from  the larger set, a ll such choices continue to be chosen.

The rationale o f /3-f can be appreciated from  a violation o f it: For a 
seminar w ith  students S  — (a , b, c, d ), a teacher ranks d  best. Then an­
other student enrolls making T  =  (a, b, c, d, e), whereupon the teacher 
ranks c best. Doubtless student d  discerns an inconsistency and believes 
that i f  he is the best or among the best in S  and i f  some other member o f S 
is best in T, then he (d ) ought to be among the best in T  also.

As I  have already noted, property a  and property /?+  apply as well 
to individuals as to society. P lott, however, attempted to embody A rrow ’s 
notion o f “ independence o f the final result from  the path to i t ”  d irectly in 
a condition on soc ia l choice. P lo tt justified his condition, which, appropri­
ately, he called “ path independence,”  thus:

the process o f  choosing, f r o m  a dynam ic  p o in t o f  view, fre q u e n tly  p ro ­
ceeds in  a type o f  "d iv ide  and conquer" manner. The a lte rna tives are 
“s p lit  u p "  in to  sm a lle r sets, a choice is m ade over each o f  these sets, the 
chosen elements are collected, and  then a choice is made f r o m  them . Path 
independence, in  th is  case, w o u ld  mean th a t the f in a l  re su lt w ou ld  be 
independent o f  the way the a lte rna tives  were in it ia l ly  d iv ided  up f o r  
cons idera tion .23

The definition o f p a th  independence is that, fo r any pair o f sets S' and T, 
the choice from  the union o f the sets is the same as the choice from  the 
union o f the separate choices from  each set.24 M anifestly, i f  S and T  are 
any ways o f breaking up the set o f alternatives, X , then to equate the
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choices from  their union w ith  the choice from  the union o f their choice 
sets is to say that it makes no difference to the final outcome how X  is 
divided up fo r choosing.

Path independence ( P I )  can be broken up into two parts— P I*  and
*P I:

1. P I*  is the condition that the choice from  the union o f S  and T  be 
included in or equivalent to the choice from  the union o f their 
choice sets.

2. * P I  is the converse o f P I* .  Specifically, * P I  is the condition that the 
choice from  the union o f the choice sets o f S  and T  be included in or 
equivalent to the choice from  the union o f S  and F .25

I t  is a remarkable and im portant fact that P I*  is exactly equivalent to 
property a .26 Furthermore, a choice function satisfying property /3+  satis­
fies * P I , so that, though not equivalent, * P I  is implied by /3-|-.27

These standards o f consistency in choice tu rn  out to be quite s im ilar 
in effect to ordering principles.28 A lthough property a  does not guarantee 
transitiv ity, it  does guarantee acyclic ity in  choices from  X . So also, there­
fore, do P I  and P I* .  Consequently, social choice methods satisfying these 
conditions are d ictatoria l or oligarchic, jus t as are those satisfying order­
ing principles.

On the other hand, property /3+ does not guarantee even acyclic ity 
when choices from  X  are made in a series o f pairwise comparisons. Conse­
quently, methods satisfying /3+ and * P I  do not im p ly  d ictatorship or 
o ligarchy or any other kind o f concentration o f power. I f  one is w illing  to 
give up consistency in contracting alternatives— and this is quite a b it to 
give up— then reliance on simple consistency in  expanding alternatives 
m ight be a way around all the difficulties discovered by Arrow . U n fo rtu ­
nately, however, methods o f choice satisfying f3-1- and * P I  violate another 
fairness condition— namely, unanim ity or Pareto optim ality .29

Suppose a choice is to be made by three people w ith  these preference 
orders: (1 ) x  y  z w, (2) y  z w x , (3) z w  x y .  This leads to a cycle in simple 
m ajority  rule, x P y P z P w P x ,  so that the choice set is a ll the alterna­
tives: C (w , x ,y ,  z ) =  ( w , x , y , z ). But everyone prefers z to w, although 
there is a path by which w can be chosen. Le t S, =  (y ,  z ) and C (S ,) =  y \ 
S 2 =  (jc, j>) and C (S 2) =  x \ S 3 =  (x , w) and C (S3) =  w. Using S', at step 
1, S2 at step 2, and S3 at step 3, w is selected even though z, elim inated at 
step 1, is unanimously preferred to w. This result is generalized by 
Ferejohn and Grether.30 I t  tells us that, even i f  we rely solely on an expan-
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sion consistency condition and thus avoid concentrations o f power, we s till 
do not achieve fairness. So, in a quite  d ifferent way, we are back where we 
began. N oth ing has been gained except an elegant form alism  that avoids 
anthropomorphizing society.

5.G. The Absence of Meaning

The main thrust o f A rrow ’s theorem and a ll the associated literature  
is that there is an unresolvable tension between log ica lity and fairness. To 
guarantee an ordering or a consistent path, independent choice requires 
that there be some sort o f concentration o f power (dictators, oligarchies, 
or collegia o f vetoers) in sharp conflict w ith  democratic ideals. Even the 
weakest sort o f consistency (/3+ or * P I )  involves a conflict w ith  unanim­
ity, which is also an elementary condition o f fairness.

These conflicts have been investigated in great detail, especially in 
the last decade; but no adequate resolution o f the tension has been discov­
ered, and i t  appears quite unlikely that any w ill be. The unavoidable 
inference is, therefore, that, so long as a society preserves democratic 
institutions, its members can expect that some o f the ir social choices w ill 
be unordered or inconsistent. A nd  when this is true, no meaningful choice 
can be made. I f  y  is in fact chosen— given the mechanism o f choice and 
the profile o f ind ividual valuations— then to say tha t x  is best or r ig h t or 
more desired is probably false. But i t  would also be equally false to say 
that y  is best or righ t or most desired. And in that sense, the choice lacks 
meaning. The consequence o f this defect w ill be explored in the ensu­
ing chapters.

6
The Manipulation 
of Social Choices: 
Strategic Voting

The possibility o f a lack o f meaning in the outcome is a serious problem 
fo r social judgm ent and social choice. I t  forces us to doubt tha t the con­
tent o f “ social welfare”  or the “ public interest”  can ever be discovered by 
amalgamating ind ividual value judgments. I t  even leads us to suspect that 
no such th ing as the “ public interest”  exists, aside from  the subjective 
(and hence dubious) claims o f self-proclaimed saviors.

Serious as are such (probably irresolvable) epistemological and on­
tological questions, i t  seems to  me tha t the simple practical consequences 
fo r social choices are much worse. These consequences are either tha t 
power is concentrated in society or tha t any system o f voting can be 
manipulated to produce outcomes advantageous to the manipulators or at 
least d ifferent from  outcomes in the absence o f m anipulation. I f  we as­
sume that society discourages the concentration o f power, then at least 
two methods o f m anipulation are always available, no m atter what 
method o f voting is used: F irst, those in  contro l o f procedures can ma­
nipulate the agenda (by, fo r example, restricting alternatives or by ar­
ranging the order in which they are brought up). Second, those not in 
control can s till manipulate outcomes by false revelations o f values.

Both methods assume a static world, w ith  the number o f pa rtic i­
pants and alternatives fixed. Hence sometimes a profile o f preferences 
cannot be manipulated by anyone. For example, i f  a ll participants are 
unanimous, no one has a motive to manipulate; and, given a voting system 
satisfying the Pareto condition, i t  is impossible to manipulate anyway. But 
in a dynamic world, where the sets o f participants, N , or o f alternatives, 
X ,  can vary, some kind o f m anipulation is probably possible w ith  any 
profile. For example, in an X  w ith  m  elements, even i f  everyone prefers x, 
to the m  — 1 other alternatives in  X ,  s till when X  is enlarged to X '  con-
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ta in ing some x m + ]th element, unanim ity may vanish and the potential fo r 
m anipulation may appear.

4.A. The Elements of Manipulation

By lim itin g  the discussion in it ia lly  to the static case w ith  fixed N  
and X ,  i t  is easy to illustrate  the possibilities o f m anipulation w ith  simple 
m ajority  voting and the amendment procedure, although in  principle sim i­
la r possibilities exist— even in the static case— for a l l  procedures. Suppose 
there are four alternatives, X  — (w, x , y , z), z is the status quo, and three 
roughly equal factions have this profile:

Faction 1: w x  y  z 

Faction 2: x  y  z w 

Faction 3: y  z w  x

In  the abstract, this profile produces a cycle w P x P y P z P w ;  so a ll a l­
ternatives tie. But, given the amendment procedures, appropriate control 
o f the agenda produces particu lar (though d ifferent) winners. Suppose 
faction 3 can control the agenda (perhaps by contro lling  an agenda­
making body like  the Rules Committee o f the U.S. House o f Representa­
tives). Then, by posing its firs t choice, y,  as the orig ina l motion w ith  x  and 
w  as amendments, faction 3 can make y  w in in a decision process that 
proceeds in  this way:

Step 1: x  vs. w; w  wins (w ith  1 and 3)

Step 2: u> vs. y;  y  wins (w ith  2 and 3)

Step 3: y  vs. z; y  wins (unanimously)

Hence C(w, x,  y,  z)  =  y.  Suppose, however, faction 2 controls the agenda­
m aking body. Then by posing x  as the o rig ina l alternative w ith  y  and w  as 
amendments, faction 2 can make x  win:

Step 1: t v v s .y ; ; '  wins (w ith  2 and 3)

Step 2: x  vs. y;  x  wins (w ith  1 and 2)

Step 3: x  vs. z; x  wins (w ith  1 and 2)
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So C (w, x , y , z ) =  x . Faction *1 cannot make w, its firs t choice, w in be­
cause w  loses to z, faction l ’s least-desired choice. But faction 1 can, o f 
course, make either x  or y  w in, both o f which faction 1 prefers to z. So 
every faction can produce a preferred choice by control o f the agenda. 
W hether x , y , or even z wins thus depends not only on participants’ pref­
erences, but also on the chance o f which faction controls the agenda.

I t  is true that, i f  the procedure included an u ltim ate  fourth  step in 
which the survivor at the penultimate step was placed against each o f the 
others, then tha t survivor would also lose— and z would w in by defau lt.1 
This is not necessarily a desirable outcome, however, because z loses 
unanimously to y  and by two-thirds to x. The more elaborate procedure 
renders manipulation s ligh tly  more d ifficu lt, but i t  may lead to a worse 
outcome— and, o f course, m anipulation by false revelation o f preferences 
is not prevented at a ll.

Le t us look, then, at strategic voting, which is available even to those 
less powerful people who do not control the agenda. Suppose faction 3 
does make y  the orig inal motion and presumptive winner. Can factions 1 
and 2 do anything in  response? Indeed, members o f faction 1 can, fo r 
example, vote strategically as i f  the ir valuations were x w y z  (instead o f 
w x y  z, as they tru ly  are). Then x  would be the Condorcet winner:

Step 1: x  vs. w; x  wins (w ith  1 and 2 because 1 votes strategically)

Step 2: x  vs. y ; x  wins (w ith  1 and 2)

Step 3: x  vs. z; x  wins (w ith  1 and 2)

Hence C (w, x , y , z) =  x . A lthough faction 2 cannot alone stop y , mem­
bers o f 2 can, o f course, urge faction 1 to do so.

Conversely, i f  faction 2 succeeds in making x  the orig inal motion 
and presumptive winner, members o f faction 3 can thw art 2 by voting 
strategically, as i f  3’s valuations were w y  z x  (instead o f the true valu­
ation, y  z w x ) .  The process w ill then be:

Step 1: w vs. y; w wins (w ith  1 and 3 because 3 votes strategically)

Step 2: h> vs. x ; w  wins (w ith  1 and 3)

Step 3: w  vs. z; z wins (w ith  1 and 3 because 3 reverts to the true
valuation, y  z w  x )

So C(w, x, y , z) =  z, which is faction 3’s second choice and preferable to 
its last choice, x. Nevertheless, 3 cannot guarantee v ic to ry fo r z because
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faction 1, observing 3’s dissimulation at step 1, can also dissimulate at 
step 2, pretending to hold x  w y  z. So x  w ill survive (w ith  support from  1 
and 2) and u ltim ate ly  beat z (again w ith  1 and 2). Faction 1 w ill thus get 
its second choice, x , rather than its last choice, z, which would be chosen 
i f  1 did not strategically counter 3’s strategic voting.

The social choice depends, therefore, not only on the values o f par­
ticipants, but also on whether any  o f them falsely reveal those values, and, 
i f  any do, on w hich ones do so.

I t  may be thought tha t strategic voting is m ainly characteristic o f 
m ajorita rian procedures. But i t  is just as easy w ith  positional methods 
such as the Borda count. Then, fo r the same profile.

Faction 1: w x y  z

Faction 2: x y  z w

Faction 3: y  z w  x

the Borda sums are: w  =  4, x  =  5, y  =  6, z =  3; so y  wins. But members 
o f faction 1, preferring x  to y , have only to rearrange their revealed order 
to x  w z y , in which case x  =  6, y  =  5, z =  4, w =  3, and x  wins.

Agenda control and strategic voting are often possible in the static 
world, w ith  N  and X  fixed. In  the dynamic world, w ith  both sets variable, 
the possibilities o f manipulation are enormously increased. Indeed, in the 
dynamic world, it  is probably alw ays  possible to manipulate, provided 
participants are eager enough to change outcomes and hence w illing  to 
expend the energy necessary to create new alternatives or to introduce 
new participants.

Suppose, fo r example, there are two alternatives, a and b, and the 
status quo, z, and two parties, w ith  this profile:

Party 1: a z b

Party 2: b z a

Party 1 has an absolute m ajority, 60 percent o f the participants. Then 
w ith  the amendment procedure, the social choice is, fo r certain, a. W hat 
can party 2 do to improve? Party 2 can either bring in more than 20 
percent additional participants as supporters or bring in new alternatives 
that split party 1. Typica lly, the la tte r is the easier path. I t  amounts to a 
dynamic extension o f agenda control, one tha t even allows losers to ma­
nipulate winners.
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As in Display 6-1, let party 2 propose a new alternative, c, which 
splits party 1. In  D 1, there is a cycle in a b c, so the status quo, z, w ill w in 
i f  c is the orig inal motion. In  D 2, c is the Condorcet winner. Really clever 
leaders o f party 2 can occasionally find some c tha t generates D 2, but 
many quite ord inary politicians can invent some c tha t generates D 1.

In  lieu o f expanding X  w ith  c, party 2 can instead trade votes, in 
effect commingling X  w ith  some X '  =  (d , f  \ z ) containing an alternative d  
favored more than a by group A  o f party 1, as in D isplay 6-2.

Assume party 2 would rather w in on b than on / .  Since members o f 
group A  o f party 1 would rather w in on d  than on a, party  2 can offer to 
vote fo r d  in choosing from  X ' , in return fo r which members o f group A  o f 
party 1 promise to vote fo r b from  X .  So C(X )  =  b and C (A ") =  d. Defin­
ing X *  — X  U X ',  then vote-trading is simply coordinated strategic vot­
ing in X * .

Altogether, then, in the static world o f fixed N  and X ,  there are 
many profiles perm itting  m anipulation by agenda control and strategic 
voting. Even i f  such profiles do not exist in the static world, often, i f  not 
always, a dynamic development does perm it m anipulation. The dynam ic 
version o f agenda control is expansion o f X  w ith  divisive alternatives, and 
the dynamic version o f strategic voting is vote-trading. So i t  seems m anip­
ulation is almost always possible.

Is this a really general result? The answer is affirm ative, as I  w ill 
show for strategic voting in  the rest o f this chapter and fo r agenda control 
in the next chapter.

6.B. The Universality 
of Strategic Voting

Is strategic voting possible in any  voting system, given an appropri­
ate profile o f ind ividual values? Ever since Duncan Black pointed out the 
possibility in  his orig inal essay on the paradox o f voting, social choice 
theorists have conjectured tha t the possibility o f strategic voting is an 
inherent feature o f voting methods.2 Recently this conjecture has been 
proved, independently, by A llan  G ibbard and M a rk  Satterthw aite.3 Given 
an appropriate profile o f preferences, any voting method can be m anipu­
lated strategically. Tha t is, assuming there are “ true”  preference orders 
fo r voters, then there are occasions on which some voters can achieve a 
desired outcome by voting contrary to the ir true preferences.4
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Display 6-1

Splitting tlie Larger Party with a New Alternative

D  on X  =  (a, b, z)

Party 1 (60%): a z b
Party 2 (40%): b z a

Note. Alternative a wins.

A  new alternative c in X ' =  (a , b, c, z) is proposed such that the 
result is either D ' or D 2 on X ' .

_________ D ' on X ’ D 2 on X '

Party 1 (30%); c a z b  c a z b
Party 1' (30%); a z b c  a z c b
Party 2 (40%); b z c a b c z a

Number of Votes for the Alternative in the Row 
When Placed in Contest Against 
the Alternative in the Column

For D '

a b c z

a — 60 30 60
b 40 — 70 40
c 70 30 — 30
z 40 60 70 —

So a, b. c, and z cycle and z wins.
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For D 2

a b c z

a — 60 30 60
b 40 — 40 40
c 70 60 — 70 (Condorcct w inner)
z 40 60 30 —

Gibbard remarked and Satterthwaite proved that this result is, in ef­
fect, an application o f A rro w ’s theorem. L ike  A rro w ’s theorem, it  applies 
only to cases where there are three or more alternatives. (Simple m ajority  
voting on tw o  alternatives is not m an ip u la te , though the reduction o f 
many alternatives to two is.) S till the G ibbard-Satterthw aite  result is 
narrower than A rrow ’s theorem. The theorem on manipulation applies 
only to voting, not to amalgamation by other means such as markets. 
Since it does apply only to voting, it  specifically docs not allow fo r ties or 
for the choice o f more than one winner.5

As G ibbard pointed out, however, voting is w ithout meaning unless 
i t  produces a unique outcome. Consequently, the proof that strategic vot­
ing inheres in a ll methods assumes that the method must lead to a unique 
choice. S im ilarly, it is quite easy to devise strategy-proof methods that use 
a chance device. (G ibbard ’s example is good: Everyone marks a ballot 
w ith  a first choice among alternatives, and a decision is made by ran­
domly picking one ballot. Then a ll are motivated to select their true first 
choices. I f  a voter selects otherwise, then, i f  his or her ballot is picked, the 
social choice w ill be less favorable than i f  the voter had selected honestly.) 
A lthough many such devices can be imagined, they a ll violate A rrow ’s 
independence condition in that, for a given profile, the social choice m ight 
be x  w ith one chance selection and y  w ith  another. I t  seems appropriate, 
therefore, to exclude methods o f amalgamation that use chance.6 W hat 
remains are nontriv ia l voting methods, and these are a ll subject to manip­
ulation by strategic voting.7 The conclusion is, therefore, that any ordinal 
method o f voting can be manipulated by individuals.8 Furthermore, as w ill 
be shown in section 6.D, even demand-revealing voting, which was devised 
to preclude manipulation, is easily manipulable by m inority  coalitions. I t  
seems, therefore, that some potential for manipulation is inescapable.
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D i s p l a y  6 -2

V o t e - t r a d i n g  o n  N e w  a n d  O ld  A l t e r n a t i v e s

D  on X  — (a, b, z)

Party 1, Group A  (20%): a z b
Party 1, Group B  (40%): a z b
Party 2 (40%): b z a

Note. A lternative a wins.

D  on X ' =  ( d . f  z)

Party 1, Group A  (20%): d  z f
Party 1, Group B  (40%): f  z d
Party 2 (40%): f  z d

Note. A lternative /  wins.

Vote trade: Party 2 promises to vote fo r d  and group A  o f party 1 
promises to vote fo r b. The result is:

Contest

a VS. b

Party 1, Group B 40% Party 1, Group A  
Party 2

20%
40%

Total 40% Total 60%

Note. A lternative b wins.

Contest

d vs. f

Party 1, Group A  
Party 2

20% Party 1, Group B 
40%

40%

Total 60% Total 40%

Note. A lternative d wins.
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6.C. Examples of Strategic Voting

Some writers have suggested that strategic voting is so d ifficu lt fo r 
most people that very litt le  o f i t  occurs. Evidence fo r or against this propo­
sition is hard to come by because to know whether people vote strategi­
cally, one must know how their true values d iffe r ( i f  at a ll) from  the 
values they reveal. The observer knows fo r certain only what is revealed, 
so h a lf o f the data fo r comparison are unavailable. Nevertheless, where 
one can make good guesses about true values, i t  appears that quite a lo t o f 
strategic voting takes place.

I n  P l u r a l i t y  V o t i n g

One o f the simplest kinds o f strategic voting occurs in  p lu ra lity  
systems, where supporters o f th ird  parties vote fo r the ir second choice in 
order to defeat the m ajor party candidate they like  the least. (See the 
examples in  section 4.D .) Since this kind o f strategic voting is one motive 
force behind Duverger’s law ( “ The simple m ajority, single ballot system 
favors the two-party system.” ) and since Duverger’s law, properly in ter­
preted, seems almost invariably true, strategic voting o f this sort must be 
very common in single-member d is tric t systems.9

I n  A n  O p e n  P r i m a r y

One complicated strategy, sometimes recommended but, so fa r as I  
know, never used by enough voters to make a difference, is this: Given an 
open prim ary (wherein voters can participate in the prim ary election o f 
any party they select at the tim e o f the p rim ary), given fo r party R  two 
candidates, r, and r 2, and fo r party D  one candidate, d, given tha t the 
chance r, beats d  in the general election is 0.9 and that r 2 beats d  is 0.4, 
then one recommended strategy fo r members o f D  is to vote fo r r 2 in  the R  
primary, so that, i f  the p rio r estimates o f probabilities are accurate, d  w ill 
beat r 2 in  the general election. (S im ila r possibilities exist in any double 
election or runoff system.)

This strategy assumes a profile somewhat like  this, where R , is a
faction in R ,

R { (15%) r \ d  r 2

R 2 (10%) r, r 2d

R , (35%) r 2r, d

D  (40%) d  r, r 2
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and it anticipates voting thus:

Step 1: r, vs. r 2; r 2 wins (w ith  R } and D  or 75%)

Step 2: r 2 vs. d\ d  wins (w ith  72, and D  or 55%)

Something quite like this was recommended by Democratic activists 
in the Wisconsin Republican senatorial p rim ary o f 1956, where r, was the 
incumbent Senator W iley, an Eisenhower Republican, and r 2 was Rep­
resentative Glenn Davis, who was supported by the faction o f Senator 
Joseph M cCarthy. N o t surprisingly, ord inary Democrats rejected this 
complicated and risky strategy, although a large number o f them voted in 
the Republican prim ary fo r Senator W iley, who won the prim ary w ith  
jus t less than 50 percent (there was a tr iv ia l th ird  candidate) and who won 
the general election by a large m ajority.

Tha t ord inary voters reject such a strategy (which may be followed 
by a few party activists) is sometimes cited as evidence that most people 
cannot vote strategically. In  the instance cited, however, many Demo­
cratic  voters apparently voted fo r Senator W iley, that is fo r r, rather than 
fo r the ir true preference, d, which is also strategic voting— and, fu rthe r­
more, probably more in  accord w ith  the ir desired result.

Assume, as in Display 6-3, appropriate probabilities o f election 
outcomes and the fo llow ing (possible but im aginary) cardinal u tilities fo r 
the election:

d  (M a ier) r, (W iley) r 2 (Davis)

Dem ocratic activists 1.0 0.2 0.0
O rd inary Democratic voters 1.0 0.8 0.0

in  Republican prim ary

Then a l l  Democrats (activist and ordinary voters alike) who voted in the 
Republican prim ary voted strategically, although, having d ifferent values, 
they voted differently. In  Display 6-3 is a calculation, based on imaginary 
p rio r expectations o f outcomes, to show that both strategies are reason­
able fo r d ifferent persons. I f  so, then— far from  showing that strategic 
voting is rare— an election like  th is is in  fact evidence tha t i t  is quite com­
mon. M any Democrats d id vote fo r the ir probable second choice (W iley) 
in  order to elim inate fo r certain the ir probable th ird  choice (Davis). Those 
activists who interpreted the outcome as evidence o f nonstrategic voting 
merely a ttributed the ir own intense interest in electing a Democratic sen-
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ator to ordinary voters who were probably instead intensely interested in 
rejecting M cCarthyism .

The rationale fo r d ifferent choices by d ifferent kinds o f Democrats 
among alternative strategies is set fo rth  in D isplay 6-3. The rationales 
depend on the notions o f p rio r probabilities and expected u tility . There 
are three possible outcomes: X  =  <9, (d  wins), X  =  0 2 (r, wins), X  =  0 2 
( r 2 wins). There are three possible actions fo r Democratic voters, set fo rth  
in  column 1 o f the Display: A  =  a ] (vote fo r d  [M a ie r] in the Democratic 
prim ary), A  =  a 2 (vote fo r r, [W iley ] in the Republican p rim ary), A  =  
a } (vote fo r r 2 [Davis] in  the Republican prim ary). Each action, ait leads 
to a d ifferent arrangement o f expectations about outcomes, the calcula­
tion o f which is set fo rth  in columns 2 and 3. The fo llow ing assumptions 
underlie these probabilities.

For column 2:

I f  Democrats vote in  the Democratic prim ary, then in the uninvaded 
Republican prim ary r, (W iley) would w in w ith  probability  0.3 and 
r 2 (Davis) w ith  0.7. (Presumably Davis had the lead over W iley 
among Republicans.)

I f  Democrats invade the prim ary to vote fo r W iley, however, r, 
(W iley) would w in w ith  probability  0.7 and r 2 (Davis) w ith  0.3. 
(Presumably strategically voting Democrats could render W iley the 
most probable winner.)

I f  Democrats vote fo r Davis (a h igh ly improbably event), then r, 
(W iley) would w in w ith  probability  0.1 and r 2 (Davis) w ith  0.9. 
(Presumably Democrats could render Davis an almost certain 
winner.)

In  column 3, the assumptions are that, in general elections in head- 
to-head contests, the probabilities o f v ictory are

r, (W iley) VS. d  (M a ie r)

p (r ,)  = 0 .9 p (d )  =  0.1
0.9 + 0.1 =  1

r 2 (Davis) vs. d  (M a ie r)

•'I N 'W
' II O p (d )  =  0 .6

0.4 + 0 .6 =  1
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Imaginary Expected Utility of Alternative Actions for Democrats 
in the 1956 Wisconsin Senatorial Primary ,

(1) (2) (3) (4) (5) (6) (7) (8)
Voters’ proba-

bilities for
outcome of Voters’ Voters’
Republican probabilities probabilities for Activist Democrats Ordinary Democrats

Alternative primary, given for outcomes final outcomes Expected utility Expected utility
actions for action in of general for each action Utility for for outcome Utility for for outcome
Democrats column 1 election (Col. 2 • Col. 3) outcome and alternative outcome and alternative

y  Wiley .9 .27 Wiley wins 0.2 .054 0.8 .216
/  wins

Wiley
*1 /w ins .3 ' \  Maier

Vote in ,/ x  wins .1 .03
Democratic/

primary \
\ , Maier .6 .42

N Davis .7 /
/  wins .45 Maier wins 1.0 .450 1.0 .450

wins
\  Davis .4 .28 Davis wins 0.0 .000 0.0 .000

^wins 1.00 .504 for a, .666 for a,

/ Wiley .9 .63 Wiley wins 0.2 .126 0.8 .504
/ /  wins

Wiley (a2 
Vote in

/  wins .7 \ \  Maier 
'  wins .1 .07

Republican /
primary \  

for Wiley \
, Maier .6 .18

Davis V /  wins .25 Maier wins 1.0 .250 1.0 .250
wins \ v Davis .4 .12 Davis wins 0.0 .000 0.0 .000

'  wins 1.00 .376 for a2 *.754 for a2

, Wiley .9 .09 Wiley wins 0.2 .002 0.8 .072
/  wins

Wiley (
/wins .1 \ \ Maier

'  wins .1 .01
Vote in

Republican /
primary \  

for Davis \ . Maier .6 .54

Davis V
/  wins .55 Maier wins 1.0 .550 1.0 .550

wins \ v Davis .4 .36 Davis wins 0.0 .000 0.0 .000
'  wins 1.00 ♦■552 for a, .622 for a3

—

’ Action with highest expected utility for category of voter.
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The results in  column 4 are several outcomes: 0 ] (W iley  wins), 0 2 
(M a ie r wins), and 0 3 (Davis wins). These are calculated by m ultip ly ing  
the probabilities along each path from  a, to the three possible outcomes 
associated w ith  it. For example, along the top path (0.3)(0.9) =  .27. N o ­
tice that, fo r each a „  there is some probability  fo r each outcome, O,, and 
the sum o f the probabilities fo r the outcomes is 1. For example, fo r a,, 
p , ( 0 , )  =  .27, p , ( 0 2) =  .45, and p , ( 0 3) = .2 8  and .27 +  .45 +  .28 =  1.0.

I t  is not enough, however, to know the varying probabilities. Action 
a3 gives the highest probability  o f d  winning:

P robability  o f 0 2 (M a ie r wins)

a, (vote in  Democratic prim ary) .45
a2 (vote fo r W iley) .25
a3 (vote fo r Davis) .55

S till, this action may not lead to the highest satisfaction. In  order to 
estimate the anticipated satisfaction from  the choice o f an alternative 
action, one can m u ltip ly  the probability  o f an outcome, given some ac­
tion, a „  times the value or cardinal u t ility  ascribed to it  by the Von 
Neum ann-M orgenstern experiment, as previously imagined. Summing 
the result fo r a ll O, fo r a particu la r a, gives its expected u tility .10 Thus, 
expected u t i l i t y  is the measure o f the satisfaction one anticipates from  an 
action before one takes it, given, o f course, a ll the assumptions one makes 
about the probable effects o f the action on the occurrence o f alternative 
outcomes.

The usefulness o f the notion o f expected u tility  is simply tha t one 
can calculate the expected u t ili ty  o f a lternative actions and then select the 
action that provides the highest expected u tility . In  the instant example, 
the expected u tilities  o f the several actions fo r activist and ord inary Dem­
ocrats are easy to compare (the asterisks indicate the largest u t ility  in the 
column):

Action

Expected u tility  

For activist Democrats For ordinary Democrats

.504 .666
«2 .376 .754*
*3 .552* .622

...
...
...
...
..
;»

r 
' 

ri
i.

. 
it
rr

 i
.■

 in
n
1 ir

iir
M

T
iir

i m
 
r
 •

• 
rf

'ii
rr

ii'
ii' 
iT

i'ir
iri
'iii
iti
rii
ffi
rr
iT
irt
tll
ilB

ilw
a
iiM

liM
ir-̂

 l
ll
ll
'‘f

1fl
 i

6.C. Examples of Strategic Voting 151

Clearly, neither should in  this example choose the “ naive”  strategy 
o f voting fo r M aier, the first choice. Activists should choose a3, voting 
strategically fo r r 2 (Davis); ordinary Democrats should choose a2, voting 
strategically fo r r, (W iley ). These are, o f course, relatively easy and 
straightforward strategic choices, and a large but indeterminate number 
o f Democrats did in fact vote strategically.

In Union Elections

There are instances o f h igh ly complicated strategic voting by select 
groups o f voters. One such example, analyzed by Howard Rosenthal, in ­
volves voting by proportional representation in  union elections in  France." 
Strategic voting is possible— and perhaps frequent— in a ll systems o f pro­
portional representation. A  voter may tru ly  order the parties or candidates 
x „  i  =  1 , . . . , « ,  like  this, X jP x k P x h, but s till vote for x k rather than fo r 
Xj because, fo r example, o f a belief tha t x k w ill be more like ly  to enter a 
governing coalition. The strategy used by union “ m ilitan ts”  is, however, 
much more complex and is designed to discomfit the leaders o f opposing 
unions. Rosenthal cites evidence tha t this strategy and a defense against i t  
are used in a number o f French labor unions.

Voting is fo r lists, offered by competing unions, fo r membership on 
committees in firms. Each union may offer a list, w ith  names ordered as 
its leaders choose (typ ica lly  w ith  the most im portant leaders highest), o f 
as many candidates as there are seats on the committee, though to apply 
the strategy here discussed the union must offer more candidates than it  
expects to win. Even small unions often offer a fu ll list, presumably to 
demonstrate the ir legitimacy. Each voter can vote fo r one list, although 
voters can strike out names on it, thereby losing votes. The votes fo r a 
candidate are the number o f votes fo r the list less the number o f times the 
candidate’s name is stricken. The votes for the lis t are the average o f the 
votes for its candidates. Seats are then assigned to unions by the highest- 
average method (see Chapter 2, note 2), the first seat assigned to a union 
being in tu rn  assigned to the candidate on its lis t w ith  the most votes.

I f  leaders o f union A  anticipate some “ wasted votes” — that is, i f  
they expect to win k  seats whether they get v or v — £ votes— , then they 
can have a few o f A ’s m ilitan ts vote fo r union B's list, s trik ing  out as many 
o f the top names on B ’s lis t as A ’s leaders expect B  to elect. Assuming the 
members o f union B  vote sincerely fo r the entire B  list, A ’s m ilitan ts w ill 
thus have reduced the vote fo r B ’s main leaders, thereby electing presum­
ably less effective spokespersons fo r B. But the leaders o f union B  have a 
defense: They can arrange for B ’s m ilitan ts to strike out a ll but the top 
names on B's list, those whom B ’s leaders hope to elect. I f  the m ilitan ts o f
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both unions vote strategically, then tha t union succeeds which has the 
greatest absolute number o f m ilitan ts engaged in  the strategy.

This seems to me a remarkable instance o f strategic voting, requir­
ing a high degree o f both in form ation and discipline. That i t  occurs as 
frequently as i t  apparently does is strong evidence that strategic voting is 
widespread.

In the U .S . House of Representatives

Since the three foregoing examples o f strategic voting do not display 
the process in complete detail, I  w ill conclude w ith  an example from  the 
U.S. House o f Representatives, where i t  is easy to see the motives fo r and 
the complexity o f strategic voting and where many observers were con­
vinced that some members gained a lo t by voting contrary to the ir true 
and well-known tastes.12

This example involves a b ill in 1956 to authorize grants to help 
school d istricts w ith  construction costs. Because schools were then becom­
ing overcrowded w ith  the children o f the post war baby boom, there was 
an obvious argument for this b ill, especially since i t  involved only con­
struction, not maintenance, and thus partia lly  avoided the divisive issue 
o f funds fo r sectarian schools, an issue tha t had stymied federal aid to 
education fo r the previous eight years. Consequently, there was probably 
a substantial m a jority  in favor o f the authorization, even though i t  meant 
a sharp break from  the trad ition  o f local financing. Nevertheless, the 
question was complicated because school desegregation also entered in. 
An amendment, offered by Adam  C layton Powell, a black representative 
from  Harlem , provided that grants could be given only to states w ith 
schools “ open to a ll children w ithout regard to race in conform ity w ith 
requirements o f the United States Supreme C ourt decisions” — a reference 
to the 1954 decision in ,B row n  vs. B o a rd  o f  E duca tion , holding racia lly 
segregated schools unconstitutional.

There were, thus, three alternatives before the House:

a. The b ill as amended by Powell’s amendment

b. The orig inal unamended b ill

c. The status quo— that is, no action

W ith  three alternatives instead o f jus t two (tha t is, instead o f ju s t alterna­
tives b and c), some who favored the status quo were able to vote strategi­
ca lly to generate a cycle. And, under the non-neutral amendment proce­
dure, i f  a cycle exists, the status quo wins.
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Since there were only two ro ll calls on the three alternatives, there 
is not enough inform ation to specify complete preference orderings. But 
there is enough data from  other ro ll calls in 1956 and 1957 and from  the 
debate to show tha t some people probably voted strategica lly and that 
there were enough o f them to generate a cycle.

The two ro ll calls were (1) a vote on the Powell amendment, which 
passed, and (2) a vote on final passage o f the b ill, which failed. These 
votes can be summarized as in D isplay 6-4.13

From the data, it  is easy to calculate the social choices fo r a lter­
native a vs. alternative b and fo r a lternative a vs. a lternative c. The vote 
on the Powell amendment pits a against b so tha t yea means a vote that 
C(a, b ) =  a, while nay means a vote tha t C(a, b ) =  b. Since the yeas 
won, C (a, b) =  a (by 229 to 197).

S im ilarly, the vote on final passage pits a against c so tha t yea is a 
vote that C (a, c) =  a, and nay is a vote that C (a, c) =  c. Since the nays 
won, C (a, c) =  c (by 227 to 199).

To establish the choice between b and c, we can infer, firs t o f a ll, 
that those who voted yea on final passage preferred b to c. There are three 
ways that a (the amended b ill)  stands ahead o f c (the status quo):

a b e  and b a c: These orderings mean tha t school aid, w ith  or w ith ­
out the Powell amendment, is preferred to no aid.

a c b: This ordering means tha t school aid is preferred to the status 
quo only i f  the Powell amendment is attached.

Display 6-4

Voting on Aid to Education

Final passage

Yea N ay Total

Powell Amendment 
Yea 132 97 229
N ay 67 130 197
Total 199 227 426
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N oth ing  in  the ideological circumstance o f 1956 rendered the la tte r order­
ing likely, especially since the Powell amendment won. So I  conclude that 
the 199 who voted fo r final passage had either a b c  or b a c and thus all 
preferred b to c. In  addition, some members, mostly Southern Democrats, 
almost certa in ly ordered b c a, which means tha t they wanted school aid 
w ith  desegregation but would forgo the aid i f  desegregation were re­
quired. Eighteen Democrats— 15 from  the South and border— who voted 
against final passage o f the b ill w ith  the Powell amendment and who were 
s till in the House in 1957 when another school construction b ill w ithout 
the Powell amendment came up— voted in 1957 in  support o f school con­
struction. Hence, i t  appears tha t at least 18 o f those who voted fo r c 
against a nevertheless preferred b to c. So I  conclude that, since 199 had 
a b a or b a c and at least 18 had b c a, C (b , c) =  b (by an imputed vote o f 
217 to 209). This leads to a cycle: a beats b, b beats c, and c beats a.

Although one cannot know fo r sure the motives or true tastes o f the 
97 members (a ll Republicans) who voted yea on Powell and nay on final 
passage, a substantial amount o f evidence indicates that they voted strate­
gically. C erta in ly  the Democratic leadership believed they did. Represen­
tative Bo lling  o f M issouri read in to  the C ongressional R ecord  a message 
from  form er President Truman:

The Pow ell amendm ent raises some very d if f ic u lt  questions. I  have 
no doub t th a t i t  was p u t fo rw a rd  in  good fa i th  to  p ro te c t the r ig h ts  o f  o u r 
citizens. However, i t  has been seized upon by the H ouse R epub lican  lead­
ersh ip , w hich has a lw ays been opposed to  F edera l a id  to  education, as a 
means o f  de fea ting  Federa l a id  and  ga in in g  p o l it ic a l advantage a t the 
same tim e. I  th in k  i t  w o u ld  be m ost u n fo rtuna te  i f  the Congress sh ou ld  
f a l l  in to  the tra p  w hich the R epub lican  leadersh ip  has thus set. Th is  is 
w ha t w o u ld  happen i f  the H ouse were to  adop t the  Pow ell amendm ent. 
The re su lt w o u ld  be th a t no Federa l le g is la tio n  w o u ld  be passed a t a ll, 
and the loser w o u ld  be o u r ch ild re n  o f  every race and  creed in  every S ta te  
in  the U n io n .'4

Trum an is suggesting tha t there are four positions on the subject:

1. Pro school aid: M ostly  N orthern  Democrats and some Republicans 
who recognize tha t passage o f the Powell amendment would alienate 
Southern supporters o f the b ill, which w ill thus fa il. Consequently, this 
group, even though i t  m ight ideologically prefer a to b, orders the b ill 
ahead o f the Powell amendment, b a c, because i t  wants the b ill.

2. Pro Powell amendment: M ostly N orthern  urban Democrats w ith  a sub­
stantial number o f blacks in the ir d istricts, who, though favoring school 
aid, clearly favor a more than anything else. This group orders a b c .
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3. Segregationist Democrats, mostly Southern, who would like school aid 
but w ill reject i t  i f  i t  entails desegregation. This group orders b c a.

4. Anti-schoo l aid Republicans, whose ordering is c a b  i f  they oppose 
segregation, c b a i f  they favor segregation.

Trum an’s assertion is that the true position o f members in category 4 is 
c b a, but they are pretending to hold c a b  in order to defeat the b ill. He 
assumes that, i f  members in 4 voted the tastes he has imputed to them, the 
process would go like  this:

Step 1: a vs. b; b wins w ith  1 ( b a c), 3 (b  c a ), and 4 (c  b a)

Step 2: b vs. c; b wins w ith  1 (b  a c), 2 (a  b c), and 3 (b  c a)

However, since people in group 4 are going to vote strategically, the pro­
cess w ill actually go like  this:

Step 1: fl vs. i ;  a wins w ith  2 ( a b c )  and 4 ( c a b ,  which Truman 
believes is strategic)

Step 2: a vs. c; c wins w ith  3 (b  c a) and 4 (c  a b or c b a)

Just because Truman and Bolling— intense partisans— attribute  
tastes to the ir enemies, i t  does not fo llow  tha t the a ttribu tion  is correct. 
Conceivably, every one o f the 97 Republicans believed in the order c a b ,  
in which case they were un fa irly  maligned by Truman because they voted 
according to the ir true values. I f  so, the cycle, which clearly existed, was 
entirely accidental and owed nothing to strategic voting. There is some 
support fo r this interpretation because Republicans had, in an earlier 
trad ition , supported blacks’ aspirations more than had Democrats, and in 
1956 President Eisenhower was attem pting to revive that trad ition . On 
the other hand, there is some evidence this cycle was contrived:

Item : Several members in category 4 gave speeches favoring both 
integration and school aid, which implies either a b c  (like  group 2) 
o r b a c (like  group 1). Yet they actually voted fo r c against a. This 
suggests tha t they were influenced to vote as part o f a unified 
maneuver.

Item: A t  least 12 members in category 4 soon afterward voted 
against various c iv il rights provisions o f other b ills, which suggests 
that their true opinions were, as Trum an believed, c b a.
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Tha t some strategic voting occurred seems extremely likely. Whether i t  
was enough to generate the cycle, we cannot know. O nly 32 o f the 97 had 
to vote strategically to contrive the cycle, however, and I th ink  i t  like ly 
that at least 32 did so.

6.D. The Consequences 
of Strategic Voting

Strategic voting, i f  successful produces an outcome d ifferent from  
the “ true amalgamation,”  however defined, o f the values o f the members 
o f the group.15 O f course, ju s t what the “ true amalgamation”  is depends, 
as was shown in Chapter 4, on the voting system in use. But, given an 
agreed-upon constitution for voting, there is some specific outcome pro­
duced by voting in accord w ith  one’s true tastes. That specific outcome—  
the “ true amalgamation” — is precisely what strategic voting displaces.

W hether this displacement is good, bad, or ind ifferent depends on 
one’s standards. For example, in the election o f 1912 (see section 4 .D ), i f  
T a ft voters had voted strategically, Roosevelt, who was, possibly, the so­
cial choice by both the Condorcet criterion and the Borda method, would 
have been elected. I f  one believes those methods better than p lu ra lity  
voting, then strategic voting would have produced a social gain; s till the 
W ilson supporters and the Taft supporters, who did not vote strategically, 
probably would not have thought so. In  the case o f the Powell amend­
ment, construction would probably have been authorized in the absence o f 
strategic voting. That would have been a social gain fo r the m ajority  that 
wanted new schools more than anything else, including o f course, those 
who would have used the schools to deny c iv il rights. On the other hand, it 
would have been a social loss fo r the m ajority  tha t opposed federal inva­
sion o f school financing or did not want to perpetuate racism in schools. I t  
is hard to say whether one m ajority  is “ better”  than another.

In  general I  see no way to evaluate the consequences o f strategic 
voting. In  m a jority  decisions between pairs o f alternatives, strategic vo­
ting  (given perfect in form ation) leads to the selection o f the Condorcet 
w inner— i f  one exists— or o f some alternative in  the top cycle. Sincere 
voting in this procedure, however, may lead to a less-desired choice.16 But 
this is jus t one procedure; in others— for example, positional methods—  
sincere voting may lead to “ better”  results. A l l  we know in general is 
that the outcome o f strategic voting differs from the outcome o f sincere 
voting.17
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The most extreme version o f strategic voting is vote-trading, which 
is coordinated strategic voting on two or more issues. L ike  strategic voting 
by individuals or ideologically unified groups, vote-trading requires tha t 
traders vote contrary to  the ir true tastes on some issues. T ha t is, when 
trad ing on motions x  and y , person 1 votes sincerely on *  and strategically 
on y  while person 2 votes strategically on x  and sincerely on y . L ike  strate­
gic voting also, vote-trading can improve the outcome fo r individuals and 
possibly fo r a m a jority  as well. And finally, again like  strategic voting, 
vote-trading can also produce the worst possible outcome, wherein each 
trader— and everybody else— is worse off.

I t  is not always possible to trade votes, as I  have already pointed out. 
For example, i f  the same absolute m a jo rity  passes two motions, no trade is 
available. For a trade to occur, there must be, fo r two voters (o r groups o f 
voters) and two issues, a situation in which person (or group) 1 is

Pivotal on the w inning side on issue x  (p ivotal in the sense that, by 
changing sides, person 1 changes the outcome on x )

On the losing side on issue y  and more interested in  obtaining his or 
her (or the ir) preferred outcome on issue y  than on issue x

and conversely for person (or group) 2. When these conditions are met, 
person 1 can change sides on x  and thus help person 2 get what he or she 
(or the group) most wants and person 2 can change sides on y  and thus 
help person 1 get what he or she (or the group) most wants. Both persons 
(or groups) w ill then be better off. These conditions are, however, restric­
tive, so trading is not always possible.

When vote-trading can occur, i t  vastly expands the possibilities o f 
strategic voting. On a motion, x , there are exactly two positions: (1 ) sup­
port, which w ill be w ritten  x , and (2) opposition, or “ not x ,”  which w ill be 
w ritten  5c. Under simple m a jo rity  voting on a pair o f alternatives, x  and 5c, 
the choice between the alternatives is ambiguous only in case o f a tie. I f  
either x  or 5c wins, tha t choice cannot be upset by strategic voting simply 
because one is better fo r a m a jority  than the other. But i f  another motion, 
y , w ith  possible choices, y  and y , is jo ined w ith  the consideration o f x , 
there are four possible choices: x  y , x y ,  5c y , and 5c y . And w ith  four 
alternatives strategic voting is, o f course, possible.

Let us introduce a notation and assume simple majority voting:
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qx =  C (x , 5c), so q is the choice between passing and defeating x , 
assuming sincere voting.

Q * =  q t, q i , __ _ qm, fo r m  motions, so Q *  is the social choice from
sincere voting on each motion separately.

Q  =  C (x y . . . , x y . . . , . . . , 5 c y . . . , . . . , 5 c y . . . )  fo r m  motions, 
so Q is  the social choice among passing all, passing some and defeat­
ing others, and defeating all.

One can then point out that, although q  is stable in the sense that i t  can­
not be overturned by strategic voting, Q *  may not be the same as Q  be­
cause o f vote-trading and Q  is not stable because i t  may be overturned by 
vote-trading. O f course, Q  is most obviously unstable i f  the relation, P, o f 
soc ia l preference is cyclic— if, that is, x y  P  x y  P  x y  P  5cy P  x y . 's But Q  is 
also, in a lim ited way, unstable, even i f  Q  is a Condorcet winner.

Consider, first, a cyclic situation, w ith  three voters and two mo­
tions, as in D isplay 6-5. Clearly, i f  voters vote sincerely, C (x , 5c) =  x  
(because voters 2 and 3 prefer x ) and C (y , y )  =  y  (because voters 1 and 3 
prefer y )  and qx and qy are ind iv idua lly stable. Hence Q * =  x y , but 
Q *  need not be the social choice because Q  is unstable in  the cycle: 
x y  P  x y  P  x y  P  x y  P  xy . Indeed C (xy , xy , xy , x y ) =  (x y , x y , xy , 5cy) — 
Q, which means that the outcome may be any o f the possible ones. Voters 
1 and 2 can trade, so each gets his second best, xy . (That is, 1 votes sin­
cerely fo r x  and strategically fo r y , while 2 votes strategically fo r x  and 
sincerely fo r y .)  But voter 3 can perhaps upset this outcome, which she 
most dislikes, by trad ing w ith  2. I f  2 agrees to abandon his trade w ith  1, to 
continue to vote sincerely fo r y , and to change his strategic vote fo r x  to a 
sincere vote for 5c, then 3 can vote sincerely for 5c and strategically fo r y , 
thus producing Q  =  5cy, which both like better than Q =  xy . And so on 
around the cycle. W hat outcome w ill eventually occur is ju s t a m atter o f 
where trading happens to stop. So anything can happen and Q  is w holly 
unstable.

I t  is a remarkable fact that Q  is unstable even i f  there is no cycle. In 
an example in  D isplay 6-6, adapted from  Thomas Schwartz, under sincere 
voting Q * =  x y  and furtherm ore x y  P  x y  P  5cy P  x y  so there is no cy- 
cle.19 But Q  may be unstable. Voters 1 and 3 may trade in an attem pt to 
produce Q  =  xy . That is, 1 promises to vote sincerely fo r x  and strategi­
cally for y  while 3 promises to vote strategically fo r x  and sincerely for y . 
Assuming 2 votes sincerely fo r x  and 4 votes sincerely fo r y , then the 
outcome is Q  =  x y  (because 1, 2, and 3 voted fo r x  and 1, 3, and 4 voted 
for y ) .  O f course this can be upset by a trade o f 2 and 4 to return to 
Q =  xy , which both prefer to x y  (tha t is, 2, 4, and 5 vote fo r x  and y ) .

Display 6-5
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is !

A Cyclic Situation for Vote-Trading

In  each column is the ordinal ordering fo r that voter o f outcomes on 
x  and y . The most highly valued outcome is at the top o f the column, the 
least h igh ly valued at the bottom.

Voter 1 Voter 2 Voter 3

x y x y 5cy
x y x y x y
x y x y x y
x y x y x y

By sincere voting, the outcome is x y  because voters 2 and 3 vote fo r 
5c and voters 1 and 3 vote for y. Since x y  is less preferred than x y  by 1 
and 2, they can agree to vote fo r x  (strategically fo r 2) and y  (strategi­
ca lly fo r 1) to produce xy.

Display 6-6

The Instability of Vote-Trading Even 
with a Condorcet Winner

Voter 1 Voter 2 Voter 3 Voter 4 Voter 5

x y x y 5cy xy x y
x y 5cy x y x y x y
x y x y 5cy x y xy
x y 5cy x y x y xy

i The Condorcet w inner is x  (by 3, 4, and 5) and y  (by 1, 3, and 4).
But 1 and 3, both o f whom prefer x y  to xy, may trade to produce xy.

1 j- __________________________________________________________________________

V
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Depending on where the trad ing stops, the Condorcet w inner may 
lose. In general, however, i f  there is a Condorcet w inner in (x y , xy , xy , 
x y ) , and i f  voters have perfect inform ation, then members o f the m ajority  
supporting the Condorcet w inner in Q  can, by individual soph isticated  
vo ting  (tha t is, by voting in antic ipation o f votes and trades by others) 
force the choice o f the Condorcet winner.20 And, o f course, that same 
m ajority  *can also enforce the Condorcet winner by a coalition. S till, i f  
inform ation is imperfect and trading is costly, it may be hard for the 
m ajority  to counter m inority  trades. And i f  so, even the Condorcet winner 
may be strategically upset.

Even demand-revealing voting, which was invented to render strate­
gic voting impossible by individuals, is subject to m anipulation by coali­
tions in a way comparable to vote-trading.21 (See Chapter 3, note 18.) 
Since votes are cast in terms o f money, vote-trading is by exchange of 
money. An example is set fo rth  in Display 6-7, where voter 1, fo r example, 
can conspire w ith  voter 3 to upset the “ honestly revealed”  v ictory fo r y .11 
The method is intended to prevent this because each voter is supposedly 
motivated by the tax to vote his or her true tastes. I f  voter 1, fo r example, 
increases his reported valuation o f x  to  $7 to make x  w in, his tax would be 
$5 or his marginal contribution to v ictory for x . (That is, z, the winner 
w ithout l ’s vote, is valued by others at $5 and x  is valued by others at 
zero. To make x  w in, voter 1 must bid more than $5. Hence the tax is 
$5 — 0 =  $5, or l ’s marginal contribution.) Since $5 is a ll that x  is worth 
to 1, it  is apparently pointless fo r h im  to exaggerate his valuation o f x . So, 
w ith  tru th fu l valuation, each voter gets a net value o f $1 from  the choice 
o f y , as in Part A  o f the Display.

But i f  x  were to w in, voter 1 could make $5, part o f which he would 
use to bribe voter 3, say, to make x  w in. Thus it  is not pointless to trade 
votes. I f  voter 1 gives voter 3 a bribe o f $2.50 to report a valuation of, say, 
$4 fo r x  (which eliminates the tax), then x  wins, each makes $2.50 by 
vote-trading, and both are indeed better off. O ther coalitions are possible 
(fo r example, to make z w in), but it  is always possible fo r at least two 
voters to be better o ff from  the choice o f x  or z than from  the choice o f the 
“ true”  winner, y .

In  this example, vote-trading makes a m ajority  better off. This is, 
however, an unusual (even bizarre) method o f voting, and the improve­
ment may be untypical o f ord inary methods. Nevertheless, under ordinary 
procedures, vote-trading can sometimes improve outcomes fo r a m ajority. 
•Schwartz offers a good example, which is set fo rth  in D isplay 6-8.23

W ithout trading, voters 1 and 3 choose x  and voters 1 and 2 choose 
y , so Q * =  xy . Yet Q — x y  is the Condorcet winner (preferred by 2 and 3

1<0 6.E. Vote-trading Ml

to Q *)  and the social order is transitive: x y  P  x y  P  x y  P  xy . The Condor­
cet winner cannot be reached by sincere voting; but, i f  voters 2 and 3 trade 
(w ith  2 voting strategically [yea] on y  and 3 strategically [yea] on jc), 
then both x  and y  pass and a m ajority  is clearly better off.

On the other hand, vote-trading can produce outcomes that are un i­
versally undesirable— outcomes, indeed, tha t everyone is strongly m oti­
vated to reach but that make everyone worse o ff than sincere voting. This 
occurs when issues are voted on serially and when the costs fo r losers are 
large— a common situation in most legislatures. The root o f this disaster 
is that vote-trading imposes an external cost on nontraders.

I f  we th ink o f an external cost as the cost a person suffers through 
no action o f his or her own ( like  the cost to the pedestrian who suffers 
from  auto exhaust), then the nontrading voter (who is changed from  a 
winner to a loser by others’ trad ing) innocently suffers a cost externally 
imposed. Conceivably the gains a member makes on trades m ight out­
weigh any external costs. But jus t as conceivably, the sum o f the external 
costs may exceed the gains from  trade. I f  that happens to everybody, then 
everybody is worse o ff from  trading.

This kind o f outcome seems especially characteristic o f contempo­
rary legislatures, which so often spend more than they tax, thereby gener­
ating infla tion that hurts everybody. They do so because by vote-trading 
they create small benefits such as subsidies, public works, and fixed prices; 
yet the infla tion that the excess cost o f a ll these benefits creates is suffered 
by everybody.

Steven Brams and I  have worked out a h ighly simplified example o f 
such self-destructive trad ing, using card inal u tilities , three voters ( i =  
1, 2, 3), and three pairs o f issues (x  and y , w and z, and t and v) tha t are 
voted on serially so that trades made on p rior issues cannot be undone at 
the time o f later trades. A  different member is le ft out o f the trad ing on 
each pair o f issues. The detail is set fo rth  in D isplay 6-9.24 Considering 
jus t motions x  and y , Q *  =  x y  and the sum o f the u tilities  fo r each voter, 
U „  from  sincere voting w ill be:

U t (* ..y )  =  l  +  l  = 2  

UA*,y) =  1 +  ( - 2 )  =  - l  

U A x,y ) =  ( - 2 ) +  i -------1



Display 6-7

Strategic Manipulation with Demand-Revealing Voting

A. Truthful Voting (Without Vote-Trading)

Valuation of 
alternatives Other

Sum of valuations 
without fs valuation Tax*

Net benefit 
from choice of y 

(Valuation less tax)Voters x y z voters x y  z on i

/ =  1 $5 2 0 2,3 $0 4 5 $1 $2 -  1 =  $1
i =  2 0 2 0 1,3 5 4 5 1 2 - 1 = 1
i =  3 

Sum
1 1 1  
$5 6 5

1,2 5 4 0 1 2 -  1 =  1

Note. Alternative y wins.
*The tax is fs marginal contribution to making the winning alternative (here y) at least tie with any other. Thus, without voter 1, z wins. So 1 pays a tax of 

[(valuation of z without l ’s valuation) less (valuation of y without l ’s valuation)] or $5 — 4 =  $1.

me*

B. Strategic Voting (with Vote-Trading)

Valuation of 
alternatives Sum of valuations True benefit

Voters

(False by voter 3) 

x y z
Other
voters

without fs valuation 

x y z
Tax** 
on i

from choice 
of X

Bribe by 
voter 1

Net
benefit

/ =  1 $5 2 0 2,3 $4 4 4 0 $5 $-2.50 $2.50
i =  2 0 2 0 1,3 9 4 4 0 0 0 0
/ =  3 

Sum

_4

$9
_2

6

_4_

4

1,2 5 4 0 0 0 +2.50 2.50

Note. Alternative x wins.
“ Voter 1 is not assessed a tax because, without l ’s valuation, x  and z tie. Voters 2 and 3 are not assessed because x  wins without 2’s or 3’s valuation.
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Display 6-8

Vote-Trading Improves the Outcome 
for a Majority

Voter 1 Voter 2 Voter 3

x y x y x y
x y x y x y
x y x y x y
x y x y x y

W ithou t trad ing, x y  wins. I f  2 and 3 trade, x y  wins and x y  is better 
than x y  fo r both 2 and 3.

O f course, 2 and 3 can trade, 2 voting (strategically) fo r x  and (sincerely) 
for y  and 3 voting (sincerely) fo r x  and (strategically) fo r y. Then Q  =  
x y  and the sum o f the u tilities w ill be:

U, (x y )  =  ( - 2 )  +  ( - 2 )  =  - 4  

U 2 (x y )  =  2 +  ( - 1 )  = 1

U 3(x y )  =  2 +  ( - l )  = 1

Thus, 2 and 3 have a net gain o f two units and 1 a net loss o f six units. 
Considering jus t this pair, x  and y , voters 2 and 3 have a powerful motive 
to trade and so presumably they do so. As x  and y  are settled and voters 
go on to w  and z, voters 1 and 2 now trade and 3 suffers an external cost. 
So also w ith  t  and v: 1 and 3 trade and 2 suffers. The net effect o f a ll the 
trad ing is as follows:

Outcomes

Voters x y w z t v Total

1 - 4 +  1 +  1 - 2
2 +  1 +  1 - 4 - 2
3 +  1 - 4 +  1 - 2

Display 6-9
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The Paradox of Vote-Trading: 
Cardinal Utilities for Outcomes on Motions

Voters
Preferred
outcome

Cardinal u t i l i ty

M otion  M otion  
wins loses

Preferred
outcome

Cardinal u t ility

M otion  M otion  
wins loses

1* X

M otion  x  

1 - 2 y
M otion  y  

1 - 2
2 X 1 - 1 y - 2 2
3 X - 2 2 y 1 - 1

1 w

M otion  w 
1 - 1 Z

M otion  z 
- 2 2

2 vv - 2 2 Z 1 - 1
3* w 1 - 2 z 1 - 2

1 t

M otion  t  

- 2 2 V

M otion  v 
1 - 1

2* t 1 - 2 V 1 - 2
3 t 1 - 1 f> - 2 2

•Nontrader on the pair o f motions.

Had these voters been able to foresee the sorry consequences, they 
would perhaps have exercised greater self-control, avoided trad ing, and 
produced:

Voters

Outcomes

x y W Z t v Total

1 +  2 - 1 - 1 0
2 - 1 - 1 +  2 0
3 - 1 +  2 - 1 0
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They would a ll have been better o ff w ith  sincere voting than w ith  strategic 
voting. But, given that these are serial events, voters would not dare pass 
up a possible trade. Suppose a voter, try ing  fo r the sincere outcome, re­
fused to trade. Then 1, fo r example, would refuse trades on w  and z and t 
and v. I f  2 and 3 trade on x  and y , however, the result is

Voters

Outcomes

x y wz tv Total

1 - 4 - 1 - 1 - 6
2 +  1 - 1 +  2 +  2
3 +  1 +  2 - 1 +  2

So 1 would be worse o ff fo r not trading, when others traded, than i f  he too 
had traded at every chance. Hence 1 has a strong motive to trade, even 
though he knows i t  w ill hurt. O f course, 1 m ight persuade others to agree 
not to trade; but, as in  any cartel, agreement is d ifficu lt to enforce be­
cause great advantages accrue to those who break the agreement. Since 
the positions o f the players are identical over the three pairs o f issues, 
universal trad ing is to be expected, even though everyone knows i t  w i l l  
m ake everyone worse off.

There is, o f course, one way to avoid th is devastating outcome. Some 
pair, say 2 and 3, can form  a coalition to trade when they can w ith  each 
other and vote sincerely otherwise. Then the members o f the pair each 
gain two units and the outsider loses six. Coalitions o f th is sort are possi­
ble i f  the voters have perfect inform ation about u tilities and about the 
actual issues that w ill arise, and i f  the costs o f organization are less than 
the possible net gains.25 But in  the real world o f legislatures, fu tu re  issues 
are unknown and, even i f  guessed at, the payoff to other members on 
these potential fu tu re  issues is doubtless obscure. Hence when members 
trade on x  and y , they may not know tha t w  and z w ill arise. Moreover, in 
legislatures o f more than a few members, party discipline— that is, coali- 
tional cohesion— over tim e is d ifficu lt and expensive to m aintain. In  de­
centralized governments like  the United States it  is impossible. Since 
members o f a coalition (pa rty) depend fo r reelection almost entirely on 
people in their home d istricts rather than on other members o f the legisla­
ture, leaders o f a legislative coalition can neither reward nor punish its 
members. Hence while people may not hurt themselves by vote-trading in 
the small-group laboratory, they are quite like ly  to do so in the real world.

To summarize the discussion o f vote-trading, I  want to make these 
observations;

6.F. The Ine rad icab ility  of Strategic Voting 1<7

1. Vote-trading enormously expands the potential fo r strategic voting in 
legislatures.

2. One manner in which vote-trading works is by generating cyclic situa­
tions where none existed before.

3. Vote-trading is also possible regardless o f whether Q  is a Condorcet 
winner; vote-trading may even produce another outcome when there 
is a Condorcet winner, although w ith  perfect inform ation and costless 
trad ing the Condorcet winner can always be chosen.

4. Cases exist in which vote-trading improves Q  fo r a m inority  and even 
fo r a m ajority. Possibly more frequently in  the real world, cases also 
exist in which vote-trading makes more people worse o ff than are made 
better off. And there are doubtless occasions in which vote-trading 
makes everybody worse off.

6.F. Tlie Ineradicability 
of Strategic Voting

Strategic voting is an ineradicable possibility in a ll voting systems. 
I t  is not possible fo r me to estimate how frequently chances to vote strate­
g ica lly occur; but I  am sure they are frequent in popular elections and, by 
reason o f vote-trading, almost always present in legislatures. And even i f  
parties are disciplined in order to prevent vote-trading, s till vote-trading 
doubtless occurs inside cabinets and committees.

The factual question o f whether people take advantage o f these op­
portunities is d ifficu lt to answer. To identify  strategic voting requires that 
we know both the voter’s true values and the voter’s actual expression o f 
the values in a vote. From direct observation we can know only the latter. 
We must in fer the form er from  other and softer evidence. Nevertheless, 
considering the real-world examples I  have offered, i t  does seem like ly  
that strategic voting occurs quite  frequently.

I f  it  does, I  conclude that the meaning o f social choices is quite 
obscure. They may consist o f the amalgamation o f the true tastes o f the 
m ajority  (however “ m a jority ”  and “ amalgamation”  are defined), or they 
may consist simply o f the tastes o f some people (whether a m a jo rity  or 
not) who are sk illfu l or lucky manipulators. I f  we assume social choices 
are often the latter, they may consist o f what the manipulators tru ly  want, 
or they may be an accidental amalgamation o f what the manipulators 
(perhaps unintentionally) happened to produce. Furthermore, since we can
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by observation know only expressed values (never true values), we can 
never be sure, for any particu la r social choice, which o f these possible 
interpretations is correct.

M any philosophers, pa rtia lly  aware o f these difficulties, have ar­
gued that strategic voting and vote-trading ought to be prohibited. This is 
shortsighted, o f course, because sometimes strategic voting reveals Con- 
dorcet winners tha t would otherwise lose.26 But since strategic voting does 
often produce “ worse”  situations, i t  is frequently condemned. When i t  was 
pointed out to Borda tha t strategic voting could d istort outcomes, he re­
plied, “ M y  scheme is intended only fo r honest men.” 27 Unfortunately, we 
have no test fo r honesty. I f  a man te lls  me his vote reflects his true tastes, 
how can I prove he perjures himself?

Dodgson (Lewis C arro ll) had a clearer view than Borda. Seeing that 
strategic voting “ makes an election more a game o f sk ill than a real test o f 
the wishes o f electors,”  his solution was that “ a ll should know the rules by 
which this game may be won.” 28 Thereby he displayed the correct belief 
that strategic voting cannot be elim inated. W hat he did not recognize, but 
what we now know, is tha t strategic voting renders the meaning o f a l l  
social choices obscure. I  emphasize a l l  because we never can know, on any 
particu lar outcome, how much or what kind o f strategic voting occurred.

7
Tlie Manipulation of 

Social Choices: 
Control of the Agenda

Strategic voting is usually unobservable, and its incidence is therefore not 
calculable. In  contrast, agenda control, another kind o f m anipulation, is 
often obvious, and its incidence can in  princip le be estimated. This inc i­
dence is surely very high, fo r the consequences o f agenda control are ap­
parent in some degree in the content o f almost a ll social choice. The 
significance, variety, and pervasiveness o f agenda contro l are p a rtia lly  re­
vealed simply by a categorization o f the kinds o f controls exercised. One 
category is control by form al leaders.

In  any organized decision-making body, committee, legislature, or 
whole government, one function o f leaders is to guide the operation o f the 
body. For a body as ad hoc as a ju ry , the judge instructs, setting lim its  to 
the agenda; fo r a committee, a chairperson or agenda committee guides 
the order o f business; fo r a legislature, partia l contro l resides in  chair­
persons (speakers), party and coalition leaders, agenda committees (such 
as rules committees), executives (premiers and presidents) who propose 
bills; and so on fo r nations, corporations, universities, and other bodies. 
Despite institu tiona l variations, the leaders in  every such body must select 
alternatives among which decisions w ill be made, and they must select 
the procedures fo r coming to a choice. Typica lly, o f course, leaders w ork 
w ith in  customs, constitutions, and other constraints; typ ically, also, they 
have some freedom o f choice.

O ften leaders are constrained by procedures tha t allow  the whole 
body itse lf to change leaders’ selections. This means, simply, tha t in  vot­
ing bodies there is a way fo r backbenchers to seize contro l and become 
leaders themselves. Thus, party  leaders may endorse candidates, but the 
final decision on nominations is made in  p rim ary elections or conventions. 
A  chairperson may rule on whether a m otion is in  order, but the ru ling  is 
often subject to appeal to the floor.

169



170 M anipulation: Control of the Agenda

Despite these restrictions, however, leaders’ control o f agenda is or­
d inarily  not challenged. One reason is tha t most bodies have customary 
crite ria  o f fairness, and most leaders abide by them. For example, they 
accept fo r consideration alternatives they oppose when i t  is apparent some 
members are in favor o f them. They use customary routines, bending 
them perhaps, but seldom devising new routines b la tantly designed to get 
the ir owir way. In  the absence o f extreme “ unfairness,”  therefore, leaders’ 
control is seldom challenged. But there is a subtler reason fo r this lack o f 
conflict: To challenge leaders on agenda and procedures is to challenge 
the ir leadership itself. So, unless there is an in tent to  dethrone or displace 
them, leaders usually have some, though constrained, contro l o f the con­
tent o f the set, X , o f alternatives and o f the process by which a choice is 
made from  it.

Thus one category o f methods o f agenda control is defined in terms 
o f leaders’ opportunities to dominate. There is another category, however, 
tha t admits control by ord inary members: They can generate new alterna­
tives. Leaders o ffic ia lly  define X , but the defin ition is in  terms o f what the 
surrounding cu lture suggests, and ord inary members can determine the 
content o f that culture. This method o f control is, o f course, open to 
leaders also; but typ ica lly  i t  is the method used by nonleaders, m ainly 
because i t  is the only one easily open to  them. Furthermore, nonleaders 
are often losers on recent agenda and so have a compelling motive to 
generate a new agenda on which they have a chance, at least, to win.

To summarize: Agenda control consists on the one hand o f chosen 
leaders actually leading and on the other hand o f nonleaders developing 
new alternatives. This chapter consists o f a b rie f survey o f the in fin ite  
variety subsumed in these two categories.

7.A. The Universality 
of Agenda Control

If, given a profile  o f preference, there is some outcome potentia lly in 
a strong equ ilib rium  (in  the sense that, fo r the set Y  o f a ll possible a lter­
natives, some alternative is a first-place choice fo r a m a jority  o f voters); 
and i f  voters have enough inform ation to know tha t such an outcome 
could be arrived at, then i t  is probably d ifficu lt to manipulate an agenda. 
(La ter in this chapter I  w ill sometimes use “ equ ilib rium ”  in  a weaker 
sense to  mean merely a Condorcet winner from  a set, X  (which is a subset 
o f Y )  such tha t th is winner, under sincere voting, can beat each other 
alternative in X  ind ividually, but not a ll others in  X  simultaneously.)
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Since the conditions fo r a strong equ ilibrium  are d ifficu lt to fu lf ill,  
m anipulation o f the agenda is not usually precluded because o f the d is tri­
bution o f tastes. For example, w ith  m a jority  voting, there is often a Con­
dorcet winner w ithout an absolute m ajority  o f first-place preferences in 
X  =  (a , b, c), as in this profile:

D

1 a b c
2 b a c
3 c a b

This condition, o f course, admits strategic voting. A lthough I  do not know 
o f any way, by ind ividual manipulation, to beat an absolute m a jo rity  in 
the static case (where X  is fixed) w ith  m a jority  voting, i t  is easy enough to 
do so in  the dynamic case (where X  is not fixed), by vote-trading. One can 
enlarge X  and thereby transform  £>' into D 2:

D ' D 2

1 2 3 i 2 3

ab ab ab abc abc abc
ab ab ab abc abc abc

• • • • .

• • • * * *

A lthough in  D ' ab seems invulnerable, in  D 2 persons 2 and 3 can trade to 
produce abc. Likewise, in Borda voting even an absolute m ajority  is vu l­
nerable to agenda control, as in  profile D,

D

Z>,-Z)3: a b c
Z>4, D y  b a c

w ith  these point sums: a =  8, b =  7, c =  0. Here a wins w ith  8 points and 
beats each other alternative in pairwise contests w ith  3 or 5 points.
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I f  an additional alternative, d , is added to X  to make it  X ',  and i f  D  be­
comes D ',

D '

D '-D 'y  a b d c
D't , D'5: b d  a c

w ith  these point sums— a =  11, 6  =  12, c =  0, d  =  7— then the winner 
is changed from  a to b.

E quilib rium  is thus a h ighly restrictive notion, probably rarely satis­
fied in nature. O f course, it is satisfied i f  X  has jus t two members and no 
additions are allowed, (this is why simple m ajority  voting is attractive). 
But such an X  is usually the result o f narrowing down a larger set, Y, not 
itse lf in equ ilibrium . Even i f  a given profile over a larger Y  does have an 
equ ilibrium  outcome, leaders s till can manipulate the agenda to prevent 
its adoption i f  voters do not know this outcome exists. This is one reason 
why ordinary members like, and leaders dislike, straw votes, opinion polls, 
and test votes. Such tr ia l runs often reveal equilibria, i f  they exist, and, 
once revealed, they cannot be prevented. Fortunately fo r leaders i t  is often 
d ifficu lt to conduct tr ia l runs, and thus leaders may procure a nonequilib­
rium  outcome simply because voters never discover that an equilibrium  
potentia lly existed.

Since, therefore, the conditions that preclude m anipulation (tha t is, 
equ ilibrium  and  in form ation about it)  are d ifficu lt to fu lf ill,  manipulation 
must usually be possible. Furthermore, i t  is possible under any  method o f 
voting. We know that no fa ir  method o f voting can satisfy the logical 
criterion o f path independence. This criterion (see section 5.F) is the re­
quirement that, regardless o f how alternatives are divided up fo r a serial 
decision process, the same choice w ill result from  all possible divisions.1 
Since no nonoligarchic method o f voting satisfies this criterion, in any 
democratic procedure that operates by successive reduction o f alternatives 
manipulation o f the agenda is possible simply by choosing one division o f 
alternatives into subsets fo r selection rather than another division. Fur­
thermore, even fo r positional methods that operate on the entire set X  
simultaneously, expansion o f the number o f alternatives to form  X '  per­
m its inconsistencies in subset expansion that also violate path indepen­
dence. Consequently, jus t as the inab ility  o f any fa ir  method o f voting to 
guarantee social acyclic ity permits strategic voting, so the inab ility  o f any 
fa ir  method to guarantee path independence permits agenda manipula-
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tion. Since manipulation can occur under any  method o f voting and m ost 
profiles o f preference, we can assume that i t  does occur sometimes.

7.B. Examples of Agenda Control

From the earliest recorded history o f voting bodies we know tha t 
some kind o f manipulation has been standard practice. In  the A thenian 
assembly, choice by lo t was often substituted fo r choice by election be­
cause, w ith  nonsecret voting, great men controlled the ir clients’ choices. 
This crude manipulation was common u n til the end o f the nineteenth 
century in popular elections and is s till the basis o f party discipline (as it  
is euphemistically called) in legislatures.

M uch more interesting than mere physical contro l o f the voter is 
control o f the agenda in such a way that voters are constrained to vote as 
the m anipulator wishes. This kind o f control, though ancient and univer­
sal, is not always easy to observe. So I  w ill here set fo rth  two examples o f 
conscious control o f the agenda, one by P liny the Younger in  the Roman 
Senate, the other by Charles P lo tt and M ichae l Levine in  a contemporary 
laboratory.

In the Roman Senate

Pliny the Younger tells o f an instance o f both kinds o f m anipulation, 
and Robin Farquharson used that tale as the continuing example through­
out his Theory  o f  Voting. P liny presided over a case in  the Roman Senate 
concerning the fate o f the freedmen o f a consul found killed  in  his house. 
The consul’s slaves had already been condemned to death, and trad itiona l 
law required execution o f the freedmen also; but in this case there was 
reason fo r leniency because the consul may have been a suicide, or, i f  
he was murdered, the freedmen may have acted from  “ obedience”  rather 
than from  “ malice.”

There were three factions in the Senate: A , fo r acquitta l, which was 
a p lu ra lity  but not a m a jority ; B, fo r banishment; and C, fo r condemna­
tion to death. P liny favored acquitta l. I f  he had pu t the question in  the 
customary way, pairwise on g u ilt or innocence, B and C would have voted 
together, acquittal would have been elim inated, and then, in  choice be­
tween banishment and death, A  and B would have voted together and the 
u ltim ate  outcome would have been banishment. P liny foresaw tha t out­
come and chose, therefore, to put the three alternatives simultaneously, 
requiring each senator to vote fo r jus t one, in  the hope tha t A ’s p lu ra lity
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would result in acquittal. As i t  happened, the leader o f faction C foresaw 
this consequence and strategically aligned his party w ith  B so that, evi­
dently, banishment prevailed.2 Thus, the presiding officer’s attem pt at 
contro lling the agenda was foiled by the strategic voting o f an opponent—  
convincing evidence that knowledge about manipulation is nearly as old as 
voting bodies themselves.

P lihy did not recognize the frequency o f manipulation, partly  be­
cause the Senate had jus t been reactivated under Emperor Trajan and 
partly  because no science o f politics then existed by which knowledge o f 
such behavior could be systematized. Today i t  is different. A  substantial 
part o f the commentary on legislatures by po litica l scientists concerns 
techniques fo r contro lling agendas by presiding officers (fo r example, 
speakers, o f whom the American prototype was Speaker “ Czar”  Reed, 
and party leaders and premiers, who preside in fact i f  not in name), by 
agenda committees (such as rules committees, cabinets, and even more 
substantive b ill-w riting  committees), and by extra-legislative bodies that 
w rite  bills and select topics fo r legislation (fo r example, specialized bodies 
like  the Office o f Management and Budget in the United States and the 
Treasury in Great B rita in  and diffuse bodies like the bureaucracy, parties, 
and lobbies).

I t  would be burdensome here to repeat or even summarize that huge 
literature. I t  is enough to point out its immediate relevance to this discus­
sion. Nevertheless, I  w ill describe in some detail an experiment on the 
control o f an agenda, which is especially interesting because i t  throws 
ligh t on a d ifficu lt epistemological question that often arises in reflection 
on natural events.

In a Contemporary Laboratory

In  reflecting on the example from  Pliny, i t  m ight be argued that 
banishment would have resulted in  any case because i t  was the Condorcet 
w inner and tha t the assertion about m anipulation is merely m y  a ttribu tion  
o f intent based on m y  interpretation o f the motion and the voting. A  
sim ilar d ifficu lty  arose in  section 6.C, where the observer could not be 
absolutely certain that the cyclic outcome on school construction was in 
fact contrived. Since a ll h istorical interpretation o f m anipulation requires 
an a ttribu tion  o f motives, an a ttribu tion  that cannot be d irectly validated, 
i t  is always possible to assert tha t apparent m anipulation is the product 
not o f actors’ conscious intent, but o f observers’ overactive imagination. 
If, however, one can display instances in which experimenters consciously 
and successfully used different agendas on identical profiles o f preference 
to produce different outcomes, then one has more confidence in historical
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interpretations. Such an experiment was conducted almost exactly for 
these reasons by Charles P lo tt and M ichael Levine.3

They came to the problem out o f a practical interest in influencing 
the composition o f a new fleet o f a irc ra ft fo r a fly ing club. One o f them, 
who was chairman o f the agenda committee, had interests somewhat 
d ifferent from  the interests o f most members. W h ile  nearly everybody 
wanted a fleet composed basically o f moderate-cost (type E) or more 
expensive (type F) four-seat planes, he wanted in addition a secondary 
fleet o f two (or at least one) moderate-cost six-seat planes (type C) and no 
type A , an expensive six-seat plane. A fte r carefully estimating the tastes 
o f members based on earlier discussions and questionnaires, P lo tt and 
Levine devised an agenda that serially narrowed consideration in such a 
way that A ’s were elim inated and C ’s survived: The chosen fleet was seven 
planes— five E ’s and F’s and two C ’s. They believed that the ir agenda had 
an influence because a questionnaire subsequently sent to the members at 
the meeting revealed tha t the Condorcet w inner was a fleet o f six E ’s and 
F ’s, and one A.

Nevertheless, in the absence o f certain knowledge about the pre­
decision profile o f preferences, they could not be absolutely assured that 
they had influenced the outcome. To settle the ir doubts, they then carried 
through a data-generating experiment in which they used different agen­
das for partition ing  a set o f five (wholly abstract) alternatives, X  =  
(1, 2, 3, 4, 5), fo r committees w ith  exactly the same induced preferences. 
The goal o f the experiment was to show that they could use four agendas 
to produce four d ifferent social choices from  X  in four identica lly m oti­
vated human groups. The experiment was successful enough to show 
fa irly  conclusively that conscious m anipulation could change outcomes.

The agendas consisted o f partition ing  X  in to  two complementary 
subsets, S  and S ', o f partition ing  each o f these into complementary sub­
sets, etc., u n til a single alternative was reached. For example, one agenda 
m ight be:

Step 1: Choose between {2, 4} and {1, 3, 5}.

Step 2a: I f  {2, 4} is chosen, choose between {2} and {4}.

Step 2b: I f  { l ,  3, 5} is chosen, choose between {1, 5} and {3}. I f  step
2a is used or i f  {3} is chosen at step 2b, the process is complete.
Otherwise go on to step 3.

Step 3: I f  { l ,  5} is chosen at step 2b, choose between { l }  and {5}.

This agenda and another are depicted schematically in Figure 7-1. A lto ­
gether, w ith  five alternatives, 105 d istinct partition ing agenda are possible
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Step 1 Step 2a

Step 1

Figure 7-1 T w o  possible agendas.

(not counting 30 others that could be constructed fo r the amendment 
procedure).

A lthough actual subjects (college students) in each tr ia l were d iffe r­
ent, the same profile o f preferences was induced in each group by the 
promise o f a money payment fo r the choice o f each alternative. For exam­
ple, person 1 in each group was to ld  to expect

$6.00'  
$7.00 
$5.00 ■ 
$8.00

i f  the group chose alternative

'1  
2 

• 3 
4
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Display 7-1

Payoffs in Dollars in the Plott-Levine Experiment

Person

A lte rna tive

1 2 3 4 5

1 6.00 7.00 5.00 8.00 .50
2 6.00 7.00 5.00 8.00 .50
3 6.00 7.00 5.00 8.00 .50
4 6.00 7.00 5.00 8.00 .50
5 6.00 7.00 5.00 8.00 .50
6 6.00 7.00 5.00 8.00 .50
7 7.50 7.75 6.75 5.75 .25
8 7.50 7.75 6.75 5.75 .25
9 7.50 7.75 6.75 5.75 .25

10 7.50 7.75 6.75 5.75 .25
11 7.50 7.00 6.00 8.00 .50
12 8.00 7.50 7.00 6.00 .50
13 8.00 7.50 7.00 6.00 .50
14 8.00 7.50 7.00 6.00 .50
15 7.00 5.50 7.50 6.50 .25
16 7.00 5.50 7.50 6.50 .25
17 7.00 5.50 7.50 6.50 .25
18 7.00 5.50 7.50 6.50 .25
19 7.00 5.50 7.50 6.50 .25
20 7.00 5.50 7.50 6.50 .25
21 7.00 5.50 7.50 6.50 .25

Source. Charles P lo tt and M icha e l Levine, “ A  M ode l o f  Agenda In fluence on C om m ittee  
Decisions,”  American Economic Review, Vol. 68 (M a rc h  1978), pp. 146-160.

The entire schedule o f payoffs fo r the 21 members is set fo rth  in  D isplay 
7-1. Assuming each person votes sincerely, in  pairwise contests, fo r the 
alternative paying more fo r h im  or her, the Condorcet w inner is a lterna­
tive 1, which beats 2 by 11 to 10, 3 by 14 to 7, 4 by 14 to 7, and 5 by 21 to 
0. A lternatives 2, 3, and 4 cycle because 2 beats 3 by 14 to 7, 3 beats 4 by 
14 to 7, and 4 beats 2 by 14 to 7. A lte rna tive  5 always loses.

But, o f course, even in  pairwise contests, voters can vote strategi­
cally; so the Condorcet w inner need not really w in, unless a ll voters have
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perfect inform ation and a ll use i t  to vote strategically. In  the more com­
plicated serial partitions o f Figure 7-1, there is even less likelihood o f 
choosing the Condorcet winner. So the next step in  construction o f the ex­
periment is to predict the choice under any given agenda (a ll 105 o f 
them ), assuming that each voter knows o n ly  his or her own payoffs. This 
prediction requires assumptions about the way voters behave. P lo tt and 
Levine"Suggest three rules o f behavior, a ll o f which appeared to be used by 
some subjects:

Rule 1: Sincere strategy. Vote fo r the set, S  o r S , that contains the 
alternative w ith  the highest payoff.

Rule 2: Avoid-the-worst strategy. Vote fo r the set, S  or S ,  that 
does not contain the alternative w ith  the lowest payoff.

Rule 3: Highest-expected-value strategy. Vote fo r the set, S  or S , 
in  which the alternatives have the highest average value.

N otice  tha t these strategies do not necessarily lead to the same action by a 
voter. For example, i f  S  =  (1, 4, 5) and S  =  (2, 3), voter 1 should choose 
S  by rule 1 and S  by rules 2 and 3. W hich  o f these— and other— strate­
gies are actually used is, o f course, an empirical question. So P lo tt and 
Levine estimated probabilities, from  data gathered in pretesting, 1

1. That S  would be chosen over 5  when a ll three rules prescribed S  or 
one (or two) prescribed S  and the other one (or two) were ambiguous 
in  that it (they) prescribed indifference between S  and S

2. Tha t S  would be chosen when one rule prescribed S, another S , and 
the th ird  was ambiguous

3. That S  would be chosen over S' when rule 1 prescribed S  and 2 and 

Etc., through a ll nine possible cases.

Using th is empirical data, they calculated, fo r each agenda, firs t the prob­
a b ility  that S  would be chosen over S  by m ajority  rule and then the 
probability  that some y  in  X  would be fina lly  chosen. This number, 
P ( y /a ), the p robab ility  y  is chosen given a particu la r agenda, a, they 
called the “ strength o f the agenda fo r y ."  They then selected four agendas 
each w ith  un it strength (tha t is, maxim um  strength), P ( y /a )  =  1, for 
y  =  1, 2, 3, 4. Thus they would, i f  they succeeded, induce the subjects to 
choose four d ifferent alternatives w ith  four d ifferent agendas and identi­
cal preference profiles.
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The actual experiment was conducted in the fo llow ing way. On each 
tr ia l, 21 subjects assembled in  a classroom were given detailed w ritten  
instructions, including, fo r each, his or her own payoffs but no one else’s. 
They were told that each person’s reward would depend exclusively on the 
group choice o f an alternative, that payoffs were d ifferent fo r d ifferent 
people, and that, while they should discuss which alternative to choose, 
they should under no circumstances reveal quantita tive in form ation about 
the ir own payoffs. A  student chairman, uninformed about the purpose o f 
the experiment, presided. He explained a typ ical predetermined agenda 
w ith  its series o f questions like “ Do we want to consider fu rthe r only the 
numbers 1 and 2 or only the numbers 3, 4, and 5?”  He explained the rules 
o f debate, closing debate, and voting, and he led the group through a 
practice agenda. F ina lly  the group selected a w inner according to the 
agenda fo r that tr ia l.

The four agendas are shown in  Figure 7-2. The predicted path is 
indicated w ith  a boldface arrow, —», the predicted outcome w ith  an aster­
isk, *, and the actual path (w ith  vote record) w ith  a sharp, # .  N otice  that, 
to predict fo r a ll contingencies, a boldface arrow  is provided fo r each pair 
o f sets, S  and S , even though i t  is not predicted that subjects would ever 
be in a position to choose between S  and S . As can be seen at the second 
and th ird  stages o f tr ia l 2, the completeness o f the prediction turned out 
to be useful.

As the figure shows, the predicted outcome was actua lly chosen on 
tria ls 1, 3, and 4. On tr ia l 2, the Condorcet w inner (alternative 1) was 
chosen, though alternative 4 was predicted. P lo tt and Levine a ttribu te  this 
fa ilu re  to the fact that, early in the discussion, the chairm an allowed a 
straw vote, which revealed tha t 5 was least preferred by everyone. P lo tt 
and Levine believe tha t this changed the agenda to that o f tr ia l 2'. Once S 
and S  were changed by the straw vote before step 1, the path predicted 
by the “ new”  agenda was then followed. I f  one accepts this explana­
tion, they succeeded completely; i f  not, then they succeeded three times 
out o f four.

Richard Freedman and I repeated this experiment, but w ith  only 11 
subjects per tr ia l, somewhat smaller payoffs, and s im ilar agendas. We 
obtained sim ilar results— three successes out o f four. And our one fa ilu re  
had exactly the same explanation— a straw vote tha t enabled the group to 
arrive at the Condorcet w inner when we did not intend tha t they should.

These results on contro lling  outcomes impress me deeply. They de­
pend, probably, on the subjects’ lack o f perfect inform ation. Given some 
quantitative inform ation from  the straw vote, they managed in both the 
experiment and its repetition to find the Condorcet winner. But in the 
world outside the laboratory, inform ation is almost never perfect because
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T ria l 1

T ria l 3 T ria l 4

Figure 7-2 Agendas and outcom es. (A d a p te d  fro m  P lo tt and Lev ine , “ A  
M o d e l o f  Agenda In fluence  on C o m m itte e  D ecis ions,”  A m e ric a n  E conom ic  Re­
view, Vol. 68 (M a rc h  1978), pp. 146 -160 .)
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rewards from  choices are typ ica lly  expressed ord inally, not card inally, 
and almost never in  dollars. M y  conclusion is, therefore, like  P lo tt and 
Levine’s, tha t i t  is demonstrably possible fo r social choices to be deter­
mined not by the true values o f voters but by the m anipulation by agenda- 
makers. I f  m anipulation can occur so easily in the laboratory, we have 
good reason to believe i t  occurs in  the larger world, where, indeed, allega­
tions o f m anipulation are frequently uttered.

7.C. Tlie Paucity of Equilibria

In  the discussion in  section S.B o f the frequency o f profiles w ith  and 
w ithout a Condorcet winner, i t  was im p lic itly  assumed tha t alternatives 
were discrete objects. I f  so, then the creation o f new alternatives would 
often be d ifficu lt, especially in  decision-making bodies having a rule tha t 
amendments must be germane to  the main motion or in  popular elections 
conducted under rules tha t favor the main parties. A lthough i t  is true tha t 
po litica l alternatives often appear discrete, i t  may s till be more realistic to 
th ink  o f them as continuous. Indeed Duncan B lack’s orig ina l idea tha t 
alternatives could be expressed as curves in  two-dimensional space im ­
plies, by the very use o f curves, th a t alternatives are continuous variables. 
S im ilarly, although Kenneth A rro w ’s theorem is proved w ith  discrete 
mathematics, his verbal interpretation o f alternatives as “ social states,”  
the objects o f choice in  his model, also implies continuous alternatives. He 
defined a “ social state”  as

a com plete  descrip tion  o f  the  amount o f  each co m m o d ity  in  the hands o f  
each in d iv id u a l, the  amount o f  la b o r to  be su p p lie d  by each in d iv id u a l, 
the  amount o f  each p ro d u c tive  resource invested in  each type o f  p ro d u c­
tive  a c tiv ity , and  the  amounts o f  va rious  types o f  co llec tive  a c tiv ity  [e m ­
phasis added].*

N ote tha t every component o f a social state is an amount and so continu­
ous— apart from  the lumpiness o f some commodities.

Some alternatives are unquestionably continuous. A  common sub­
jec t o f parliam entary motions is an appropriation or a tax rate, and money 
is fo r a ll practical purposes a continuous variable in  a lternative motions 
involving x  dollars, (x  +  t)  dollars, and so on. In  a less obvious way a l l  
sentences are embedded in a continuum. One o f the significant assump­
tions o f s tructural linguistics is the idea tha t a language can express an 
in fin ity  o f propositions. I f  so, then between a pair o f sentences one can 
insert a th ird , intermediate in  meaning. On a motion to  declare war, the 
choice is not ju s t between “ w ar”  or “ peace.”  Amendments are possible: to 
declare war unless the enemy pays tribu te , or unless an apology is uttered,
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or unless a sign o f friendship is given, and so on. In  that sense, proposi­
tions are continuous.

A  quite separate trad ition  that utilizes and reinforces this belief in 
the continu ity o f alternatives is the spatial model o f party competition. 
In  Downs’ model w ith  only one dimension o f judgm ent, voters’ ideal 
points are arranged on an ideological scale and parties are shown to w rite  
p latform s located at the median point o f the scale, as in Figure 3-1, in 
section 3.G.5 Since a p la tform  is a sentence identify ing a particu lar point 
on a line, this model amounts to an assertion that propositions are contin­
uous. As this model was developed, especially fo r the case o f n dimen­
sions o f judgm ent, the assumption o f continu ity  was embedded even more 
deeply in it .6

One im portant feature o f continu ity is tha t i t  is relative to one or 
more dimensions. This feature is wholly realistic because survey research­
ers repeatedly find tha t voters appear to judge candidates and issues by 
one or more dimensions o f concern. They say that they like candidate A  
better than candidate B “ because A  favors m ore  [a quantitative w ord ]”  
defense or in fla tion  or employment or some constellation o f such issues. 
Thus the very language o f popular po litica l discourse suggests that voters 
themselves impose the dimensions that adm it continu ity in  the real world 
o f po litica l choice.

This continu ity in a world o f several dimensions is o f utmost im por­
tance fo r strategic m anipulation. I t  is this feature that allows fo r the easy 
m u ltip lica tion  o f alternatives, that generates a wide variety o f ind ividual 
orderings, and tha t thereby creates situations o f d isequilibrium  in  which 
the chance o f the existence o f a Condorcet w inner is reduced to practi­
ca lly zero.

Disequilibrium in Three Dimensions

H istorica lly , the firs t discussion o f d isequilibrium  was by Duncan 
Black and R. A . Newing, whose fundamental model is set fo rth  in Figure 
7-3, part A  and part B.7 H orizon ta l dimensions, x  and y , are standards 
o f judgm ent, and the vertica l dimension is the order o f preference. In  the 
x y  plane, the point, A , which is d irectly beneath the peak o f the single- 
peaked hump (an analogue o f the single-peaked curve), is the ind iv idua l’s 
ideal point— that is, the combination o f amounts o f x  and y  that the 
person prefers over any other possible combination. Since the hump is 
single-peaked, the farther away a point is from  A  on a ray, k, the less 
desired i t  is because it  is beneath a lower point on the surface o f the hump. 
Thus, A P f G  Pt F  in the figure. A l l  the points at the intersection o f the 
hump w ith  the x y  plane are an indifference curve, c, in the sense tha t any
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point on the curve is as good as any other fo r person i. O ther indifference 
curves, c ' , can be reflected in the x y  plane from  parallel planes, like  x 'y '.

Assume there are three voters, 1, 2, and 3, and let Figure 7-3B 
consist o f indifference curves fo r persons 1 and 2. Given the point, H ,  at 
the intersection o f indifference curves fo r person 1 (ideal point at P,) and 
person 2 (ideal point at P2), any point, L , in the overlapping portion is 
preferred by both 1 and 2 to H  because L  is on an indifference curve 
closer for each person to P, and P2 respectively. I f  there is any possibility 
o f a m ajority  decision consisting o f persons 1 and 2 (out o f 1, 2, and 3), 
that decision point must lie  on a locus o f points connecting the tangents o f 
indifference curves around P, and P2 as the dashed line in Figure 7-3C, 
often called the con tract curve  because it  is where 1 and 2 can agree.

To appreciate agreement on this curve, assume persons 1 and 2 
in itia lly  agree on some point, o ff the curve, say H  in Figure 7-3C. Then, 
the pair can move to point K  on the curve because (1) there is no cost to 
person 1 because H  and K  are on the same indifference curve fo r 1, and 
(2) there is a gain fo r person 2 because K  is on a curve closer to P2 than is 
H . Thus, when o ff the contract curve, one person, at least, can always be 
made better o ff w ith  no cost to the other person. Hence, it  is expected that 
agreements between 1 and 2 w ill lie on the contract curve.

To see i f  there is a Condorcet winner, we need to consider a th ird  
person’s ideal point, P3, in Figure 7-3D. I t  is apparent that no Condorcet 
w inner exists in Figure 7-3D. For example, consider the contract curve 
between persons 1 and 3, or simply P, P3. I f  P, itse lf is tested, 2 and 3 vote 
against it, fo r any point on P2 P3. I f  P3, 1 and 2 defeat it  fo r any point on 
P, P2. I f  it is H , then 2 and 3 prefer, say, K ; and so on, so no point on P, P3 
can get a m ajority. S im ila rly  fo r P, P2 and P2 P3. There are cases, however, 
in which some point m ight w in by a m ajority, as in Figure 7-3E, where P3 
lies on P, P2. In  this case P3 is a m a jority  winner. (Notice, fo r example, i f  P3 
is put against any point closer to P, on P, P2, then 2 and 3 w ill vote fo r P3. 
O r i f  P3 is put against H , then 1 and 3 w ill vote fo r P3.) This argument 
assumes sincere, not strategic, voting. Even so, a Condorcet w inner must 
be very rare indeed.

Gerald Kram er applied essentially this analysis to a ll the conditions 
fo r the existence o f a Condorcet winner discussed in section 5.C— single­
peakedness and value restrictedness, among others.8 He assumed a m u lti­
dimensional continuum and m athem atically useful and humanly accept­
able restrictions on u tility  functions. Then he showed that no Condorcet 
w inner exists i f  there is even a modest divergence o f tastes. These 
Condorcet winners cannot prevent voting paradoxes in the two-dimen­
sional case unless there is something approaching a unanimous preference 
profile— for example, a m ajority  o f voters w ith  exactly the same ideal
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point. Continuous variables in  two or more dimensions thus elim inate, fo r 
a ll practical purposes, the m ajority -ru le  conditions tha t seemed so promis­
ing in  Chapter 5.

Conditions for Equilibrium

Reopening the discussion started by Black and New ing, P lo tt looked 
fo r a m ajority-ru le  equ ilib rium  (o f sincere voting) given continuous va ri­
ables in  two or more dimensions; tha t is, he sought a general defin ition o f 
a point such as P3 in Figure 7-3E. H e found one in  an extension o f B lack 
aiid N ew ing’s suggestion fo r the three-person case.9 A  local equ ilib rium , 
/1, exists fo r m  voters on a social choice in  n dimensions, i f  the fo llow ing 
sufficient conditions are satisfied:

1. Ind ifferent persons abstain from  voting.

2. I f  n is odd, where n is the number o f voters who are not ind iffe rent, the 
equ ilibrium , n , is the ideal point fo r one voter (o r an additional even 
number o f voters). I f  n is even, n  is the ideal point fo r no voters or an 
even number o f voters.

3. The remaining voters can be divided in to  pairs, h and j ,  such tha t h and 
j  are d iam etrica lly opposed around f i  in  the sense that, i f  they could 
move the equ ilib rium  point as they wished, they would move i t  in 
exactly opposite directions in  n-dimensional space. Furthermore, the 
contract curve between the ideal points fo r h and j ,  Ph and Pjy passes 
through i i.

This equ ilibrium  may be thought o f as an n-dimensional median, an ana­
logue o f the median that in  one dimension is the equ ilib rium  fo r single- 
peaked curves. I t  can be visualized fo r the five-person, two-dimension case 
as in  Figure 7-4. The ideal points, P |_5, are so marked and n  and P3 coin­
cide. The contract curves between Px and P2 and PA and P5 pass through i i.  
As can be seen, i f  some point, a, were set against i i ,  then a m a jo rity  o f 2, 
3, and 5 would choose n. As the number o f voters increases, the d ifficu lty  
o f the pairing doubtless increases, so that m a jority -ru le  equ ilibria  must be 
extremely rare in  th is model.

But perhaps they are not rare in  the world, but only in  the model, 
where the equ ilibria  are “ local”  (tha t is, restricted to some defined neigh­
borhood in  the space) rather than “ g lobal”  ( tha t is, effective fo r the entire 
space), where there are only particu la r kinds o f u t i l i ty  functions (such as 
differentiable ones), and where there is absolute m a jo rity  rule. U n fo rtu ­
nately, one cannot escape this conclusion so easily. M uch  subsequent work
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Figure 7-4 M a jo r ity - ru le  e q u ilib r iu m , five  persons, tw o  dim ensions.

has generalized the model considerably and thus made i t  more realistic 
w ithout in any way reducing the presumption o f ra rity . M cKelvey and 
Wendell, integrating and elaborating this work, show that, fo r a wide 
variety o f u t ility  curves (includ ing nondifferentiable ones), a median, p, at 
the unique intersection o f contract curves among paired diam etrically 
opposed voters is a sufficient condition fo r a Condorcet w inner.10 Further­
more, the existence o f a median, p, is a necessary condition fo r equilib­
rium  i f  each u t ili ty  curve by itse lf is single-peaked.11 Finally, the existence 
o f n  is a necessary and sufficient condition fo r a global equ ilibrium  in 
the form  o f a Condorcet w inner i f  u t i l i ty  curves are differentiable. So the 
present state o f knowledge suggests that m a jority-ru le  equilibria  must be 
very rare, given continuous variables in n dimensions, which, in my opin­
ion, is a thoroughly realistic model o f the world.

Complete Disequilibrium

Although cyclic outcomes “ almost always”  exist in  this general 
model o f m a jority  rule, one m ight hope that the cycles would be confined 
to a small area in  the space, so that there would be a “ few”  cycling 
alternatives, a ll o f which, however, are socially preferred to everything 
else in  the space. Then, in  spite o f intransitiv ities, the small top cycle 
would be socially better than the large set o f worse outcomes. U n fo rtu ­
nately this is no way out o f the social incoherence o f almost universal
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disequilibrium . M cKelvey and Schofield have shown, in quite d ifferent 
ways, that this escape from  instab ility  w ill not work.

In  a remarkable discovery, M cKelvey has shown that, fo r a wide 
class o f d ifferentiable u t ility  functions, once “ trans itiv ity  breaks down, it  
com ple te ly  breaks down, engulfing the whole space in a single cycle set. 
The slightest deviation from  the conditions fo r a Condorcet point (fo r 
example, a slight movement o f one voter’s ideal point) brings about this 
possibility.” 12 Hence, not only is a Condorcet w inner unlikely, but also, 
when one does not exist, a n y th in g  can happen. There is no “ sm all”  set o f 
probable outcomes.

M cKelvey’s argument runs as follows: There is a set o f points, P (x ), 
which is the set o f a ll points tha t can be reached by m ajority  rule from  
point x .u  (To reach some point r  in P (x ) ,  let y  beat x  by m ajority  rule in a 
pairwise contest, let z  beat y  s im ilarly, and so on u n til r  beats r  — 1.) The 
set P {x )  can be either a ll points in  the m ultidim ensional space or a smaller 
set. I f  it  is a smaller set, then i t  must have a boundary and the boundary 
points must satisfy the symmetry conditions o f the constrained P lo tt equi­
lib ria , which are special cases o f the symmetry conditions o f the P lo tt 
equ ilib ria .14 Since we already know such equ ilibria  are rare, i t  is like ly  
that such a boundary is extremely rare. Hence in transitive cycles o f social 
choice almost always exist and almost always include the w hole  space. In 
short, in  the absence o f an equ ilibrium , a n y th in g  can happen.

Norm an Schofield approaches the problem differently, but comes to 
the same result.15 H is analysis begins w ith  the observation that, fo r any 
point, x , in  a m ultidimensional issue space, some indifference curve fo r 
each partic ipant passes through x . Given these indifference curves, he 
defines the set o f points, PM(x ) , as the set o f points in the neighborhood o f 
x  that are preferred to x  by some w inning coalition, M .  Putting a ll the 
coalitions, M ,  together in the set, W, o f w inning coalitions, Schofield 
defines Pw(x )  as the set o f points in the neighborhood o f x  tha t are pre­
ferred to x  by any  w inning coalition. I f  there are some points, y , that 
cannot be included in Pw(x )  by some path (j> PM z , . .  . , w PM x,  when M  is 
any w inning coalition)-—that is, i f  there are some points, y,  that x  can 
defeat no m atter what— then there may be an equ ilib rium  at x.  If, how­
ever, a ll points in  some a rb itra ry  neighborhood o f x  can by some sequence 
o f m a jority  coalitions defeat x,  then equ ilibrium  at x  is impossible. Fur­
thermore, i f  fo r any particu la r set o f ind ividual ideals and indifference 
curves, there is even jus t one point x  fo r which equ ilib rium  is impossible, 
then every point in  the entire space is included in the m ajority-ru le  cycle. 
Effectively, this means that, unless the ind ividual preferences are h ighly 
s im ilar— so that a ll w inning coalitions are s im ilar— social choices are cer­
ta in  to be cyclical.
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Although this condition does not in itse lf indicate the likelihood o f 
cyclical outcomes, Schofield has shown that, i f  the issue space has at least 
as many dimensions as one more than the number o f persons necessary for 
a m in im al w inning coalition, then the system is, fo r certain, cyclical. O f 
course, a ll po litica l issues o f a d istributive nature (fo r example, “ W ho gets 
what?” ) have at least as many dimensions as participants in the sense that 
each partic ipant is concerned, among other things, w ith  the amount dis­
tribu ted to h im  or her. For that huge category o f issues, perhaps most o f 
human concerns, d isequilibrium  is, therefore, certain.

Since M cKelvey’s and Schofield’s theorems are sim ilar in  tone, it 
seems like ly  that m a jority  rule is almost always in disequilibrium . The 
inference one therefore draws from  the foregoing analysis is that, fo r the 
amalgamation o f an extremely wide variety o f ind ividual value structures 
(tha t is, u t i l i ty  functions) by m ajority  rule under fa ir  procedures, intransi­
tiv ities almost always exist and cycles include the whole space o f po litical 
possibilities. This means that wide swings in  politica l choices are possible 
and expected. Topsy-turvy revolution is as certa in ly predicted as incre­
mental change.

O ur ord inary experience indicates, however, that there is some 
stab ility  in po litica l life: Issues persist and s im ilar outcomes repeat 
themselves. There must be more to the world, therefore, than the almost 
complete disequilibrium  suggested by the Black and Newing, P lott, 
McKelvey, and Schofield analyses. How can one f it  incremental change 
and s tab ility  into this model?

7.D. Practical Stability and 
Theoretical Instability

To begin w ith , d isequilibrium  does not p roh ib it incremental change. 
A  theory o f d isequilibrium  tells us only tha t change w ill occur; i t  says 
nothing about whether it  w ill be incremental or catastrophic. Indeed, it  
seems like ly  that most o f the apparent stab ility  we see in the world, such 
as generation-long periods o f dominance by one political party, is really 
incremental d isequilibrium  in which party composition changes slightly 
while  always m aintain ing some cyclic ity  o f values.

Theories o f d isequilibrium , however, do not require that change be 
incremental. The difference between theories o f d isequilibrium  and theor­
ies o f equilibrium  is that the form er adm it revolution (although they do 
not necessarily predict it )  and the la tter do not. We know, however, revo­
lu tion is not infrequent. Even the United States, the oldest o f modern
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democracies (orig inating in the 1770s), has had one bloody and devastat­
ing c iv il war. Since revolution occurs and is admissible in a theory o f 
d isequilibrium  but is inadmissible in  a theory o f s tability , i t  follows that 
some kind o f theory o f d isequ ilib rium  is a p rio ri em pirica lly  superior to a 
theory o f equilibrium . The advantage o f theories o f d isequ ilib rium  is that 
they adm it both long periods o f apparent s tab ility  (often indistinguishable 
from  incremental change) and episodes o f catastrophic revolution.

For another th ing, these theories o f d isequ ilib rium  concern values, 
preferences, or tastes, not constitutions and po litica l structures. I t  may 
well be that the stab ility  and continu ity  we observe in  the world come 
m ain ly from  institutions that, by reason o f the ir interference w ith  and 
restriction on m ajority  rule, render m a jority -ru le  d isequilibria less like ly  
to influence and affect natura l outcomes.

Indeed, Kenneth Shepsle has investigated institutions in  jus t this 
way.16 He observed tha t many institutions have the effect o f forcing par­
ticipants to approach po litica l questions in jus t one dimension. Voting 
bodies often have single-peaked profiles on each o f several dimensions but 
are in d isequilibrium  when these dimensions are combined in  m ultid im en­
sional issue space. Thus i t  follows tha t any institu tiona l arrangement that 
forces consideration dimension by dimension may induce an equ ilibrium , 
even though an abstract general equ ilib rium  does not exist. M any in­
stitutions— for example, committee systems in  legislatures, rules restrict­
ing amendments, and agenda-setting devices— do indeed divide up the 
decision-making process into a set o f decisions on single dimensions. 
Hence, ins titu tiona lly  engendered equ ilibria  are often observed in  the 
real world.

I t  should be noted, however, tha t these real-world equilibria, which 
depend on constitutions as much as on voters’ tastes and values, are often 
subject to attack because they enforce an equ ilib rium  tha t tastes would 
not allow. Hence they frustrate m ajorities; and i f  m ajorities are frustrated 
by institutions, these m ajorities may change the institutions. Thus, in  the 
U.S. House o f Representatives, the appropriations system developed in 
the period from  the 1930s to the 1960s probably provided fo r frequent 
equilibria  through the policy and structure o f the appropriations com m it­
tee. But the frustrations engendered in  House members by the rules re­
stricting  outcomes led to the post-Watergate reforms tha t destroyed many 
o f the restrictive rules and probably reduced sharply the frequency o f 
equilibria.

F inally, many institutions in the real world force the reduction o f 
the set o f alternatives to exactly two— for example, the two-party system 
(and the method o f p lu ra lity  voting in  single-member d istricts on which 
the two-party system seems to depend). In  the choice between two a lter-
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natives, there is a m a jority  winner. Since the ind ividual tastes fo r one o f 
the two parties appear to be fa ir ly  constant, the values thus institu tiona lly  
restricted and incorporated in the politica l system may indeed provide fo r 
considerable stability. Thus, in  the United States, one o f the two parties 
has appeared dom inant fo r fa ir ly  long periods (Jeffersonian Republicans 
from  1800 to 1825, Democrats from  1832 to 1854, Republicans from  
1861 to 1930, Democrats from  1933 to 1980). This s tab ility  is more ap­
parent than real, however, not only because i t  masks a large amount o f 
incremental d isequilibrium  (as indicated in  Chapter 2 by the fact that 
about 40 percent o f the presidential elections have involved significant 
th ird -party  candidates), but also because (as w ill be illustrated in Chapter 
9) there is always an intense struggle, beneath the apparent stability, to 
induce a genuine disequilibrium  o f tastes.

We have, therefore, a number o f good reasons, exogenous to the 
world o f tastes and values in  social choice theory, fo r the observed social 
stability. A n  equ ilibrium  o f tastes and values is in theory so rare as to be 
almost nonexistent. And I  believe i t  is equally rare in practice. But ind i­
viduals in  society are more than ambulatory bundles o f tastes. They also 
respect and are constrained by institutions that are intended to induce 
regularity in  society. And  i t  is the trium ph o f constraints over ind ividual 
values tha t generates the stab ility  we observe. But tastes and values can­
not be denied, and they account fo r the ins tab ility  we observe.

A lthough stab ility  probably roots in  institutions, Gerald Kram er has 
attempted to explain stab ility  in  terms o f social choice equilibria, using a 
model o f electoral competition between two parties acting in  a m u ltid i­
mensional space o f policies.17 In  this model, parties compete fo r voters 
over an in fin ite  series o f elections (or preelection tim e periods), offering 
platform s as points in  the space. The voters respond by supporting the 
p la tfo rm  closest to the ir ideal points (using a conventional, rather re­
stricted measurement system to determine “ closeness” ). In  this simple 
m ajority  system, one o f the two platform s is chosen, the w inning party 
enacts it ,  and the losing party  picks out another p la tform  (point in  space) 
to maxim ize its chance o f w inning. Assuming i t  finds such a p latform , the 
parties alternate in  office.

Kram er calls the succession from  winning p la tform  to w inning p la t­
fo rm  a tra jec to ry . Then he defines a set fo r possible equilibria: the m in- 
max set. For alternatives x  and y , n {x , y )  is the number o f votes by which 
y  beats x . Some particu lar y  gets the most votes against x, and that 
number o f most votes is v(jc).18 Assuming cyclic ity, x  w ill not beat a ll y , so 
v(x) >  r t/2 . Nevertheless, some x , say x ',  comes closest to winning, in the 
sense tha t the value fo r v (x ')  is the smallest o f a ll v (x )— that is, i t  is the
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minmax number, n * . '9 The difference between n *  and n / 2 is the measure 
o f how close a society comes to having a m ajority  winner.

Kram er’s notion o f equ ilibrium , then, is this: I f  parties seek to 
maxim ize votes, then the tra jectory o f successive platform s leads to the set 
o f a ll n*  (the set o f a ll alternatives w ith  the m inm ax number). That is, 
the tra jectory leads, perhaps by a path on which there are backward steps, 
to the alternatives closest to being m ajority  winners. When the trajec­
tory arrives at the set o f n *, equ ilibrium  exists. This equ ilib rium  is not 
unique— except when the number o f voters is in fin ite— but i t  may be a 
“ small set”  as against the “ whole space” o f M cKelvey and Schofield.

Does K ram er’s elegant model save us from  devastating disequilib­
rium? Unfortunately, I  th ink  not because at least three o f its assumptions 
are extremely unrealistic. One is the assumption o f two parties. As was 
shown in Chapter 3, simple m ajority  voting is attractive, but two and only 
two parties in both unrealistic and unfair. Another unrealistic assumption 
is that parties always maximize votes. Sometimes they do, as possibly 
happened fo r the w inning party in  the 1972 and 1964 presidential elec­
tions. But much more frequently one or both parties do not successfully 
deter factions from  breaking off; Display 2-1 shows this fa ilu re  in over 40 
percent o f the presidential elections. This fa ilu re  to deter the breakoff o f 
factions is evidence that parties do not care about m axim izing votes or 
pluralities but rather care simply about w inning w ith  enough votes to 
ensure election.20 So when old parties break up, they are, fo r certain, not 
m axim izing votes. Hence the assumption o f vote m axim ization is h igh ly 
unrealistic, but crucial to the mathematical argument fo r the convergence 
o f the trajectory to the set, rt*, o f alternatives closest to winning.

A  th ird  unrealistic assumption is tha t dimensions do not change, 
even though the model is otherwise dynamic. I f  one allows platform s to 
change, then surely dimensions should change too. And  i f  that happens, 
then trajectories have to start over. Given dynamism in dimensions, it 
seems probable that no tra jectory would ever get very fa r in  the conver­
gence to rt*. In  addition, trajectories are like ly  to be deflected by parties’ 
occasional efforts, jus t mentioned as the opposite o f the second assump­
tion, to m inim ize (not maxim ize) votes toward the m in im al w inning size, 
the so-called size principle.

N o  one doubts tha t there is occasional s tab ility  in  the real world. 
Sometimes this s tab ility  is more apparent than real, fo r there are cycles o f 
s im ilar alternatives and the disequilibrium  moves from  one outcome to 
another by increments so m inute that po litica l life  seems stable even 
though i t  is not. But sometimes also the stab ility  is real, and i t  is imposed 
by institutions not the product o f preferences and values. I f  we consider
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only values, then disequilibrium  seems inherent in m a jority  rule. A n y th in g  
can happen— incremental change or revolution.

O f course when institu tiona l s tab ility  is imposed on what would 
otherwise be a d isequilibrium  o f tastes, the imposed equ ilibrium  is neces­
sarily unfair. That m a jority  which would, were i t  not institu tiona lly  re­
strained, displace the current outcome is denied the opportunity to work 
its w ill. In that sense institu tiona l s tab ility  (such as the responsible two- 
party system discussed in  Chapter 3) is unfa ir and is sure to cause frus­
tration. Perhaps this frustra tion in tu rn  u ltim ate ly  brings about great 
changes, such as the disruption o f long-standing alliances, rew riting  o f 
constitutions, and even violent revolution.

7.E. The Fragility of Equilibria:
An Example of the Introduction 
of New Alternatives to 
Generate Disequilibrium

M cKelvey interpreted his discovery that cycles cover the whole 
space to mean tha t a chairperson, w ith  complete inform ation and a taste 
for sophisticated voting, could, w ith  appropriate agenda, lead the society 
to choose any  alternative she or he most desired. As such, this model is, 
for m ajorita rian voting, a theoretical explanation o f agenda control. I t  
does not, however, explain the efforts o f either P liny or P lo tt and Levine, 
fo r they manipulated by procedures not contemplated in M cKelvey’s 
model.

I t  seems to me, however, tha t much the more significant practical 
consideration raised by M cKelvey and Schofield is the extraordinary f r a ­
g i l i t y  o f equilibria. Just a litt le  b it o f change in the situation— by strategic 
voting or by introducing another alternative— opens up a whole new world 
o f po litica l possibilities. I  w ill conclude this chapter w ith  an illustrative 
instance o f jus t that frag ility , and then in the next chapter I  w ill set fo rth  
a general interpretation o f po litica l d isequilibrium .

M y  concluding illustra tion  concerns the history o f the motions that 
u ltim ate ly  became the Seventeenth Amendment (about the direct election 
o f U.S. senators).21 O rig ina lly  th is issue appeared to be one o f discrete 
alternatives on one dimension (tha t is, fo r or against amending the Con­
stitu tion). Furthermore, an equ ilib rium  o f single-peaked curves probably 
existed. But clever parliam entary tacticians— ordinary backbenchers, not 
leaders— generated other alternatives in at least two other dimensions.

i
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one a dimension o f party loyalty, the other a dimension o f racism. Conse­
quently, they destroyed the equ ilib rium  ( i f  i t  existed) and generated cy­
cles from  which no motion would be chosen. This is what the fra g ility  o f 
equilibria permits, and this is what makes the dynamic d isequilibrium  o f 
m ajority  rule so significant a feature o f a ll democratic life.

Toward the end o f the nineteenth century, there began to be consid­
erable agitation for d irect election o f senators, ag ita tion deriving from  
quite diverse sources. One powerful source was Southern white populist 
racism. As a means o f e lim inating the influence o f b lack voters. Southern 
white populists had invented the device o f nom inating Dem ocratic candi­
dates in prim ary elections from  which blacks were excluded. Since Demo­
crats had a considerable m ajority  in  Southern states, th is meant tha t only 
white officials would be elected. The p rim ary election, however, was a 
dubiously valid device as applied to U.S. senators, who were supposed to 
be elected by state legislatures. Adoption o f d irect election nationa lly was, 
then, an attractive means o f strengthening racist institutions locally. A n ­
other source was the progressive movement in  the N orth , w ith  its empha­
sis on direct citizen partic ipation. A  th ird  source was a movement fo r good- 
government reform  supported by middle-class reformers repelled by the 
corruption o f state legislators in electing senators.

I t  would seem that a coalition o f such strange bedfellows would be 
both an absolute m ajority  and an irresistib le force— and o f course i t  was 
in  the end. But fo r about twenty years i t  was successfully opposed by an 
a lm ost immovable object— the distaste o f a m inority  o f s itting  senators 
for subm itting to the sexennial to rture  o f a popular canvass. A t  firs t those 
senators simply ignored resolutions regularly passed by the House, which 
seemed to delight in  embarrassing the Senate. But by 1902 the Senate 
could no longer ignore the pressure, and the proposed constitu tional amend­
ment was considered in  committee in substantially the form  i t  now has: 
“ the Senate o f the United States shall be composed o f two Senators from  
each State elected by the people thereof, for six years.”  This sentence may 
well have been an equ ilib rium  outcome, i f  not in  1902, a t least by 1905 or 
1906, had not a rem arkably inventive parliam ent man, Chauncey DePew 
o f New York, disrupted the equ ilib rium  w ith  the fo llow ing proposed 
addition:

The q u a lif ica tio n s  o f  c itizens e n tit le d  to  vote f o r  U n ited  S ta tes Senators 
and  Representatives in  Congress s h a ll be u n ifo rm  in  a l l  S tates, and  Con­
gress s h a ll have the pow er to  enforce th is  a r t ic le  by a p p ro p ria te  leg is la ­
tio n  and  to  p rov ide  f o r  the  re g is tra tio n  o f  c itizens e n tit le d  to  vote, the 
conduct o f  such elections, and  the ce rtif ic a tio n  o f  the re su lt.21
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The DePew amendment, though i t  perhaps seems innocuous today, 
was h igh ly devisive, fo r i t  was then interpreted as a “ force b ill,”  a b ill to 
authorize the president to send the arm y in to  the South to register blacks 
and enforce the ir voting rights— in short a revival o f Reconstruction. 
W h ite  supremacist Southern Democrats who were enthusiastic fo r the 
constitutional amendment w ithout the DePew amendment would be b it­
te rly  oppdsed to the constitu tional amendment i f  the DePew amendment 
were attached to it. And attached i t  would be, fo r at that tim e the one 
point o f ideological un ity  fo r the Republican party was support for black 
aspirations. Hence, even those Republicans who very much wanted the 
constitutional amendment were obliged by party loya lty  and their strong 
antiracist sentiments to favor the DePew amendment. The opposition to 
the DePew amendment consisted o f Southern Democrats, o f N orthern  
Democrats who were fo r the most part to lerantly sympathetic to Southern 
racism, and o f a few progressive Republicans who put electoral reform  
above party loyalty. In  1902 and 1911 these were simply not enough to 
defeat DePew.

The issue never got to the floor in  1902, but i t  d id  get there in  Feb­
ruary 1911, when there was much more support fo r reform. This tim e the 
progressive proponents o f reform  protected the ir Southern allies against 
the DePew maneuver by adding a proviso to guarantee white supremacy: 
“ The times, places, and manner o f holding elections fo r Senators shall be 
prescribed by the legislatures thereof [i.e., the states].”  The opponents o f 
d irect election moved to delete this sentence. The motion to delete was 
identified as the Sutherland amendment, and it  was a negatively stated 
version o f the DePew amendment. There were thus three alternatives:

a. The resolution to amend the Constitution, as amended by the Suther­
land amendment

b. The orig ina l resolution to amend the Constitution (includ ing the clause 
to  protect Southern racism)

c. The status quo

The vote on the Sutherland amendment put a against b, and the 
Sutherland amendment passed 50 yea to 36 nay. So the social choice was 
C (a, b ) =  a. The vote on passage o f the amended resolution, which put a 
against c, was 54 yea (fo r a) and 34 nay (fo r c). Since the resolution to 
amend the Constitution required two-th irds yeas (here, 59), the motion 
failed. So the social choice was C (a, c) =  c.

To finish out the pairings and thus to show tha t the introduction o f a 
new alternative involving new dimensions generated a cycle, b and c must
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be compared. Presumably a ll 54 who voted fo r the amended resolution 
also favored the original resolution (b) over the status" quo (c ). So presum­
ably also did at least 10 Southern Democrats who had o rig ina lly  insisted 
on the proviso deleted by the Sutherland amendment and who u ltim ate ly  
voted against the amended resolution (tha t is, fo r c against a). Together 
these are 64 out o f either 86 or 88, easily enough to pass the constitutional 
amendment. So the social choice is C (b, c) =  b. Hence follows th is cycle: 
a beats b, b beats c, and c beats a. In  the non-neutral amendment proce­
dure, c wins when a cycle exists. Hence, a fa irly  small m inority, probably 
no more than 24, won because they generated a cycle w ith  a new alterna­
tive w ith  new dimensions.23 This is not, I  believe, an isolated example o f 
manipulation, but a typical instance o f electoral and democratic politics, 
as I  w ill show in  the next chapter.24
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The Natural Selection 

of Political Issues:
An Interpretation of 

Political Disequilibrium

The General Possibility Theorem— and a ll i t  implies about the m anipula­
tion o f outcomes from  voting and about the p o litica lly  even more devas­
ta ting  consequences o f the frequent (indeed, typ ica l) nonexistence o f 
equ ilib rium  under m a jo rity  rule— raises extremely d ifficu lt problems fo r 
po litica l theory and po litica l philosophy. Yet simultaneously those same 
implications do perm it a new and deeper understanding o f the process 
o f politics. We now can understand what always before has seemed an 
impenetrable mystery— namely, the motive force fo r the perpetual flux 
o f politics.

In  an e ffort to comprehend th is flux, theorists have put together 
a ll sorts o f reductionist theories that purport to explain changes in  popu­
la r taste but explain nothing about the effect o f tastes in politics. Thus, 
M arxists, fo r example, say change is entire ly a m atter o f technological 
innovation. M ore humane but equally dogmatic w riters say change is a ll a 
m atter o f new systems o f philosophy. (Recall Keynes’ rem ark: “ The ideas 
o f economists and po litica l philosophers, both when they are r ig h t and 
when they are wrong, are more powerful than is commonly understood. 
Indeed the world is ruled by lit t le  else.” ) 1 S t ill others, more cosmic, look 
fo r change in  the forces o f nature, the weather, sun spots, or even in  events 
outside the solar system. I t  is possibly true tha t a ll these things affect 
tastes, though we know almost nothing about how tastes and values are in 
fact formed and influenced.

S till, knowing tha t tastes change does not te ll us anyth ing about how 
politics changes. To understand po litica l events we need to understand 
how tastes get incorporated in to  po litica l decisions. This is precisely where 
the flux o f politics occurs, and i t  is precisely where an explanation is 
needed. Previous theorizing about changes in tastes and values has mostly

<«7
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been reductionist. Hence i t  has been aimed a t explicating the internal 
history o f these tastes and values, and i t  also has been based on the as­
sumption that the ir effects on politics are automatic. Because o f this 
reductionist feature, these theories by-pass the po litica l m obilization o f 
tastes. Yet it  is exactly this m obilization that is the center o f po litica l life , 
the very th ing tha t p o lit ic a l  theories should explain. In  this sense a vast 
number o f  supposed explanations o f politics (economic, technological, ide­
ational, astrological, and others) are sim ply irrelevant to politics. They 
explain the orig in , not the operation, o f tastes.

Now, however, we can explain the mystery, the perpetual flux o f 
politics, in  terms o f the m obilization and amalgamation o f tastes. Political 
evolution is now at least explicable, i f  not predictable. The force for evolu­
tion is po litica l d isequilibrium , and the consequence o f disequilibrium  is a 
kind o f natural selection o f issues. We do not know what w ill w in in any 
given situation, but we do know why winners do not keep w inning forever.

A l l  methods o f amalgamation involve illogica lities in choice, which 
is the fundamental basis fo r d isequilibrium . If, furthermore, choice is 
made over continuous alternatives by voting, especially by m ajority  rule, 
then disequilibrium  is an almost certain consequence. D isequilibrium  is in 
tu rn  the setting for a natural selection o f issues, and this natural selection 
in  tu rn  ensures tha t no w inner w ill w in forever. We cannot say when one 
issue w ill be displaced by another, thus bring ing new leadership to succeed 
old leadership; nor can we say which new issue w ill be the vehicle for new 
leaders. But we can describe the process o f natural selection and display 
the motives that make i t  inevitable. This description and display is the 
subject o f this chapter.

8.A. Disappointments 
with Disequilibria

The hope o f identify ing a po litica l equ ilibrium  dies hard because 
the fa ilu re  to identify  is a disappointment both scientifically and philo­
sophically. I t  is beginning to be evident, however, that the wisest course 
fo r a science o f politics is to abandon the search fo r equilibria and try  to 
understand what the world is w ithout them. Nevertheless, there is intense 
intellectual resistance to such a course because o f the disappointments 
involved. By way o f introduction to the new understanding o f po litical 
dynamics, therefore, I w ill devote this in itia l section to a discussion o f just 
how deep these disappointments are.

8.A. Disappointments w ith  D isequilib ria 199

Concerning first the scientific disappointment, social scientists have 
always been eager to identify  and describe equilibria. And fo r good rea­
son. The usual definition o f e q u ilib r iu m  is the u ltim ate  state o f a process 
toward which its internal forces propel i t  and at which these forces are so 
balanced that i t  remains in this u ltim ate  state. One property o f such an 
equilibrium  is that, i f  the process is adventitiously disturbed, it  again 
moves toward that u ltim ate  state when the disturbance disappears. The 
classic social example is the structure o f prices, which is, in the competi­
tive equilibrium , a state o f balance about willingness to trade a ll commod­
ities. I f  one price is fixed by some outside force (such as a government), 
the effect ripples through the system u n til a new balance o f prices is 
achieved. Once the fix ing is undone, a ll prices again readjust, other things 
being equal, to what had been the orig inal price structure.

Even less determ inistic notions o f equ ilibrium  have this same prop­
erty o f returning to the balance when an external disturbance is removed. 
For example, nonunique equilibria  consist o f several possible u ltim ate  
states toward one o f which, however accidentally targeted, internal forces 
propel and from  which, once reached, there is no expectation o f departure. 
The only difference in the nonunique cases is that there exists a set o f 
u ltim ate states. I f  the process is diverted from  one o f them, i t  returns, 
when the disturbance is removed, to some one o f those u ltim ate  states, 
though not necessarily to the one it  was o rig ina lly  in or targeted toward. 
The classic example here is the game w ith  a solution containing several 
possible outcomes. I f  driven o ff the target o f one outcome, the play moves, 
when permitted, toward the same outcome or toward another one in the 
solution (the particular outcome being determined by “ irre levant”  factors 
such as the course o f the play and the personalities o f the players).

In  either kind o f equ ilibrium  the im portant feature from  the scienti­
fic point o f view is the tendency o f the process, even a fter disturbance, to 
move toward one or one o f several u ltim ate  states. Given this property, the 
scientist who has identified and described an equ ilib rium  can confidently 
predict social outcomes. Knowledge o f equ ilibria  is therefore knowledge 
o f the fu ture  and carries w ith  it  the power o f the seer.

In  terms o f specifically po litical equilibria  in a democratic setting, 
the hope, from  a scientific point o f view, o f finding politica l equ ilibria  is 
that one m ight isolate politica l phenomena from  the complexity o f the 
whole social and biological world and, simply by understanding that ab­
stracted process, m ight then predict po litica l outcomes. The politica l facts 
in  a democratic process are, o f course, relatively simple: partic ipants’ va l­
ues and the constitutional structures wherein these values are amalga­
mated. Hence, i f  equilibria exist, prediction (and explanation) would
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also be relatively simple, thereby conform ing to the scientific ideal o f 
slicing the world up into self-contained pieces in order to predict and 
explain each piece by itself. The achievement o f tha t ideal depends, how­
ever, on the pieces in fact being self-contained, and in  the politica l case it  
depends specifically on the po litica l process being independent o f the mo­
rass o f participants’ perceptions and personalities, which are features o f 
the world entirely outside the politica l abstraction.

The absence o f po litica l equilibria  means tha t outcomes depend not 
simply on participants’ values and constitutional structures, but also on 
matters such as whether some people have the w ill or w it to vote strategi­
cally, whether some leader has the sk ill, energy, and resources to  manipu­
late the agenda, or whether some backbencher— in a committee or out—  
has the im agination and determ ination to generate a cyclical m a jority  by 
introducing new alternatives and new issues. These are matters o f percep­
tion and personality and understanding and character. The fact tha t the 
absence o f equ ilibrium  makes them relevant to prediction means tha t the 
power that comes from  scientific knowledge is well nigh unobtainable fo r 
po litica l abstractions. O f course, then, there is much scientific disappoint­
ment over the results described in Chapters 5, 6, and 7.

There is much philosophical disappointment also. Political disequi­
lib rium  means that po litical forces (ind iv idua l values and the operating 
features o f constitutions) are insufficient to account fo r po litica l out­
comes. This insufficiency means in  tu rn  tha t democratic po litica l out­
comes are not sim ply a mechanical, impersonal, unbiased amalgamation 
o f ind iv idua l values, but rather are an amalgamation th a t often operates 
quite personally and unfa irly, giving special advantages to smarter or 
bolder or more powerful or more creative or simply luckier participants, 
counting the ir values fo r more than other people’s. Given disequilibrium , 
therefore, the democratic ideal o f equal partic ipation cannot be regarded 
as always achievable. And, furtherm ore, the notion tha t po litica l out­
comes are the w ill o f the people must be revised to say tha t they are the 
w ill o f the smarter, bolder, more powerful, more creative, or luckier peo­
ple. Consequently, there is a philosophical (or ideological) disappointment 
along w ith  the scientific.

S im ply because these disappointments exist, however, we cannot 
deny po litica l d isequilibrium  in democracy or any voting bodies. The 
theory o f d isequilibrium  is too powerful and the describable instances 
o f d isequilibrium  too many to dismiss i t  w ith  a shrug. Instead, we are 
obliged, I  believe, by both the theory and the facts to look at the politica l 
world anew, as i f  d isequilibrium  is indeed its salient characteristic. W hat 
kind o f world, we must ask, do we have then?

That is the kind o f new look at politics I  propose for this chapter.
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8.B. Voting Disequilibrium:
What It Means to Lose

The main feature o f d isequilibrium  in voting is the deep dissatisfac­
tion o f many people w ith  the outcome. To appreciate the depth and extent 
o f this dissatisfaction, it  is instructive to  compare the concept o f losing in 
several contexts, economic and politica l. Le t us consider firs t the eco­
nomic context, especially w ith in  the competitive equ ilibrium .

Losing Economically

A t the beginning o f a tim e period there are traders w ith  in itia l 
endowments; during the tim e period a ll feasible trades are made; and at 
the end the m arket is in equilibrium . A t  this stage in th is vo luntary sys­
tem, everybody is better o ff because, by defin ition, no trade occurs unless 
the traders improve the ir positions. This situation is Pareto optim al in the 
sense tha t no additional trades can be made tha t w ill make the traders 
better off. (Tha t is, any new trade would make one trader better o ff only 
at the expense o f making another worse off. Assuming vo luntary trading, 
the trader who would be worse o ff does not agree to the new trade, which 
is why the process has come to balance.) Furthermore, th is competitive 
equ ilibrium  is the best tha t the m arket as a whole can do, fo r every 
possible coalition o f traders has achieved at least as much as its mem­
bers could expect to achieve, given the ir in it ia l endowments. ( In  game- 
theoretic terms, this is an outcome in the core, which, i f  i t  exists, is the 
solution o f a game in which every player and every coalition achieves at 
least its m in im al value.)2

A lthough everybody is better o ff in  the competitive equ ilib rium , i t  
does not fo llow  tha t everybody is satisfied. Some are unhappy because o f 
accidents— human errors and natura l disasters leading to  bankruptcy or 
natural w indfalls leading to great wealth. B u t here I  do not consider acci­
dents simply because they are accidents. Others are unhappy because— as 
in  the case o f unemployment— they are excluded from  economic p a rtic i­
pation. Such exclusion is always temporary unless it  is p o litica lly  enforced 
(as, fo r example m inimum-wage laws exclude the unskilled or union con­
tracts exclude blacks). So I  also do not consider the po litica l m anipulation 
that makes markets unfair.

Even in the h igh ly idealized equ ilib rium  th a t remains, however, 
where, ignoring luck and po litica l oppression and assuming intelligence, 
everybody is better off, some people are s till dissatisfied. In  the defin ition 
o f Pareto optim ality, people are better o ff relative to where they started.3
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And some people may have started o ff badly, either poor or having chosen 
a declining trade. Furthermore, in  the operation o f the m arket some poor 
people may become jus t a lit t le  better o ff while some rich people may 
become very much better off. O r scions o f old wealth may see themselves 
fa r surpassed by the nouveau riche. Pareto op tim a lity  does not necessarily 
mean tha t inequalities or profound unfairness are either created or erased; 
i t  merely means that, relative to a given in itia l endowment, everybody is 
better o ff in  some amount, however small. One can thus be deeply dissat­
isfied w ith  the operation o f a m arket either because it preserved an unfa ir 
in itia l d istribu tion  or because i t  generated an unfa ir fina l d istribution. 
The same potential dissatisfaction is equally characteristic o f solutions in 
the core. That every coalition achieves the value im p lic it in  its in itia l 
endowments is not particu la rly  satisfactory i f  the in itia l endowments are 
themselves thought to be unfair.

However real and po litica lly  significant is the resentment o f a pov­
erty not alleviated by the operation o f the market, s till the market does 
not make people worse off, unless— as in  the case o f unemployment— they 
are po litica lly  excluded from  partic ipation. Since exclusion is temporary 
unless po litica lly  imposed, losing in  the market is a remarkably m ild  kind 
o f losing compared w ith  losing in  politics. Losing po litica lly  is typ ica lly 
much worse than losing economically.

Losing Politically

Losses o f roughly the same scale are worse in a politica l context 
than in  an economic context. For both ind ividual citizens and the whole 
society, losing a war and being pillaged, harried, and murdered is worse 
than chronic unemployment and poverty. For economic groups and re­
gional coalitions, losing a series o f elections so that government policy 
generally is tilted  against the losers is worse than losing jobs and busi­
ness contracts.

N ineteenth-century journalists called economics the “ dismal sci­
ence.”  They overlooked politics, which by its fundamental nature is fa r 
more dismal. In  politics, there are almost always losers and losing usually 
involves not being better off. I t  is the expectation o f this fact that makes 
politics dismal.

To begin w ith , some kinds o f po litica l situations are, in  game- 
theoretic terms, zero-sum, which means tha t the w inner gains exactly 
what the loser loses. (Two-candidate elections are a good example: The 
winner gains office and the loser misses it.)  I t  is apparent tha t such games
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cannot have a core; that is, unlike the m arket equ ilibrium , not a ll coali­
tions can obtain the ir in itia l expectations. Suppose tha t there are three 
m inority  factions, any two o f which can elect one o f the two candidates, 
and suppose that each o f the successful factions gains from  its partic ipa­
tion in  the choice. Then the successful candidate can be elected by a 
coalition o f (1 and 2) or (1 and 3) or (2 and 3). I t  is apparent that one 
faction cannot win and thus cannot achieve its in itia l expectation. To lose 
in this circumstance is to lose a ll, although o f course one can always hope 
to w in another day.

Zero-sum situations may occur infrequently in politics, except fo r 
two-candidate elections. Nevertheless, a s im ilar kind o f losing is a com­
mon feature o f non-zero-sum po litica l situations. Suppose that, although 
the political game is not in the technical sense zero-sum, i t  is s till the 
intent o f each possible w inner to impose some kind o f external cost on the 
losers. Then, no m atter who wins, there exists a loser who is the worse o ff 
fo r having participated in the politica l system.

Before the C iv il War era, fo r example, there were three main p o liti­
cal positions on slavery: (1) to extend by national decision the geographic 
area in which slavery was permitted, (2) to restrict the area o f slavery by 
national decision, (3) to make local decisions on the subject, not national 
ones. I t  is apparent that the adoption o f any o f these three precludes, 
indeed denies, the other two. I f  position 1 is chosen, then position 2 is 
d irectly contradicted on slavery and position 3 is d irectly  contradicted on 
the level o f decision. S im ila rly  fo r position 2. As fo r position 3, its adop­
tion denies both 1 and 2 w ith  respect to the level o f decision and either 
1 or 2 w ith  respect to the nature o f the decision. Thus, no m atter what 
position wins, adherents o f the other two positions w ill suffer and w ill 
indeed be worse o ff than i f  the status quo— local decision— is maintained. 
But one o f the three positions was certa in  to occur. Hence some unspeci­
fied people were ce rta in  to w in, and other unspecified people were certa in  
to lose.

M any political situations— perhaps most— are very s im ilar to this. 
The fundamental reason for this fact is that political or m oral scarcity 
is more deeply punishing and more profoundly dissatisfying than eco­
nomic scarcity. Economists make much o f scarce resources, but they 
mean thereby no more than tha t resources are lim ited  w ith  respect to 
human wants at the moment. (This is not, as is sometimes said, the as­
sumption that wants are insatiable or that “ more is better” ; rather i t  is 
just an assumption that at the moment there is not enough land, labor, 
and capital to produce everything tha t people would curren tly  like  to
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have.) Economic scarcity forces the use o f a rationing device such as 
market prices or planning allocations. I t  means tha t those who cannot pay 
fo r a resource or who cannot persuade a planning body to allocate i t  to 
them cannot use it.

But tha t is a ll it  means. S imply, those who do not have must go 
w ithout. Economic scarcity does not also require that the nonpossessor 
suffer additional punishment fo r nonpossession, nor does i t  mean tha t the 
nonpossessor is legally prohibited from  gaining possession. Economically, 
it  is enough that the poor go hungry; po litica lly  and m orally the poor 
may— perhaps, must— also be public ly rid iculed fo r starving and perma­
nently condemned to starvation.

Political or m oral scarcity arises when contradictory values are be­
lieved by some participants in  the po litica l system to be universal. The 
believers in a putatively universal value wish the value to be applied and 
enforced generally, even on nonbelievers. Nonbelievers resist because they 
are unw illing  that it  be enforced and are able to prevent its enforcement. 
Then follows a contradiction. The putatively universal value cannot actu­
a lly  be universal because its adherents cannot secure its universal accep­
tance. Scarcity is the absence o f the universality o f acceptance because o f 
the unwillingness o f people who accept one value to be guided by a con­
flic ting  value. For a m oral or po litica l position to  have worth in society 
(that is, to be scarce), some people (fo r instance, those who are hurt by i t  
or lose by it )  must reject it.

For example, jus t p rio r to the Reformation, relatively few people in 
Europe cared about po litica l enforcement o f religious orthodoxy, although 
they enjoyed and believed in k illin g  M uslims. In  tha t sense there was very 
lit t le  po litica l value in Christian belief in  Europe. Once the Reformation 
aroused in  people on a ll sides the desire to impose the ir d istinct religious 
beliefs locally, religions became universal ideals. Simultaneously, they be­
came po litica lly  scarce, simply because not everyone was w illing  to be 
converted.

For another example, when abortion could be induced only at great 
risk to the life  o f the pregnant woman, i t  was uncommon and hence not a 
subject o f intense moral and po litica l concern. In  the last century or so, 
owing to advances in  sanitation and surgery, abortion has become easy, 
relatively safe, and common. C ontradictory values have developed around 
the practice (fo r example, “ Abortion is murder.”  and “ A  woman has a 
r ig h t to control her body.” ); and, by reason o f this dispute, these values 
have become both universal and scarce.

There is a huge number o f such issues in the contemporary world, 
issues over which some people are prepared even to k il l others. N early  
everywhere c iv il liberties and enforced m ilita ry  service are such issues.
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And in a ll places where significant racial, religious, linguistic, and even 
cu ltura l m inorities exist, issues between the m ino rity  and m a jo rity  gener­
ate universal po litica l values and po litica l scarcity.

But o f  a ll the kinds o f po litica l and m oral scarcity extant, tha t hav­
ing to  do w ith  m anipulating markets and money is the most common. 
Those who want to rig  markets and income d istribu tion  to  the ir own ad­
vantage typ ica lly  assert tha t the ir k ind o f business or the ir social state is 
more desirable or more deserving than others. N a tu ra lly , not everyone 
agrees w ith  such assertions o f special economic rights, thus rendering 
them scarce. These assertions are, o f course, propaganda devices to  rig  
markets and economic outcomes, but they are typ ica lly  presented as un i­
versal po litica l and m oral values.

An assertion o f the general v irtue  o f  ru ra l life  on the fam ily  farm  
justifies farm  subsidies. A n  assertion o f the general m oral value o f the 
economic health o f communities (tied in, typ ically, w ith  arguments about 
“ in fan t industries,”  “ defense needs,”  and “ regional unbalance” ) justifies 
ta riffs , subsidies, and noneconomic government contracts. A n  assertion 
about the general m oral value o f helping the unfortunate justifies a huge 
variety o f welfare subsidies such as social security. A n  assertion about the 
general m oral value o f a “ fa ir  wage”  justifies excluding some laborers 
from  the m arket in order to lessen competition fo r others. Assertions 
about the general justice o f rewarding inventors, investors, or consumers 
ju s tify  monopolies (almost a ll o f which are granted or m aintained by 
governments and regulation). Assertions about the general m oral value o f 
labor peace and “ fa ir ”  bargaining power ju s tify  the carte lization o f labor 
in unions. Assertions about the m oral repugnance o f the spoils system 
ju s tify  grants o f permanent tenure to c iv il servants. Etc.

A lm ost a ll po litica lly  imposed special economic privileges and m ar­
ket manipulations depend on assertions o f a universal m ora lity. Because 
these assertions, when acted upon, make some people worse  o ff, they are 
not universally acknowledged. Hence these po litica l values are scarce in 
the sense tha t some people reject them.

Just as economic scarcity requires some method o f allocation 
(namely, the m arket), so does po litica l and m oral scarcity. The method is 
governmental authority, which prescribes which o f conflicting m oral be­
liefs w ill be acted upon, or socially enforced. Thus the outcome o f a voting 
decision in  a politica l context is, typ ically, to  choose which o f p o litica lly  
scarce values to enforce. And  the act o f enforcement in  the face o f scar­
c ity  requires not only tha t the losers fo rfe it the values they believe in  but 
also tha t they abide by, i f  not accept, the values they despise.

Thus, to lose on issues o f po litica l and m oral scarcity (which issues 
are the s tu ff o f politics) is much worse than to lose in  the m arket. One
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must suffer outcomes in  which one is economically or emotionally deeply 
deprived. Tru ly, it  is politics, not economics, that is the dismal science.

8.C. Voting Disequilibrium:
The Quantity and Quality 
of Political Dissatisfaction

To consider the kind and amount o f dissatisfaction w ith  outcomes o f 
voting, I  w ill here attempt to estimate these features from  a survey o f the 
varieties o f outcomes.

The least dissatisfaction exists when the outcome is unanimous. U n ­
fortunate ly the subjects o f such decisions are usually triv ia l. I t  may be 
true that members o f a group are unanimous on the subjects that brought 
them together in  the firs t place, though this unanim ity seldom exists fo r 
very large groups like  nations and even on such fundamental subjects as 
whether the nation ought to continue to exist. But people usually do not 
vote on these im portant questions where unanim ity is conceivable. When 
they do so vote, the operation is largely ceremonial and does not typ ica lly 
involve a politica l decision.4 On the other hand, when decisions do appear 
to be both politica l and unanimous, usually nobody cares very much about 
the outcome. Examples are the 90 percent or so o f legislation passed by 
Congress by unanimous consent, which is unanimous because the subjects 
are po litica lly  tr iv ia l.9 So although unanim ity guarantees m in im al dissat­
isfaction, one expects very litt le  dissatisfaction on low-salience issues.

Absolute m ajorities o f first-place votes, which are necessarily in 
strong equ ilibrium , tend to  m inim ize the number o f dissatisfied persons, 
but other conditions may affect the degree o f dissatisfaction. Given an 
outcome in the core, as m ight happen i f  a legislature distributes a w ind fa ll 
by cutting  taxes, even losers are to some degree content. Zero-sum situa­
tions, on the other hand, mean an empty core. And in a ll cases, zero-sum 
or not, involving m oral scarcity, losers lose badly.

A  Condorcet winner, even w ithout an absolute m ajority  o f first- 
place votes, is in equ ilib rium  i f  voters vote sincerely. This means more 
people are satisfied than not. But some winners do not get their first 
choice, and relative dissatisfaction is greater, other things being equal, 
than w ith  an absolute m ajority. O f course, Condorcet winners also involve 
the dissatisfaction inherent in m oral scarcity. Situations w ith  Condorcet 
winners under sincere voting are subject to manipulation that may vastly 
increase dissatisfaction. W ith  strategic voting, fo r example, an alternative 
favored only by a m inority  may be adopted. Suppose there are three
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motions and c is the status quo. Voting by amendment (a vs. b, survivor 
vs. c) on profile D

D

£>,: a c b
D2: c a b
Dy. b a c

yields a as the winner. But 2 can make c w in by altering D 2 to cba, thus 
generating a cycle. This revised outcome is, o f course, vulnerable to attack 
by 3, who can a lter D } to abc so a has an absolute m ajority ; but i f  2 
succeeds, then a m ajority  (1 and 3) is dissatisfied in the sense tha t both o f 
them prefer the loser a to the winner c. The depth o f their dissatisfaction 
varies by whether the issue involves moral scarcity.

A  sim ilar situation arises when cycles exist naturally. I f  procedures 
force a decision, as in ord inary elections and amendment procedures, 
then, in the absence o f manipulation, an alternative opposed by a m ajority  
is certain to be chosen, thereby m axim izing the number o f dissatisfied 
persons. I f  the issue also involves moral scarcity, the dissatisfaction is 
maximal.

This survey o f the qua lity  and quantity o f losing leads to these 
conclusions:

1. Even in equilibrium , substantial though m inority  dissatisfaction is to 
be expected. But, for reasons already discussed, equ ilibrium  is itse lf a 
ra rity  i f  alternatives are continuous in m ultidim ensional space. And 
even w ith  discrete alternatives, im portant issues are not like ly  to be in 
equilibrium . Hence, one can expect m a jority  dissatisfaction as the typ i­
cal situation in political decisions.

2. Furthermore, this dissatisfaction is typ ica lly  intensified by the fact that 
political issues involve matters o f moral scarcity. Politics thus tru ly  
is what David Easton described as the “ authorita tive allocation o f va l­
ues.” 6 Unfortunately, Easton’s form ulation masks the awful fact o f 
moral scarcity and fails to reveal that the values thus allocated to bene­
fit some simultaneously punish others.

3. In  a world o f d isequilibrium  under m a jority  rule where the subjects o f 
decision are m orally scarce— that is, in the world o f politics— the main 
feature o f life  is continuing and intense dissatisfaction for a m a jo r ity  
o f participants.



208 Selection of P o litica l Issues: D isequilib rium

8.D. The Consequences 
of Dissatisfaction:
A Model of Political Change

The various members o f the m ajority  o f dissatisfied losers, who may 
have litt le  in common except the ir distaste fo r the status quo, have a 
compelling motive to upset the current outcome. Indeed, po litica l life  in  a 
democracy— or indeed in any voting body— consists o f continual efforts to 
dislodge the temporary authorities who have authorita tively but tempo­
ra rily  allocated despised values. The losers do this in two ways: F irst, 
w ith in  current dimensions o f politics, they generate new alternatives that 
may be able to beat the current winner. The existence o f global cycles 
assures us this is possible. Second, by inventing new dimensions o f poli­
tics, they create new po litica l structures in  which an old equ ilibrium , i f  it  
exists, is upset. In  practice, these activities are probably so much alike 
that they can be distinguished only by observers, not by participants. The 
reason fo r distinguishing between them is simply to note that losers have a 
method o f displacing outcomes in  equ ilib rium  as well as the more typical 
and frequent outcomes in disequilibrium .

A ll  this adds up to a model fo r po litica l change w ith  three com­
ponents: 1

1. Voters in  a vo ting  body, f r o m  com m ittee  to na tion  in  size. Each voter 
perceives alternatives in  a lim ited  number o f dimensions— two or three, 
perhaps. In  any given situation, however, the number o f dimensions 
perceived by a ll voters may be numerous (perhaps more dimensions 
than voters), and these dimensions overlap among voters in  many and 
various ways. Voters do not o rd ina rily  create either alternatives or 
dimensions; but commonly they are receptive to leaders’ suggestions o f 
both, and they are able to accommodate quickly to a new space or a 
new pattern in an old space. Voters are fickle: They can accept new 
versions o f the world in which old leaders are losers and old losers are 
new leaders.

2. Leaders in  a vo ting  body. M ere members o f a voting body are trans­
formed in to  leaders by reason o f creating and urging new dimensions, 
new platforms, and new policy alternatives. Success in persuading the 
acceptance o f new alternatives is what makes a leader, and the fa ilu re  
o f a leader to persuade voters to support his or her alternatives is what 
unmakes a leader. Assuming tha t leaders obtain special satisfaction 
from  the alternatives they create as well as from  the positions they 
occupy, a motive exists fo r constant competition fo r leadership. This 
motive is the driving force behind po litica l change.
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3. The in te ra c tio n  between leaders and voters. Leaders in  voting bodies 
may be likened to entrepreneurs in a market. Entrepreneurs succeed by 
offering new products, and so it  is w ith  leaders. O f course, entrepre­
neurs often fa il, offering products no one wants. So also w ith  voting 
leaders: New alternatives, new issues, are like  new products. Each one 
is sponsored as a test o f the voting market, in the hope tha t the new 
alternative w ill render new issues salient, old issues irrelevant, and, 
above a ll, w ill be preferred by a m a jo rity  to  what went before. This is 
the a rt o f politics: to find some alternative tha t beats the current w in ­
ner. Such an alternative almost certa in ly exists, given disequilibrium . 
But given tha t the opponents o f the current w inner may agree on noth­
ing but the ir opposition, it  is d ifficu lt to find a way to put together a 
coalition that beats it. Yet politicians constantly do so.

8.E. The Natural 
Selection of Issues

The d ifficu lt task o f putting  together a w inning coalition is the con­
stant occupation o f would-be po litica l leaders. The fundamental dynamic 
o f po litica l life  is the ir restless search fo r the issues and alternatives 
around which a new w inning coalition can coalesce. Assuming tha t lead­
ers and citizens interact in the way jus t described, prospective leaders 
must as a matter o f course raise new issues— of a ll sorts and jus t about a ll 
the time. A  new issue, expressed in terms o f a specific alternative, may 
appear in it ia lly  as a proposal to help in  the election o f a particu la r candi­
date or in the passage or defeat o f a particu la r b ill. I f  tha t alternative 
appears unattractive, then i t  is dropped, probably never to be heard o f 
again. But i f  i t  should a ttract some response, i t  is started on a life  o f its 
own. I t  no longer belongs exclusively to the person who invented it. A n y ­
body can take it  up, and i t  often happens, especially when an alternative 
catches on, tha t opponents seize an inventor’s alternative and use i t  to 
forward the ir own cause. Furthermore, i t  can no longer be expected to 
retain its orig inal form . I f  the alternative makes a new issue salient, then 
other related alternatives exploiting the issue qu ick ly  appear. The array o f 
alternatives exchanges elements, thus presenting the society w ith  an in fin ­
ity  o f new alternatives.

None o f this happens by magic, o f course. Each step o f the pro life ra­
tion is carried forward by a politic ian w ith  an interest. This is why a new 
issue is raised by one person, why i t  is stolen by another, why s till others 
jum p  on the band wagon, why s till others combine the alternatives in
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novel ways. In  th is way, the market fo r alternatives is very much like the 
m arket fo r products in which pro life ration is motivated by the desire o f 
producers to make money.

In  another sense, however, the m arket fo r alternatives is quite unlike 
the market fo r goods. Entrepreneurs and politicians are alike in motive 
and method, but consumers and voters are quite d ifferent. Given budget 
constraints, buyers choose among goods m ainly on the basis o f clearly 
defined and specific needs, only secondarily on the basis o f taste. One 
buys a lamp in order to ligh t a room but chooses the design because o f 
aesthetic concerns. Voters, however, respond to needs tha t are often i l l 
defined. They know they want to be better off. But, although many p lat­
forms are offered as a means to make them better off, the objective con­
nection between particu la r platform s and the actual solution o f voters’ 
problems is seldom clear. Consequently voters’ choices have a much larger 
component o f style as d is tinct from  need than do buyers’ choices. Even 
a ltru ism — sometimes apparent, sometimes real— may, fo r example, play a 
significant role in voting, though seldom in buying.

Consequently, although the entrepreneur can be guided in  p icking 
products by objectively known human needs, the politic ian has less objec­
tive ly verifiable knowledge about his or her “ m arket.”  In  th is situation the 
politic ian must try  out alternatives more or less randomly. Furthermore, 
although artifacts are usable in any society, values expressed in politica l 
alternatives are always relative to the culture o f a particu la r society. The 
content o f cu lture is moreover always rather vague, so, in s till another 
way, politicians as a whole must behave fa ir ly  random ly in  generating 
alternatives.

The world o f po litica l issues can thus be better compared to  the 
world  o f organic nature than to markets. New issues are produced, more 
or less randomly, jus t as genetic recombinations are constantly produced, 
more or less randomly. Some few o f the animal and vegetable recombina­
tions find a niche in the environment and survive and flourish; most o f 
the recombinations fa il. So i t  is also w ith  issues. M ost find no signifi­
cant audience and fa il; but some are responded to enthusiastically and 
flourish, even to the point o f completely reshaping the environment in 
which they arose.

Thus, the rise and fa ll o f issues is a process o f natural selection, in 
which politicians, like  genes, seek to survive and flourish. We know very 
litt le  about the course and direction o f tha t process. We can chart the 
history o f b iological evolution. We can show th a t over tim e more complex 
creatures appear (although, o f course, very simple creatures persist). We 
know details about the process, such as the fact tha t h ighly specialized 
species stand lit t le  chance o f surviving a change in  habitat. S till we cannot
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see any clear direction in the process, and i t  seems like ly  there is none. 
Indeed, i f  a biologist possessed o f a ll current knowledge about the p rinc i­
ples and processes o f evolution but no details o f evolutionary h istory were 
transported back 100 m illion , 500 m illion , or 1, 2, or 3 b illion  years, it  is 
doubtfu l that at any point the bio log ist’s predictions o f the fu tu re  course 
o f organic development would be correct, although the biologist m ig h t 
make better guesses at 100 m illion  years ago than at 3 b illion . So i t  is 
w ith  the history o f po litica l issues. N o  seers have ever existed, although 
sometimes well-inform ed people have made pre tty good guesses about the 
short-run future.

I f  there is any significant difference in  the procedure o f natural 
selection among creatures in the biological world and natural selection 
among issues in  the politica l world, i t  is that the past lays a heavier hand 
on the course o f biological evolution than on po litica l evolution. A  species 
does not disappear unless the environment changes markedly; issues do 
not have long lives and may disappear even though social conditions re­
main fa ir ly  stable. In  this sense, the natura l selection o f issues is some­
what more random than the natural selection o f species.

8.F. Structural Regularities 
iu Natural Selection

To adm it tha t d isequilibrium  is the characteristic state o f politics 
and tha t the rise and decline o f issues is a random process does not mean 
that i t  is impossible to generalize about regularities in the process. B io lo­
gists are able to generalize about regularities in  organic evolution, and 
there is no reason why po litica l scientists cannot generalize about s im ila r 
regularities in po litica l evolution. Features o f the environment do affect 
the selection o f both creatures and issues, and, fo r issues, the most salient 
features o f the environment are institutions or constitutional structures, 
which have always been o f great concern to po litica l scientists. We know, 
fo r example, quite a b it about the way single-member d is tric t systems 
influence the development o f issues and even something about the way 
proportional representation does; and we know quite  a b it also about the 
way h ighly abstract institutions such as zero-sum elections and transfer­
able and nontransferable u t ility  generate structural equ ilib ria .7

In  less scientifically satisfying ways we know a great deal about 
po litica l socialization and the vagaries o f po litica l opinion in  governments 
w ith  d ifferent constitutions— not jus t the contrast between democracies 
and absolutisms, but even the more delicate contrast among d ifferent
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kinds o f democracies. Furthermore, a ll sorts o f new questions are subject 
to investigation in ligh t o f the theory o f natural selection. For example, i t  
seems possible tha t d ifferent kinds o f constitutions make fo r d ifferent 
rates o f evolution o f issues. There is no theory on this subject, and com­
mon sense is not a very good guide. A l l  kinds o f governments involve some 
amalgamation o f preference, and even perverse tyrannies like  M ao ’s are 
from  tim e to tim e required to change direction in accord w ith  popular 
values. I t  is not obvious, however, and would indeed be interesting to 
discover whether such tyrannies, because tyrannica l, tend to slow down 
evolution more than other governments or whether, because perverse and 
capricious, tend to speed i t  up. Thus, to say tha t d isequilibrium  and natu­
ra l selection exist is not to say that science is impossible. But i t  is to say 
tha t prediction o f the rise and decline o f particu la r issues is probably 
impossible.

9
Manipulation and tlie Natural 

Selection of Issues:
Tlie Development of tlie Issue 

of Slavery as a Prelude 
to tlie American Civil War

As an illustration o f the public importance o f m anipulation o f the agenda 
in a democracy and o f the way the natura l selection o f issues works, in 
this chapter I  w ill examine the creation o f a new issue on a grand scale—  
namely, the issue o f slavery, between 1819 and 1860. This h istory shows 
tha t new issues are rooted in  the voting system, in  the necessary existence 
o f losers and o f the opportunity they have to contro l the agenda in  such a 
way as to become winners. By extension i t  indicates tha t great po litica l 
events can be interpreted as part o f the continuing e ffort by participants 
(either leaders or losers) to manipulate outcomes to the ir advantage.

The particu lar event here studied involves losers introducing new 
issues to generate cycles and d isequilibrium , from  which, w ith  luck, they 
can emerge as winners. In  this case the losers were u ltim ate ly  successful: 
They did produce disequilibrium , and they did reshape Am erican politics 
so that the fundamental coalitions during the la tte r part o f the nineteenth 
century were quite d ifferent— and to the advantage o f the previous los­
ers— from  the coalitions in  the firs t part o f the century. I  want to empha­
size, however, that th is particu la r outcome was not entirely due to the w it 
and persistence o f the losers. The outcome o f efforts at m anipulation is 
also conditioned by the external circumstances in  which the m anipulation 
occurs, the underlying values, the constitu tional structure, and the state o f 
technology and the economy. Numerous efforts are made at m anipula­
tion. N o t a ll succeed. The choice o f which ones do succeed is pa rtia lly  
determined by these external circumstances. This is the significance o f the 
process o f natural selection.1

To de lim it the subject o f th is chapter, I  emphasize tha t I do not 
inquire into the cause o f the C iv il W ar.2 Rather I  inquire into the reason
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fo r one necessary condition o f that war— and probably o f a ll c iv il wars—  
namely, the existence o f an issue that occasioned some degree o f te rrito ­
r ia l separation o f the disputing factions. M y  interest in  the inqu iry  is not, 
however, in explaining the C iv il War as an event or the slavery issue as a 
phenomenon, bu t rather merely to illustrate , w ith  an event o f supreme 
po litica l importance, how m anipulation works on the grand scale o f na­
tional politics, how d isequilibrium  is generated over a long time-span, and 
how the natural selection o f issues occurs in the gross social world in 
rough analogy to natura l selection in  the gross organic world.

9.A. The Appearance of Slavery 
as a National Political Issue

The in itia l status quo on slavery, incorporated in  the Constitution 
and the in itia l actions under it, was an acknowledgment o f the existence 
o f slavery as decided by the states in terna lly  and by the United States 
w ith in  territories. This status quo persisted fo r a generation w ithout sig­
nificant challenge, and during tha t tim e slavery was not a salient po litical 
issue. Then po litica l losers raised it, presumably as a way to generate dis­
equ ilibrium  from  which they m ight improve the ir position by detaching 
some o f the winners’ support.

From 1800 to 1860, the U nited States was usually governed by that 
hardy intersectional coalition o f agrarian expansionism: Jeffersonian Re­
publicanism and Jacksonian Democracy. That coalition was b u ilt on the 
in it ia l status quo, which included a tac it approval o f slavery, and most 
o f its m ajor leaders were slaveowners. Nevertheless, several essential com­
ponents o f the coalition— the M idd le  A tla n tic  states and later the states 
o f the Northwest T errito ry  (O hio, Indiana, Illino is , M ich igan, and W is­
consin)— were free te rrito ry. Hence to raise the issue o f slavery was to 
threaten that dom inant coalition, whose parts could agree on slavery only 
so long as they ignored it. Therein lay both the d ifficu lty  and the opportu­
n ity  fo r opponents.

The issue was d ifficu lt to raise because i t  threatened a w inning ma­
jo r ity , most o f which would ignore it  fo r the sake o f winning. But because 
i t  was potentia lly so divisive i t  was probably the best opportunity the 
continuing losers had. U ltim a te ly , they were able to raise i t  in a way that 
wholly disrupted the dom inant coalition, generated a cyclical m a jority  
that was resolved by the C iv il War, and set the scene fo r a new coalition 
on a new theme tha t dominated Am erican politics fo r even longer than 
the Jefferson-Jackson coalition had.
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M anipu la ting the social agenda w ith  a new issue that generates 
disequilibrium  allows old losers to become new winners. This is what 
happened w ith  the slavery issue. I t  was introduced w ith  that purpose, 
turned out to work, and was selected from  among other issues jus t because 
i t  d id  work.

9.B. Slavery as an Issue 
from the Ratification 
of the Constitution
Through the Missouri Compromise

The in itia l status quo in  the Republic involved recognition o f the 
legality o f slavery, where established, w ith  almost no controversy on the 
subject. The Congress o f the Artic les o f Confederation never sought to 
legislate about domestic institutions o f member states, but i t  d id , o f neces­
sity, govern the territories and produced (apparently w ithout much dis­
pute) the Northwest Ordinance o f 1787, which prohibited slavery in that 
area. In  the constitutional convention slavery d id occasion much discus­
sion and one im portant compromise, although the great compromise was 
between the large and small states. By the slavery compromise, on the one 
hand the Constitution did not p roh ib it navigation acts and on the other 
hand the im portation o f slaves was prohibited a fter 1808 and slaves were 
to be counted as three-fifths o f a person fo r purposes o f apportioning rep­
resentatives. This agreement im p lic itly  recognized the legality o f slavery 
as the status quo. Thereafter slavery d id not enter national politics as an 
issue in any significant way u n til 1819.

O f course, some people condemned slavery on m oral grounds. Even 
in the constitutional convention, liberals such as Gouverneur M orris  and 
Rufus K ing, as d istinct from  Southern and N orthern  conservatives, con­
demned slavery on grounds o f m ora lity  rather than expediency. And quite 
a few N orthern  politicians, especially Federalists, whose party was m ainly 
confined to the N o rth  after 1800, resented the fact that nonvoting slaves 
were counted fo r apportionment. Federalist resentment, however, was d i­
rected not at slavery itse lf but at the advantage i t  gave to Republican 
politicians. Probably most Federalists would simply have preferred that 
slaves not be counted at a ll, w ithout caring much whether slavery contin­
ued to exist.

In  1819, however, a b ill to adm it M issouri occasioned a proposed 
amendment prohib iting slavery in  the new state. W hat may well have 
been intended as no more than a local maneuver very swifly caught on 
nationally. A n ti-M issouri rallies were organized a ll over the Northeast.
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State legislatures instructed congressmen to vote for the amendment. 
Newspapers carried on a dram atic debate. Jefferson wrote that the issue 
terrified him  “ like  a firebell in the n igh t”— as i t  should, for h is  coalition 
was under attack. Prophecies o f war and secession became journa lis tic  
commonplaces.3

Why, one m ight ask, did slavery suddenly become a salient issue, 
200 years' a fter it  was in it ia lly  introduced in V irg in ia  and 30 years after 
the framers o f the Constitution, w ithout serious dispute, accepted it  as the 
status quo? This question is a ll the more d ifficu lt because the M issouri 
agitation was a b rie f episode, soon settled, and the issue was not seriously 
revived in national politics fo r another 15 years. One can hardly argue 
there was any economic reason. N oth ing  happened in or around 1819 to 
change the relative economic significance o f slave and free labor. Indeed, 
the very episodic feature o f the event precludes an economic explanation. 
N o r can one argue that there was a profound hum anitarian explanation. 
Antislavery sentiment had long existed, although the M issouri agitation 
provided a good vehicle fo r propagating it. S till no great change o f the 
Am erican heart occurred in 1819-1820, and the concern about slavery 
was easily inhibited for another decade. Lacking an alternative, we must, 
I  believe, say that the precip itating force was politica l; and political it  
was, rooted in an effort by losers to manipulate the agenda to  their 
advantage.

(By a ttribu ting  the orig in  o f the issue to politica l ambition, I  do not 
im p ly tha t the motives were cynical or cheap. In  a democracy, the func­
tion o f a politic ian is to find an issue on which he or she can w in, fo r 
thereby a politic ian expresses some part o f the values o f the electorate. 
Political opportunism is not evil, therefore, but is instead the engine 
o f democracy.)

The immediate origin o f the M issouri issue can fa ir ly  be attributed 
to the pettiest o f politics. The motion to amend the M issouri b ill was 
offered by James Tallmadge o f New York. He was about to become a 
candidate fo r the state senate from  New York C ity  as an a lly  o f D e W itt 
C lin ton, the maverick Republican who had run fo r president w ith  Feder­
alist endorsement in 1812. C lin ton and Tallmadge both had previously 
denounced slavery. The ir opposition in  New  York was the Tammany fac­
tion, led by M artin  Van Buren, then the ch ie f N ew  York supporter o f the 
Republican intersectional alliance and o f W illia m  Crawford o f Georgia 
fo r president in 1824. Tallmadge had a special reason fo r raising the 
slavery issue against Van Buren: In  New  York C ity  there were a signifi­
cant number o f free black voters, concentrated in m arginal wards and
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typ ica lly  Federalist in loyalty. Contemporary writers as well as recent 
historians have asserted that, as a result o f his amendment, Tallmadge 
stood to gain blacks’ votes.4

I t  is foolish, however, to a ttribu te  a huge social movement to the 
private am bition and local m anipulation o f one man. The interesting fact 
is that, even i f  the motion was in it ia lly  a personal ploy, i t  aroused the 
entire N orth . Events like the M issouri agita tion may be a ttribu ted  to 
some ind ividual advantage (as, for instance, Tallm adge’s) or to a conspir­
acy (here the main conspirator often blamed is Rufus K ing ); but such 
a ttribu tion  is self-deluding, fo r the movement was fa r greater than one 
man or one conspiracy. I t  reflected the interest o f a large public, and i t  is 
this interest tha t must be specified in order to explain the event.

In  1819-1820 the Federalist party  was substantia lly e lim inated as a 
politica l force. O n ly  15 percent o f the House was then Federalist; and in 
1816 Rufus K ing, the last Federalist candidate fo r president, carried only 
Massachusetts, Connecticut, and Delaware, 34 votes out o f 225, or again 
15 percent. The v ic to ry o f the Republicans was so complete tha t James 
Monroe was reelected later in 1820 w ith  only one dissenting elector.

The reasons for the decline o f the Federalist party  are easy to iden­
tify . From Washington’s tim e onward, i t  had been infused w ith  a commer­
cial and somewhat aristocratic sp ir it at the very tim e the legal electorate 
was being sligh tly expanded to include a ll white  males. (The states west o f 
the Appalachians had a ll entered the Union w ith  w hite  manhood suffrage, 
and most o f the orig ina l 13 states had by 1820 abolished property q ua lifi­
cations.) M ore significantly, the actual electorate was being enormously 
expanded by the Jeffersonian enthusiasm to use government fo r d is tribu ­
tive advantages fo r farmers. Hence, Federalism was ideologically out o f 
touch, while expansionist agrarian Republicanism captured the imagina­
tion o f a society s till over 90 percent ru ra l. Furthermore, Federalism had 
been identified w ith  treason because prom inent Federalists (and only Fed­
eralists) were at the H artfo rd  Convention o f 1814. This convention was 
popularly interpreted as a step toward a separate peace and secession fo r 
New England. So, as the party w ith  an old-fashioned ideology and a 
recent h istory interpretable as treason, Federalism was dying out. As it  
died, careerist politicians deserted it, even when they believed its ideology. 
By 1819 it  was almost defunct.

Discredited the party m ight be, but its main economic content s till 
had appeal. The desire fo r ta riffs, internal improvements, and commercial 
development did not go away sim ply because its spokesmen were mute. 
And i t  was not ju s t Federalists who wanted these things. M any who had
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drifted into the Republican camp— such as John Quincy Adams and 
Henry Clay— were eager for commercial development even though Re­
publican orthodoxy frowned on it.

Consequently, there was a substantial class o f losers on an issue of 
political and moral scarcity. H ighly simplified, the issue was this: Should 
government encourage agrarian expansion or commercial development? 
To encourage the former meant, for example, that there would be no 
subsidies for the latter. (Characteristically, President Monroe in 1817 had 
refused national assistance for the Erie Canal.) To encourage commerce, 
on the other hand, meant that there would be policies such as tariffs, 
which would be costly to farmers. (Again characteristically, it was John 
Quincy Adams’ Tariff o f Abominations in 1828 that occasioned nullifica­
tion in South Carolina.) So tru ly the great issue o f the era was politically 
and morally scarce: To favor one side was to hurt the other. Furthermore, 
as Federalism declined, one side of that issue was losing badly. The trium ­
phant Virginia dynasty, inspired as it  was by Jefferson’s vision o f a repub­
lic of yeomen farmers, more or less consistently ignored commercial needs 
and interests.

There was a chance, consequently, for new leadership to put the case 
for commercial development, provided additional issues could be intro­
duced that would slice up politics in different coalitions. One such issue 
was slavery, especially when expressed in the conventional free soil terms 
o f the Northwest Ordinance. And so the anti-Missouri movement, once 
launched, attracted both old Federalists, like Rufus King, who led in the 
Senate, and Republicans disillusioned with the Virginia dynasty, like John 
Taylor o f New York, who led in the House. These people, the losers of the 
moment, were trying out a new issue. As one recent student o f the agita­
tion remarked, “ I t  is noteworthy that almost every prominent leader of 
the Missouri agitation was found in the Adams camp soon afterwards. . .  . 
[T]he Missouri question played an important part in crystallizing what 
would be known as the National Republican party.” 5 Generalizing, this is 
to say that the motive for the agitation was to find a new and disequili- 
brating program, a new agenda whereon dissident Republicans and old 
Federalists could combine to win.

So interpreted, there is nothing surprising about the sudden popular­
ity  o f the slavery issue. Even with a huge Republican majority, there were 
still losers: One cannot have, for example, a policy against internal im­
provements without depriving those who want them. These losers needed 
new combinations o f issues to win, and the Missouri agitation was a tenta­
tive step toward the manipulation o f the agenda for just this purpose.

The logic of this manipulation is perfectly straightforward. I f  the 
dissidents could not beat Monroe on conventional agrarian issues, then
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they could introduce a new issue to split the intersectional alliance. The 
puzzlement expressed both then and now about the meteor-like develop­
ment of the Missouri agitation can be erased with the understanding that 
this agitation was merely a normal incident in the search by losers for a 
platform from which to beat previous winners. I t  is comparable to the 
anti-Masonic movement a decade later and the nativist movement a gen­
eration later. Since the slavery issue promised to split the intersectional 
winning coalition, i t  was embraced w ith enthusiasm in 1819 and repeat­
edly thereafter until it generated cyclical majorities and civil war.

The anti-Missouri agitators were, however, losers in the nation as a 
whole, and they could not carry off victory the first time they tried. The 
leaders o f the enduring Jeffersonian alliance, recognizing the strains the 
slavery issue would subject it to, produced a compromise: Maine and 
Missouri were to come in together; slavery was to be permitted in M is­
souri but prohibited north o f the Missouri line in all the Louisiana Pur­
chase. A  good many Northern Jeffersonians— “ doughfaces” as they were 
later called, meaning Northern apologists for slavery— voted for this com­
promise, and almost all o f them were immediately defeated for reelection. 
Their defeat was a harbinger of what the slavery issue might become. But 
the compromise effectively buried the issue for the time being because the 
Republican establishment won and the anti-Missouri agitators lost.

9.C. From the Missouri 
Compromise to the Gag Rule

In  the theory of manipulation, losers bring forth new issues to gen­
erate disequilibrium in hope o f exploiting it to their advantage. But the 
losers on the Missouri Compromise had no motive to raise the slavery 
issue again for nearly a decade. Between 1820 and 1829, they sought the 
election and reelection o f John Quincy Adams, who had won in 1824 by 
reason of a split among the Jeffersonians. His supporters, the commercial 
party generally, therefore had no motive to drive away any Southern 
votes. Similarly, the old Jeffersonians— turned Jacksonians after 1824—  
were dependent on the intersectional alliance and, even though temporar­
ily  losers, had no motive to discuss slavery. So the issue was not broached 
from 1820 to 1829.

Nor was it  broached during most o f Andrew Jackson’s adminis­
tration. Northern opponents of Jackson again had a motive to raise the 
question, but they were distracted by two developments. First, in the 
North anti-Masonry was an alternative issue to slavery. I t  drained the
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political energies o f exactly those politicians in New England and New 
York who later promoted the slavery issue. Anti-Masonry failed and was 
discarded, just as nativism (the Know-Nothings) also failed as an alterna­
tive to the slavery issue in the mid-1850s. But while the natural selection 
o f issues was selecting against anti-Masonry, the slavery issue could not 
be broached. Second, in the South the opponents o f the Jackson alliance 
had fo r'the  first time since early in the century a strong organization 
based on economic issues. This was the beginning of Southern Whiggery, 
and it infused all o f Jackson’s opponents with the hope o f an intersectional 
alliance o f their own. Thus, the rise o f the National Republicans, later the 
Whigs, turned politicians away from the slavery issue to conventional 
economic issues like the Bank o f the United States.

On the other hand, although slavery was, for these reasons, not an 
issue during most o f Jackson’s administration, two things happened that 
prepared for its revival. One was that Jackson’s opponents lost on both 
anti-Masonry and economic issues. The other was that Jackson more or 
less fortuitously isolated South Carolina, which then became a territoria l 
center of slaveholding imperialism. Apparently deciding that he did not 
need South Carolina to win, Jackson effectively expelled John Calhoun 
and his coterie over the nullification issue.6 In the next two elections 
South Carolina had its anti-Jackson political party, never incorporated 
into Whiggery. When South Carolina was welcomed back into the De­
mocracy, it  was as the center o f proslavery fanaticism, which gradually 
took over most o f the Southern wing. If, as some argue, the C ivil War was 
a revolution by slaveholders, then a crucial step toward that outcome was 
the political isolation o f South Carolina so it  could develop the ideology of 
that revolution.7

The isolation was crucial to the development o f the slavery issue 
also, for i t  gave abolitionists and Free-Soilers a concrete target. Had 
South Carolina been contained in the Jacksonian alliance, perhaps the 
Northern populists in that alliance would have been able to ignore the 
slavery issue. But after South Carolina in the 1840s effectively forced the 
commitment o f the Southern Democracy to the defense o f slavery. N orth­
ern Jacksonians were also forced to reconsider their loyalties.

Toward the end o f Jackson’s administration, therefore, the scene 
was set for a revival of the slavery issue. His opponents had failed on anti- 
Masonry and economic nationalism; so they began to test out the slavery 
issue again. I t  worked; and, from the mid-1830s until the end o f the C ivil 
War, it was never far from the center o f American politics.

I t  has long been assumed that the spread o f antislavery agitation in 
the 1830s resulted from secularizing religious enthusiasm. But many re­
form movements— temperance, penal reform, free education, women’s
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rights— vied with antislavery as proto-political issues. Only one, however, 
was fu lly  absorbed into politics. Why? One answer is that the evil o f 
slavery was worse than the others and so quite properly received the atten­
tion it  deserved. Another answer, less moralistic, is that abolition was in 
the air: Brita in emancipated in 1833. Both answers imply that the issue 
was pushed into politics by social forces outside the political system, 
forces that would have made slavery an issue regardless o f the structure 
o f politics.

I t  has also been often argued that the antislavery agitation o f the 
1830s was an economic response to the swift increase in cotton planting in 
the 1820s and 1830s. The assertion is that, since cotton was especially 
adapted to and profitable with slave cultivation, this new agriculture 
threatened free labor and provided an economic motive for the antislavery 
movement. This explanation also locates the slavery issue outside o f poli­
tics in a kind o f economic or technological determinism.

Both these nonpolitical theories are suspect, however, because they 
entirely fa il to explain the Missouri agitation. In 1819-1820 seculariza­
tion o f religion had hardly begun, and the cotton culture was still eco­
nomically modest. Yet to explain the antislavery movement adequately 
one needs a theory that ties together both the agitation over Missouri and 
the agitation over the gag rule, which was the occasion for the ra lly  o f free 
soil and abolition.

Such is the argument offered here. In both eras the issue o f slavery 
was attractive as a way to win office. I t  was peculiarly attractive po liti­
cally to Northern Whigs in the 1830s because it  played on the geographic 
strains in the Jacksonian coalition. I  do not, o f course, deny the genuine 
moral fervor o f antislavery propagandists like W illiam  Lloyd Garrison or 
later Harriet Beecher Stowe. Nor do I  mean to suggest that men like John 
Quincy Adams and Joshua Giddings, two leaders against the gag rule, 
were insincere opportunists. I t  is true, however, that Adams never men­
tioned slavery while he was president. And as late as 1858, Giddings 
refused to support suffrage for blacks in Ohio.8 These facts suggest that 
these men were Whigs first and abolitionists second. Their moral concern 
was surely genuine, but idealism and political interest ran hand in hand. 
Given the large Jacksonian majority, only a new issue could split that 
majority. Slavery was such an issue, and fortunately the Northern W hig 
leaders who fought the gag could simultaneously promote Christian prin­
ciples and party advantage.

Slavery was always an evil but not always a political issue. What 
made it  a political issue was that, by reason o f the structure o f politics in 
the mid-1830s, it  was to some people’s advantage to place abolition on the 
political agenda.
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The issue was introduced by a petition campaign launched by anti- 
slavery societies and propagandists, most of whom probably had no deep 
partisan attachment. The petitions took the form of prayers for abolition 
o f the slave trade or slavery in the D istrict of Columbia. Whig congress­
men received them, encouraged more, and overwhelmed the House.9 
W ithout the concerted and deliberate encouragement and instigation of 
Whig congressmen the petition campaign would have come to nought. 
But they did encourage and instigate and their motive was, o f course, 
obstruction.10

Democrats had two motives to refuse to receive and discuss the 
petitions, that is, to gag the petitioners and the congressional presenters. 
From the point o f view o f governing, Northern and Southern Democrats 
alike wanted to get on with “ real”  issues rather than waste time on slav­
ery, which they regarded as a partisan distraction. From the point o f view 
of Southern proslavery fanatics, the gag was necessary to silence aboli­
tionist agitation, which obtained a certain legitimacy by focusing on a 
legitimate subject for national legislation— slavery in the D istrict o f Co­
lumbia. So they passed gag rules (rules prohibiting the acceptance of 
petitions for the abolition o f the slave trade— or, later, slavery— in the 
D istrict, a proper subject for federal legislation). These rules were then 
the focus o f antislavery agitation from 1835 to 1842. The leader o f the 
opposition to the gags was John Quincy Adams, who may, therefore, be 
judged to be the chief generator o f the slavery issue that ultimately de­
stroyed the Jackson coalition.

The issue was uncomplicated so long as Democrats ruled: Whigs 
simply secured and presented a continuing flood o f petitions. But when in 
1841 they took office, themselves an intersectional coalition— really a 
somewhat more commercial version o f the Jacksonian coalition— Whigs 
did not know how to deal with the petitions. Those who were fu lly  com­
mitted to breaking up the Democracy with the slavery issue simply contin­
ued their campaign. But those who wished to govern passed a gag rule 
(w ith Democratic help). The Whig gag produced a crisis, common enough 
in radical movements, in which it  is necessary to discipline natural allies 
the better to attack the enemy.

There were three main events in the course o f the discipline: Adams’ 
censure, Giddings’ reelection, and the L iberty party o f 1844.

John Quincy Adams, bolder and bolder in denouncing slavery, even­
tually attacked the behavior and character of members of Congress. The 
Whig majority, seeing their national coalition subjected to the same 
strains the slavery issue had imposed on Democrats, sought in 1842 
to censure him. His defense, the dramatic claim of constitutional rights 
by an old and great man, won the sympathy o f the country and o f Con-
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gress. The motion to censure was tabled. Also in 1842, however, Joshua 
Giddings of Ohio was censured for antislavery resolutions. He immedi­
ately resigned and was triumphantly reelected. He was quickly readmitted 
to Whig councils, probably, as G ilbert Barnes remarks, because his vote 
and the votes o f other antislavery Whigs were needed on party issues.11 
From that point on, constant discussion o f slavery could not be kept out of 
Congress. Finally in 1844, the L iberty party offered James G. Birney for 
president, and he got enough votes (drawing mainly from Whigs) to elect 
James Polk. (In  New York Polk beat Clay by 6,000 votes while Birney 
had 16,000. W ith Birney’s votes Clay could have obtained New York’s 36 
electors and beaten Polk by 141 to 136.) This was a salutary lesson to all 
Northern politicians, Democrats as well as Whigs. From then on, a large 
contingent in both parties would be prepared to adopt antislavery posi­
tions. This was the beginning o f the end for both Whig and Democratic 
intersectional alliances.

9.D. The Wilmot Proviso

The point at which Northern Democrats clearly adopted an anti­
slavery stance was at the offering of the W ilm ot Proviso in 1846. The 
political background for this motion was Northern Democratic resent­
ment that the North-South balance in the intersectional Democratic co­
alition had been tipped in favor o f the South. Polk ran in 1844 on a 
platform of maintaining the balance by admitting both Texas and 
Oregon. But Texas came in before Polk took office, and Polk then com­
promised on Oregon, giving up what is now British Columbia. So, when 
the Mexican War began, with the prospect o f even more slave territory in 
the Southwest, David W ilmot, a Pennsylvania Jacksonian, moved to pro­
hib it slavery in land acquired from Mexico.

The W ilmot Proviso was offered first in August 1846 and then nu­
merous times in 1847 and 1848. I t  always failed; but it laid the basis for 
the Free Soil party o f 1848, which nominated, of all people, M artin  Van 
Buren, who, from the Missouri Compromise until the end o f his own 
presidency, had been the archetypal doughface, the Northern voice of 
proslavery Jacksonian populism. But as a Frec-Soilcr, in 1848, Van Buren 
drew enough Northern Democratic antislavery votes to give the election 
to the Whigs.

The people involved in the proviso controversy typify the strains in 
the Democratic party. Polk represented the old Jacksonian agrarian, pop­
ulist imperialism and was a slaveholder, though not a fanatic defender of
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slavery. He believed that the slavery issue was not genuine and that both 
sides were simply opportunists. Fortunately, we have a candid statement 
o f these opinions in a diary kept as a political reminder and never in­
tended for publication.'2 I w ill quote several passages as evidence that one 
remarkably astute observer, intimately acquainted with events and per­
sonalities, honestly assessed the slavery issue as political opportunism on 
both sides'! Polk may have been excessively cynical, but his remarks ring 
true, given that very few Free-Soilers were abolitionists or even very much 
interested in blacks. Let Polk speak for himself:

M r. H a m lin  [H a n n ib a l H a m lin  o f  M a ine , la te r R epub lican  vice p re s i­
dent, 1 8 6 1 -1 8 6 5 ] professes to  be a [D ]e m o c ra t, b u t . . .  is  p ress ing  a 
m isch ievous course . . .  on the  s la ve ry  question . . . . The s la ve ry  question  
is  assum ing a fe a r fu l and m ost im p o rta n t aspect. The m ovem ent o f  M r. 
K in g  [P reston  K in g , N ew  Y ork D em ocra t, m anag ing the  W ilm o t P ro ­
v iso ], i f  persevered in , w ill be a ttended w ith  te rrib le  consequences to  the 
coun try , and cannot f a i l  to  destroy the  D em ocra tic  p a rty , i f  i t  does not 
u ltim a te ly  destroy the U n ion its e lf. S la ve ry  was one o f  the questions 
a d ju s te d  in  the  com prom ises o f  the  C o n s titu tio n . I t  has, and co u ld  have 
no le g itim a te  connection w ith  the  w a r w ith  M e x ic o .. . .  I t  is  a dom estic 
and no t a fo re ig n  question . . . .  O f course. F e d e ra lis ts  [P o lk ’s p e jo ra tiv e  
nam e fo r  W h igs] are d e lig h te d  to  see such a question  a g ita te d  by N o rth ­
ern D em ocrats because i t  d iv id e s  and d is tra c ts  the  D em ocra tic  p a rty  and 
increases th e ir [i.e . W h ig s '] p rospects o f  com ing to  pow er. S uch an a g ita ­
tio n  is  no t o n ly  unw ise b u t w icked  [January 4, 1847, Vol. 2, p. 305],

Or the next year:

The a g ita tio n  o f  the  s la ve ry  question  is  m isch ievous and w icked, and 
proceeds fro m  no p a tr io tic  m o tive  by its  a u th o rs . I t  is  a m ere p o lit ic a l 
question  on w h ich  dem agogues and a m b itio u s  p o litic ia n s  hope to  p ro ­
m ote th e ir ow n prospects fo r  p o lit ic a l p ro m o tio n . A n d  th is  they seem 
w illin g  to  do  even a t d is tu rb in g  the harm ony i f  no t d isso lv in g  the  U nion 
its e lf  [December 22, 1848, Vol. 4, p. 251],

Polk was just as cynical about the motives of the other territorial wing 
breaking off from the Democratic coalition: I

I  rem arked  to  M r. M ason th a t M r. C a lhoun  had  become p e rfe c tly  des­
p e ra te  in  h is  a s p ira tio n  to  the P residency, and had  seized upon th is  sec­
tio n a l question  as the  o n ly  m eans o f  su s ta in in g  h im s e lf in  h is  p resent 
fa lle n  co n d itio n , and th a t such an a g ita tio n  o f  the s la ve ry  question  was 
no t o n ly  u n p a trio tic  and m isch ievous, b u t w icked  [A p ril 6, 1847, Vol. 3, 
p. 458].
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Polk resented the Whig delight at Democratic discomfort, but it  was 
Northern Democrats, Polk’s own political friends, who were causing him 
trouble. These Democratic Free-Soilers were not abolitionists. W ilm ot 
himself, for example, was a conventional Jacksonian populist from a 
wholly rural Pennsylvania d istrict.13 He was against slavery in the terri­
tories because he was fearful o f slave competition with free labor.14 His 
concern was for whites, not for blacks. He was afraid that Polk’s failure to 
maintain the North-South balance by losing part o f Oregon would render 
the Northern Democrats vulnerable to Whig agitation. The W ilm ot Pro­
viso was the Democratic defense against the W hig antislavery agitation o f 
the previous decade.

As Polk intuitively understood, the proviso generated disequilib­
rium. Early in August 1846, Polk conceived the Machiavellian plan for a 
quick victory over Mexico by buying off whoever might be in control o f its 
army. He asked Congress for $2 m illion for that purpose.15 To this appro­
priation W ilmot moved as an amendment the proviso prohibiting slavery 
in any territory acquired. The proviso was voted on eight times on August 
8, 1846, but the largest and crucial vote was on a motion to lay on the 
table the motion to engross (that is, to make a fa ir copy), which was 
defeated by 79 to 93.16 The details are in Display 9-1, where a vote nay is 
a vote in favor o f the proviso.

A ll Southerners voted against the proviso; almost all Northerners, 
Whigs and Democrats alike, voted for it. In two ways this outcome in ­
volved disequilibrium. Let us identify the possible outcomes thus:

a. Appropriation without the proviso

b. Appropriation w ith the proviso

c. No action

Polk almost certainly ordered a b c. The Senate had already in secret 
session agreed with him.17 So as a body it  held either a b c or a c b. The 
House action showed a preference for b. Probably, W ilm ot and Northern 
Democrats held b a c and Southern Democrats a c b. Northern Whigs, 
certainly a minority, were probably the only ones who placed c first: c b a. 
But c won. The House attached the proviso to the appropriation and sent 
it  to the Senate several hours before adjournment. Senator John Davis, a 
Massachusetts W hig who favored c and who had voted against an earlier 
resolution on the appropriation (which passed by 33 to 19), then filibus­
tered until the clock ran out. So c, probably the least-desired alternative, 
won— clearly an outcome in disequilibrium and, incidentally, one that 
probably prolonged the war that Davis opposed.18
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Furthermore, there was almost certainly disequilibrium in the 
House itself on this motion. There were not enough votes to ascertain 
preference orders, but it  is easy to guess what they were:

7 Northern administration Democrats a b c
51 Northern Free Soil Democrats (W ilm ot) b a c

8 Border Democrats a b c or a c b
46 Southern Democrats a c b

2 Northern prowar Whigs c a b
39 Northern antiwar Whigs c b a

3 Border Whigs b a c or b c a
16 Southern and border Whigs a c b

I f  this guess is even approximately correct, b beats a (as happened), a 
beats c (which is reasonable because all Democrats, 60 percent o f the 
House, supported the administration on the war), and c beats b (which is 
reasonable because favoring c is a majority consisting o f all Southern­
ers— Democrat or Whig— who despised the proviso and Northern Whigs 
who wished to impede the administration on the war). So there is a clear- 
cut cyclical majority, which is o f course complete disequilibrium.

Thus, the issue of slavery, first broached in 1819 as a means to 
break up the Jeffersonian intersectional coalition, actually did so in 1846. 
Although the Whigs both generated the issue when out o f office and tried 
to suppress it  when in office, they could not really succeed until Northern 
Democrats were so afraid o f losing on Free Soil issues that they would 
also raise the issue that threatened their own coalition. This is what they 
did, however, in the W ilm ot Proviso, which may thus be regarded as the 
final act in the construction o f the slavery issue. From then on the issue 
would have a life  o f its own. The Kansas-Nebraska Act o f 1854 and the 
Dred Scott case in 1857 would put slavery in the very center o f politics. 
And in 1861 would come civil war, surely the product o f this issue.

9.E. From tlie Wilmot Proviso 
to tlie Civil War

Although the issue was fu lly  developed by 1846, much had to hap­
pen before the Jeffersonian-Jacksonian coalition could be finally split.
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Some Northern Democrats broke off from the party in 1848, and Van 
Buren ran on the Free Soil ticket, thereby electing Whigs. As always, 
Whigs in office played down the slavery issue and produced the Compro­
mise o f 1850, while Democrats, chastened by defeat in 1848, closed ranks 
in 1852 to win with a huge majority. This election revealed to Whigs that 
they could not win as an intersectional alliance on conventional economic 
issues. In itia lly  they tried nativism again— a kind of replay in 1854 with 
the American or Know-Nothing party o f the anti-Masonic movement of 
1831-1832. But they soon found that nativism had a lim ited appeal. So, in 
1856, capitalizing on the Democratic error w ith the Kansas-Nebraska 
Act, they went back to the slavery issue. The Northern Whigs, the bulk o f 
the party, discarded their Southern branch and drew in the Free Soil 
Democrats (like W ilm ot). That coalition, now called Republicans, was 
able to get office in 1860 and to get a majority in the whole country by 
1868, a majority that won much more than half of the time from 1868 
to 1930.

The Republican success in 1860 was in a sense a replay o f the 
disequilibrium of the W ilm ot Proviso. Abraham Lincoln won by a plural­
ity of about 40 percent. Since it  seems likely that he stood second in very 
few voters’ preference orders, one suspects that there may well have been 
a cycle in this case also. Knowing only first-place votes, I  have tried to 
guess at the fu ll preference orders o f voters in each region who cast first- 
place votes for each of the four candidates— Abraham Lincoln, Stephen 
A. Douglas, John C. Breckinridge, and John Bell. In  Display 9-2 are listed 
15 of the 24 possible preference orders for four candidates, w ith estimates 
by party and section of the number of voters who held these orders. In the 
Display, each row contains a preference order followed by my estimate o f 
the number of voters who held it. In the last column of each row is an 
explanation o f how my guess was arrived at. Thus in row 1, the number 
450,000 consists o f one-fourth o f the number of voters for Lincoln in New 
England, the Middle A tlantic states, and the Midwest, plus all of the 
voters for Lincoln in the South.

I f  my guesses are even roughly like the true situation, then Lincoln, 
Douglas, and Bell were in a cycle, and all three clearly defeated Breckin­
ridge. So by majoritarian voting, we get:

Douglas P  Lincoln P  Bell P  Douglas P  Breckinridge

Using the Borda count or using approval voting w ith each voter casting 
three approval votes (highly unlikely in the circumstances), Douglas wins:
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Douglas P  Bell P  Lincoln P  Breckinridge

But using approval voting w ith each voter casting two approval votes, 
Bell wins:

Bell P  Lincoln P  Douglas P  Breckinridge

Thus, w ith five methods o f voting, Douglas wins twice, Bell once, Lincoln 
once (the method actually used), and they are in a cycle and hence tie 
once. Clearly, i f  my guesses are even roughly right, there was complete 
disequilibrium in 1860, which is how the slavery issue destroyed the 
Jeffersonian-Jacksonian coalition.

*  *  *

In  this chapter I  have tried to illustrate how losers manipulate the agenda 
by introducing new issues. The new issue breaks up the old m ajority and 
in the resultant disequilibrium the original losers have a chance to win. 
This is what happened w ith the slavery issue. I t  was raised by Federalists 
and dissident Republicans (the group that later became National Repub­
licans and then Whigs) in 1819 and again in 1835 and after to put strain 
on the Jeffersonian-Jacksonian coalition. National Republicans and Whigs 
were not eager to raise it, however, when they held office or had a good 
chance for it  (between 1820 and 1828, 1841 and 1845, 1849 and 1852). 
The issue matured when Whigs had sufficiently frightened Northern 
Democrats that they too became, defensively, enthusiastic Free-Soilers, as 
in the W ilmot Proviso episode, the Free Soil party, and ultimately the 
Republican party.

Nevertheless, there was no straight-line progression in the Fed­
eralist-Whig development o f this issue. N ot only did they ignore it  when 
they too held national office on the basis o f an intersectional coalition; but 
also they ignored it  when the tried out other issues— anti-Masonry in 
1830-1832, nativism in 1855-1856, and economic issues for an intersec­
tional coalition in 1832-1835— and when they held office. The slavery 
issue gradually displaced these others by a kind o f natural selection. I t  
worked and the others did not. Anti-Masonry and nativism had rather 
too-local appeals to serve as the basis o f a nationally successful party. And 
the Federalist-National Republican-Whig economic position o f commer­
cial development was based on a national coalition that was repeatedly 
demonstrated to be s m a lle r than the Jeffersonian-Jacksonian coalition o f 
agrarian populism. Failing all else, the slavery issue came to be chosen



Display 9-2

Possible Preference Orders in 1860, g

by Candidate of First Choice and by Region ' g

Preference orders £f-------------------------------------------------------------------------------------------------------------------------------------------------------------------- r+
M*

1st 2nd 3rd 4th Number Location ®------------------------------------------------------------------------------------------------------------------------------------------------------------  P
1. L D Bl Bk 450,000 One-fourth New England, Mid-Atlantic, and Midwest Lincoln voters Jj 

A ll Southern Lincoln voters

2. L Bl D Bk 1,414,000 Three-fourths New England, Mid-Atlantic, and Midwest Lincoln voters J  
A ll Border and Western Lincoln voters Z

3. D Bk L Bl 173,000
m

One-third New England and Mid-Atlantic Douglas voters J

4. D Bk Bl L 489,000 One-third Mid-Atlantic and Midwest Douglas voters » 
One-half Border and Western Douglas voters j» 
A ll Southern Douglas voters <T

5. D L Bk Bl 83,000 Two-thirds New England Douglas voters ?.

6. D L Bl Bk 318,000 One-sixth Mid-Atlantic Douglas voters p 
One-third Midwest Douglas voters *  
One-fourth Border and Western Douglas voters »

7. D Bl L Bk 319,000 One-sixth Mid-Atlantic Douglas voters n 
One-third Midwest Douglas voters 
One-fourth Border and Western Douglas voters

m m Ji*timiHWiiiiig«

8. Bk D Bl L 329,000 New England Breckinridge voters 
One-half Mid-Atlantic, Midwest, Border, and 
Western Breckinridge voters 
One-fourth Southern Breckinridge voters

M
*9. Bk D L Bl 104,000 One-half Mid-Atlantic and Midwest Breckinridge voters

10. Bk Bl D L 413,000 One-half Mid-Atlantic and Midwest Breckinridge voters 
Three-quarters Southern Breckinridge voters

N0
0

11. Bl L D Bk 270,000 A ll New England, Mid-Atlantic, and Midwest Bell voters 
One-half Border and Western Bell voters 
One-third Southern Bell voters

tr n
g

001*
*N0
<

12. Bl Bk D L 146,000 One-third Southern Bell voters 
One-sixth Border Bell voters 
One-quarter Western Bell voters

13. Bl Bk L D 31,000 One-sixth Border Bell voters 
One-quarter Western Bell voters

0
1*0

14. Bl D Bk L 28,000 One-sixth Border Bell voters ff
tr

15. Bl D L Bk 114,000 One-third Southern Bell voters n
0
o

Note. L  =  Lincoln. D =  Douglas. Bl =  Bell. Bk =  Breckinridge.

*
H
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because it alone proved able to split the persistent, winning Jeffersonian- 
Jacksonian coalition and thereby generate cycles in which anti-Jackso- 
nians had a chance to win. The slavery issue thus survived by a natural 
selection that is always motivated by the drive for losers to win. A  fortu­
nate by-product of that process was the abolition of slavery, even though 
civil war was needed to achieve it.

10
Liberalism, Populism, and tbe 

Theory of Social Choice

In  Chapter 9 ,1 showed how a very large, apparent, popular m ajority was 
fractionated and replaced w ith a partia lly overlapping, partia lly contra­
dictory one— an illustration o f the frag ility  o f even the strongest majority. 
This is a concrete instance of what I  have previously shown by abstract 
argument— namely, that the outcomes o f voting are not necessarily fa ir 
and true amalgamations of voters’ values, that these outcomes may be 
meaningless, and that the majorities that make outcomes are themselves 
in flux. Having thus raised a variety o f issues about the interpretation of 
voting, I  w ill now return to the main problem raised in Chapter 1, the 
significance o f the theory of social choice for the theory o f democracy.

10.A. The Adequacy of Voting

In the democratic tradition, theorists have seldom raised questions 
about the re liability o f the voting mechanism in amalgamating individual 
values into a social decision. Many writers have indeed feared tyranny by 
the majority. But their fear has rarely, so far as I can discover, led them to 
question the adequacy of the way majorities are made.

Fear o f majority tyranny is a fear that the values o f the “ m ajority” 
may be morally scarce and that enforcement o f them w ill deprive the 
“ m inority”  o f its values. This fear has led some writers (from gentle 
Christians like T. S. Eliot to modern tyrants like Lenin or Mao) to reject 
democracy altogether. Others have argued that, to minimize the danger, 
on the more important political issues an extraordinary majority ought to 
be required. And still others (following the lead o f Madison) have de­
fended democracy by showing that majorities are temporary, arguing that
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the majority is not likely to tyrannize over people who may themselves be 
on top after the next election.

Given the last argument, the most frequently uttered defense of de­
mocracy against the charge o f majority tyranny, one would expect tradi­
tional theorists to recognize that majorities are at best temporary artifacts 
and therefore to wonder whether these artifacts are well or poorly made. 
Unfortunately, very little  such speculation has occurred, except on the 
part o f those, from A. V. Dicey to Anthony Downs, who have recognized 
that all majorities are themselves coalitions o f minorities. And even those 
theorists have not systematically inquired into how such coalitions work.

That, however, is precisely the question o f social choice theory. 
Its main interpretation is that the process o f compounding individual 
choices into a social choice does not inspire confidence in the quality o f 
majorities or similar amalgamations for decision. I  w ill now summarize 
the conclusions o f the previous chapters, setting forth the difficulties with 
amalgamation.

C onclus ion  1. I f  there are more than two alternatives on any issue—  
as is almost always the case for any reasonably free, open, and fa ir politi­
cal system— then there exist a wide variety o f methods by which the 
values o f members may be incorporated into the social decision. For 
convenience, I  have grouped these methods into three categories— majori- 
tarian, positional, and utilitarian— although methods in the same cate­
gory are often quite different. Unfortunately, the numerous methods do 
not necessarily lead to the same social outcome with the same set o f 
individual values. N ot only do majoritarian methods, for example, typi­
cally lead to different social choices from positional and utilitarian meth­
ods, but also the methods in any one category do not typically lead to 
identical outcomes.

The difference in methods would not occasion much difficulty for 
democratic theory i f  one method were clearly technically or morally supe­
rior to others. Yet this is not the case. A  good argument can be made for 
the fairness or efficiency or both o f most of the majoritarian or positional 
methods and even o f the utilitarian methods— which is indeed why meth­
ods in each category have been invented and recommended. The differ­
ence among the methods is simply that they are fa ir or efficient in differ­
ent ways because they embody different ethical principles. Unfortunately, 
there seems to be no way to show that one such ethical principle is morally 
superior to another. Consequently, there is no fundamental reason of 
prudence or morality for preferring the amalgamation produced by one 
method to the amalgamation produced by another.
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The moral and prudential standoff among methods would not in 
itself occasion difficulty for democratic theory i f  “ most of the time” most 
methods led to the same social choice from a given profile o f individual 
values. But this is not the case. Between any pair o f methods there may be 
agreement on the choice from a large proportion o f possible profiles.1 But 
it is not enough to consider agreement between pairs o f methods. One 
ought instead to compare outcomes among all commonly used and fre­
quently proposed methods. So far as I  know, no one has attempted such a 
comparison. But it  seems a safe conjecture that, i f  such a comparison were 
made, the proportion o f social profiles from which all the compared meth­
ods produced identical results would indeed be tiny. How, then, can it 
be said that any particular method tru ly  amalgamates individual values 
when different methods— all with distinguishable but nevertheless jus tifi­
able claims to fairness— amalgamate quite differently?

Different methods produce different results, and usually we are ig­
norant o f just how different the results are. For most o f the methods in 
wide use, not enough information on preference orders is collected to 
reveal how the actual outcome differs from outcomes that might have 
been selected by another method. This means that, even i f  som e m ethod 
produces a reasonab ly ju s tifia b le  am a lgam a tion , we do no t know  it .  Sup­
pose, for example, that a profile contains one kind o f “ reasonably jus tifi­
able outcome,”  namely, a Condorcet winner, and that many methods o f 
amalgamation would produce that alternative as the actual outcome. 
Since we lack .full detail on profiles, however, we do not know whether 
that alternative has actually been chosen by some given method. Further­
more, we do not even know whether the actual choice is “ close”  to being a 
Condorcet winner, or whether it  is, by this standard, a very bad choice 
indeed.

In section 9.E, in my reconstruction o f the election o f 1860, it  ap­
pears that methods other than plurality voting would have produced win­
ners other than the actual choice. But o f course we do not know i f  my re­
construction is right or, i f  wrong, how or where it  is wrong. In the absence 
o f the collection o f complete preference orders from all voters— an impos­
sible task— we w ill always be in doubt about whether a particular method 
has produced an outcome regarded as fa ir by some a priori standard o f 
fairness, even i f  a ll usable m ethods w o u ld  in  fa c t have p roduced  the  sam e 
w inner.

Any particular outcome from voting may be regarded as partially 
the outcome of a previous historical event, the selection o f a constitution. 
Since the amalgamation often depends as much on this antecedent choice
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as on the individual values, today’s social decisions on substance reflect in 
part yesterday’s social decisions on procedures. I t  is hard to believe that a 
social choice that depends in some unknown degree on the constitution 
that happens to exist and in some equally unknown degree on voters’ 
values is a fa ir amalgamation o f those values.

I t  is not that any particular method o f voting is unfair, because 
every method is in some sense fair. Rather it  is that the very idea o f tru ly 
and accurately amalgamating values by voting is unfair because one does 
not know the effect o f different methods on (usually) incompletely known 
profiles. The claim that voting produces a fa ir and accurate outcome 
simply cannot be sustained when the method o f counting partially deter­
mines the outcome of counting.

This is, then, the first conclusion: Outcomes o f voting cannot, in 
general, be regarded as accurate amalgamations o f voters’ values. Some­
times they may be accurate, sometimes not; but since we seldom know 
which situation exists, we cannot, in general, expect accuracy. Hence we 
cannot expect fairness either.

C onclusion  2. Suppose, however, that the people in a society have 
decided to use a particular method o f voting and to define as fa ir the 
outcomes produced by that method. Because o f the revelations from 
Arrow ’s theorem, from Gibbard’s and Satterthwaite’s theorems, and from 
Black and Newing’s and Plott’s and McKelvey’s and Schofield’s notions 
o f equilibrium and related developments, there is no reason to suppose 
that one profile of individual values w ill always produce the same outcome 
with that method. Consequently, the alternative outcomes by a particular 
method on a particular profile cannot be said to be a fa ir or true amalga­
mation, even though the method itself is assumed to be fair. In that sense, 
we never know what an outcome means, whether it  is a true expression o f 
public opinion or not. Every reasonably fa ir method o f voting can be ma­
nipulated in several ways. Since we cannot know whether manipulation 
has occurred, the truth and meaning o f a ll outcomes is thereby rendered 
dubious.

One method o f manipulation is strategic voting, wherein voters vote 
contrary to their true tastes in order to bring about an outcome more 
desirable than the outcome from voting truthfully. We know from Gib­
bard’s theorem that all methods o f voting are manipulable in this way. 
Since we can never be certain what “ true tastes”  are— all we ever know 
are revealed tastes— we can never be certain when voting is strategic. 
(Witness the difficulty in section 6.C o f interpreting votes on the Powell 
amendment.) Yet i f  strategic voting occurs, it  is hard to say that the 
outcome is a fa ir or true amalgamation o f voters’ values, especially when 
the successful manipulators are a small minority. I t  is possible, even prob-
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able, that strategic voting is commonplace in the real world, as evidenced 
by the frequency o f allegations of, for example, vote-trading. I f  so, then 
a ll voting is rendered uninterpretable and meaningless. Manipulated out­
comes are meaningless because they are manipulated, and unmanipulated 
outcomes are meaningless because they cannot be distinguished from ma­
nipulated ones.

Another method o f manipulation is by control o f the agenda to 
change the outcome from what it  would be in the absence o f such control. 
We know from the theorems about path independence that a ll nonoligar- 
chic methods o f voting are susceptible to changing outcomes by rear­
ranging the agenda. Indeed, from McKelvey’s and Schofield’s theorems 
we know that, except in the rare and fragile instances o f equilibrium, 
simple majority voting can, when the agenda is appropriately manipu­
lated, lead to any  possible outcome. Since we also know from a vast 
amount o f conventional analysis o f political institutions that much po liti­
cal dispute concerns control (and, presumably, manipulation) o f the 
agenda, we can be fa irly certain that this kind o f manipulation is utterly 
commonplace. But o f course we never know precisely when and how such 
manipulation occurs or succeeds. Since this manipulation is frequent but 
unidentified, again a ll outcomes o f voting are rendered meaningless and 
uninterpretable.

A  dynamic method o f controlling the agenda is the introduction o f 
new dimensions and issues in order to generate disequilibrium in which 
the previous kinds o f manipulation are possible. Suppose that, by pro­
cesses no individual person or oligarchy controls, the set o f alternatives 
has been reduced to precisely two and that one o f these always wins by a 
simple m ajority vote. This seems to be a stable equilibrium; yet i t  can be 
upset, dynamically, by the introduction o f new dimensions and issues. I f  
new issues result in situations vulnerable to strategic voting and manipula­
tion o f the agenda, then even stable equilibria are dynamically unstable. 
Again the meaning o f outcomes is hard to interpret.

For most o f the 60 years after 1800, Jeffersonian-Jacksonian agrar­
ian expansionism w ith its im plic it concomitants o f slavery usually seemed 
to be a stable equilibrium. But it  was upset and indeed repudiated in 1856 
and 1860 over the issue o f free soil. In  1860 it  seems likely there was no 
Condorcet winner; but, i f  there were, i t  was almost certainly Douglas or 
Bell, not Lincoln. I t  is hard to say, then, that the most momentous election 
o f American history was a fa ir or true amalgamation o f individual values, 
mainly because the decision was thoroughly— and, as I  showed in Chapter 
9, deliberately— confused by the inclusion o f several issues. The outcome 
probably was morally desirable, even though it  involved a bloody civil 
war; but i t  is d ifficult to say that i t  was socially preferred. Slavery was not
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a false issue, as Polk believed. (Men in office always believe that new 
issues threatening them are “ mischievous.” ) Rather, as a new issue it 
generated disequilibrium, the outcome of which could not be said to be a 
clear social choice. In this sense, a ll social decisions obtained by disrupt­
ing equilibria w ith new issues are not fa ir or true amalgamations o f public 
opinion, even though the disruption may be socially and morally necessary 
and desirable.

This, then, is the second conclusion: Outcomes o f any particular 
method o f voting lack meaning because often they are manipulated amal­
gamations rather than fa ir and true amalgamations of voters’ judgments 
and because we can never know for certain whether an amalgamation has 
in fact been manipulated.

10.B. The Refection of Populism

The social amalgamations o f individual values are, for reasons just 
summarized, often inadequate— indeed meaningless— interpretations o f 
public opinion. Furthermore, we seldom know whether to assign any par­
ticular social choice to the inadequate category. Hence a ll choices can be 
suspected o f inadequacy. What does this conclusion imply for the two 
views of voting in democracy set forth in Chapter 1 ? Can either populism 
or liberalism stand up?

Clearly populism cannot survive. The essence o f populism is this 
pair o f propositions:

1. What the people, as a corporate entity, want ought to be social policy.

2. The people are free when their wishes are law.

Since social choice theory is a device to analyze moral (and descriptive) 
propositions, not an ethical theory to choose among them, social choice 
theory cannot illuminate the question, implied in proposition 1, o f what 
o u g h t to be public policy. But, i f  the notion o f the popular w ill is itself 
unclear, then what the people want cannot be social policy simply because 
we do not and cannot know what the people want. An election tells us at 
most which alternative wins; it  does not tell us that the winner would also 
have been chosen over another feasible alternative that might itself have a 
better claim to be the social choice. Hence falls proposition 1. And i f  we 
do not know the people’s wishes, then we cannot make them free by enact­
ing their wishes. Thus falls proposition 2.
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Populism as a moral imperative depends on the existence o f a popu­
lar w ill discovered by voting. But i f  voting does not discover or reveal a 
w ill, then the moral imperative evaporates because there is nothing to be 
commanded. I f  the people speak in meaningless tongues, they cannot utter 
the law that makes them free. Populism fails, therefore, not because it  is 
morally wrong, but merely because it is empty.

In the history o f political ideas, a sim ilar rejection o f a moral im ­
perative on the ground that it  was uninterpretable occurred in the six­
teenth and seventeenth centuries when religious directives on politics lost 
their presumed clarity. So long as the spiritual authority of the pope was 
unquestioned, he could state the political content o f moral and divine law. 
W ith  the success o f the Reformation, however, there were many conflict­
ing voices speaking for God, no one o f which was more clearly vested w ith 
divine quality than another. Thus, even though no one seriously ques­
tioned the existence of the D ivin ity or the authority o f divine direction of 
human politics, the direction nevertheless failed simply because no one 
could be sure what the D ivin ity said. Modern secular political thought 
begins with that uncertainty. Sim ilarly I believe that in the next genera­
tion populist claims w ill be rejected simply because it w ill be realized that, 
however desirable they might be, they are based on a flawed technique 
that renders populism unworkable.

Perhaps it  w ill be said in defense of populism that, although there is 
always doubt about the meaning o f any particular electoral outcome, a 
series o f elections over time establishes a rough guide to policy. Yet even 
that defense cannot be sustained. I t  is possible that alternative x  (say, 
some political platform) repeatedly beats alternative y  (another platform) 
so that one is fa irly  certain that x  has a good majority over y . But suppose 
x  wins only because z was eliminated earlier or was suppressed by the 
Constitution or by the method o f counting or by manipulation. W hat then 
is the status o f x? I f  x  is as precise as a motion, then one can still be fa irly  
sure that x  at least beats y . But i f  x  is as vague as an ideology, it is far 
from certain that a clear decision is ever made.

In the history o f American presidential elections, three long- 
enduring clusters o f ideas have repeatedly been more or less endorsed by 
the voters. From 1800 to 1856, the agrarian expansionism of Jefferson 
and Jackson won most o f the time; indeed it was clearly beaten only in 
1840. From 1860 to 1928, the Republican program of commercial devel­
opment won most o f the time; it was clearly beaten (in popular vote, but 
not in the election itself) only in 1876. From 1932 to the present, Demo­
cratic welfare statism won most of the time; it was clearly beaten only in 
1952, 1956, 1972, and 1980. Can it not be said that these repeatedly 
endorsed clusters o f ideas have been, though rather vague, the true and
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revealed popular will? In a very narrow sense they have indeed been 
approved because x  (one o f these three clusters) has beaten some y  (not 
always the same y ) a number o f times, frequently in two-party contests. 
But x  has never won over a ll relevant alternatives. No party program has 
ever been approved in  genera l.

The Jefferson-Jackson program o f agrarian expansion was approved 
two-thirds o f the time from 1800 to 1856; but it  failed to obtain a major­
ity  whenever it was effectively shown that agrarian expansion entailed 
approval o f slavery; in 1840, 1844, 1848, 1856, and 1860. The election of 
1852 and its aftermath are instructive. In 1852, Whigs, themselves in 
office, did not raise the slavery issue; the Free Soil party was weak; and 
the Democratic party, again united on its traditional economic platform, 
won by a clear majority. Democratic leaders, assuming they had a man­
date, then produced the Kansas-Nebraska Act (1854), which, though os­
tensibly mere agrarian expansion and free soil at that, actually promoted 
the expansion and approval o f slavery. Thereafter, and directly as a conse­
quence, the Democratic party did not get a national majority for more 
than 20 years. Though this party with its policy o f approval o f slavery for 
the sake o f expansion was apparently endorsed overwhelmingly in 1852, 
only a slight variation in its program resulted in savage repudiation in the 
next five elections. The point is clear: x  (agrarian expansion and slavery) 
was approved against y  (commercial development o f Federalism and 
Whiggery) but lost by a huge margin to z (commercial development and 
free soil, ultimately the Republican combination).

In the next period, between 1860 and 1928, the Republican platform 
of commercial development usually triumphed against a dying agrarian­
ism. But again, there was no general mandate for commercialism alone. 
In itia lly  it  succeeded (except in 1876, when, however, technically it  did 
win) because it was associated with free soil; in its heyday it succeeded 
because, I believe, its commercial ideal was clearly linked to social wel­
fare. When the welfare aspects were forgotten in an excess of commercial­
ism (especially around the 1880s, when the old Democratic combination 
o f agrarianism and repression o f blacks was not yet fu lly  rejected), the 
Republican party failed to maintain its majority: in 1876, 1880, 1884, 
1888, 1892, 1912, and 1916. Notice that even the interlude o f Wilson’s 
presidency was occasioned by an internal Republican split that presum­
ably reflected Theodore Roosevelt’s distaste for Taft’s pure emphasis on 
commerce. Thus the mandate often thought to be overwhelming was at 
best conditional on an appeal to interest wider than commerce alone.

Finally, in the third period, from 1932 to the present, welfare stat- 
ism appeared to receive a huge mandate under Franklin Roosevelt and 
thereafter as long as welfare rather than statism was emphasized. But
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whenever statism dominated, as in the wars undertaken by Truman and 
Johnson— wars involving huge statist compulsion of citizens in unpopular 
causes— then welfare statism lost to a combination o f commerce and civil 
liberties as expressed in Eisenhower’s mitigation o f the m ilitary draft and 
N ixon’s elimination o f it. As the statist component o f welfare statism 
becomes increasingly apparent in other ways besides m ilitary adventures, 
it may well be that welfare statism as a whole w ill be rejected. The victory 
o f Ronald Reagan in 1980 may well be the beginning o f a more general 
rejection o f welfare statism.

In all three periods, then, a dominant program has been dominant 
only when it  has been tested in one dimension. When more than one 
dimension has been salient to voters, majorities have disappeared, even 
when the second dimension is closely related to the first. Voters rejected 
agrarian expansion when its slavery component was emphasized. They 
rejected commercial development when mere commerce was emphasized 
at the expense o f development, and they rejected welfare statism when the 
statist feature o f m ilitarism exceeded the welfare component o f redis­
tribution. Throughout all three periods, one cluster of ideas was repeat­
edly endorsed; but there was no clear Condorcet winner, and indeed there 
were probably always covert, unrevealed cycles o f popular values. The 
inference is clear: The popular w ill is defined only as long as the issue 
dimensions are restricted. Once issue dimensions multiply, the popular 
w ill is irresolute. Slight changes in dimensions induce disequilibrium. 
Thus it  is indeed difficult to speak o f a popular w ill so narrowly construed, 
and that is why populism is an empty interpretation o f voting and why the 
populist ideal is literally unattainable.2

10.C. The Survival of Liberalism 
and Democracy-

Given that social choice theory reveals populism to be inconsistent 
and absurd, how does the liberal interpretation of voting fare? For democ­
racy, this is a crucial question. Since populism and liberalism, as I  have 
defined them, exhaust the possibilities and since populism must be re­
jected, then, i f  liberalism cannot survive, democracy is indefensible. For­
tunately, liberalism survives, although in a curious and convoluted way. 
Liberalism does not demand much from voting, and hence the restrictions 
placed on the justification o f voting by social choice theory do not quite 
render the liberal ideal unattainable.
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The essence o f the liberal interpretation of voting is the notion that 
voting permits the rejection o f candidates or officials who have offended 
so many voters that they cannot win an election. This is, of course, a nega­
tive ideal. I t  does n o t require that voting produce a clear, consistent, 
meaningful statement of the popular w ill. I t  requires only that voting 
produce a decisive result: that this official or this party is retained in 
office or rejected. This very restricted expectation about voting can, I 
believe, easily coexist w ith all the defects we have observed in the voting 
mechanism. I f  so, then liberalism survives.

Let us investigate systematically the relation between liberalism and 
the discoveries o f social choice theory. To do so, I  w ill begin by assuming 
the existence o f what we already know does not exist— namely, a fa ir and 
accurate amalgamation o f voters' values. That this assumption is unrealis­
tic  does not taint the analysis because I  w ill use i t  only as an in itia l 
standard, not as an instrument of interpretation. W ith  this in itia l assump­
tion, let us then consider the following cases:

1. Suppose an official or candidate has not offended enough voters for 
them to reject him or her in a fa ir and true amalgamation of their 
values. If, in the actual voting under any particular method, the official 
or candidate is not rejected, then the method is working adequately in 
this case. 2

2. Suppose, however, that the actual voting does lead to the rejection of 
an unoffending official or candidate. Such rejection might occur in 
many ways. A  Condorcet winner (assume him or her to be a “ true 
winner” ) might lose in a plurality or approval or Borda election, or 
clever opponents might beat him or her by strategic voting or by ma­
nipulation o f the agenda or by the introduction of additional, divisive 
candidates. I f  this happens, has the ideal o f liberalism been violated? 
In our populistic era, even many liberals might say yes. Madison him­
self would have been troubled by this case. But i f  the liberal ideal is 
strictly interpreted, i t  has not been violated. First and foremost liberal­
ism requires the rejection o f the offending, not the retention o f the 
unoffending. I f  a system admits rejection at all, then there is no a 
priori reason why it  may not sometimes work imperfectly. One should 
expect, therefore, that some times an official or candidate w ill be re­
jected “ wrongly.”

This means that we must modify to some degree our expectations 
from liberalism. As originally stated in section l.D , liberalism was said 
to mitigate the oppression caused by the failure of officials to act as 
agents o f voters’ participation. I t  is clear now, however, that the expec-
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tation o f such an agency is a populist fantasy, not a tenet o f liberalism 
(which is a wholly negative kind o f control). This means that an offi­
cial in a liberal regime may indeed abandon any effort to ensure voters’ 
participation through reading the voters’ w ill, not because the official 
is sophisticated enough to know that there is nothing there to read, but 
merely because he or she knows by experience that voters’ rejection 
may be random. Such randomness, however, does not really matter for 
the liberal hope of preventing an official’s abuse o f office and author­
ity. The threat o f the next election retains its force. Indeed, an official 
who faces an electorate knowing that it  sometimes works randomly and 
may “ unfairly” reject him or her has a powerful motive to try  even 
harder to avoid offending voters.

3. Suppose, on the other hand, that an official or candidate has— in our 
imaginary true and fa ir amalgamation— offended enough voters to be 
rejected. I f  he or she is in fact rejected, then, clearly, the voting 
method is working adequately.

4. But what i f  the offending official or candidate wins? This might hap­
pen because he or she successfully manipulates the agenda or invents 
additional issues or sets up spurious opponents. Has the ideal o f liberal­
ism then been violated? Again, most liberals in this populist era would 
say yes. I  imagine that Madison would have believed this case impossi­
ble. But still, i f  the liberal ideal is strictly interpreted, there is no 
violation. Liberalism requires only that it  be p oss ib le  to reject a puta­
tively offending official, not that the rejection actually occur. We know 
from social choice theory that those who should be winners in our 
imaginary true and fa ir amalgamation can be defeated. We also know 
that those who should be losers can also be defeated, as, o f course, they 
should be. Consequently, the voting system does not prevent the rejec­
tion of offenders— and that is precisely the condition liberalism re­
quires. O f course, it  may happen that an uninformed or unsophisti­
cated or well-manipulated electorate fails to operate the voting system 
as its members would wish. But the fact that in particular instances 
people fa il to make the system work well does not alter the fact that 
they can make it  work. And i f  success is even sometimes possible, then 
the liberal interpretation can be sustained.3

I t  seems worthwhile to point out just how little  is contained in the 
liberal interpretation o f voting. In some sense it is very close to the cynical 
view that counting heads is better than breaking heads to solve the prob­
lem of succession. Let me point out some of the things that the liberal 
interpretation is not, simply to show how easy it is for liberalism to survive
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the criticisms o f social choice theory. For one thing, liberalism does not 
require that society itself act. In the liberal interpretation, society is an 
anthropomorphized entity that cannot order or choose anything either 
consistently or inconsistently. Rather it  is thought that individual people 
in the society choose, and what they individually choose is whether to 
support or oppose candidates. The social amalgamation of these choices 
need not be fa ir or just. I t  may even be part o f a social cycle. But i f  it 
results in a decision on candidates, it is, from the liberal point o f view, 
adequate.

Since social decisions are not, in liberal theory, required to mean 
anything, liberals can cheerfully acknowledge that elections do not neces­
sarily or even usually reveal popular w ill. A ll elections do or have to do 
is to permit people to get rid o f rulers. The people who do this do not 
themselves need to have a coherent w ill. They can be— and often are—  
strange bedfellows. Voters on the far right and the far left, for example, 
can combine to throw out a ruler in the center. The liberal purpose is then 
accomplished, even though one could not make a coherent ideological 
statement about what these voters did and even though their majority 
might be cyclical. The Indian rejection o f Indira Gandhi in 1977 was 
accomplished by just such a coalition, the Janata party, which was, how­
ever, so incoherent in its combination o f right and left that Mrs. Gandhi 
was able to win again in 1979.

The liberal interpretation o f voting thus allows elections to be useful 
and significant even in the presence o f cycles, manipulation, and other 
kinds o f “ errors” in voting. Since it is precisely cycles, manipulation, and 
“ error”  that render populism meaningless, the fact that liberalism can 
tolerate them demonstrates that liberalism can survive the revelations o f 
social choice theory, while populism cannot.

The kind o f democracy that thus survives is not, however, popular 
rule, but rather an intermittent, sometimes random, even perverse, popu­
lar veto. Social choice theory forces us to recognize that the people cannot 
rule as a corporate body in the way that populists suppose. Instead, offi­
cials rule, and they do not represent some indefinable popular w ill. Hence 
they can easily be tyrants, either in their own names or in the name of 
some putative imaginary majority. Liberal democracy is simply the veto 
by which it  is sometimes possible to restrain official tyranny.

This may seem a minimal sort o f democracy, especially in compari­
son with the grandiose (though intellectually absurd) claims o f populism. 
S till, modest though liberal democracy may be, it  fu lly  satisfies the defini­
tion of democracy offered in Chapter 1. To begin with, it  necessarily 
involves popular participation. Though the participation is not the ab-
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stract self-direction o f a corporate people, it  is th? concrete self-direction 
o f individuals who vote and organize voting to make the democratic veto 
work. Furthermore, since the veto does exist— even when manipulated or 
cyclical— it has at least the potential o f preventing tyranny and rendering 
officials responsive.

Since officials are not responsive to some imaginary popular w ill, 
this popular participation is not the act o f making policy. A t best officials 
are responsive to a (possibly random) threat o f expulsion from office. But 
this m ay  lead them to avoid gross offense to groups o f citizens who can 
eject them from office. Participation in this sense is then the act o f placing 
a curb on policy, a veto at the margin. Nevertheless it  is participation. 
Furthermore, it  can engender that self-direction and self-respect that de­
mocracy is supposed to provide because candidates, trying to construct 
winning platforms in the face o f that potential veto, also try  to generate 
majorities, at least momentary ones.

Furthermore, the liberal veto generates freedom because o f the very 
fact that it  is a curb on tyranny. Whether one thinks o f freedom as the 
absence o f restraint (“ negative liberty”  in Isaiah Berlin’s terms) or as the 
ability to direct one’s own life  (“ positive liberty” ), i t  is apparent that 
oppression by rulers eliminates either kind o f freedom. Suppose freedom 
is simply the absence o f governmental restraint on individual action. Then 
the chance to engage in vetoing by rejecting officials and the chance that 
the rejection actually occur are the very essence o f this freedom, which is 
substantially equivalent to liberal democracy. Suppose, however, freedom 
is defined as the ab ility  to use government to work one’s w ill— the populist 
expectation. The agent o f this (imaginary) w ill is government— that is, 
rulers who can oppress both the m inority and the very m ajority whose w ill 
they are supposed to work. An extreme example is socialist rulers who, in 
order to free workers from the supposed bondage to owners, subject them 
to the ownership o f the state and the terrorism o f the police. But conven­
tional populists turned dictator (fo r example, Vargas, Gandhi, and Perdn) 
are often just as oppressive. L iberal democracy, insofar as i t  allows people 
to restrain and reject, is the main sanction against this majoritarian op­
pression also.

Sometimes populists argue that the true meaning o f democracy is 
not to be found in voting, party organization, and the like, but rather in 
the democratic ideals o f civil liberties, tolerance, and humane concern for 
popular rights. As I  emphasized in Chapter 1, no one doubts that these 
ideals are indeed tru ly  central in democratic thought (although I  suspect 
that efforts to distinguish them from voting are often the first step— & la 
Marx— to some kind o f coercive enterprise). S till, these democratic ideals
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depend on a vigilant citizenry. What permits a citizenry to be vigilant is 
the liberal method o f regular elections. In that sense liberal democracy is 
a necessary part of what populists claim to want.

In the same way, liberal democracy promotes a kind of equality. 
Equal chances to restrain, to reject, and to veto inhere in the very idea of 
using votes to control officials. This is the notion o f the equality of the 
right o f democratic participation, which is the essence of the idea o f ju ris­
tic equality. Equality has many other derived meanings, including notions 
such as equal shares o f the national treasure and equality before the law 
(that is, in the courtroom). But equality in these derived senses cannot 
occur unless ju ristic equality exists. In that way, juristic equality is pri­
mary, and that is what liberal democracy provides.

So the liberal interpretation o f voting, however much it  admits of 
“ unfair”  voting methods, manipulation, cycles, and the like, still contains 
the essential elements o f democracy. I t  may, from the populist view, be a 
minimal kind o f democracy; but this is the only kind o f democracy actu­
ally attainable. I t  is the kind o f democracy we still have in the United 
States; and it  is the kind o f democracy so much admired by those who live 
in closed societies.

10.D. Are Liberal and Populist 
Interpretations Compatible?

To say that the populist interpretation o f voting cannot survive c riti­
cism, but the liberal interpretation can, does not necessarily imply that 
the two interpretations are incompatible. I t  may be that i f  voting permits 
the rejection of officials (the liberal goal), then from the liberal point of 
view it  makes no difference whether people attempt, however fruitlessly, 
to use voting to embody the supposed popular w ill in law (the populist 
goal). Since the populist method is not valid, it  w ill usually fail. But it 
may sometimes succeed. And i f  its failure or success are irrelevant by 
liberal standards, then there is no necessary incompatibility between liber­
alism and populism.

The case can be put thus: Let liberal rejectability or L R  stand for 
“ citizens are able to reject some rulers,”  and let populist incorporability or 
P I stand for “ citizens are able to embody popular w ill in law.” Then, i f  we 
guarantee at least L R  and sometimes also get P I, we have perhaps ob­
tained an extra benefit. This happy result can occur, however, only i f  L R  
and P I are complementary. I f  they are inconsistent, if, for example, P I is 
equivalent to the negative o f LR , then populism is certainly incompatible

10.D. Liberal and Populist In terpreta tions 247

with liberalism. I t  is important to discover, then, whether L R  and P I can 
be simultaneously affirmed.

In the view o f liberalism set forth by Berlin (see section l.F ) popu­
lism transforms liberalism into tyranny when a coercive oligarchy claims 
to enforce an imaginary popular w ill. But that transformation assumes an 
oligarchy that refuses to submit to the liberal discipline o f the next elec­
tion. Suppose, however, that free and regular elections are preserved. 
Then, even though the populist ideal may be unattainable, populism need 
not destroy freedom. So the question really is: Can liberal institutions 
(that is, the ability to reject rulers) be maintained when the populist 
interpretation of voting and populist institutions are adopted?

To answer, I  w ill first define briefly the institutions appropriate for 
each interpretation of voting.

P o p u lis t in s titu tio n s . The populist ideal requires that rulers move 
swiftly and surely to embody in law the popular decision on an electoral 
platform. Constitutional restraints that retard this process are populis- 
tically intolerable. The appropriate institutions are those that facilitate 
speedy embodiment, and the simplest such institutions are so-called con­
stitutional dictatorships, by which I  mean dictatorial executives who sub­
m it to real elections or plebiscites but rule by decree or through a com­
plaisant legislature. Latin American governments often have this form. 
Mexico is perhaps an example, though, since Mexican presidents never 
stand for reelection, the one-party plebiscites may not be real elections.

More complex populist institutions are those that develop out of 
parliamentary governments when they degenerate into a sovereign self­
regenerating legislature run by a leader (who is also the executive) o f a 
disciplined majority party. For the legislature to be sovereign, there can­
not be external restraints like an externally selected executive and inde­
pendent courts; nor can there be internal restraints such as multiple 
houses with different constituencies. For the legislature to be disciplined, 
members of the majority party dare not defy the party leader. Further­
more, at least one party must be a majority alone. W ith  such arrange­
ments the party leader can then ensure that party platforms are quickly 
adopted in true populist fashion. Finally, since the legislature is self­
regenerating, this leader can manipulate the time and conditions o f elec­
tions to facilitate his or her own continuance in office.

The closest current approximation to this ideal is Great Britain as 
it has developed over the last generation. External checks on the House 
of Commons have been removed. The House of Lords was effectively 
countered by the Parliament Act o f 1911, and the last attempt at even 
personal freedom in the Crown was repulsed at the abdication of Edward 
V I I I  in 1937. Strong third parties, a characteristic feature of nineteenth-
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century Parliaments (for example, the Radicals, Irish, and Labour), were 
eliminated with the decline of Liberalism after the 1920s, though they 
may be reappearing in the new Liberalism or Social Democracy. The 
national leaders o f the two main parties acquired control o f nominations 
so that the members became disciplined. And finally the national leader­
ship o f the majority party was lodged in the prime minister, who, once in 
office, could usually control a ll factions o f his or her party and, within 
wide lim its, ensure his or her continuance in office. What has so far saved 
the British system from constitutional dictatorship is, I  believe, a three- 
century-old liberal tradition of free and regular elections. But even that 
tradition now seems threatened. The ideal o f new elections when the gov­
ernment loses in the House of Commons has degenerated into the govern­
ment’s selection o f a propitious time within the lim its o f a five-year term. 
(And that term has twice been doubled with the excuse o f war.) More 
significant evidence o f the populist elimination o f electoral restraint, how­
ever, is the confiscatory and tru ly oppressive taxation and inflation by 
which rulers have financed their reelection, thereby acting against the 
society that they are supposed to serve.

L ib e ra l in s titu tio n s . Liberalism, as here defined, simply requires 
regular elections that sometimes lead to the rejection o f rulers. I t  is often 
thought that liberalism also involves additional constitutional restraints, 
and it  is indeed historically true that liberal regimes have always had 
them. This association, however, may be no more than a historical acci­
dent, owing to the fact that liberal democracy developed out o f the impo­
sition o f constitutional restraints on monarchies. Perhaps, in the abstract, 
liberal methods do not need to be supplemented with these restraints 
because liberalism has only one stipulated sanction on rulers— namely, 
the threat o f the next election. Nevertheless, in practice, liberal democ­
racy probably does not work without the additional restraints always 
heretofore associated with it— multicameral legislatures, decentralized 
parties, and so on.

Having defined populist and liberal institutions, it  is now possible to 
investigate the main question: Is the liberal interpretation o f voting com­
patible with populist institutions? The answer depends on whether rulers 
in a populist system can be expected to maintain the electoral arrange­
ments essential for liberal democracy.

I t  is difficult, I  believe, for rulers o f any kind to maintain free elec­
tions. The function o f an election is to put at stake the rulers’ jobs, even 
their lives. In nations where the democratic tradition is fragile or exter­
nally imposed, it  is common for rulers who have won office in elections to 
prohibit elections they might lose. Even adherents o f the democratic ideal 
hesitate to hold elections when they fear the electorate may do something
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“ foolish”  or “ wrong.”  Dictators from Cromwell to Fer6n, who have possi­
ble genuinely regarded themselves as caretakers until democracy can be 
resumed, have always been reluctant to trust an electorate that might 
install an alternative demagogue.

In general, therefore, the electoral system is only precariously main­
tained. But in populist systems both the temptation and the ab ility  to 
weaken the electoral sanction are especially strong. For one thing, w ith a 
populist interpretation o f voting it  is easy for rulers to believe their pro­
grams are the “ true”  w ill o f the people and hence more precious than the 
constitution and free elections. Populism reinforces the normal arrogance 
o f rulers with a built-in justification for tyranny, the contemporary ver­
sion o f the divine right o f rulers.

The main threat to democracy from populism is not, however, the 
exceptional temptation to subvert elections but the exceptional ab ility  to 
do so. Populist institutions depend on the elimination o f constitutional 
restraints, and the populist interpretation of voting justifies this elimina­
tion. W ith  the restraints removed, i t  is easy to change electoral arrange­
ments, which is why populist democracies so often revert to autocracies. 
Perhaps the leaders o f some future populism w ill be so thoroughly imbued 
with liberal ideals that they w ill never meddle w ith free elections. But 
since even in Britain, where liberal ideals originated, the populist elimina­
tion o f constitutional lim itations has begun to produce attacks on the 
integrity of elections, it seems unlikely that the liberal sanction can sur­
vive populist institutions. Indeed this empirical regularity suggests to me 
that there is a profound theoretical reason that populism induces rulers to 
ensconce themselves in office. A t any rate, on the practical level at least, 
the answer is clearly negative to the main question o f this section: Is 
liberal rejectability compatible w ith populist incorporability? No: because 
the constitutional restraints practically associated w ith liberalism m ust be 
destroyed to achieve populism.

10.E. The Preservation 
of Liberal Democracy

I t  seems clear to me that democracy cannot be preserved simply 
with the liberal interpretation o f voting. Suppose one had a liberal regime 
without the constitutional lim itations typically associated w ith liberalism. 
Would the regime long remain liberal? Would i t  not operate for all the 
world as i f  it  were populist? Would i t  not move certainly toward some 
kind o f oppression by rulers? I  th ink the answers to these questions are yes
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and so did Madison. Although he argued that the necessary and sufficient 
condition for republicanism (that is, democracy) to e x is t was simply regu­
lar, popular elections, it  is still true that he did not think this condition 
was sufficient to preserve  the liberal system. Instead he argued the neces­
sity o f constitutional limitations. And the constitution he was justifying in 
The F e d e ra lis t contained a variety o f very real restraints that together 
have successfully kept rulers from subverting regular, popular elections 
for 200 years. These restraints have the effect o f preventing any single 
ruler or any single party from getting enough power to subvert:

1. A  m u ltic a m e ra l le g is la tu re  (really three “ houses” : the president, Sen­
ate, and House o f Representatives) based on different divisions of the 
people into constituencies. The different constituencies have typically 
kept the interests of rulers separate and thus forestalled the fusion of 
their ability to rule into a tyranny.

2. A  d iv is io n  between le g is la tiv e  and  executive a u th o rity . Though consti­
tutional interpreters from Montesquieu on have believed this a funda­
mental lim itation, in the American system it  is no more than an exten­
sion o f the differing constituencies o f the multicameral legislature.

3. A  d iv is io n  o f  a u th o r ity  between n a tio n a l and  lo c a l governm ents. This 
is the famous American federalism, copied over half o f the world. The 
constitutional restraint is not, however, the legal division o f duties be­
tween central and local governments but rather the resultant local­
ization o f political parties that renders national leadership of them 
impossible.

4. A n  independent ju d ic ia ry . American lawyers have typically believed 
this to be the main lim itation. Indeed, the separation of the judiciary 
from the rest o f government does render blocking possible. But the 
judiciary has no independent constituency and so always loses in a 
crisis. Hence, this lim itation is much less important than the m ulti­
cameral legislature or the decentralized parties.

5. L im ite d  tenure  and  re g u la r e lections. This is the fundamental re­
straint, but it  is not a self-enforcing lim itation. I t  depends rather on the 
force of tradition and on the other restraints previously listed.

About the only important restraint commonly found in other constitu­
tional democracies and not included in this one is a system o f more than 
two political parties so that no single party is ever a majority by itself. 
Something o f that restraint, however, is provided in the American system 
by decentralized parties.
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Madison was correct, I  believe, in his assertion that constitutional 
lim its preserve liberal democracy. Fortunately the lim its he helped pro­
vide retain most of their original force. Yet in the American political tra­
dition there has always been a strong strand o f populism, usually ex­
pressed as the notion that the winners o f an election ought to be able 
immediately to embody their platform in law and policy. This was, for 
example, the basis for the attack by Jacksonians on bureaucratic tenure, 
for the attack by populist political philosophers (such as Charles Beard 
and J. Allen Smith) on constitutional lim itations o f all sorts, for the per­
sistent advocacy (described in section 3.G) o f a rigid system of two disci­
plined political parties (thus allowing a “ majority”  immediately to enact 
its program), and finally in recent decades for the idealization o f “ presi­
dential leadership”—  a euphemism for transcending constitutional lim ita­
tions by the domination o f a populistically endorsed, quasi-monarchical 
president.

Along with the populist notion o f an unfettered agent (whether 
party or president) of the popular w ill, there is also the notion that the 
popular w ill can express itself directly, as in legislation by referenda and 
even by public opinion polls. The device o f referendum was developed in 
the progressive era— an epoch o f the populist spirit— to provide a “ truer” 
expression of the popular w ill than statutes produced by legislatures, 
which were, it was argued, merely distorting intermediaries o f the popular 
w ill. Since that time there has been considerable disillusionment with 
referenda because they have produced both inconsistent and bizarre legis­
lation. S till, the populist belief in direct democracy dies hard, even though 
it can in no wise escape the defects of manipulation. So now there is con­
siderable enthusiasm for using cable television to conduct elections on the 
content of statutes and even o f administrative policy. Presumably citizens 
w ill listen to debate and then vote by push button, supplanting thereby the 
need for any kind of legislature.

Many current proposals for institutional reform are populistically 
intended to nu llify  constitutional limitations. In spite of disasters with the 
“ imperial” presidencies of Johnson and Nixon, people continue to search 
for ways to enhance presidential leadership— by tightening presidential 
control of the bureaucracy and by elaborating presidential influence in the 
party. The decentralization of political parties, the fundamental restraint 
in federalism, is under constant attack with proposals for frequent policy­
making conventions to be dominated by national leaders and proposals for 
centralized national financing of campaigns. While at the moment pro­
posals to eliminate legislatures w ith direct law-making over cable televi­
sion or to substitute (£ la Marcus Raskin, as cited in section l.G ) instruc­
tions from grand juries for legislative judgment seem bizarre, I have no
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doubt that, as technology and opportunity combine, such populist propos­
als w ill be taken seriously.

The present situation in the United States is, therefore, that, al­
though the fundamental constitutional lim itations remain, populists per­
sistently seek to undermine them. Since the twentieth century is a populist 
era worldwide, our homegrown populists may well succeed.

Populism puts democracy at risk. Democracy requires control of 
rulers by electoral santions; the spirit o f populism and populist institutions 
allows rulers to tamper with this sanction, thereby rendering it  a weak 
defense against the tyranny of officials. The maintenance of democracy 
requires therefore the minimization o f the risk in populism.

How can we minimize the risk? This is the great question o f politi­
cal prudence forced on us by the revelations o f social choice theory. I  w ill 
conclude this survey with some remarks on this practical problem.

The main defense against populist excesses is the maintenance o f the 
constitutional limitations inherited from eighteenth-century Whiggery. 
I t  would probably help also to have a citizenry aware o f the emptiness o f 
the populist interpretation o f voting. And surely a wide dissemination of 
the discoveries o f social choice theory is a desirable additional defense. 
But the dissemination of a rather arcane theory is a task for generations. 
( I t  took me a score o f years o f reflection on Black’s and Arrow ’s discover­
ies to reject the populism I had in itia lly  espoused.) Consequently, the 
fundamental method to preserve liberty is to preserve ardently our tradi­
tional constitutional restraints— decentralized parties and multicameral 
government.

Almost everyone who has written about American politics has em­
phasized its peculiar style. Except for the one great disaster o f the C ivil 
War, the nastiest features o f political scarcity have seldom flourished. 
One group has not persistently tried to do in another, probably because 
political coalitions are always shifting and constitutional restraints make 
it  difficult to organize zero-sum situations. Consequently, there are no 
elaborately rationalized ideologies that carry with them a logically clear 
and intricately arranged set o f public policies. Instead, political leaders 
are almost always engaged in constructing petty and pragmatic compro­
mises for marginal adjustments in policy. Only in a few great crises have 
great leaders emerged, and great leaders have always disappeared as the 
crises have subsided.

The reason for this style is, I  believe, the existence o f constitutional 
limitations. In his famous defense in The F e d e ra lis t, No. 51, o f the notion 
of the separation o f powers, Madison remarked:
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A  dependence on the  peop le  [b y  w h ich  he m eant dem ocracy, o r re g u la r 
e lections and  lim ite d  tenure  o f  o ffic e ] is , no d o u b t, the  p rim a ry  c o n tro l 
on the  governm ent; b u t experience has ta u g h t m a n k in d  the  necessity o f  
a u x illia ry  p re ca u tio n s  [b y  w h ich  he m eant p re c ise ly  the  c o n s titu tio n a l 
re s tra in ts  here e num era ted ].

The experience o f the subsequent two centuries has reinforced the teach­
ing to which Madison referred. And the reason is this: Liberal democracy 
almost guarantees some circulation o f leadership so that great power is 
usually fleeting and no vested interest lasts forever. The constitutional 
restraints have always reinforced this style. Multicameralism and federal­
ism have enforced localism in parties, and this in turn has forced rulers to 
persuade rather than to control. The total effect is that policy does not 
change either rapidly or sharply enough to hurt anyone very badly, which 
is why we have usually— except in the C ivil War— avoided the worst fea­
tures o f political scarcity. That the system has worked in this moderate 
way is due partly to luck; but it  also is due to that happy mixture o f liberal 
democracy and constitutional restraints that has so far preserved us from 
the hatreds and oppression im plic it in populism.
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represented ceased to be corporate bodies and became individuals, “ based 
on the rational, independent man.”  On the other hand, radicals such as 
Bentham “ would make government the instrument o f the ‘w ill o f the peo­
ple,’ a unified and authoritative force in which he found the only sovereign 
o f the polity and for which the majority spoke.”  Beer goes on to show that 
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collectivist and corporativist notions of, especially, the Labour party, 
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tive liberty or the necessity, as I  have shown, o f self-mastery becoming 
coercion in the presence o f populist voting.
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York: Sheed and Ward, 1975); Marcus Raskin, N otes on the  O ld  S ystem : 
To T ransfo rm  A m erican  P o litic s  (New York: McKay, 1974). Since 
Rusher describes himself as a conservative and often denounces liberal­
ism, I  should, in fairness to him and the reader, explain why I  call him a 
liberal. Originally “ liberal”  described independence from government 
(negative liberty, following Berlin). In this century it  came to mean first 
positive liberty and then, by the transformation Berlin described, coer­
cion, statism, and dependence on government, in effect exactly the reverse 
o f the earlier meaning. M y usage preserves the original sense, while 
Rusher as an antistatist has used the word “ conservative”  as a new name 
for antistatism. ( I t  is probably not a good choice because the Tory is also 
a statist.) Nevertheless, Rusher seems to me to represent one extreme 
version o f the Madisonian tradition, so I w ill continue to call him a lib­
eral. Raskin, on the other hand, condemns all brands o f liberalism. As a 
collectivist he is against Madisonian liberalism, and as a radical he is 
against the statism o f positive liberalism. So I  think it  fa ir to call him 
a populist.

’’Raskin, p. 153, quoting from M artin  Buber, “ The Gods o f the Nations 
and God,”  in Is ra e l and  the  W orld  (New York: Schocken Books, 1948),
p. 210.

Chapter 2

'To define proportional representation formally: For 1, 2 ,___ , m  parties,
let vf be the number o f votes for party i ,  and s, be the number o f seats for 
party i. Then the total vote is V  =  2 J l,v „  and the number of seats is
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S  =  S/”L|J/, where V  and S  refer to the district or the nation as the case 
may be. Then proportional representation is the situation in which

§ / - - ! .  all /

2See Douglas Rae, The P o litic a l Consequences o f  E le c to ra l Law s (New 
Haven: Yale University Press, 1971), pp. 28—39, for detail on the effects 
o f the two methods. Briefly, the effects can be explained in this way: In 
the highest-average method, an average, ah is calculated for each party, 

thus:

a, = v ,/(s , + 1)

where v, and s, are defined as in note 1. (In itia lly , s, =  0; so a, =  v(.) The 
party with the highest a, is assigned the first seat; a, is recalculated for 
that party; again the party with the highest a , is assigned a seat; a, is re­
calculated for that party; and so forth until all seats are assigned.

In the largest-remainder method, a quota, q , or the “ price”  of a seat, 
is calculated thus, using V  and S  as defined in note 1: q  =  V /S , or q  =  
V /(S  +  1), depending on the method used in various countries. Each 
party, /, is in itia lly  assigned s, seats, where

=  b>t/q]

and where [v ,/q ] is the largest integer contained in the number v ,/q . (O f 
course, i f  the largest integer is zero, the party is in itia lly  assigned zero 
seats.) A fter the in itia l allocation, a remainder, r „  is calculated for each 
party, i,

r, =  vt -  Cs,q)

The next seat is assigned to the party with the largest r „  and the process is 
repeated until all the seats are assigned.

I t  is probably not readily apparent to ordinary citizens, but it  is 
immediately obvious to contriving politicians, that the highest-average 
method varies from true proportionality in favor of the larger parties and 
the largest-remainder method varies from true proportionality in ways 
that do not systematically favor either large or small parties. Consider a 
stage in an election at which some seats have been assigned, others not. In 
the highest-average method, the size o f the original vote (v,) is just as
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relevant at this stage as initially. Hence large parties are more likely than 
small ones to get the next seat. But in the largest-remainder method, the 
size of the original vote ceases to be relevant after the in itia l assignment 
o f seats. Hence at this stage the next seat is equally likely to go to a large 
or to a small party.

As can be seen in Display N2-1, the Gaullists (w ith most votes) get 
the first, third, fifth , and tenth seats by the highest-average formula, but 
only the first, third, and seventh seats by the largest-remainder formula. 
Notice that the two parties with the most votes get the first four seats by 
both methods, but the highest average allocates the fifth  seat to the party 
w ith the most votes (because the in itia l number o f votes dominates the 
calculation) while the largest remainder allocates that same seat to a 
small party (because the in itia l number of votes is no longer relevant).

Let us define the proportionality, p , o f a party, i,  as

This formula was used in note 1 to define the objective of proportional 
representation as a system as one in which p, =  1 for all i.  The degree to 
which p , <  1 represents the advantage of party i. I t  is apparent that, since 
the highest-average method tends to give more seats to large parties, the 
P i s for large parties w ill be significantly smaller (and significantly more 
advantageous) than for small parties. Since the largest-remainder method 
is indifferent among parties of various sizes, p,'s under this method w ill 
not be related to party size.

3James S. Dyer and Ralph E. Miles, Jr., “ An Actual Application o f Col­
lective Choice Theory to the Selection o f Trajectories for the Mariner 
Jupiter/Saturn 1977 Project,”  O perations R esearch, Vol. 24 (March 
1976), pp. 220-244.

"This method was the Von Neumann-Morgenstern experiment described 
in section 4.F.

3Dyer and Miles, p. 228.

6M y colleague Richard Niemi, however, has examined the actual ballots 
for 22 elections, mostly by proportional representation, at the University 
o f Rochester. He found that in 11 elections, some o f the elected candi­
dates could not beat all the losers in a head-to-head vote and thus would
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not have been elected by the Condorcet method. See Richard N iem i, “ The 
Occurrence o f the Paradox of Voting in University Elections," P u b lic  
C hoice, Vol. 7 (Spring 1970), pp. 91-100.

Chapter 3

‘Here and in subsequent sections, I  rely heavily on that elegant presenta­
tion o f the whole field, Peter C. Fishburn, The T heory o f  S o c ia l C hoice 
(Princeton: Princeton University Press, 1973).

2That is, of the three possible relations, x  P ,y , x  I ,  y , and y  P ,x , the rela­
tion, R „  includes the two former and excludes the latter.

MJsing the symbolism 2"_, D , to mean “ the sum o f D , where i  =  
1, 2 , . . . .  n”  (that is, Z), +  Z)2 +  . . .  +  D „), then F  is a s im p le  m a jo rity  
decis ion  ru le  i f  and only i f

>  0 means F (D ) =  1 (x  wins)
=  0 means F {D ) = 0  (x  and y  tie) 

. <  0 means F {D ) = — !(>» wins)
(N3-1)

4Kenneth O. May, “ A  Set o f Independent Necessary and Sufficient Con­
ditions for Simple M ajority Decision,”  E conom e trica , Vol. 20 (October 
1952), pp. 680-684.

5Formally, an F  is m ono ton ic  (or non -nega tive ly  responsive) i f  and only if.

for all D  and D ' in D , it  is true that, for all i,  D , >  D \
implies F {D ) >  F {D ')  (N3-2)

6F  is the ju r y  fu n c tio n  i f  and only if.

for D , =  t,
/M j

t  — n means F (D ) =  1 
where —n C t C n  means F (D ) =  0

(conviction) 
(a hung ju ry ) (N3-3)

t  =  —n means F (D ) =  — 1 (acquittal) .

7An F  is s tro n g ly  m ono ton ic  (or p o s itiv e ly  responsive) i f  and only i f  F  is 
monotonic and, for all D  and D ' in D , and if, for all i, D , >  D '„
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i f  F {D ') =  0 and if, for some i,  D , >  D '„ then F (D ) =  1 

i f  F {D ) =  0 and if, for some /, D { >  D \, then F (D ') =  — 1
(N3-4)

'An F  is unan im ous  i f  and only if, when Z > = ( 1 , 1 , . . . , 1 ) ,

F (D ) -  1, and, when D  =  ( - 1 ,  - 1 .........- 1 ) ,  F ( D ) --------1
(N3-5)

An F  is w e a k ly  unan im ous  i f  and only if, when Z ) = ( l , l , . . . , l ) ,

F (D ) #  — 1, and, when D  =  ( —1, — 1 , . . . ,  — 1), F (D ) ¥= 1
(N3-6)

’This function was brought to my attention by Robert Freeman, dean of 
the Eastman School o f Music o f the University o f Rochester. Its peculiar 
properties were discovered and analyzed by Bradford Chaney. O f course, 
D , must be redefined in terms of points and F (D ) in terms o f point totals 
(like weighted voting in equation [N3-7] in note 13).

'“John H. Smith, “ Aggregation o f Preferences with Variable Electorate,”  
E conom etrica , Vol. 51 (November 1973), pp. 1027-1041.

"This is the so-called Hare system, which John Stuart M ill praised so 
highly in C onside ra tions on R epresen ta tive  G overnm ent (1862).

l2Gideon Doron and Richard Kronick, “ Single Transferable Vote: An Ex­
ample of a Perverse Social Choice Function,”  A m erican  J o u rn a l o f  P o liti­
ca l Science, Vol. 21 (M ay 1977), pp. 303-311.

13An F  is w eighted  m a jo rity  vo tin g  i f  and only if, for , w, =  W\

n >  0 means F (D ) - 1
= 0 means F (D ) =  0 

i-1 . < 0  means F (D ) =  — 1.
(N3-7)

HLloyd Shapley and M artin  Shubik, “ A  Method o f Evaluating Power in a 
Committee System,”  A m e rica n  P o litic a l Science Review , Vol. 48 (Sep­
tember 1954), pp. 787-792; John F. Banzhaf I I I ,  “ Weighted Voting 
Doesn’t  Work: A  Mathematical Analysis,” R u tg e rs  Law  Review , Vol. 19 
(W inter 1965), pp. 317-343; John Deegan and E. W. Packel, “ A  New
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Index of Power for Simple n-Person Games,”  In te rn a tio n a l J o u rn a l o f  
Gam e Theory, Vol. 7, No. 2 (1978), pp. 113-123; H. P. Young, L obby ing  
and C am pa ign ing  w ith  A p p lic a tio n  to  the  M easure  o f  Power (Laxenburg, 
Austria: International Institute for Applied Systems Analysis, 1977).

15See Philip Straffin, “ Homogeneity, Independence, and Power Indices,” 
P u b lic  C hoice, Vol. 30 (Summer 1977), pp. 107-118, wherein it is shown 
that the Shapley-Shubik and Banzhaf indices give quite different inter­
pretations o f a proposed Canadian constitution because the former as­
sume voters have homogeneous standards of judgment and the latter 
assumes that each voter’s judgment is independent of each other voter’s 
judgment. Since one does not know ahead o f time which assumption is 
appropriate, it  turns out to be impossible to translate fa irly  and accurately 
rules distinguishing voters into a weighted voting scheme.

16An F  is u n d iffe re n tia te d  i f  and only if, for all D  in D , and for all 
permutations,

F (D „ D 2, . . . ,  Dn) =  F (A („, A d ).........A w )  (N3-8)

I7T. Nicholaus Tideman and Gordon Tullock, “ A  New and Superior Pro­
cess for Making Social Choices,”  J o u rn a l o f  P o litic a l Econom y, Vol. 84 
(December 1976), pp. 1145-1159. A  special issue o f P u b lic  C hoice, Vol. 
22, (Supplement to Spring 1977) is devoted to papers on the demand- 
revealing process, although only the papers by Tideman and Tullock 
seriously suggest its use in popular elections. Tideman incidentally re­
marks, in “ Ethical Foundations o f the Demand Revealing Process” (p. 
73), that it  “ contributes practically nothing to equality” and “ has a poten­
tia l for increasing inequality.”  Difficulties arising from the absence o f un- 
differentiatedness are discussed in W illiam  H. Riker, “ Is ‘A  New and 
Superior Process’ Really Superior?”  J o u rn a l o f  P o litic a l Econom y, Vol. 
87 (August 1979), pp. 875-890.

18The alert reader doubtless observes that, i f  there is more than one voter 
on each side and i f  the voters favoring the loser, y , know Sx, then they can 
make y  win tax-free by offering m , >  Sx for all /' who prefer y  to x . Then 
the formula for the tax is [Sx — (Sy — m,)], because y  is now the winner; 
and the tax formula is negative for all such In the example in the text, i f  
persons 1 and 4 each offer $16 for y  and persons 2 and 3 do not change 
their offers, then wins tax-free (i.e., 15 — (32 — 16) =  —1). Generally, 
i f  Sx >  Sy and if, for all / such that x  P ,y , the number o f i  is > 2 , and 
i f  m, >  Sy, then [5̂ , — (Sx — m,)] is negative, and so x  wins tax-free.
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” To express all this precisely, let each person reverse his or her 
judgments:

I f  D , =  1 (i.e., x  P, y ) , then —D , =  - 1  (i.e., y  P, x).

I f  D , =  0 (i.e., x  I , y ) ,  then - D , =  0 (i.e., y  I , x).

I f  =  - 1  (i.e., y  P, x), then -£>, =  1 (i-e., *  P, y )-

For D  =  (£>,, D 2, . . .  , D „), the reverse or o f D  is — D  —
( —£>„ —Z)2.......... — £>„). Neutra lity is the condition that a reversed profile
o f preferences leads to reversed results. This means that, i f  F (D ) =  1 
(or -  1), then F ( - D )  =  -  1 (or 1), and, i f  F(Z>) =  0, then F ( - D )  =  0. 
An F  is d u a l (or n e u tra l) i f  and only if,

for all D  in D , F ( - D )  =  - F ( D ) .  (N3-9)

“ Vocabulary necessary to state the condition formally is: D , is an ordering 
by person i, i =  1, 2 , . . . .  n, o f the m  alternatives in X  =  ( x „  x 2, , x m). 
So £>, =  {x hR ix j R ,. . .  R ,x k) or, briefly, x hX j . . .  x k, which is a permuta­
tion o f X  where each of h , j , . . . ,  k  is a different element o f { l ,  2 , . . . ,  m }. 
As before, the social profile is D  =  (D „ D 2, . . . ,  D „), D  is the set o f all 
possible D , and Fg(D , X )  is the social choice from X , given some rule g  and 
some particular profile D . I f  X  is permuted, we get [<r(x,), <r(x2) , . . . ,  
< r ( x j] ,  where <x(x,) is the replacement for x,. The associated orders, pro­
file, and social choice are DJ, D ", and Fg(D °, X ) . Finally, a permutation of 
Ft (D , X )  is a [F g(D , X ) ] .

Here is an example, with three voters, three alternatives ( x „  x 2, x 3), 
the Condorcet rule that the winning alternative is that which can beat 
all others in a head-to-head vote, and the permutation [<r(x,) =  x „  
ct( x 2) =  x 3, <r(x3) =  x 2]:

D

D \ : x, x 2 x }
D 2: x 2 x , x ,

D 2: x 3 x 2 x ,

D °

D ’ : x, x 3x 2
D '2: x 3 x , x 2

D \-  x 2x 3x,

FC(D , X )  =  x 2 (because in D , x 2 beats x, and x 3) 

FC(D °, X )  =  x 3 (because in D \  x 3 beats x, and x 2) 

o [F c(D , X ) ]  =  x 3 (because <r(x2) =  x 3)
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D e fin itio n : An F  is n e u tra l if, for a ll D  in D ,

F (D C, X )  =  <r[F (D , X ) ] .  (N3-10)

Since Fc satisfies neutrality,

F (D C, X )  =  x , =  c [F X D ,X )\

which means that the choice from a permuted X  is equivalent to the same 
permutation o f the choice set.

21The history o f this tradition is well told in Austin Ranney, The D o c trin e  
o f  R esponsib le P a rty  G overnm ent (Urbana: University o f Illinois Press, 
1954). The first book in the tradition is Woodrow Wilson, C ongressiona l 
G overnm ent (Boston: Houghton M ifflin , 1885); the report o f the Ameri­
can Political Science Association’s Committee on Political Parties is To­
w a rd  a M o re  R esponsib le  T w o -P a rty  S ystem  (New York: Holt, Rinehart 
and Winston, 1950).

22Wilson, p. 93.

23A. Lawrence Lowell, “ The Influence o f Party upon Legislation,”  A n n u a l 
R epo rt o f  the  A m e rica n  H is to ric a l A sso c ia tio n  f o r  the  Year 1901, Vol. 1 
(1901), pp. 321-542.

24Pendleton Herring, The P o litic s  o f  D em ocracy  (New York: Holt, Rine­
hart and Winston, 1940); David Truman, The G overnm enta l Process 
(New York: Knopf, 1951); A rthur F. Bentley, The Process o f  G overn­
m ent (Chicago: University o f Chicago Press, 1908).

“ Robert Dahl, A  P reface to  D e m o cra tic  T heo ry  (Chicago: University o f 
Chicago Press, 1956), p. 146.

“ Anthony Downs, A n  E conom ic T heory o f  D em ocracy (New York: 
Harper and Row, 1956).

27Peter C. Ordeshook, “ Extensions o f a Model o f the Electoral Process 
and Implications for the Theory o f Responsible Parties,”  M id w e s t J o u r­
n a l o f  P o litic a l Science, Vol. 14 (February 1970), pp. 43—70.

“ Richard D. McKelvey, “ Policy Related Voting and Electoral Equilib­
rium,”  E conom etrica , Vol. 43 (September 1975), pp. 815-843, at p. 835.
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Chapter 4

‘The main argument against transitivity is that, in many laboratory ex­
periments, some subjects (often regularly) reveal intransitive preferences. 
See Amos Tversky, “ Intransitivity o f Preferences,”  P sych o lo g ica l Review , 
Vol. 76 (January 1969), pp. 31-48, where intransitivity is induced by 
forcing'subjects to judge by two or more standards. The main argument 
for transitivity is that it  is a fundamental condition o f consistency and that 
people prefer to be consistent. The revealed intransitivities from experi­
ments are explained away as the result o f confusion on the part o f subjects 
and trickery on the part o f experimenters. (Presumably most people w ill 
reject inconsistency i f  i t  is pointed out, especially w ith something like the 
extreme example o f the Money Pump: Person 1 arranges his judgments 
intransitively: x y , yz , zx . To begin, person 1 possesses z; but since he likes 
y  better than z, he is w illing to trade, giving z and some money— say, one 
dollar— for y . Now person 1 has y , but since he likes x  better than y , he 
trades y  and one dollar for x . Now person 1 has x , but since he likes z 
better than x , he trades x  and one dollar for z. Now person 1 is back 
where he started— with z— but he has lost three dollars. Presumably, this 
process could be repeated until person l ’s money is exhausted.) On the 
other hand, there are good examples suggesting that indifference need not 
be transitive: I f  x 0, x lt x 2, . . .  , x m are grains o f salt, then some person, i,  
might be indifferent between X j and x J -t grains on potatoes, but prefer x0 
grains to x m grains: x m I,  x m _ „  x m _ , I ,  x m _ .......... x , I ,  x 0, and x 0 P, x m. 2

2Using |i: x  Pt y \ to mean “ the number o f persons, /, who prefer x  to y "  
then

x  M y  means |/: x  Pt y \ >  |/: y  P ,x I (N4-1)

Sim ilar definitions, comparable to the individual relations o f I  and R  are

x  T y  means |/‘: x  P(-y| =  |/: y  P: x \ (N4-2)

x  M T y  means |/: x  >: |/: y  R t x| (N4-3)

3 Actually, typical American procedure provides for this final step only in 
the most attenuated form because often several sets X  are collected to­
gether (as a report from the committee o f the whole) and step 5 for all 
these sets is contained in the motion to adopt the report. American proce­
dure is therefore logically less adequate than the procedure outlined 
(which is equivalent to Duncan Black’s procedure a ; see his The T heory
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o f  C om m ittees and  E le c tio n s  [Cambridge, England: Cambridge Univer­
sity Press, 1958], p. 21). See W illiam  H. Riker, “ The Paradox of Voting 
and Congressional Rules for Voting on Amendments,” A m erican  P o litic a l 
Science Review , Vol. 52 (June 1958), pp. 349-366.

“This example is based on the dominated winner paradox in Peter C. 
Fishburn, “ Paradoxes o f Voting,”  A m erican  P o litic a l Science Review, 
Vol. 68 (June 1974), pp. 537-546. One can easily obtain examples of a 
substantive winner that loses to a rejected motion with just four alterna­
tives; but, since s is fixed as the last alternative, it takes five alternatives to 
create an example in which a rejected motion is una n im o u s ly  preferred to 
the winner.

Specifically: c(x) =  \y in X : x  M  y \ — \y  in X : y  M  x \.

“Peter C. Fishburn, The T heory o f  S o c ia l C hoice  (Princeton: Princeton 
University Press, 1973), p. 170.

’Thomas Schwartz, “ Rationality and the M yth o f the Maximum,”  N otts , 
Vol. 6 (M ay 1972), pp. 97-117.

8John Kemeny, “ Mathematics W ithout Numbers,” D aedalus, Vol. 88 
(Fall 1959), pp. 577-591. See also A rthur Levenglick, “ Fair and Reason­
able Election Systems,”  B e h a v io ra l Science, Vol. 20 (January 1975), pp. 
34—46. That the Copeland, Schwartz, and Kemeny rules produce different 
results may be seen in this example:

D

D \- y  a b c d  e x FcopcInndC-̂ i D ) — X
D 2: b x  y  c d  e a
D 3: x  c d  e a b y ^schw,mZ( * .  D ) = x y a b c d e
Dj . x  d  e a b c y
D s: y  e a b c d  x F Kcmz„ fX ,D )  = 6

A  number of other interesting but unused rules have been devised. These 
are reviewed in Peter C. Fishburn, “ Condorcet Social Choice Functions,” 
S IA M  J o u rn a l o f  A p p lie d  M a th e m a tics , Vol. 33 (November 1977), pp. 
469—489. A  particularly d ifficult Condorcet extension was devised by 
Charles Dodgson (Lewis Carroll), for which see Black, pp. 224—230; for
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Black’s own proposal sec p. 66; for a proposal by Condorcet see pp. 
175-176; and for one by Nanson see p. 187.

’Notice that in the Dyer and Miles study, described in section 2.B, the 
Borda method was, for convenience, operated in reverse: one point for 
first place . . .  m  points for last place, w ith the alternative with the lowest 
points the winner.

'“Fishburn, The T heory o f  S o c ia l C hoice, p. 147.

"See Black, pp. 176-177.

12For an alternative, i f  r ( x ,  y ,  D ) is the number o f orders D,  in D  in which 
x  precedes y,  then

s (x ) =  ^  K * .  y, D ) -  r ( y ,  x,  D ) ]  (N4-4)
y  in  x
y *  x

13To illustrate the calculation with •y(.y):

For y  and x , 2 y x  (in D 2, Z>5) — 3 x y  (in D „  D 3, D t ) =  — 1

For y  and a, 5 y a  (in Z>„ D 2, D 3, D 4, D 5) — 0 ay  =  5

For y  and b, 5 yb  (in Z)„ D 2, D 3, D t , D 5) — 0 by =  5

For y  and c, 4 y c  (in Z)„ D2, D A, Z)5) — 1 cy (in D 3) =  ___ 3

s (y ) =  12

‘“See Black, p. 216; Fishburn, The T heory o f  S o c ia l C hoice, p. 150.

,5The logic o f this dynamic effect o f the plurality system is examined in 
W illiam  H. Riker, “ The Number o f Political Parties: A  Re-examination 
o f Duverger’s Law,” Vol. 9, C om para tive  P o litic s  (October 1976), pp. 
93-106.

"Steven J. Brams and Peter C. Fishburn, “ Approval Voting,”  A m erican  
P o litic a l Science Review , Vol. 72 (September 1978), pp. 831-847.

"Black, pp. 65-66.

"Fishburn, “ Paradoxes o f Voting.”
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’See, for example, Robert Dahl, A  P reface to  D em ocra tic  T heo ry  (Chi­
sago: University o f Chicago Press, 1956); and James Buchanan and 
Jordon Tullock, The C a lcu lu s  o f  C onsent (Ann Arbor: University o f 
Michigan Press, 1962).

■See John Von Neumann and Oskar Morgenstern, The T heo ry  o f  Gam es 
nd E conom ic B ehavio r, 3rd ed. (Princeton: Princeton University Press, 
953). A  simpler introduction is to be found in W illiam  H . R iker and 
>eter C. Ordeshook, A n  In tro d u c tio n  to  P os itive  P o litic a l T h e o ry  (Engle­
wood Cliffs, N.J.: Prentice-Hall, 1973), chap. 2.

'B e n th a m ’s P o litic a l T hough t, ed. Bhikhu Parekh (London: Croom 
■Jelm, 1973), pp. 114-127, 40, 16-17, 309-310.

'2An interesting application o f this rule involves locating voters in a space 
ay measuring their judgments on several scales and then choosing the 
candidate whose location minimizes the sum o f the distances from the 
voters’ judgments. See I. J. Good and T. Nicholaus Tideman, “ From In­
dividual to Collective Ordering Through Multidimensional A ttribu te  
Space,” Proceedings o f  the  R o y a l S ocie ty, Vol. A-347 (1976), pp. 371- 
385. Since this method ultimately rests on some kind o f u tility  measure­
ment, it  is essentially a summation technique.

23T. Nicholaus Tideman and Gordon Tullock, “ A  New and Superior Pro­
cess for Making Social Choices,”  J o u rn a l o f  P o litic a l E conom y, Vol. 84 
(December 1976), pp. 1145-1159.

24J. F. Nash, “ The Bargaining Problem,”  E conom e trica , Vol. 18 (A pril 
1950), pp. 155-162.

25An F  is u n d iffe re n tia te d  i f  and only if, for all D  in D , and for any 
permutation o f N ,

F [X , (D „  D 2.........A t)] =  F [X , (A m , A tf„  . . . .  A(n))] (N4-5)

26An F  is n e u tra l i f  and only if, for all D  in D , and for any permutation o f 
X  such that x s is replaced by ff(X j), for xs belonging to X ,

F {X , D ”) =  a F (X , D ) (N4-6)

where these terms are defined as in Chapter 3, note 20.
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27An F  is m onoton ic  i f  and only if, for all i in N  and all D , D ' in D, 

where D ’j  — DJt for all j  ^  i

where D \ on (X  — {x}) =  Z), on (X  — {at}) (N4-7)

and where, i f  x  P /y  im p lies  x P ,y  and x l j y  implies x R , y ,  fo r  a ll y  in  
(X  — {x }), then, i f  x  is in F (X , £>’), x  is in F (X , D ); and i f  y  P / x  implies 

y  P, x  and y  / /  x  implies y  R , x , fo r a ll y  in (X  — {x }), then, i f  x  is not in 
F (X , £>'), x  is not in F (X , D ).

28An F  is unan im ous i f  and only if, for y  such that

(x  : x  in X , x  P ,y , for all i  in N ), y  is not in F (X , D ) (N4-8)

This kind o f unanimity is often called P are to  o p tim a lity . Originally this 
sense o f optimality meant that an outcome was socially optimal i f  any 
change from it  made someone worse off. Clearly, i f  everybody dislikes y  
and y  is not the social choice, then to include y  in the social choice would 
surely make some people worse off.

29An F  is C ondorcet i f  and only i f  F (X , D ) includes the set

{x : x  M T y , for all y  in X }. (N4-9)

30An F  is consisten t i f  and only if, when N  is divided into disjoint sets N ' 
and N 2 and D ' is a profile on N ' and D 2 is a profile on N 2,

i f  F (X , D ')  D F (X , D 2) *  0 ,

then F (X , D ' +  D 2) C F (X , D ')  n  F (X , D 2) (N4-10)

(Note: The symbol Pi is to be read “ the intersection o f sets S' and T "  and 
means those elements that are in both S and T ; the symbol 0  means “ the 
empty set"; and the symbol C means “ the set on the left contains or 
equals the set on the right.”

31An F  is independent fro m  irre le v a n t a lte rn a tive s  i f  and only if,

for S included in X , D  =  D ' on S, then F (S , D ) =  F (S , D ')
(N4-11)
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32The main reason for the dispute is, I  believe, the fact that, when it  was 
first presented in Kenneth Arrow, S o c ia l C hoice and  In d iv id u a l Values, 
2nd ed. (New Haven: Yale University Press, 1963), it  was discussed (but 
not used) as i f  it  forbade variations in orderings o f alternatives outside the 
set o f alternatives being considered. Thereby it was made into a consis­
tency condition on the way choices from various subsets o f alternatives 
were nested inside each other, a condition that w ill be discussed in C hap­
te r 5. I t  is, however, not a consistency condition on choices from sets o f 
different sizes, but s im p ly  a consistency condition on the rule, F , o f choice. 
In that sense it is also a condition o f equity, as noted in sections 4.1 
and 5.D.

33A  simple example, due to Fishburn, The T heory o f  S o c ia l C hoice, 
p. 89, is:

D  (where y M x M w M z M y )

Z>,: x w z y
D 2. y  x  w  z  

Dy. z y x w

s0 ^ S c h w a r tz C*. D ) =  w, x, y , z, although, for all /, x  Pt w.

34H. P. Young, “ An Axiomatization o f Borda’s Rule,”  J o u rn a l o f  E co­
nom ic Theory, Vol. 9 (September 1974), pp. 43-52; H. P. Young, “ Social 
Choice Scoring Functions,”  S IA M  J o u rn a l o f  A p p lie d  M a th e m a tics , Vol. 
28 (June 1975), pp. 824—838. Levenglick asserts that Kenemy’s function 
satisfies consistency, but Fishburn, in “ Condorcet Social Choice Func­
tions,”  provides a counterexample. Approval voting, not considered by 
Young, clearly satisfies the criterion: I f  N ' has 1 . . .  k  voters and N 2 has 
k  +  1 . .  . n voters, i f  x  has j  <  k  votes and y  has g <  j  votes in N \  and 
i f  x  has / <  (n — k ) votes and y  has h < /  votes in N 2, then 
in N  =  N ' U N 2, g  +  h <  _/' +  / .  So i f  x  with j  +  f  votes is in 
^ a p p ro v a l (^ .  & ')  H F (X , D 2), then x  is in Fapprova, (X , D ' +  D 2).

35Gideon Doron, “ The Hare Voting System is Inconsistent,”  P o litic a l 
S tud ies, Vol. 27 (June 1979), pp. 283-286. In this paper Doron offers an 
example in which, with the single transferable vote, as used in the govern­
ment o f Ireland and in many private societies, one alternative may win in 
two districts separately and another may win in these districts together 
(see section 3.C for the rules of this voting method). Doron’s example is 
set forth in Display N4-1.
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Display N4-1

Violation of Consistency 
Under the Hare System

One candidate is to be elected in TV1, in TV2, and in TV1 +  TV2.

D ' (for TV1)

/>,—■Da: w x y z
D 9- D i2: x  y  z w
D » -D ]5: y w z x
D i6—D 2]’ z y  x w

N o te  TV' = 21;
quota = 11.

D 2 (for TV2)

D 2:~ D 29: w x y z
D 30—D 33: x  y  z w
D 3A—D 39: y w z x
D A0—D a2: z w x  y

N ote  TV2 = 21;
quota =  11.

For TV1, no candidate has the quota; so the candidate, y , w ith fewest 
first-place votes is eliminated, and the votes are transferred to w, who then 
wins. For TV2, where again no candidate has the quota, candidate z is 
eliminated, and the votes are again transferred to w , who then wins. So w 
wins in TV1 and in TV2, but in TV1 +  TV2, as follows, w loses:

D ' +  D 2 (for TV1 +  TV2)

D \—D s, D 22—D 29: 
D 9—D i2, D 30- D 33: 
D \3—D 3i, D 3a—D 39: 
D\(,—D 23.

w x y z  (16 voters) 
x  y  z w  (8 voters) 
y w z x  (9 voters) 
z y  x w  (6 voters) 
z w x  y  (3 voters)

N o te  N ' +  N 2 =  42; quota =  22

For TV1 +  TV2, again no candidate has the quota; so first x  is elim i­
nated with the votes transferred to y  (who then has 17 votes); then z is 
eliminated with the 9 votes transferred, 6 to y  and 3 to w.  Hence y  has 23 
votes and is elected— in clear violation of consistency, which requires that 
the winner (here w) in TV1 and TV2 also win in TV1 +  TV2.
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36George H. Haynes, The S enate o f  the  U n ite d  S ta tes, Vol. 1 (Boston: 
Houghton M ifflin , 1938), pp. 81-95.

37To exempt approval voting from this defect, i t  is sometimes said that 
ballots rather than preference orders are permuted. A ll definitions o f ano­
nymity (undifferentiatedness) known to me, however, state that prefer­
ence orders (D , w ith x R , y  or y  R , x )  are permuted, not ballots (w ith 
C fx y )  =  x  or y  or {x y ) ) .

38Tideman and Tullock attempt to satisfy independence by fixing cardinal 
relations. The technique o f Good and Tideman violates independence be­
cause the social choice between two alternatives depends on the spatial 
location o f a third.

Chapter 5

'W illiam  H. Riker, “ Voting and the Summation o f Preferences,”  A m e ri­
can P o lic a l Science R eview , Vol. 55 (December 1961), pp. 900-911.

2Since many proofs are easily available to those who wish to follow up the 
subject, I  w ill not reiterate the proof here. For A rrow ’s proof, as revised 
by Julian Blau, see Kenneth Arrow, S o c ia l C hoice and  In d iv id u a l Values, 
2nd ed. (New Haven: Yale University Press, 1963), pp. 96—100. A  refined 
form of Arrow ’s proof is to be found in Amartya K. Sen, C o lle c tive  
C hoice and S o c ia l W elfare  (San Francisco: Holden-Day, 1970), chap. 3. 
See also Peter C. Fishburn, The T heory o f  S o c ia l C hoice  (Princeton: 
Princeton University Press, 1973), p. 206. Bengt Hansson, “ The Existence 
of Group Preference Functions,”  P u b lic  C hoice, Vol. 28 (W inter 1976), 
pp. 89—98, contains a topological proof. An informal sketch o f A rrow ’s 
proof is contained in W illiam  H. R iker and Peter C. Ordeshook, A n  In tro ­
d u c tio n  to  P os itive  P o litic a l T heory  (Englewood Cliffs, N.J.: Prentice- 
Hall, 1973), pp. 92-94.

3See Duncan Black, The T heory o f  C om m ittees and  E le c tio n s  (Cam­
bridge, England: Cambridge University Press, 1958), pp. 50-51, where 
the calculation was first proposed. Calculations are set forth in Richard 
Niemi and Herbert Weisberg, “ A  Mathematical Solution for the Prob-
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ability  of the Paradox of Voting,” B e h a v io ra l Science, Vol. 13 (July 
1968), pp. 317-323; M ark Gorman and Morton Kamien, “ The Paradox 
o f Voting: Probability Calculations,”  B e h a v io ra l Science, Vol. 13 (July 
1968), pp. 306-316; Frank DeMeyer and Charles Plott, “ The Probability 
of a Cyclical M ajority,”  E conom etrica , Vol. 38 (March 1970), pp. 345— 
354. See also R. M . May, “ Some Mathematical Remarks on the Paradox 
o f Voting,”  B e h a v io ra l Science, Vol. 16 (March 1971), pp. 143-151; 
Peter C. Fishburn and W illiam  V. Gehrlein, “ An Analysis of Simple Two- 
Stage Voting Systems,”  B e h a v io ra l Science, Vol. 21 (January 1976), pp. 
1—12; Fishburn and Gehrlein, “ An Analysis of Voting Procedure with 
Nonranked Voting,” B e h a v io ra l Science, Vol. 22 (M ay 1977), pp. 178- 
185; Gehrlein and Fishburn, “ The Probability o f the Paradox of Voting,” 
J o u rn a l o f  E conom ic Theory, Vol. 13 (August 1976), pp. 14—25; and the 
papers cited in note 8 of this chapter.

“Duncan Black, “ On the Rationale o f Group Decision Making,”  Jo u rn a l 
o f  P o litic a l Econom y, Vol. 56 (February 1948), pp. 23-34; Black, The 
T heo ry  o f  C om m ittees and  E le c tio n s , chaps. 4 and 5.

5Fishburn, The T heory o f  S o c ia l C hoice, p. 105.

6Black, The T heory o f  C om m ittees and  E le c tio n s , chap. 4.

’ Fishburn, The T heory o f  S o c ia l C hoice, pp. 111-144. See also Sen, pp. 
166—186. A  somewhat different kind of condition for transitivity (not 
involving restrictions on D ,) has been identified by Rubin Saposnik, “ On 
Transitivity o f the Social Preference Relation Under Simple M ajority 
Rule,”  J o u rn a l o f  E conom ic Theory, Vol. 10 (January 1975), pp. 1-7, 
where it  is shown that, i f  the number of voters in D  having orders consti­
tuting the forward cycle is equal to the number constituting the backward 
cycle, then the social order is transitive. Saposnik calls this condition, 
which must be extremely rare in the real world, “ cyclical balance.”

8Richard Niemi, “ M ajority  Decision Making with Partial Unidimension­
ality,”  A m e rica n  P o litic a l Science Review , Vol. 63 (June 1969), pp. 
489—497. Similar results with somewhat different methods are found in
D. Jamieson and E. Luce, “ Social Homogeneity and the Probability of 
Intransitive M ajority  Rule,”  J o u rn a l o f  E conom ic Theory, Vol. 5 (August 
1972), pp. 79-87; and Peter C. Fishburn, “ Voter Concordance, Simple 
Majorities, and Group Decision Methods,”  B e h a v io ra l Science, Vol. 18 
(September 1973), pp. 364-373.
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9Bengt Hansson, “ The Independence Condition in the Theory of Social 
Choice,”  T heory and D ecision , Vol. 4 (September 1973), pp. 25—49.

10Hansson’s independence condition (see note 9) allows for just the vari­
ability that A rrow ’s prohibits, but it  has not attracted adherents precisely 
because it  seems arbitrary.

“ James Buchanan, “ Individual Choice in Voting and the M arket,” J o u r­
n a l o f  P o litic a l Econom y, Vol. 62 (August 1954), pp. 334—343.

l2This means, o f course, that there may be either no best alternative or 
more than one best alternative, which is grammatically dubious but en­
tirely understandable i f  we define a best a lte rn a tiv e  formally thus: For a 
set S , let x  be a best alternative in S  i f  and only if, for all y  in S , x  R  y . 
The set of a ll best alternatives in S is the choice set, C (S ), for some 
relation, R . For example, let two persons have preferences x  y  z and y  z x . 
Clearly y  is in the choice set because socially y  P  z (inasmuch as y  Pt z and 
y  P2 z) and socially y  I  x  (inasmuch as x  P] y  and y  P2x ). So also is x  in the 
choice set because x  I y  and x  I  z. But z is not in C (5), because it  is false 
that z R y  (inasmuch as both persons have y  P ,z ).

“ Heretofore I used Fg(X , D ) to refer to a social choice by some voting 
rule. To generalize and thus to avoid the particularism of a specific rule, I 
now use C (X ) to mean simply the social choice from X .

' “Formally, for X  =  ( x „  x 2.........x„), i f  x, P  x 2, x 2 P  x 3, . . . ,  x n _ , P  x„, it
is not true that x „ P x , .  This means x, R  x„, so that no cycle of any size 
exists. Acyclicity requires less than quasi-transitivity for two reasons. 
First, acyclicity requires only that the consequent be x, R  x„, which ad­
mits either x, P  x „  or x, I  x „. Quasi-transitivity, on the other hand, re­
quires (in the sentence “ I f  x 1 P  x 2 and i f  x 2 P  x 3, then x, P  x v” ) that the 
consequent be x, P  x 3 only. So acyclicity admits a more general conse­
quent. Acyclicity also requires less than quasi-transitivity in the sense that 
quasi-transitivity is a property of every triple in X , while acyclicity is a 
property o f X  as a whole. Indeed it is possible for every trip le in X  to be 
acyclic, but for X  itself to be cyclic, as seen in Display N5-1, which is 
based on Sen, p. 16.

“ Sen, pp. 48, 52-53.

,6This was proved by Allen Gibbard in an unpublished paper (1969), and 
a proof is found in Fishburn, The T heory o f  S o c ia l C hoice, pp. 209—210.
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Display N5-1

A Cyclic Set with Acyclic Triples

D

£>,: w x  y  z
D 2: x  y  z w
D 3: y  z w x
D 4: z w x  y

Number of Votes for the Alternative 
in the Row When Placed in Contest 

Against the Alternative in the Column

w X y Z

w — 3 2 l
X 1 — 3 2
y 2 1 — 3
Z 3 2 1 —

Notice that each alternative beats one other, ties w ith one other, and 
loses to one other.

A ll triples are acyclic:

w  x  y : w P x , x  P y , w I  y
w x  z: z P w , W P  X , z l x
w y  z: y  P z , z P w , w l y
x  y  z: X  P y , y P z , x  I z

Yet the entire set, X ,  is in a cycle: w P  x ,  x  P y ,  y  P  z, and z P w .
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An oligarchy, which may be any subset o f the set N  o f choosers, including 
N  itself, is a subset, O, such that, i f  everyone in O  prefers x  to y , then the 
social choice is x  and i f  any person in O  prefers x  to y , then the social 
choice is not y . Thus, i f  the oligarchy agrees, it  can impose a choice; and 
every member of the oligarchy has a veto.

17Fishburn, The T heory o f  S o c ia l C hoice, p. 208.

l8Donald Brown, “ Acyclic Choice”  (Cowles Foundation Discussion Paper, 
Yale University, 1973); Brown, “ An Approximate Solution to A rrow ’s 
Problem,”  J o u rn a l o f  E conom ic Theory, Vol. 9 (December 1974), pp. 
375-383. As John A. Ferejohn has pointed out, in “ Brown’s Theory of 
Collective Choice”  (Social Science Working Paper, California Institute o f 
Technology, March 1976), Brown’s collegia are almost imperceptibly d if­
ferent from oligarchies, so that no real gain occurs in substituting acy­
clic ity for transitivity.

’’ Andrew Mas-Colell and Hugo Sonnenschein, “ General Possibility Theo­
rem for Group Decision,”  R eview  o f  E conom ic S tu d ie s , Vol. 39 (A p ril
1972) , pp. 185-192.

20Arrow, p. 120.

21Sen’s conditions are set forth in C o lle c tive  C hoice and  S o c ia l W e lfa re , 
chap. 4, and reviewed in detail in a review article, A. K. Sen, “ Social 
Choice Theory: A  Re-examination,”  E conom e trica , Vol. 45 (January 
1977), pp. 53-88. Sen’s article is an excellent review o f the technical 
literature. P lott’s condition is set forth in Charles Plott, “ Path Indepen­
dence, Rationality, and Social Choice,”  E conom e trica , Vol. 41 (October
1973) , pp. 1075—1091. P lott’s interpretation o f the whole problem is set 
forth in an excellent review for political scientists, Charles Plott, “ Axiom ­
atic Social Choice Theory,”  A m e rica n  J o u rn a l o f  P o litic a l Science, Vol. 
20 (August 1976), pp. 511-596.

22Since F  is “ irrelevant”  to the choice between B  and C, property a  or the 
Weak Axiom o f Revealed Preference (W ARP) is sometimes called “ inde­
pendence from irrelevant alternatives,”  though it  is quite different from 
Arrow ’s Condition I. One can, o f course, imagine situations in which the 
third alternative is relevant: Let T  be {Republican, Democrat, Indepen­
dent} and S  be {Republican, Democrat}. Then an electorate might choose 
R  from T  and D  from S  by plura lity voting. But i t  is precisely because o f 
both of these possibilities that many political scientists and social choice 
theorists criticize plurality voting— and that criticism constitutes a jus tifi­
cation of property a.
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23Plott, “ Path Independence, Rationality, and Social Choice,”  pp. 1079- 
1080.

24Formally, C (S  U T ) =  C[C(.S) U C (T ) ].

25Formally, P I* : C (S  U T )  C C [C(S) U C ( T ) ]

and * P I: C[C(S) U C (F )] C C (S  U T )

Manifestly, i f  £  holds in each direction, then C(S U T ) is equivalent to 
C [C (5) U C (T ) \, which is P I itself. So: P I*  +  * P I =  P I.

26This fact was proved by R. E. Parks in an unpublished paper cited in 
Plott, “ Path Independence, Rationality, and Social Choice.”

27G. Bordes, “ Alpha Rationality and Social Choice,”  an unpublished pa­
per cited in Sen, “ Social Choice Theory: A  Re-examination.”

28See Sen, ibid.

29John A . Ferejohn and David M . Grether, “ Weak Path Independence,”  
J o u rn a l o f  E conom ic Theory, Vol. 14 (January 1977), pp. 19-31.

30Ibid.
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'Duncan Black, The T heory o f  C om m ittees and E le c tio n s  (Cambridge, 
England: Cambridge University Press, 1958), p. 21, calls a method with 
this ultimate step “ procedure a "  and says it  is “ almost universally used.”  
I t  is true that a  is used in the British House o f Commons; but, in the 
Committee of the Whole in the U.S. House o f Representatives, it appears 
in a form so attenuated that it  is equivalent to the procedure described in 
the text. See W illiam  H. Riker, “ The Paradox of Voting and Congres­
sional Rules for Voting on Amendments,” A m e rica n  P o litic a l Science R e­
view, Vol. 52 (June 1958), pp. 349-366.

2Duncan Black, “ On the Rationale o f Group Decision Making,” Jo u rn a l 
o f  P o litic a l E conom y, Vol. 56 (February 1948), p. 29; Kenneth Arrow, 
S o c ia l C hoice and  In d iv id u a l Values, 2nd ed. (New Haven: Yale Univer-
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sity Press, 1963), pp. 80-81; Topas Majundar, “ Choice and Revealed 
Preference,”  E conom etrica , Vol. 24 (January 1956), pp. 71-73; W illiam  
Vickery, “ U tility , Strategy, and Social Decision Rules,”  Q u a rte rly  J o u r­
n a l o f  E conom ics, Vol. 74 (November 1960), pp. 507-535; Michael 
Dummet and Robin Farquharson, “ S tability in Voting,”  E conom etrica , 
Vol. 29 (January 1961), pp. 33—42; W illiam  H . Riker, “ A rrow ’s Theorem 
and Some Examples of the Paradox of Voting,”  in M a th e m a tic a l A p p li­
ca tions in  P o litic a l Science, ed. J. Claunch (Dallas: Arnold Foundation, 
Southern Methodist University, 1965), pp. 41-69; Robin Farquharson, 
T heory o f  V o ting  (New Haven: Yale University Press, 1969).

3Allan Gibbard, “ Manipulation o f Voting Schemes: A  General Result,” 
E conom etrica , Vol. 41 (July 1973), pp. 587-601; M ark Satterthwaite, 
“ Strategy Proofness and Arrow ’s Conditions,”  J o u rn a l o f  E conom ic The­
o ry, Vol. 10 (October 1975), pp. 187—217. See also Peter GSrdenfors, “ A  
Concise Proof of a Theorem on Manipulation o f Social Choice Func­
tions,” P u b lic  C hoice, Vol. 32 (W inter 1977), pp. 137—140.

‘‘To express this fact formally, let D , be an ordering o f X  by strict pref­
erence, P, and let D  be a profile of such orderings. An outcome, F (X , D ), 
of a voting method is a function, g, o f strategies o f voting, s „ chosen by 
each person, i,  given j ’s D ,. Thus, F (X , D ) =  g[j ,(Z>,),. . .  ,$„(/>„)]. Let 
a fD ,) be that particular strategy in which a voter votes exactly in accord 
with the preferences in D ,. (For example, i f  a P, b P, c, then, i f  on a vote 
between b and c, i  votes for b, i  is following o fD f) .  Hence 
g[<7,(Z>,),. . .  , cr„(Z>„)] is the outcome i f  all i  vote according to their 
true tastes. A  voting method is manipulable by strategic voting if, for 
some i, for F (X , D ) =  g [ < r f D o f D ) ,  . . . , cr„(Z)„)] and for some
F (X , D ') =  g [c fD x) , . . . .  s ,(D .)......... <j„{D „)], where s fD )  *  o,(£>,),
voter i  prefers F (X , £>') to F (X , £>). That is, i  prefers the outcome with 
personal dissimulation to that without dissimulation.

5Jerry S. Kelly, “ Strategy-Proofness and Social Choice Functions W ith ­
out Singlevaluedness,”  E conom etrica , Vol. 45 (March 1977), pp. 439- 
446, shows that methods o f amalgamation that allow the choice o f a ll 
Pareto optimal outcomes, which may be many, may indeed be immune to 
manipulation. Peter Gardenfors, “ Manipulation o f Social Choice Func­
tions,” J o u rn a l o f  E conom ic Theory, Vol. 13 (October 1976), pp. 217— 
228, offers a specific example o f such a method: Given that all £>, in D  are 
strong orders (that is, no indifference is allowed), then define F (X , D ) 
thus: F (X , D ) =  X j i f  there is an absolute majority o f voters who place Xj 
first in their preference orders, and F (X , D ) =  X  otherwise. That is, an F  
is not manipulable that chooses either that Xj for which there is an abso-



280 Notes

lute majority or the whole set o f alternatives i f  no xs has an absolute 
majority. O f course, this rules out the most interesting cases— for exam­
ple, where D  has a Condorcet winner without an absolute majority or 
when D  has a cycle under majority rule.

I t  is true, however, that, i f  there is enough sim ilarity in voters’ pref­
erence orders, many voting systems are strategy-proof. For example, i f  
everyone has the same ordering, manipulation is impossible under ma­
jo rity  rule. For an investigation o f conditions o f sim ilarity that ensure 
strategy-proofness, see Joseph Greenberg, “ Consistent M ajority Rules 
over Compact Sets o f Alternatives,”  E conom etrica , Vol. 47 (M ay 1979), 
pp. 627-636; and Bezalel Peleg, “ Consistent Voting Systems,”  E cono­
m e trica , Vol. 46 (January 1978), pp. 153-161.

6Furthermore, A llan Gibbard has shown, in “ Manipulation of Schemes 
That M ix  Voting with Chance,”  E conom etrica , Vol. 45 (A p ril 1977), pp. 
665—679, that in social choices by lotteries— based on probabilities deter­
mined by individual ballot marking in which voters rank lotteries by their 
cardinal utilities for outcomes— if  voters can advantageously mark ballots 
strategically, the social choice is manipulable and, i f  manipulable, either 
dictatorial or imposed, a la Arrow. For other proofs that manipulation is 
possible with some chance mechanisms, see GSrdenfors, “ Manipulation of 
Social Choice Functions.”

7P. K. Pattanaik, “ Counter Threats and Strategic Manipulation Under 
Voting Schemes,”  R eview  o f  E conom ic S tud ies, Vol. 43 (February 1976), 
pp. 11-18, extends Gibbard’s result to situations in which i ’s strategic 
voting can be countered by the strategic voting o f others. Pattanaik shows 
that, even then, all voting methods admit o f situations in which i t  is still to 
i ’s advantage to vote strategically. So strategic voting cannot be elim i­
nated by opposition.

“Most examples o f strategic voting involve the commonly used methods—  
plurality voting or the amendment procedure. But in theory the Borda 
method is equally manipulable. See Duncan Black, “ Partial Justification 
o f the Borda Count,”  P u b lic  C hoice, Vol. 28 (W inter 1976), pp. 1—15; and 
W illiam  G. Ludwin, “ Strategic Voting and the Borda Method,”  P u b lic  
C hoice, Vol. 33, No. 1 (1978), pp. 85-90.

’ Douglas Rae, The P o litic a l Consequences o f  E le c to ra l Law s (New Ha­
ven: Yale University Press, 1971), p. 93; W illiam  H. Riker, “ The Number 
o f Political Parties: A  Re-examination o f Duverger’s Law,”  C om para tive  
P o litic s , Vol. 9 (October 1976), pp. 93-106. I t  may be, however, that 
relatively few voters really vote strategically because, as has often been 
pointed out, individual voters cannot expect to have much influence over
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the outcome o f elections. (See Anthony Downs, A n  E conom ic T heory o f  
D em ocracy [New York: Harper and Row, 1967],'pp. 260-276; W illiam  
H. Riker and Peter C. Ordeshook, “ A  Theory o f the Calculus o f Voting,” 
A m erican  P o litic a l Science R eview , Vol. 62 [March 1968], pp. 25—42; 
Paul E. Meehl, “ The Selfish Voter Paradox and the Thrown-Away Vote 
Argument,”  A m e rica n  P o litic a l Science R eview , Vol. 71 [M arch 1977], 
pp. 11-30.) I f  so, then the motive for the Duverger result is the reluctance 
o f politicians to expose themselves to strategic voting. That is, third-party 
leaders, fearing that their supporters w ill strategically desert them and 
assuming therefore that they cannot win, simply abandon the effort, thus 
generating a two-party system. In this view, the mere p o s s ib ility  o f strate­
gic voting has profound consequences.

l0The expected utility , E u , o f an action, a „  is calculated thus:
n

E u (a ,) = . ^ j p ,{ 0 ) u i( 0 )
1-1

"Howard Rosenthal, “ Game Theoretic Models o f Bloc Voting Under Pro­
portional Representation,”  P u b lic  C hoice, Vol. 18 (Summer 1974), pp. 
1-23.

"This is based on Riker, “ A rrow ’s Theorem and Some Examples o f the 
Paradox o f Voting.”

13C ongressional Q u a rte rly  A lm anac, 1956, pp. 806—807. These numbers 
include live pairs and thus differ slightly from numbers in the Congres­
s io n a l R ecord.

14C ongressiona l R ecord , Vol. 102, Part 9 (85th Cong., 2nd sess.), p. 
11758.

l5O f course, not all strategic voting is successful. Bo B ju ru lf and Richard 
Niem i, “ Strategic Voting in Scandinavian Parliaments,”  S cand inav ian  
P o litic a l S tud ies , Vol. 1, New Series (1978), pp. 5-22, describe, among 
other things, an instance in which strategic voting backfired so that the 
/east-desired alternative was chosen.

,6Richard D. McKelvey and Richard N iem i, “ A  Multistage Game Repre­
sentation o f Sophisticated Voting for Binary Procedures,”  J o u rn a l o f  E co­
nom ic Theory, Vol. 18 (January 1978), pp. 1-22.

"Robin Farquharson, “ Sophisticated Voting and an Example Due to 
M . Kreweras,” in L a  D ecis ion , ed. G. Th. Guilbaud (Paris: Editions du 
Centre Nationale de la Recherche Scientifique, 1969), pp. 115-122, of-
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fers the following example in which sincere and strategic voting lead to 
different results:

^ l - 3 3 : x y  z
A j4-5 I : y  x  z
^ 5 2 - 6 3 : y  z x
^ 6 4 -IO O : z y  x

The Condorcet winner (always found with binary procedures whether 
sincere or strategic voting occurs) and the Borda winner is y . Runoff 
elections between the two highest candidates in the first round give x  w ith 
sincere voting and y  w ith strategic voting. P lurality elections never get to 
y , however. Under plurality, sincere voting produces z and strategic voting 
produces x . Which is better? Since x  has a sincere majority over z, x  may 
seem better, but since z has more sincere Borda points than x , z may seem 
better. A ll we can say for sure is that they are different.

18In terms o f choice, cyclicity is: C (xy , x y ) =  x y , C (xy , x y ) — x y , . . . ,  
C (x y , x y ) =  x y .

l9Thomas Schwartz, “ Collective Choice, Separation o f Issues and Vote 
Trading,”  A m e rica n  P o litic a l Science Review , Vol. 71 (September 1977), 
pp. 999-1010, from which I  have adopted the notation o f qx, Q *, and Q.

20James Enelow, “ A  Game Theoretic Model of Legislative Vote Trading” 
(Ph.D. diss.. University o f Rochester, 1977), and Enelow, “ Non-Cooper­
ative Counterthreats to Vote Trading,”  A m e rica n  J o u rn a l o f  P o litic a l 
Science, Vol. 23 (February 1979), pp. 121-128.

21 Since demand-revealing voting admits blackmail and bribery of one in­
dividual by another, it even induces individual strategic voting in the po­
tential blackmailer and bribee.

22This example is drawn from W illiam  H. Riker, “ Is A  ‘New and Superior 
Process’ Really Superior?”  J o u rn a l o f  P o litic a l E conom y, Vol. 87 (Au­
gust 1979), pp. 875-890.

23Schwartz, p. 1010.

24W illiam  H. Riker and Steven J. Brams, “ The Paradox o f Vote Trading,” 
A m e rica n  P o litic a l Science Review , Vol. 67 (December 1973), pp. 
1235-1247.
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25Richard McKelvey and Peter Ordeshook, “ Vote Trading: An Experi­
mental Study,”  mimeographed (Pittsburgh: Carnegie Mellon University, 
1978), report such coalitions occurring (along w ith the worst possible 
outcomes) in three- and five-person laboratory groups in which all the 
motions were known before bargaining began.

26See McKelvey and Niemi, and Schwartz.

27Black, The T heory o f  C om m ittees and  E le c tio n s , p. 182.

28Ibid., pp. 232-233.

Chapter 7

‘Recall that a method o f voting is path independent i f  C (X ) =  
C [C (5) U C (T )], where S  and T  are any subsets that disjointly parti­
tion X .

2So at least I  read the last sentence of letter 14 o f book 7, to Titus Aristo, 
as guided by the translation o f Betty Radice, Pliny, L e tte rs , Vol. 2 (Cam­
bridge, Mass.: Harvard University Press, 1969), pp. 33-47. Farquharson, 
who had only a bad seventeenth-century translation in which this sentence 
is ambiguous, carefully avoided mention of the outcome.

3Charles Plott and Michael Levine, “ A  Model o f Agenda Influence on 
Committee Decisions,”  A m erican  E conom ic Review , Vol. 68 (March 
1978), pp. 146-160; Levine and Plott, “ Agenda Influence and Its Implica­
tions,”  V irg in ia  Law  Review , Vol. 63 (M ay 1977), pp. 561-604.

4Kenneth Arrow, S o c ia l C hoice and  In d iv id u a l Values, 2nd ed. (New 
Haven: Yale University Press, 1963), p. 17.

“Anthony Downs, A n  E conom ic T heory o f  D em ocracy (New York: 
Harper and Row, 1956), pp. 114—120.

6See, among others, Otto A. Davis and Melvin J. H inich, “ A  Mathemat­
ical Model o f Policy Formation in a Democratic Society,”  in M a th e m a t­
ic a l A p p lic a tio n s  in  P o litic a l Science, Vol. 2, ed. J. A. Bernd (Dallas: 
Southern Methodist University Press, 1966), pp. 175-208; O tto A . Davis,
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Melvin J. Hinich, and Peter C. Ordeshook, “ An Expository Development 
o f a Mathematical Model o f the Electoral Process,”  A m e rica n  P o litic a l 
Science Review, Vol. 64 (June 1970), pp. 426—449; W illiam  H. Riker and 
Peter C. Ordeshook, A n  In tro d u c tio n  to  P os itive  P o litic a l T heo ry  (Engle­
wood Cliffs, N.J.: Prentice-Hall, 1973), pp. 307—375. Davis and Hinich 
introduce the notion o f a multidimensional median, which McKelvey and 
Schofield Carry about as far as it  can go (see notes 11, 12, and 15).

7Duncan Black and R. A. Newing, C om m ittee  D ecisions w ith  C om ple­
m en ta ry  V a lu a tio n  (Edinburgh: W illiam  Hodge, 1951), pp. 19-28. See 
also Duncan Black, The T heory o f  C om m ittees and  E le c tio n s  (Cam­
bridge, England: Cambridge University Press, 1958), chap. 16.

8Gerald H. Kramer, “ On a Class o f Equilibrium Conditions for M ajority 
Rule,”  E conom etrica , Vol. 41 (March 1973), pp. 285-297.

’Charles Plott, “ A  Notion o f Equilibrium and Its Possibility Under M a­
jo rity  Rule,”  A m erican  E conom ic Review , Vol. 57 (September 1967), pp. 
787-806.

l0Richard D. McKelvey and Richard E. Wendell, “ Voting Equilibria in 
Multidimensional Choice Spaces,”  M a th e m a tics  o f  O pera tions R esearch, 
Vol. 1 (M ay 1976), pp. 144-158.

" In n  dimensions, single-peaked is defined with respect to ideal points, x *, 
o f individuals, i .  A  line is single-peaked i f  it is always sloping away from 
an individual’s ideal point, x*. That is, a line connecting some y  and some 
x is single-peaked if, for all x  in X  on the line such that x  =£ x*,

u ,[a x  +  (1 — a)x*] >  u,[/3x +  (1 — P )x f\

where 0 <  a  <  (3 <  1.

l2Richard D. McKelvey, “ Intransitivities in Multidimensional Voting 
Models and Some Implication for Agenda Control,”  J o u rn a l o f  E conom ic 
Theory, Vol. 12 (June 1976), pp. 472—482 (emphasis in original). See also 
McKelvey, “ General Conditions for Global Intransitivities in Formal Vot­
ing Bodies,”  mimeographed (Pittsburgh: Carnegie Mellon University, 
1977).

l3That is, for any y  in P (x ), y  beats x„, x„ beats x „ _ „ ___   x „  beats x.
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l4Linda Cohen and Steven Matthews, “ Constrained Plott Equilibria, D i­
rectional Equilibria, and Global Cycling Sets,”  Social Science Working 
Paper, California Institute o f Technology, 1977; see also Linda Cohen, 
“ Cyclic Sets in Multidimensional Voting Models,”  J o u rn a l o f  E conom ic 
Theory, Vol. 20 (February 1979), pp. 1-12.

15Norman Schofield, “ Instability o f Simple Dynamic Games,”  R eview  o f  
E conom ic S tud ies , Vol. 45 (October 1978), pp. 575—594.

'‘ Kenneth Shepsle, “ Institutional Arrangements and Equilibrium  in M u l­
tidimensional Voting Models,”  A m e rica n  J o u rn a l o f  P o litic a l Science, 
Vol. 23 (February 1979), pp. 27-59.

’’Gerald H. Kramer, “ A  Dynamical Model o f Political Equilibrium ,”  
J o u rn a l o f  E conom ic Theory, Vol. 16 (December 1977), pp. 310-334; 
and Kramer, “ Some Extensions o f a Dynamical Model o f Electoral Com­
petition,”  mimeographed (July 1977).

'"That is, v(x) =  max n (x , y ) .
y

19That is, n * =  min v(x). O f course, more than one x  may share the same
JC

minmax number.

20The notion that candidates, parties, and so on seek to minimize, rather 
than maximize, the size o f winning coalitions is one application o f the so- 
called size principle. According to this principle, in situations in which 
opponents are completely opposed (that is, situations that are zero-sum so 
that what one wins, the other loses) and information is perfect, coalitions 
tend toward minimal winning size. Elections and binary votes on motions 
are one o f the few places in the political world in which the zero-sum 
condition can be realized. The size principle was defined, described, 
and defended in W illiam  H. Riker, The T heo ry  o f  P o litic a l C o a litio n s  
(New Haven: Yale University Press, 1963). Subsequently much empirical 
work has shown that, despite ideological concerns that encourage larger 
than minimal winning coalitions in such matters as cabinet formation 
(compare Abram DeSwaan, C o a litio n  T heories and  C ab ine t F o rm a tio n  
[San Francisco: Jossey-Bass, 1973], which rejects the size principle; and 
Michael Leiserson, “ Factions and Coalitions in One-Party Japan,”  A m e r­
ican  P o litic a l Science Review , Vol. 62 [September 1968], pp. 710-737,
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and Robert Axelrod, C o n flic t o f  In te re s t [Chicago: Markham, 1970], 
which accept a version o f the size principle modified to account for ide­
ology), still the force of the principle can be observed in such facts as that 
coalitions in the U.S. Senate tend to be minimal c o n s titu tio n a l major­
ities (that is, just over half of the membership rather than just over half 
of those voting) (compare David Koehler, “ Legislative Coalition Forma­
tion: The Meaning o f M inim al W inning Size with Uncertain Participa­
tion,”  A m erican  J o u rn a l o f  P o litic a l Science, Vol. 19 [February 1975], 
pp. 27-39), and that minimal winning cabinet coalitions tend to last much 
longer than either oversized or undersized coalitions (compare Lawrence
C. Dodd, C o a litio n s  in  P a rlia m e n ta ry  G overnm ent [Princeton, Princeton 
University Press, 1976]). The issue o f the theoretical validity o f the size 
principle has also been much discussed. In Robert Butterworth, “ A  Re­
search Note on the Size o f Winning Coalitions,”  A m erican  P o litic a l S c i­
ence Review , Vol. 65 (September 1971), pp. 741-745, and Russell 
Hardin, “ Hollow Victory: The M inim um  W inning Coalition,”  A m erican  
P o litic a l Science Review , Vol. 70 (December 1976), pp. 1202-1214, sup­
posed counterexamples to the size principle are mistakenly presented. The 
errors in these supposed examples are pointed out in W illiam  H. Riker, 
“ Comment on Butterworth,”  A m e rica n  P o litic a l Science Review , Vol. 65 
(September 1971), pp. 745-747, and W illiam  H. Riker, “ Communication 
on Hardin,”  A m e rica n  P o litic a l Science Review , Vol. 71 (September 
1977), pp. 1056-1059. In  Kenneth Shepsle, “ The Size of Winning Coali­
tions,”  A m e rica n  P o litic a l Science R eview , Vol. 68 (June 1974), pp. 505- 
518, the size principle is deduced from concepts for solutions of n-per- 
son games. In Richard McKelvey and Richard Smith, “ Internal Stability 
and the Size Principle,” mimeographed (Pittsburgh: Carnegie Mellon 
University, 1974), in Riker, “ Communication on Hardin,”  and, with great 
mathematical elegance, in Norman Schofield, “ Generalized Bargaining 
Sets for Cooperative Games,”  In te rn a tio n a l J o u rn a l o f  Gam e Theory, 
Vol. 7, No. 3-4 (1978), pp. 183-199, the size principle is deduced from 
the notion of the so-called bargaining set as a solution for n-person games. 
(For the definition o f the b a rg a in in g  set, see R. J. Aumann and Michael 
Maschler, “ The Bargaining Set for Cooperative Games,”  in A dvances 
in  Gam e Theory, A n n a ls  o f  M a th e m a tics  S tu d y  N o . 52, ed. M . Drescher, 
L. S. Shapley, and A. W. Tucker (Princeton: Princeton University 
Press, 1964).

2,W illiam  H. Riker, “ A rrow ’s Theorem and Some Examples o f the Para­
dox of Voting,” in M a th e m a tic a l A p p lic a tio n s  in  P o litic a l Science, ed. 
J. Claunch (Dallas: Arnold Foundation, Southern Methodist University, 
1965), pp. 57-59.

22C ongressional R ecord, Vol. 35 (1902), p. 5953.
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23But in June 1911, the Democrats had a clear majority and defeated the 
Sutherland amendment, so the constitutional amendment passed. Thus 
the cycle was broken, but it  had lasted more than ten years.

24Residents o f countries (like Britain) with rigidly disciplined two parties 
often believe that such contrivances as the DePew amendment must be 
rare because they seem to depend on the remarkable ingenuity o f men like 
DePew. But whenever there are more than two parties or factions, it  often 
happens that the mere offering o f alternative motions expressing the true 
values o f each faction presents an opportunity for agenda control. This is 
what happened in the case of the Powell amendment. Bo B ju ru lf and 
Richard N iem i found sim ilar instances in Scandinavian parliaments dur­
ing periods of m inority coalitions. See B ju ru lf and Niem i, “ Strategic Vot­
ing in Scandinavian Parliaments,”  S cand inav ian  P o litic a l S tud ies, Vol. 1, 
New Series (1978), pp. 5-22. In  such cases agenda control is obtained not 
by introducing new alternatives, but by exploiting alternatives naturally in 
the agenda.

Chapter 8

'J. M . Keynes, The G enera l T heory o f  E m p loym en t In te re s t and  M oney 
(New York: Harcourt Brace Jovanovich, 1937), p. 383.

2To define a core, let N  be the set o f all participants, N  =  ( 1 ,2 , . . . , « ) .  
Let x  be a vector in R " o f payment to participants, x  =  ( x „  x 2, . . . ,  x„). 
Let K  be the set o f a ll possible coalitions, C, o f participants. Convention­
ally, K  is the power set of N , that is, P (N ). Hence K  =  (C,, C2, . .  . ,  C f)  
and includes all coalitions o f a single individual. Let the value o f Cy be 
v(Cy); and let v(Cy) =  kJy where j  =  1, 2 ,. . . ,  2", and k j is the amount the 
/ h coalition can assure itself by itself. Then the core is defined as an 
allocation such that

'y 'x ,  >  k j for all Cy in K
i  in Cj

3In terms o f the definition in note 2, the k j for some j  is partially deter­
mined by f s  in itia l endowments. I f  k j is low, then, although j  cannot be 
worse off in the core, still j  may not satisfy his or her dreams.
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4An example is the declaration o f war by the United States on December 
8, 1941. Only one member o f Congress was opposed. Hence effective una­
nim ity existed. But clearly the political decision had in fact been made the 
day before the voting occurred.

5W illiam  H. Riker, “ A  Method of Determining the Significance o f Roll 
Calls in Vbting Bodies,”  in L e g is la tive  B ehavior, ed. John Wahlke and 
Heinz. Eulau (Chicago: Free Press, 1959), pp. 377-384.

‘ David Easton, The P o litic a l S ystem : A n  In q u iry  in to  the  S ta te  o f  P o liti­
c a l Science (New York: Knopf, 1953), pp. 129—134.

’W illiam  H. Riker, “ The Future o f a Science o f Politics,”  The A m erican  
B e h a v io ra l S c ie n tis t, Vol. 21 (September 1977), pp. 11—38.

Chapter 9

‘One previous effort along similar lines is the notion o f critical elections, 
first set forth by V. O. Key, Jr., “ A  Theory o f Critical Elections,”  J o u rn a l 
o f  P o litic s , Vol. 17 (February 1955), pp. 3-18. The goal o f Key’s analysis 
was to identify, by looking at the distribution o f votes among parties, 
certain crucial turning points in national politics. The identification o f 
crucial times also involved some identification of crucial issues. From this 
analysis one gets a picture o f a new issue, coming from nowhere, abruptly 
breaking up a previously winning coalition. This interpretation simply 
cannot be sustained, as is elegantly demonstrated in Allan J. Lichtman, 
“ C ritica l Election Theory and the Reality o f American Presidential 
Politics, 1916—40,” A m erican  H is to ric a l Review, Vol. 81 (A pril 1976), 
pp. 317-357.

The picture I offer here is quite different. Key and his successors 
were never able to identify critical elections precisely. Which election 
from 1852 to 1868 or from 1888 to 1900 or from 1928 to 1940 was 
“ critica l” ? The very question reveals the inadequacy of the notion, for it 
turns out that the fundamental and underlying change is not in election 
results but in political agendas. Thus my approach is to describe the 
change in agendas, which in national politics is a temporally long process. 
One therefore expects not critical elections but rather constant experi­
mentation by losers to find an issue that cleaves the winners. When found, 
it  is exploited until elections begin to go the other way. Consequently,

Chapter 9 289

what I  offer is not an identification o f critical elections but rather a theory 
about the way that the forces o f partisan interest bring about a change in 
national agendas.

2Such an inquiry is pointless anyway, for it is impossible to specify the 
cause o f a huge event like a war. A  cause is a necessary and sufficient con­
dition; and for a temporal event, a unique necessary and sufficient condi­
tion is the just-preceding event w ith the same spatial boundaries and the 
same movers and actors. (See W illiam  H. Riker, “ Events and Situations” 
and “ The Causes o f Events,”  J o u rn a l o f  P h ilosophy, Vol. 54 [January 31, 
1957], pp. 57-69, and Vol. 55 [March 27, 1958], pp. 281-290.) The cause 
of a war is thus the entire state o f the warring parties just before the war. 
Such states cannot, o f course, be fu lly  or even roughly specified.

3One must not attribute too much prescience to the prophets o f civil war. 
Threats o f secession had been a continuing feature o f political life  
throughout the first generation o f the Republic. One o f the main motives 
for the constitutional convention o f 1787 was the fear o f western secession 
(to jo in Spain). The Virginia and Kentucky resolutions o f 1798 had been 
Jefferson’s threat o f secession, and at the H artford Convention o f 1814 a 
rump of Federalists had threatened a separate peace. O f course, none of 
those who, before 1861, wrote so easily o f civil war had the slightest com­
prehension o f how awful that war would be. Blithe predictions o f disunion 
were not predictions o f the catastrophe that actually occurred.

“Glover Moore, The M is s o u ri C ontroversy. 1819-1821  (Lexington: U n i­
versity o f Kentucky Press, 1953), pp. 36—37.

‘Cecil B. Egerton, “ Rufus King and the Missouri Question” (Ph.D. diss., 
Claremont Graduate School, 1967, University M icrofilms), pp. 220, 222.

‘This is an elegant application of the size principle, because Jackson 
was reducing internal strains in his own coalition. See W illiam  H . Riker, 
T he  T heory o f  P o litic a l C o a litio n s  (New Haven: Yale University Press, 
1963), passim.

’Lee Benson, Tow ard  the S c ie n tific  S tu d y  o f  H is to ry  (Philadelphia: 
Lippincott, 1972), pp. 225-339.

‘Louis Filler, The C rusade A g a in s t S lave ry , 1830-1860  (New York: 
Harper and Row, 1960), p. 145.
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’ G ilbert H. Barnes, The A n ti-S la v e ry  Im pu lse , 1830-1844  (New York: 
Appleton, Century, 1933), p. 256, reports a count of petitions by present­
ers, showing that Whigs presented 95 percent.

l0Barnes, p. 118, remarks: “ In 1835, . . .  ‘The Whig m inority was tyran­
nized over and they were naturally in a refractory, restless and perturbed 
condition/'and i f  they could not be heard orderly, they would do so disor­
derly.’ To raise disorder, no better weapon than abolition petitions could 
have been devised.”

"Ib id ., p. 189.

"James K. Polk, D ia ry , 4 vols., ed. M ilo  M . Quaife (Chicago: McClurg, 
1910).

"Charles B. Gojng, D a v id  W ilm o t: Free S o ile r (New York: Appleton, 
1929), pp. 16, 24, 27.

"F ille r, p. 187. Going, p. 499, quotes W ilm ot’s platform as Republican 
candidate for governor in 1857: “ Slavery is the deadly enemy o f free 
labor.”

"Polk, Vol. 2, p. 76: “ Mexico is indebted to the U.S. in a large sum, which 
she is unable to pay. . . . When peace is made the only indemnity which 
the U.S. can have w ill be a cession of te rrito ry .. . .  No Government [i.e. of 
Mexico], however, . . .  is strong enough to make a treaty ceding territory 
and long maintain power unless they could receive . . .  money enough to 
support the army. Whatever party can keep the army in its support can 
hold the power.”

16C ongressional G lobe, 29th Cong., 1st sess., p. 1218.

"Polk, Vol. 2, p. 77, August 10, 1846.

"Ib id .

Chapter 10

‘See, for example, the calculation in Peter C. Fishburn, The T heory o f  
S o c ia l C hoice  (Princeton: Princeton University Press, 1973), p. 172, 
showing similar results for the Borda and Copeland methods.
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2It  probably ought to be pointed out here that the notion o f a public 
interest, so cherished by populist propagandists, is not, technically speak­
ing, rendered meaningless simply because the populist interpretation of 
voting is meaningless. A  public interest is an interest attached to the 
collective body o f the society; and as long as a society exists, it  has, 
presumably, some purposes, which are its common or public interests. 
(See Brian Barry, P o litic a l A rg u m e n t [New York: Humanities Press, 
1965], passim.) By definition, however, a common or public interest is 
held in common, so voting is unnecessary to reveal it: Any randomly 
chosen member o f the society can articulate public interest as well as any 
other, provided he or she thinks about the interest o f the society rather 
than his or her own private interest. This fact reveals the emptiness o f the 
populist interpretation of the public interest. No public interest can be 
defined in practice i f  people must count heads to discover it. A  public 
interest may even exist when people do not agree. There may really be an 
objectively right but not indisputably evident policy for the society— and 
o f course every man and woman is then free to offer his or her interpreta­
tion. But when people have to vote on which interpretation is correct, then 
clearly the true public interest w ill not be revealed, without substantial 
unanimity. Either Ralph Nader or George Wallace might state the public 
interest correctly, but voting w ill not tell us which one has the right vision. 
Indeed they both may be simply opportunistic and malicious. So what is 
implied by the emptiness of populism is not the absence of a public inter­
est but rather that the public interest cannot be revealed by nonunani- 
mous voting. This means, o f course, that all politicians and publicists who 
claim to explicate the public interest from an election are merely inter­
preting election results in a nonauthoritative way, although they have just 
as much or as little  right as anyone else to state their interpretation.

3I t  may seem to some that I have applied an easier test to liberalism than 
to populism. I allow liberalism to survive provided it  works occasionally, 
but I do not admit the survival o f populism i f  it fails at all. These different 
standards are imposed because o f the difference in the claims made in the 
two interpretations. Populism is supposed to reveal a substantive w ill, a 
proposition with content. Yet i f  voting can fa il to reveal such propositions 
accurately and i f  we do not and cannot know in any particular instance 
whether failure has occurred, then none of the propositions supposedly 
revealed can be believed. Liberalism on the other hand asks only for a 
workable procedure— namely, that voting eliminate some offenders— and 
i f  it  works sometimes, that is enough.



Glossary

A c y c lic ity  A  property o f a set o f alternatives such that the alternatives 
are not arranged in a cycle (by an individual or by a social choice 
function).

A n o n ym ity  A  property o f a social choice function such that undifferen­
tiated voters are not individually identified.

A p p ro v a l vo tin g  A  social choice function such that the social choice has 
the largest number o f votes when voters are permitted to cast one 
vote for as many alternatives as they wish.

A rro w ’s theorem , o r the  G enera l P o s s ib ility  Theorem  The proposition 
that, i f  a social choice function satisfies universal admissibility, 
unanimity (or monotonicity and citizens’ sovereignty), independence 
from irrelevant alternatives, and nondictatorship, then the social 
choice may not satisfy transitivity.

B entham  c rite rio n  See U tilita r ia n  s o c ia l cho ice fu n c tio n .
B o rd a  ru le  A  social choice function such that the social choice for a 

preference profile is the alternative w ith the largest sum o f rank 
scores across all voters’ preference orders, where, for each voter, the 
highest score is given to the alternative in first place, the next high­
est score is given to the alternative in second place, and so on down 
to the lowest score given to the alternative in last place.

C itize n s ’ sovere ignty, o r n o n im p o s itio n  A  property o f a social choice 
function such that i t  is not the case that a particular alternative is 
chosen from any preference profile. This is one o f the fairness condi­
tions in Arrow ’s theorem.

C ondorcet ru le  A  social choice function such that the social choice beats 
or ties all other alternatives in paired comparisons.

C ondorcet w in n e r The alternative selected by the Condorcet social 
choice function.
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C onsistency co n d ition s  on choice fro m  a set and its  subsets:
P ro p e rty  a  ( W eak A x io m  o f  R evealed Preference) The condition

that, i f  the choice from a set is in a subset, then that choice is the 
choice from the subset.

P ro p e rty  /3 The condition that, i f  a choice from a set is a member o f a 
subset, then all choices from the subset are choices from the set.

C onsistency c rite r io n  A  property o f a social choice function such that, i f  
the voters are divided into two groups and i f  one alternative is a 
social choice in both groups, then that alternative is chosen from the 
voters in the group as a whole.

C ope land  ru le  A  social choice function such that the social choice for a 
preference profile is chosen the largest net number of times by sim­
ple majority decision over pairs o f alternatives (where “ net”  means 
the number o f times chosen less the number o f times not chosen).

C ycle  o f  a lte rn a tive s  An arrangement of alternatives compared by the 
relation (R ) o f preference and indifference combined such that one 
alternative is ahead o f a second, a second is ahead o f a third, and so 
on until the last is ahead of the first.

D em and-revea ling  ru le  (a lso  know n as the  G roves-Ledyard  ru le  o r the 
T id e m a n -T u llo ck  ru le ) A  utilitarian (Benthamite additive u tility ) 
social choice function such that voters are putatively encouraged to 
reveal their true cardinal utilities by reason of the Clarke tax, which 

. is a tax on a voter’s contribution, i f  it  exists, to the margin of victory 
for an alternative.

D em ocracy A  form o f government consisting o f a political ideal o f free­
dom, equality, and self-control (that is, government, at least par­
tially, by oneself as distinguished from government by others), and a 
political method of free and equal participation in government.

D uve rge r’s law  The proposition that the simple majority, single ballot 
system favors the two-party system.

E q u ilib r iu m  The state toward which internal forces propel a process 
and at which a process remains stable. For majority voting, a strong 
equilibrium occurs when one alternative simultaneously defeats all 
others and a weak equilibrium occurs when there is a Condorcet 
winner.

H a re  m ethod o f  p ro p o rtio n a l rep resen ta tion  See S in g le  tra n s fe ra b le  
vote.

Independence fro m  irre le v a n t a lte rn a tive s  A  property o f a social choice 
function such that, i f  two preference profiles are identical with re­
spect to some subset o f alternatives, then the social choice from each
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profile is the same from that subset. This is one of the fairness 
conditions in A rrow ’s theorem.

Ind iffe rence  re la tio n  (I)  A  relation imposed by an individual on two 
alternatives placing one the same as the other in terms of 
desirability.

H ighest-average m ethod  A  method of counting votes under proportional 
representation such that each seat is assigned to the party with the 
highest ratio of votes received to the number of seats already as­
signed plus one.

L a rgest-rem a inde r m ethod  A  method o f counting votes under propor­
tional representation such that, given a quota for a seat (which is 
approximately the ratio o f total votes to total seats), each seat is 
assigned to the party for which the remaining votes are largest, after 
subtracting from its original votes the product of the quota and the 
number of seats already assigned to that party.

M o n o to n ic ity  A  property of a social choice function such that, i f  an 
individual raises the socially chosen alternative in his or her prefer­
ence order and other individuals do not change their orders, then the 
function continues to select that social choice, and, i f  an individual 
lowers an alternative not socially chosen and others do not change 
their orders, then the function continues not to select the losing 
alternative. Monotonicity is one o f the fairness conditions in A rrow ’s 
theorem.

N e u tra lity  A  property of a social choice function such that, i f  alterna­
tives are permuted the same way in all preference orders o f a prefer­
ence profile, the social choice function selects from the permuted 
profile the alternative that is the transformation o f the alternative 
selected from the unpermuted profile.

N o n d ic ta to rsh ip  A  property of a social choice function such that i t  is 
not the case that, i f  one individual prefers one alternative to another, 
the preferred alternative is the social choice. This is one of the fa ir­
ness conditions in A rrow ’s theorem.

P aradox o f  vo tin g  The situation in which the preference profile of a 
society is such that each individual has a preference order (that is, a 
transitive and complete arrangement o f alternatives), while the ar­
rangement of alternatives produced by simple majority decision on 
pairs o f alternatives is not an ordering (that is, is not transitive).

P ath  independence A  property o f a social choice function such that the 
choice from a union o f two sets is the same as the choice from the 
union of the choices from the two sets.
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P lu ra lity  ru le  A  social choice function such that the social choice is the 
alternative with the largest number o f first places in preference or­
ders in a preference profile.

P reference and ind iffe rence  re la tio n  (R ) A  relation imposed by an indi­
vidual on two alternatives placing one ahead o f or the same as the 
other in terms o f desirability.

P reference o rd e r A  transitive and complete arrangement o f alternatives 
by an individual in terms o f the relation R  o f preference and in­
difference combined. A  preference order is a permutation o f n 
alternatives.

P reference p ro file  A  set o f preference orders, one for each member of 
society.

P reference re la tio n  (P) A  relation imposed by an individual on two al­
ternatives placing one ahead o f the other in terms o f desirability.

P ro p o rtio n a l rep resen ta tion  (P R ) fo r  govern ing  bodies An electoral sys­
tem in which, insofar as is arithmetically possible, seats are assigned 
to a party in proportion to the votes cast for it. Ideally, for each 
constituency, the ratio o f the votes cast for a particular political 
party to the total votes cast equals the ratio o f the number o f seats 
for that party to the total number o f seats in the body.

Q u a s i-tra n s itiv ity  A  property o f a set o f alternatives such that the alter­
natives are arranged (by an individual or by a social choice func­
tion) according to the relation P  o f preference but not according to 
the relation R  o f preference and indifference combined.

R u n o ff e lec tion  A  two-stage social choice function w ith majority rule 
such that the alternative with over half o f the votes is selected at the 
first stage, but, i f  no such alternative exists, the two alternatives 
w ith the most votes are subjected to simple majority decision at the 
second stage.

S ch w a rtz  ru le  A  social choice function such that the social choice is the 
Condorcet winner or, i f  none exists, the alternatives in the top cycle, 
which is a cycle o f the alternatives that beat all alternatives not in 
the cycle.

S e lf-c o n tro l in  dem ocra tic  th e o ry  The ability of the individual to control 
his or her environment and future by participation in the govern­
ment o f a society.

S im p le  m a jo rity  decis ion  A  social choice function for exactly two alter­
natives by the rule that the social choice is the alternative for which 
more than ha lf (or, in case o f a tie, half) o f the votes are cast.

S ingle-peakedness A  condition on a preference profile such that the 
profile contains a Condorcet winner when every curve representing a
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preference order (w ith alternatives on the horizontal axis and degree 
of preference on the vertical axis) is single-peaked.

S ing le-m em ber d is tr ic t system  An electoral system in which, in each 
constituency, one and only one official is chosen for a governing 
body.

S in g le  tra n s fe ra b le  vote  A  kind o f proportional representation and a 
method o f vote-counting such that, given a quota to elect a candi­
date, an individual’s vote is used in whole or in part for her or his 
first choice (until that candidate is elected by receiving the requisite 
quota o f votes, or eliminated by receiving the fewest votes when no 
candidate has the quota) and then for the second choice, and so on, 
until her or his vote is used up.

S o c ia l choice fu n c tio n  A  rule, operating on the preference profile o f 
a group, to select one (or more) alternatives out o f a set of 
alternatives.

S o p h is tica te d  vo tin g  A  kind of strategic voting in which the voter elim i­
nates, for all participants, all strategies (that is, complete choices of 
alternatives to support) that are dominated by (that is, are worse or 
no better than) an alternative strategy and then votes according to 
one o f his or her remaining strategies.

S tra te g ic  vo tin g  Voting not in accord w ith the voter’s true preference 
order, w ith the intent o f bringing about a social choice more desired 
by the voter than the social choice that would result, other things 
being equal, from voting in accord w ith the voter’s true preference 
order.

T ra n s itiv ity  A  condition o f logical arrangement such that, i f  one alter­
native is related in a particular way to a second and i f  a second is 
related in the same way to a th ird, then the first is related in that 
way to the third.

U n a n im ity  A  property o f a social choice function such that, i f  a ll indi­
viduals in a group prefer one alternative to another, the social choice 
is the alternative thus preferred. This is one o f the fairness condi­
tions in A rrow ’s theorem.

U nd iffe ren tia tedness  A  property o f a social choice function such that, i f  
preference orders o f alternatives are permuted among individuals in 
a group, the function chooses the same alternative. By this property 
(usually but inaccurately called “ anonymity” ), the social choice 
function treats all individuals the same.

U n ive rsa l a d m is s ib ility  A  property o f a social choice function such that 
the function accepts any possible preference order by an individual. 
This is one o f the fairness conditions in A rrow ’s theorem.
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U tilita r ia n  so c ia l choice fu n c tio n  A  rule for selection o f a social choice 
such that the winning alternative has, over the set of all voters, the 
largest sum (Bentham) or the largest product (Nash) of voters’ car­
dinal u tility  numbers.

U tility  A  measure o f preference among alternatives. Ordinal u tility  is 
based on an ordinal scale o f measurement. Cardinal u tility  is based 
on a'cardinal scale o f measurement.

Von N eum ann -M o rg e n ste rn  u t ilit y  m easurem ent A  method o f trans­
forming ordinal u tility  for an ordered set of alternatives to cardinal 
utility.

V o te -tra d in g  A  kind of strategic voting such that each trader receives 
vote support on his or her more-preferred alternative from trading 
partners, who vote contrary to their true preference orders, in return 
for which each trader, by voting contrary to his or her own true 
preference order on his or her less-preferred alternative, gives vote 
support to trading partners on that alternative, which is their more- 
preferred alternative.

W eighted vo tin g  A  class of voting rules (such as weighted majority vo­
ting) such that each voter is assigned a specified number o f votes.
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